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Nhém Todn hoc 3K: Thiy Phong — thiy Tuén - thiy Nhan — thiy Kha - thiy Ding - thiy Cuomg

PHAN GIAI TICH
Chuwong I. CHUYEN DE KHAO SAT HAM SO

BANG TONG KET CAC DANG TOAN THUONG GAP

Stt

Yéu ciu bai todn

Gid thiét + Hinh vé

Céng thitc - Phuong phip

Néu dinh nghia vé
ham s& dong bién
vd nghich biéi.

Dinh nghia: Goi K la khodng (a;b) hodc doan [a;b]

hoiic nita khoing [u;b),(a; b] va ham s6 f (x) xdc dinh

trén K.

o Hims6'y=f(x) dong bién (ting) trén K néu
v, x, eKix <1, = f(x)< f(x,).

o Hims6'y = f(x) nghich bién(giam ) trén K né
v, x, e Kix <x, = f(x)> f(x,).

o Ham s6' d6ng bién hojic nghich bién trén K dwgc
g0i It ham s6 don diéu trén K.

1.1

156 dinh Ij vé
dong bién va
nghich bién

‘Binkli 1

Cho him s&' y = f (x) c6 dao ham trén D= (a;b).
o Néu f'(x)>0,Vxe(a;b) thi ham s6" f(x) dong
biéh trén (a;b).
o Néu f’(x <0,Vxe (a;b) thi ham s& f(x) nghich
(

bién trén a;b) .

Pinh li 2

Gid sty ham s6 f ¢d dgo ham trén khodng D.
= Néu f(x)20 v6imoi xeD va f'(x)=0
chi tgi mgt s6"hitu han diéin thudce D, thi ham
56’ f dong bién trén D
» Néu f'(x)<0 véimoi xeD va f'(x)=0
chi tai mot s6"hitu han diém thude D, thi ham
s f nghich bién trén D

Dinhli3

e Néiham f(x) dong bién (hodc nghich biéh ) trén
khodng (a;b) vi f (x) lién tuc tr_én ntea dogn
[a;b) thi f(x) sé dong biéh (hojic nghich biéi )
trén nita dogn [a;b).

o Néiham f (x) déng bién (hodc nghich bién ) trén
khodng (a;b) va f(x) lién tuc trén nita dogn
(a;b] thi f(x) s& dong biéh (hoifc nghich bigh )

trén nita dogn (a; b] .
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o Néiham f(x) dong bicit (hodc nghich biéh) trén
khodng (a;b) v f(x) lién tuc trén dogn [a;b] thi
f(x) sé dong bieh (hoiic nghich bié) trén doan

[a:b].

Cholim s’y = f (x)

Budc 1: Tim tdp xdc dinh ciia him ¢,

Budc 2: Tinh dgo ham y' gidi phwong trinh y' =0 tim
nghiém va im cic diém ma y' khéng xdc dinh.

BuGc 3: Ve bang biéi thién xét diu dao him y' va két
Iugn. ( Diea vio 3 dinh If 6 muc 1.1)

Xét tinh don digu | T cic Khodng don | opg ¥: Quy tdc xét dii
127 digu ctia i s6 o , I
ciia hdm sé 1. Haim bic nhat y = ax +b,(a=0): ccen uhé qui tic
xét diu” Phai ciing, trdi khdic”
2. Ham bie 2: y=ax® +bx+c,(a#0)
Néit A<O thi du ciia y cing dii hé s6'a.
Néiw A>0 thi cdc em nhé quy tic xét da “ trong trdi
ngodi ciing”. :
® Budc 1: Tap xdc dinh: D =R
® Budc2: Tinh y'= f'(x) = 3mx® + 2bx + ¢
Cho ham s& \ ;
y=ar +b +extd. | ® Bua’CVS;Hdm s6 dong bien trén R
Tim tham s6'(m ) d¢ <y'20,vxreR
ham s6'dbng bish trén < 3ax? +2bx+¢c20,Vx e R (1)
R
o Trwong hop: a =0 ( néi a chita thamn sg)
e ® Truonghop: a# 0 (1)< a>0
Dinh diéu kién cila A<0
tham s6'dé ham 6’
ly =ax' +bx* +ex + dl ®  Budc 1: Tgp xdc dinh: D =R
1.3 | luén déng biéh (

nghich bién ) trén
R

Cho ham s&’

y=ax’ +bx* +cx+d
Tim tham s6'( m ) d¢
ham s6'nghich bién
trén R

*  Trieong hop: a=0 (1) {

® Bubc2: Tinh y'= f'(x) = 3ax? + 2bx +¢

® Budc 3: Ham s3 nghich biéii trén R
©y'<0VreR
<> 3ax? +2bx+c <0,Vx e R (1)

®  Truong hop: a =0 (néu a chita tham s6). Khi dé
b=0 . [b=0

2bx+¢c<0,VxeR vi
c<0 c=0

ham suy bién vé ham héng,

suy ra

a<0
A0
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Dinh diéu kién ciia
tham s6’d€ham s6’

Budc 1: Tim tip xdc dinh D= R\{~d / ¢} ciia him s&'

ax+b 16 Bu6c 2: Tinh dgo ham  y' = f'(x) = —(Ed—-:;,biz
= uon e+
14| “arrd )
dong biéh ( nghich Buéc 3: Lip ludn cho cdc trieong hop
bigh ) trén tien g Ham s6'dong biéh trén tieng khodng xdc dinh<> y'>0,Yxe D ad —bc>0
khodng xdc dinh. Hém s6'nghich biéir trén tieng khodng xdc dinhes ' <0,Vx e D <> ad ~bc < 0
Vi du: Cho ham s6” y = x> +(1=2m)x? +(2—m)x+m+2 . Tim m d& ham dong bién
trén khodng (O;+°0).
HUGNG DAN
CACH 1: Tép xic dinh: D=R.
Tacd y' =3x* +2(1-2m)x+(2—m)
Hém déng bién trén khodng (0;4+00) € Y20 vdi VX € (0;+0)
& 32° +2(1 - 2m)z + (2 —m) = 0,Vz € (0;+o0)
&3 +224+2—m 4z +1 >0,Yz € (0;40c0)
e . w3 +2z2+2>m 4241,V €(0;400)
Tim diéu kién cua |- )
tham s6'dhim s6° | ¢ 37 Y2042 5 1, vy @ (0;400) i 4z +1> 0,¥z >0
1.5 | dong biéh dz+1 ,
hay nghich bién Xét g (x) _3xT+2x+2 by

trén khodng (a;b).

) én (0;+00) ta cb:

g'(x)=0<:>x=—1vx=-;—

Lip BBT ctta ham g(x) trén (0; +oo)

o

g'(x) -

Duea-vao bing bigh thién, ta thiy ycbt < g(%—) >me> —i— >m.

Khii niém vé cuc
tri cita ham s6

Gid st ham s6'f xdc dinh trén tip hop D (DcR) vi %y, €D.

o x, dieoc goi la mot diémn cuc dai ciin him s6'f néu fon tai mot khodng
(a;b) chita x, sao cho (a;b) = D vit f(x)< f(x,) v6i Vxe(ab) va
X#X,.

Khidé f(x,) dwoc goi I gid tri cuc dai cila him sof.

o x, diegc goi la mgt diém cyc tiéu ciia him s6'f néu ton tai mot khodng
(a;b) chita x, sao cho (a;b) < D i f(x)> f(x,) v6i Vxe(a;b)\{x,}.
Khi do f(x,) duoc goi la gid tri cuc tiéu clia him sé f. ’

) B’ié;n cuc dai, cuc tiéu duoc goi chung la diém cuc tri.
CHUY: (quan trong)
e Néu ham s6'f (x) dgt ciec dai tgi x, thi:
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o x,: diém cyc dai cita ham s6'

o fop = flx,): gid tri cwee dai ciia ham s6.

o M(x; f(%,)): diéh cuee dai ciia d thi him s6.
* Néu ham s6'f (x) dat cyee tiéu dai tai x, thi

o x,:diém cuc tiéu ciia ham sé.

o for = flx,): gid tri cwe tiéu chia ham s6.

° M(xo i (x0)> : diém ciee tiéu cia d6 thi ham s6.

21

Cdc dinh li vé cuc
tri

* Dinh Ii 1: Gid sit ham s6'f dat cwec tri tai didin Xy Khi do, néu f cé6 dao ham tqgi
X, thi f(x,)=0.
Lun g:
o Diéu ngugc lgi cita dinh Ii 1 khong diing. Dao ham f 6 thé'bing 0 tai
diém x, nhung ham s8'f khong dat cec tri tgi diém x,.
Ta xét vi du sau: Cho ham s’ f (x) =%, ta tiéh hanh Igp bang bigh thién
cita ham s’ nay
Ty xdc dinh: D=R
f'(x)=3x = f'(x)=0ex=0

Bdng biéh thién

1 -y 0 +no
¥ + 0 +

e
v i e

Nhin xét: Tiv bang biéh thién ta thay ham s&'c dgo ham f "(0)=0,
nlueng ham s6’khéng dat ey tritai x=0 .

o Ham s6'c thé dat cyc tri tai mét diéin ma tai ds ham s6 khong cé
dao ham. T BT ‘
Ta xét vi du sau: Cho him s6” f (x)#:

Ham s6°da cho xdc dinh va lién tuc trén R

Ta ob f(x) _ {—xkhix <0

x khix20
. ~1khix <0
Dods f (x)={1 Kiix> 0

Ham s f khong c6 dgo ham tgi diéin x =0
Bang biéh thién

+00

Vay ham s6'dat cuc tiéu tai x =0 , nhing ham s6'khong c6 dao him tai x=0 .
e Dinh li 2: '
Gid sit ham s6° f lién tuc trén khodng (a;b) chita diém x, va c6 dao him
trén cdc khodng (a;x,) va (x,;b). Khi dé.

CAM NANG LUY£N THI 2017




Nhém Todn hoc 3K: Thiy Pﬁung — thity Tudn — thiy Nhin - thiy Kha — thity Ding — thily Cuong

o Néu f'(x) a6t dau tie (+) sang (=) tai x, thi f dat cwc dai tai x,.
o Néu f'(x) d6i ddu tie (- ) sang (+) tai x, thi f dat cuec tiéu tai x,.

INh{m xét: f dat cuee tri tai xy & f'(x) A61 ddu khi qua xo.l

Giai thich §f nghia dinh Ii 2:

xr Ty T Iy
¥ + - Y l
LD . o
# et S 20 e
o . torT
Dinh ii 3:

Gid stk ham s6" f c6 dgo ham cdp mot trén khodng ( a;b) chika diém x, va f o dgo

hém cap 2 khdc 0 tgi digm x,.

o Néi f'(xy)=0 va
o Néu f'(xy)=0 va

"(x,) <0 thi ham s& dat cuc dai tai diém x,.
0 S e 0

f'(xy) >0 thi ham s6' dat cuc tiéu tgi diém x;.

Cic qui tic tim cyec

Qui tic 1: Cho ham s6'
y=f(x). Tim cic
diém cwc tri ctia ham
50’

Buege 1: Tim tdp xic dinh.

Buée 2: Tinh f'(x).

Bue6e 3: Tim cdc dzem tai d6 f'(x)=0 hoic f" (x)
khong xic dinh.

Buéc 4: Lip bang bién thién.

Buéc 5: Tie bang biéh thién suy ra cic digin cuec tri.

| higu x,(i=1,2,

Buée 1: Tim thp xdc dinh.
Budc 2: Tinh f'(x). Gidi phwong trinh f (x)=0 vaki

...... ) la cdc nghiém ciia né.
Biebe 3: Tinh f"(x) va f7(x,).
Birdc 4: Dwa vio diy ciia f"(x,) suy ra dim cuec tri

2.2 | trj cita ham s6. Chui yj: Cong ke ciin lew 3 khi xie Ijf cdc bai todn cwc
Qui téc2: Choham | tri chita ham lwgng gidc.
s6y= f(x). Tim cde . sin(a+ k27r) = sinq,(k € Z) (CT1)
dién ciec tri cita ham - o L
- LEC LT . cos(a+k27r) sma,(k € Z) (CT2)
sin (a + kﬂ') = {gzr.za l:;xl;iZZn 1
. | -sina ik=2n+1 s
S
cos (af + kn) = {cosa ’::}; ~ 2n .
. -cosa ik=2n+1 or)
Ciéch nhé :
Giip s6'chiin 7 thi b6 di dwoc, giip s6'1é z thi bo di nhé
thém dau triv . :
Tim cdc gid tr ¢ Tim tip xdc dinh D
ciia tham s6'dé’ | «Tinh y' = f'(x)
23 him s6y = f(x) | o Ham s6'dat cwee dgi ( hay cuc tién ) tai x, thi y'(%)=0=>m=7
© | dat cyc tri tai Thik lgi:
dién x, e Cich 1: Thay m vio y'. Lip BBT. Kiéim tra théa yéu ciu bii todn thi nhin gid tri

m tim dwgc.
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* Cdch 2: Tinh y"'= f*(x), thay m tim diegc vao y"'
Thay x, vio y"

Cyec tri ctta ham

Ham s6'cd ciec dai, cuee tidn < phuong trinh y =0 ¢6 2 nghiém phan bit.
e Hoanh d§ xy,x, ciia cdc digin cuec tri la cic nghi¢nm ctia phwong trinh y'=0.
* Dé'viet phirong trinl dudng thing di qua cdc diéin cue dai, cuc téu, ta cé thé'siv

24 bic3 dung plurong phdp tich dgo ham.
“c - Phin tich y = f'(x).q(x)+ h(x).
~Suyra y =h(x),y, = h(x,).
Do dé phwong trinh dwong thiing di qua cic diéi cyc dai, cyc tigu la: y = h(x).
Ham s6'luén nhan x=0 lam 1 dién cuc tri.
e Ham s6'c 1 cyc tri < phitong trinh y' =0 ¢ 1 nghiém < ab>0
e Ham s6'c 1 cyc tri va la cye tién < phwong trinh y'=0 c6 1 nghiém
abz0 a>0
vd y* doi ddi tir """ sang "+" khi di gita nghiém <> <
y g qua ngns {a >0 {b 20
o Ham s6°c6 1 cyc tri va la cye dai & pheong trinh y' =0 ¢6 1 nghiém
x 1ar oo m .y " abz0 a<0
vay’ A6t dai tie "+" sang “-"  khi di qua nghiém & &
s a<0 b<0
Ham bac 4 dang ) . N .
tring phuong: e Ham s6'c6 3 cuc tri e phwong trinh y' =0 c6 3 nghi¢m phan bigt
25 | y=ax' + bt +c & ab<0
( - 0) Kni do thi 6 3 ditm cwc tr
AO;), B(x1;31),Clixaiy,) i AABC cin tqi Az
( A thugc truc Oy, B va C doi xitng nhau qua’
truc tung - quan sdt hinh vé).
Ciic em liew i mgt s6'trieong hop sau:
+ AABC vudng tai A <» AB.AC=0
+ AABC déu < AB=BC
+ 5=8,,.= —;—AH.BC v6i H Ia trung diéin
ciia BC,
Kij ning giai nhanh cdc bai todn cyc tri ham tring phuong.
Cho ham s8¢ y = ax* +bx* +¢ (a# 0) c6 do thi la (C).
x=0
y'=40 +2bx; y'=0| ,
P
2a
Cong thikc gidi (C ) ¢d ba diéin cyec trj y' =0 cd 3 nghi¢m phén bigt <> —— > 0.
26 nhanh vé cuc tri

ham tring phuong

A=b* - 4ac

, 4
D§ dai cde dogn thing: AB=AC = 12:12 -;-a- ,BC=2 ,_Ebz .

Céc két qua can ghi nho:

CAM NANG LUYEN THI 2017




Nhém Todn hoc 3K: Thidy Phong ~ thily Tuin - thiy Nhin - thiy Kha — thiy Ding — thily Cuong

AABC vubng céin <> BC* = AB* + AC?

2b B b)), b b b (b
ED e = D — <> z+'—‘=0¢>— —+1}=0
a 16a° 2a 16a° 2a 2a\ 8a

Lol 3 )
-5.&;>'1§-+1=0® -l—)—-=-1
Ba 8a

AA}B’C déu < BC? = AB?

4 4 3 3 .3
——2—Il=—2——-—1—]—-©-—2——+§2= @—Il— k—-+3 =0©?—+3=0@ L=—3
a 16a* 2a 164> 2a 2a| 8a 8a
s .
BAC=a , tacé: cosa=b3+8a tang-=—-§f;—
b’ —-8a 2 b

Cho ham s6" y = f(x) xdc dinh trén mién D
o S8 M goi la gid tri 16n nhit clia ham s6" y=f (x) trén D né:

{f(x)SM,VxeD

Dinh nghia vé gid tri x, e D, flxy)=M
3 16n nhat va gid tri Ki higu: M = max f(x) hojic M = max f(x).
Xe \
nhé nhdt caa him s6 ) L,
o S& m goi la gid tri nho nhdt cia ham s6 y=f (x) trén D néu:
f(x)zm,vxeD
Ix, €D, flxy)=m
Ki hiéu: m=minf(x)hofc m=minf(x)
xeD D
Tim gid tri 16m nhat, gid tri nhé nhat cila hiam s6' y = f(x) lién tuc trén K (K c6 thé
14 khodng, dogn, nita khodng, ...)
Quy trinh tim gid tri 16n nhat, gid tri nho nhat cia ham s6 sik dyng bang
Tim gid trilon | bigh thién
nhitt, nh:) nhit o Buéc 1. Tinh dgo ham f'(x).
3.1 | trén khodng
o Bubc 2. Tim cic nghigm cia f'(x) va cic diém f'(x) trén K,
o Buéc 3. Lip bing bién thién cia f(x) trén K.
o Budc 4. Ciin cit vio bing bigh thién két ludn mlg'n flx), max flx)
Quy trinh tim gid tri 16n nhat, gid tri nho nhat cia ham s6 khong s dyng
bang bién thién
Tp K la dogn [a;b]
Tim gid tri lon Bubc1. Tinhdgoham f'(x). ’
3.2 | nhit, nho nhit Budc2. Tim tat cd chc nghiém x; € [a;b] clia phwong trinh f'(x)=0 va 4t cd
trén doan . i

cic diéim o, €[a;b] lam cho f'(x) khong xdc dinh.
Buge3. Tinh f(a), f(b), f(x;), f(e;).

Budc4. Sosinh cic gid tri tinh dwoc vi két ludn M = max f(x), m= r[fzyg]z,f( x)
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Dinh nghia
duong tiém cin
ngang, duong ti¢m
cin dimg?

Chohamsd y = f x xdc dinh trén mot khoing v
han cé dang a;-+o00 lhojc —o0o;a hodc (—00,+oo)
Puong thing y = y, 1a dudmgti¢m cin ngang (hay

. . | tiém canngang) clia do thi hams6’y = [ x néi it
Duong tiém cin
ngang (hay tiém cin
ngang) lim y=y, ; XI_{’jioyz Yo

X000

nhdat mt trong cdc diéu kién sau dwoc thoa man:

Duong  tigm  cdn |Duong thing x = x, dwoc goi la dudng tiém cin
diing(hay tiém cin

, ditng(hay tiém cdn ditng) ciia do thi himss' y = f x
diing)

néu it nhdat mot trong cic diéu kién sau dwoc théa mdin
lim y=+40; lim y=+0; lim y=~w;
xox] ¥ X}

lim y=-o
x5 e

41

Kij ning bam
mady tinh tim gigi
han

lim f(x) thinhiip f(x) vi CALC x=a+107".
Gidi han ciia ham s6'\ ) £0v) i whdp f(x) vi CALC x=a—10".
tai mét diém K™

lim f(x) thi nhdp f(x) vi CALC x=a+10""

hotic x=a—107",

Gidi han cia hdm s8 | lim f(x) thinkip f(x) vi CALC x=10".
tai v6 cuc Fkee
lim f(x) thinhdp f(x) vi CALC x = —10",

Cic buéc vé db
thi ham bic 3,4

e Tapxicdinh D=R
o Tinh dgo ham: y' va gidi phieong trinh y'=0

o Tinh gioi han: lim y=1, lirgo y=7

o Ldp bang bién thién

°  Néu khodng don di¢u va ciec tri.
o Tinh cdc gid tri ddc bigt

o Védo thi

y=ax> +bx’ +cx+d,(a¢0)|

0 062 nghibm phin bige | Y= 0 V0 nghifn hofc cd nghigm

a>0

CAM NANG LUYEN THI 2017




Nhém Todn hoc 3K: Thily Phong - thity Tudn - thiy Nhin — thiy Kha - thiy Ding - thiy Cuong

a<0

y=ax +bx* + c,(a # O)l

a>0

a<0

>

Luew 4f: D6 thi ham tring phwong Y = ax* +bx® +c,(a # O) nhin truc tung lam
truc A1 xitng. Pong thoi ta nén xét gino diéim giika d6 thi v6i truc hoanh nghia la
giti phwong trink ax* +bx* +c=0,(a=0) trong qud trinh Iip bing gid tri 1€ vé
{6 thi,

e Thpxdcdinh D=R \{—%} .

, d
d—be ad-be<0=y <O,Vx¢—;

o Tinhdgoham: y'= 3 Q-
cx+d) ad-bc>0=y">0,Vy#——
Néu céch vé db thi : ¢

ham nhat bign o Tinh giéi han dé tim cic dwong tiém cin:

5.1 _ax+b

o limy=limy=2=y=2 latiemcin ngan
m' x—-)my x—-)-auy c y ¢’ ' ) &

,ad—b . . NPy
(C;&O” C;&O) o lim y=? lim y=?=>x=—£i—latz¢mcandzmg.
- , ¢

d d
w4 (4]
o Ldp bdng biéh thién va néu ra khodng don diéu.
o Tinh cdc gid tri diic biét

. vmam;y:“"i
X

b, c#0,ad—bc#0
d
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y'>0,vxeD y'<0,VxeD
Ti¢m cdn dieng
Tigm e§n ngang Tidw cdn ngang

Iriten efn ding

ax+b

A S 1
Luu 1f: D6 thi ham s6’ y = Ac=0;ad=be=0) nhin giao diéin | ——;— | clia
w2 DO thi himi 56 y = ——— (c+0;ad —be # 0) nhin giao dié ( c'c)

hai dwong tiém cin lam tdm 461 xiing. Dong thoi, khi vé do thi ta cin xét gino diém
gifva dieong cong va hai truc toa do.

52

Ve d6 thi ham tri
tuyét déi

Tir do thi
(C):y=f(x), hay
suy ra do thi cdc
ham s6’sau:

{(c,)=y=!f<x>|
(C,):y=£()

BDgng 1: Tir ds thi (C):y = f (x)—(C; )y =|f ()]

(c1)=y=tf<x>t={

Budc 2 : Tir do thi (C) A vé ta c6 thé' suy ra do thi (C1 ) nhu sau;
o Giit nguyén phiin d6 thi (C) pliia trén truc hoanh Ox (do (1)),

f(x) khi f)20 (1)

Buéc 1: Ta cé:
-f(x) khi fx)<0 (2)

o Ldy doi xitng qua Ox phiin do thi (C) nam phia diedi truc Ox (do (2)).
o Bé phiin do thi (C) ndnt phia duwéi truc Ox ta sé diegc do thi (Cl).

Vi duy ninh hoa: vé do thi ham s6'y = ’xa -3+ 2!

4. (C) 4

=>
N / => \// x

2 T ol 1 . 2 0 1 |

Ik
]
]
1

(€1

B Dang 2: Tir do thi (C): y = f (x)——>(C, ) : y= f(|x]) (ddy 1 ham s6chitn)

@11t aeo

Buéc 2 : Tie do thi (C) di vé ta c thé suy ra dd thi (Cz) nhue sau:

Buge 1 : Ta cé:

o Giiz nguyén phitn do thi (C) phia bén phdi truc Oy (do (1)).
o Ly déi xitng qua Oy phiin do thi (C) ndm phia bén phdi Oy (do tinh chit

ctia ham chin).
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Nhém Todn hoc 3K: Thity Phong — thidy Tudn — thiy Nhin - thity Kha - thiy Ding — thiy Cuong

e Bo pliin d6 thi (C) nim phia bén trdi truc Oy (néi c6), ta s€ dwgc do thi

(C,).

T

Vi dy minh hoa: vé do thi ham s6 y; |xl3 - 3|x| +2

. ! ' r
Y § Y-

4 () & (C,

[N VoL
\ 1/ NN
VARG AV \VARE

-2 o 1 2 .1 0] 1

5

i

i

- ¥
1

5.3

Ung dung db thi
trong bién ludn s6’
nghiém ciia 1
phuong trinh

o Co s& ciia phwong phdp 13 stt dung d6 thi d€ gidi phwong trinh (bat phuong

trinh); nghia 1 dd sie dung tinh tryc quan sinh dong cia hinh hoc, d¢ nhin biét

st twong quan ciia phép todn gino hai tdp gid tri ciia cdc ham y = f (x) va

y = g(x) trong phieong trinh | f (x) = g(x) (*) twong ikng véi dn x trén TXD ciia

()

‘ ' Cliy=flx

® Thong thuong ta cé (*) = ( ) Y f( )
diy= g(x)

dwong thing. Dén ddy ta cin thyc hign ba budc:

> Buéc 1: Dwng d06 thi him s6 (C) y=f (x) (khi bai todn chwa sén c6 (C) )

,trong dé (C) la deong congvadla

» Buéc 2: Dyng dwong thr“ipg diy=g (x) . Co ban mé néi ta nhin thiy sé xdy ra
| TH1:d:y=h(m)
ba trwomg hop | TH2:d:y=kx+h (m) O day trong chwong trinh hoc, fa chi
TH3:d:y=a(m).x +b(m) ’

' v xét treong hop 1.
'f (d): y =h(m) Khid:y= h(m) ;Vx=>d song song hofc trimg
M L v6i truc hoanh Ox;VYm,
Tuwong ttng M sé di dgng trén toan bg truc tung
O S (: | N, Oy;Vm.
5 %> >Bubc3: Duavio s ‘gino diém (C ) v d krong
i ttng véi M ta két ludn s&’ nghiém ciia plirong
trinh (*)
Luuy: :

e Néu nhir pliu’tmg trinh dd cho ban ddu chwa c6 dang ! (x) = g(m) (*)

thi ta phdi ding phép bién d6i twong duong dwa phwong trinh vé dang trong dé

c6 mot v€ ciia phwong trinh la d6 thi (C) ty=f (x) .
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Niémn Todn hoc 3K: Thiy Phong - thiy Tudn - thiy Nhan - thiy Kha - thity Dang - thiy Cuimg

o Néu trong phirong trinh bién d6i twong dwong c6 xuit hién dién kign
ctia an x thi phdi “xda di pliin 4o thi (C) ty=f (1) khong chita diéu kign truée
khi bign Iugn tiép. o

Tuong giao ctia
hai dé thi

L Suw tuong giao ciia d6 thi ham bic ba.:
y=f(x)=ax’ +bx* + cx+d,(a0)

o Cho hai d6 thi (C1) Y= f(x),(C2 ) Y= g(x) . Dé tim hoanl d§ giao diém
cila (C1 ) ;(Cz) ta giai phiong trinh | f (x) =g (x) (*) (goi la phiong
trinh hoanh d§ gino dién). S6'nghiém ctia phirong trinh (*) bing 56’ gino
dié ctia hai do thi.

o S&gino diém ciia d6 thi (C ) la ham bic ba v6i truc hoanh bing s6' nghiém
ciia plurong trink ax® +bx* +ex+d=0 (1)

o Mpt s6'dang cau héi thuong gip: :

1.1 Tim diéu kign d46'do6 thi (C ) va truc hodnh c6 1 diém chung duy nhat.

S khong co cuc tri
& | [ f co 2 diem cuc tri > pt(1) c6 1 nghignt duy nhat.
{yco Yer >0
- y ] y

| o

@

V. / \
\ /9 A :
// AN b

1.2 Tim diéu kién dé’ 46 thi (C ) vd truc hodnh 6 2 diém chung phin
biét,

f co 2 cuc tri

& |(C) tiép xiic truc hoanh <« < pt(l) o6 diing 2
( ) : {3/co-!/cr=0 P ( )

nglhiém phin biét.

AT Sk A
: B )

[N o N\ \ /} .

/ / . \ o /A -

HEAVAESE.

B O A

| | ' : ©

1.3 Tim diéu kién dé db thj (C) vd tryc hodnh cé 3 diém chung phén

biét,

2 tri
o {f occucin pt (1) ¢6 diing 3 nghiém phan biét.

Yep-Yer <0
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Nhém Todn hoc 3K: Thisy Phong — thidy Tuin - thiy Nhin - thiy Kha — thiiy Ding — thay Cuomg

Lieu §: néi phivong trinh ax® +bx* +cx+d=0 (1) cd:
Pa+b+c+d=0> pt(l)c:»(x-—l)(mxz +nx+p)=
,\>u——b+c—d=0=:»pif(1)<:(x‘+1)(mx2 +nx+p)=
> nhiim duge nghigm x=x, = pt(1) < (x-x, )(mx’Z X+ p) =
DEpH1) c6 ding 3 nghiém phiin biét thi phueong trinh mx® +nx+p=0 phdic 2
m=0
nghiém phin biét khdc x, hay {A>0
mx,? +nx, +p#0

II. S twong giao ciia d6 thi him tring phuwong.
S8 giao diém ciia ( ) y=ax* +bx? +c v truc hodnh bing s6'nghiém ciia phwong

t=x2,£20

4 2 —
trinh ‘ax '+bx +e=0 (*)lQ{ 2 +bt+c=0 (2)

Déxdc dinh s6'nghigm ciia (*) ta dia vio s6' nghiém ctia phwong trinh (2) v diu
ciia chiing.

pt(Z) vo nghiem.
o pt(*) v0 nghigm <> | pt(2) co 1 nghiem kep am.

pt(2) co 2 nghiem am.

h £(2) co 1 nghiem kep bang 0.
e pt (*) 6 1 nghiém < P ) 8 ) pome ) )
co pt(2) co 1 nghiem bang 0,nghiem con lai am.

(

(2)

opt (*) 06 2 nghiém = pt (2) col nghz:em kep duong | '
pf(Z) co 1 nghiem duong, nghiem con laiam.

o pt (") cd 3 nghiém < pt(Z) co 1 nghiem bang 0,nghiem con lai duong.
A>0 '
° pt(*) c6 4 nghiém <> pt(Z) co 2 nghiem duong <{5>0
: P>0
o M{t s6' dang cau héi thuong gap: Tim diéu kién € do thi (C) cii truc
hoanh tai 4 digm phiin biét c6 hodmh 49 1dp thinh mdt cip s6 cong.
& axt +bx? +c=0 c6 4 nghigm phin bigt x, <x, <x, <%,
at? +bt+c=0(t=x"> 0) ¢6 2 nghiém duong phin biét 1,1,
Xy = \/22-

NI . X, +X,
Tie yéu ciu bai fodn ta cd X, —X; =X3 — X, <> X3 = <t =9
2

Gidsit t;t, = pt(2) &
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a

g s c
Gidi diéu kién sau {t)t, ==
a

t =9t

1. Sutuong gino ctia 46 thi ham nhat biéh,

N \ . P s . . + PP
Bai todn thwong gip nhét chinh la xét tuong giao giita (C) = & +Z va dwong
thing d:y=kx+m.

S8 giao diém giira (C) v d chinh la s6'nghiém ciia phwong trini:

ax+b=kx+m(*),v:c¢-—£i-.
cx+d ¢

< ax+ b=(kx+ m)(cx+d),‘v’x¢ 4
c
& (ke)x? +(me+dk-a)x +md-b=0 (2)
8(x)
Tiy vao s6'gino diéin tiwong teng ciia (C) va d ma ta bign lugn s6'nghiém ciia
plueong trink (2). :
Gid stt (C) cit d tgi hai diéin phén bigt

ke#0
= (") €6 2 nghiém phén biét kldc . {A>0

s
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Nhém Todn hoc 3K: Thity Phong - thiy Tuin — thiy Nhin - thiy Kha - thiy Ding — thiy Cudng
Chuong IT. CHUYEN DE LUY THUA - MU - LOGARIT

TONG KET CAC KIEN THUC VA DANG BAI THUONG GAP

RUT GON BIEU THUC CHUA LUY THUA - CAN THUC.
Céc cong thitc thuong gap: \
Tinh chat cin bacn: :

1. &fab =ta b 2. 4%=3_i 3. Ya? =(£/Z)” 4, 4fxfa =mxa

m
~ 42 s m ., ~ ey -
ChosShitu tir thoa r=— las6hitu i vasSthuec a>0: a" =a" =¥Ya" .
n

Tinh chdt cia lity thira:

m

1 a"a" = ni+n 2._‘_1___= mn 3 m "_____ m.n .‘ b " _ " po . 2)"=¢_11
a"a"=a —=a (a)a 4. (ab) =a S(b

u BAI TAP DE NGHI: Rt gon cic biéu thitc sau: -
i+
(o)

, Bt
a) pr=gi b) a‘ﬁ.(%} o Y=*x d) \[a\/a\/a a a

- Ji+l V24l
7 our ) 1 a”? g @ _p*f 21
e J(x +") "(4 xy) H (b«lsll} 5 ® (aﬁ_bﬁ)2+l m (a'ﬁ”‘)

=

TiNH GIA TRI CUA LOGARIT THEO GIA TRI CHO TRUOC.
Céc cong thirc thuong gip:
1.log, (bc)=log, b+log,c
a>0,a=1

Quy tic ciia logarit: Cho { b>0,c0

ta cé: |2. log, b =log,b-log,¢c
c

3.log,b” =alog, b

HE aud: Vo a>0,a#1 Tach
€ qua: Vo1 b>0 . Taco:

l.logai-:—\logab 2 loga'\'/—=llogab.
n

) . ,b>0,a,b#1 , _
Doi co s6' logarit: Voi {a >Z “ ta c6: log,c= 1°g"z hay log,b.log,c=log,c
c 0

a

oL ja>0,a#1 ,
Hé qua: Vi ta co:

l.log, b= 2. log‘aab:—l—logab.
v o

b>0,b#1
Vi du 1: Biéu dién log,1250 theo: o =log,5.

log, a
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Nhom Todn hoc 3K: Thidy Phong ~ thiy Tudn - thiy Nhan - thiy Kha - thity Ding - thiy Cuomg

Giai. Ta c6 log, 1250 =log, (2.54)=10g4 2+log, 54 =%+%logz 5= 1"‘2405.

Vi du 2: Cho log, x=~2. Tinh log, x* + log, s \/x +log, x*.
3

32

Giai. Ta c6 log, x* +log, «/.-\:.+log1 x* =3log, x—--;— log, x+%log2 x= % log, x ==
i _

l’BAI TAP BE NGHI: Riit gon cdc biéu thitc sau:
a} Cho log,, 27=a. Hay tinh log,16 theo a.
b) Cho log,;3=a. Tinh log,15 theo a.
¢) Cho log, 14=a. Hay tinh log,, 732 va log, 32 theo a.
d) Cho log,5=a, log,3=b. Tinh log, 135 theo a vab.
e} Cho log3=gq, log2=b. Tinh log,,,30 theo a va b.
3
b
f) Cho log, b=+/3. Tinh lo £.
? g8 g@ \/E
b
} Cho log, 5=+/5. Tinh log — — .
& g gm '\/E

h) Cho log, b=+/13 . Tinh log, ab* .

TIM TAP XAC PINH HAM LUY THUA - LOGARIT.
Diu kign xdc dinh cac ham thudng gip:
aeN*= A(x) eR

Ham lity thiva: y = [A (X)]a, @ lahéng s6. Diéu kién xéc dinh | ¢ e Z\ N* = A(x)=0.

» o |@eR\Z= A(x)>0
Ham s6'logarit: y =log, B(x), a lahing s& théa: a>0,a=1. Di%ﬁ;.kién xéc dinh 1a B(x)>0
D (x)
E (x)

-2
Vi du1: Tim tip xdc dinh clia ham s8: y = (x2 -3x+2) .

Ngoai ra:,[C(x) o6 dieu kién 14 C(x)20;

c6 ditukién 13 E(x)=0.

x#1
Gidi. Vi 2€Z™ nén didu kién 1a x* -3x+220 < {x;tZ' Vay D=R\{1;2}
1
Vidu2: Tim tdp xic dinh cda him sé: y =log, (x2 -4)+ (2-x)3.

& x<-2.Vay D=(~oo;—2)

2-x>0 x<2

1 2— 2 _
Giéi.Vi%eR\Z nén diéu kién la x{x 4>Oc>{x> vx <=2

m BAI TAP PE NGHI: Tim tdp xdc dinh cila cdc him sé sau:

1

a y=(2-x)3. b.y=va?-2x+1. c.y:(l—xz)—a. d.y=( 1-—x)§.




Nhém Todn hoc 3K: Thidy Phong — thiy Tudn - th‘&y Nhén - thiy Kha - thity Ding — thiy Cuong

4
TINH PAO HAM CUA HAM LOY THUA - MU - LOGARIT.
Céng thitc tinh dao ham:
+ Lity thita: (x" )'= ax®” suy ra: (xu")'= ouu'.
1 u
suy ra fu) =
nn,xn—| ( ) nt un-l

+ Ham mik: (a")' =a"Ina suy ra: (a") 'a"Ina.Dacbiét: (e")'= e" suy ra: (e")’= e‘u"

2
e.y=log2(x2~x+1) d y= loga[zx ad j e. y=log, (logg (2x-1))

A

Pacbiét : (4/;)'=

u'
ulna

+ Ham logarit: (log, x)' =——l}-—-— suy ra: (log, u)'=
xlna

Dicbiét: (Inx)'= 1 suy ra (Inu)' =¥,
x u
Ngoai ra can nhé lai cac quy tic tinh dao ham.

-2
Vi du 1: Tim dao ham ctia ham sé: y==(x2 —3x+2)

Giai. Ta c6 y'=——2(x2——3x+2)- (x —3x+2) (x -—3x+2) (2x 3)
1

Vi du 2: Tim dao ham ctia he‘uﬁ sd: y=log, (x2 - 4) +(2-x)3.
(=) 1, 0 x| (23
(x2—4)1n2 3(2 x) (2 x) (xz——:)lnzp 3 .

Giai. y' =

Vidu3: Cho y =xe ?.CMR: xy'=(l-x2)y .
—x2 x2 x2

Gidl. Tacod y'=e 2 +xe 2 (—x)=(1—-x2)e_7.vay w'=(1-%)y.

w BAI TAP DE NGHI: Tinh dao him cdc ham sé sau:

1
a) y=+/4x*-3x-1 b) y=(x’+x—4)7 0 y= (x —3x+2) d) y= x+lx+¥x

e) y:(x2—2x+2)e" f) y:(x2+2x)e"‘ g) y=esinx h) y=e>

In(x*+1)
i) y=ln(2x2+x+3) ) y=log,(cosx) k) y=(2x—1)1n(3x2+x) ) y=—P—(—§c—+—’
m)y=3x* +x+1 n) y=(x2+l)e" o) y=e¥sinx p) y=(3x-2)in’x

m BAI TAP DE NGHI: Chiing minh cic ding thitc:
a) Cho y=e" +2¢*.CMR:y"+2y'-12y =0

1 1 ’
b)Cho y=In| — |. CMR: xy'+1=¢’ Cho y=———— CMR: xy'=y(yInx-1
) Cho ( +1) g ¢ 9 Cho y I+x+Inx w'=y(yin-l)

DY@ 3 TINH CHAT CUA HAM LOY THUA - MU - LOGARIT VA poO THI.
Tinh chit cac him co ban:
Hamsémiicoséa: y=a" véi a>0,a=1.
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+Tép xdcdinh: D=1, +Tap gia tri: T= (0;+oo) . + Dgo ham: (a“')' =a*Ina.
A et TS A . a > 1 ham s6 ddng bién
+ Nhan truc hoanh 1am tiém cin ngang. +DPon diéu: {O < a < 1 ham s6 nghich bidn

7

T

0] 0

Ham sd'Légarit coséa: y= log, x véi a>0,a=1.
+ Tép xac dinh: D =(0;+o). +Tap gid tri: T=R.

+ Dago han:

(log, x)'= .
xlna
4 A A Al .a.. [ @>1ham s& dong bién
+‘Nhan truc tung lam tiém can dung. + Don didu: {0 < a < 1 ham s8 nghich bién
YA ‘:A y
( el 0<a<l
. y=log x
/’/—‘/A |
> L
0 1 0 \ > T
~——
y=log x
m BAI TAP DE NGHI: K
Caul. Choavab lahaisd thue duong khac 1. D5 thi hai ham ‘
- 88 y=log,x va y=Ilog, x dwgc cho nhw hinh vé. Ménh d& y=logs

nao sau day dung:

A a>b>1 B.1>a>b
C. a>1>b D. b>a>1
Ciu2. Puong cong hinh bén la d6 thi ctia mot trong bén

. ham s6 duoc liét ké ¢ bén phuong én A, B, C, D dudi day. Hoi

ham s8 d6 14 ham s6 nao?
A y=(0,5) B. y=log, x
C. y=log,,x D. y=2*
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Nhéimn Todn hoc 3K: Thidy Phong - thily Tudn — thiy Nhin - thiy Kha - thiy Ding - thiy Cuimg

Cau 3. Db thi dwdi day la cia ham s6 nao?

s
e
ot

. —

i

A. y=log,x+1 B. y=log, (x+1) C. y=log,x D. y=log,(x+1)
bép anD. '
Ciu 4. Chohaihamsd y=a* va y=log,x (véi a>0,a#1). Khéng dinh sai l1a:
A.Hams§ y=log,x c6 tap xac dinh 1a (0;+e)
B. D6 thi ham s8 y=4" nhan truc Ox lJam dwdng tiém can ngang A
C.Ham s8 y=a* va y=Ilog, ¥ nghich bién trén mdi tap x4c dinh twong ting ciand khi 0<a<1
D. D5 thi ham s8 y=1log, x nim phia trén truc Ox. ‘
Ciu5. Cho 3 s§ thuc duong a,b,c khéc 1. D6 thi cdc ham s8
y=log,x; y=log, x; y=log.x dwgc cho trong hinh vé bén dudi.
Ménh d&é nao dwdi ddy dtng?

A, b<a<c B. a<b<c
C. a<c<b D. c<a<b
Cau 6. Ham s8 nao sau day ddng bién trén tip xdc dinh ctia né?
A y=logpx B. y=log, x C. y=log, x D. y=log,,x"
2 T

GIAI PHUONG TRINH MU - LOGARIT
1 Phuong trinh corbi: m < 0 th phuong trinh niy v6 nghiém
Phuong trinh mii co ban: o™ = m . Khi [m >0 tf?i phwmz;girir?h nay c6 gghiéng x = logam
Phuong trinh légarit co bén: log, x =m . Phirong trinh nay luén c¢6 nghiém x=a".

Vi du 1: Giai phwong trinh: 3 =9.
Giai: 3" =9 x=log;9=2.

Vi du 2: Giai phwong trinh: vlogz =-§- .

1
Giai: Diu kién: x>0.Ta c6 10g2x=—1?:<:>x=22 =+/2 (nh4n)

= BAI TAP PE NGHI:
1. Giai cac phwong trinh sau:

> 2x -
a) 2°=8 b) e =5 0) 2" =4 d) (2+\/§) =(2—\/3)
e) 2x +2x+1 =3 . f) 3x kY 3ic+l — 4:: +4x—l g) 52x+1 — 2.r—2 '
2. Giai cac phuong trinh sau:
a) Inx*=2 ‘ © b) logx=—4 ] 10g3(3x+3)=2+x
d) log(—x* +11x*) =1 e) log, (x* +x)=~-1 f) log, (x* +3x+4)=3
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Nhém Todn hoc 3K: Thity Phong - thiy Tudn — thily Nhin - thiiy Kha ~ thiy Ping - thiy Cuong

o e 7 =
pEWegPY GIAI PHUONG TRINH MU - LOGARIT

2. Pua vé cling co s8

a=]

_ S(x)=g(x)

Tinh chit Logarit: log, f(x)=log, g(¥) < f(x)=g(x).
Vi du 1: Giai phuong trinh: 97 =272+

Tinh chit mii; o’V = ¢*®) o

Giai: 97 = 27251 (o 325+1) _ 36003 D2 +2=6x+34x=-l¢>x= :41

Vi du 2: Giai phuong trinh: log, L log, (x* - x+1) .
¥
Gidi: Diéu kién: x> 0.

Ta cé: logzlzlogl (x2~x+l)¢:> log, x=1log, (xl—x+1)©x=x?4x+l<:>x=1 (nhan)
* 2 2 2 B : P

Vi du 2: Giai phuong trinh: (x* - x+1)"" =1.

Gidi: Didu kién: x* ~x+1>0< xeR.

2 2
2. X - = -x=0
Tacé: (27 —x+1) l=1~:::¢(x2—x+l)' '=(x’—x+l)°c>[x xhi=l [x ¥

Y

% =1=0 x’—l:OQ x:_}
Bai tap:
1. Giai cac phuwong trinh sau:
1 Pegad PR
a}’ 5|4X-—6[ =253x—4 b) ) G 3 =16‘\/§ C) de—-‘II =38X—-2 d) ( x_xz) 2 =1
e} 5* = 55{—; O (#-20+2)" 21 @ 320427 p) 2w =-§/§
2. Giai cac phuong trinh sau:
a} logy (2x+1)=2logs (x~1) b) logs x=logs (x+6)-logs (x+2) c) logs x+logys x= logg » N
d) log, (3-\"‘5) =log, (4 -X) e) log, (2x+ 3)= log 5 Vx~1
g) lg(x? +2x-3) +1g 2 ? =0 h) log, (5x +4)-2log, (x+2) =log, x
—

GIAI PHUONG TRINH M0 - LOGARIT
3. Dit in phy hoan toan
Chu y: Néu dit ¢ = o* thi didukién1a £ >0
Vi dy 1: Giai phuong trinh: 3275 =32 4.2,
t= 1 (nhan)
Gidi: 3 =312 3°3%-323*~2=0. D4t r =3 >0 tacé: 3’1 -9 -2=0¢

t= ;2-—7— (loai)

: 1 1
Viyt=-=3¥ = x=-2.
,ay 9 9 *
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Nhém Todn hoc 3K: Thity Phong ~ thity Tudn — thily Nhan — thiy Kha - thity Ding ~ thily Cudng'

Vi du 2: Giai phirong trinh: 6 + 4 2=3.
log,2x log, x
2x>0
N i x>° 4 6 4
Giai: biéu kién: {2x#1 & 3: + ;=3 +
,x¢1 log,2x log, x I+log,x 2log,x
x*#1
t=2 log,x=2 x=4
bat t=log, x ta c6: —-——+ =33 -5-2=0& -1= 1< 1
+t 2t 1= — logzx_-:_.__ x;.;.é..
Bai tip:
1. Gidi cac phuong trinh sau: :
a) 4°~22"-8=0 b) 3" +18.37 =29 ) 277 +12°=2.8° d) 3.4"+6"-2.9"=0
e) —i—+ 1 =21) 16°+54"+4=0 g) 4 32 18=0
55-1 2.5 +1

h Q-3 +Q+B)Y =14 - D (T+4B)Y =32-B) +2=0
2. Giai cac phuong trinh sau:

a) log? x—2log, x~8=0 b) 2log, x—log,5-3=0 ¢) log} x+log, x-5=0
———————+log4(x——l)=-5- 1 + log, x —2=0 f) log, x _ log, 4x
log,(x—1) 2 log4x 2log, x~1 log,2x log,s8x

GIAI PHUONG TRINH MU - LOGARIT
4. St dung légarit hoa '
LAy 18garit theo mét co s6 thich hop
Vi dy 1: Gidi phuong trinh: 37127 =842,
Gidi: Lagarit co s8 2 hai v& ta ¢6:
log, (3""‘2" )— log, (8 42 ) (x-1)log, 3+ x* = 2x 1& (x-1)log, 3+(x 1)'=0
x=1

& (x-1)[x-1+log,3] = Oc[x I-log, 3

Bai tip: Gidi cic phuwong trinh sau:
a) 7% 5% 0’2‘(10::—[ )5 b) 3,\-8';;] =36 C) %6.5705:5 _ 55 d) 34‘ - 43:
e) 3):7 =77 P 7x2.2x =1 g) 6x2—3x+2 - 4x—2 h) 3:(2—.! = Sx—-l
BYNN@ 35 GIAI PHUONG TRINH MU - LOGARIT

5. Pua vé phuwong trinh tich

Gom s8 hang thich hop d€ thu dwoc nhéan tir chung.

Vi du 1: Giai phueong trinh: 252" 10"+ 5" ~25=0

Gidis 25,27~ 10" +5 ~25=0 6 252" ~2"5" - (25-5") =0 < 2% (25-57) - (25-5") =

, 55225 [x=2
@(25-5")(2-*—1):()@Lx___1 @[zzo

Bai tip : Giai cic phwong trinh sau:
a) 8.3 +3.2° =244+ 6 b) 12.3* +3.15% =5 =20 Q) 297~ 427 F 0% 44 =0
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d) 8-x2° 42" —x=0 @) 67 +675 = y26 4 67 f) 12.3°+3.15" =5 =20
2 2 . 2
g‘; 2X —-5x+6 + 2]"‘.\ = 2'26"5.\ +1 h) 4x2—3.\'+2 + 4.\‘2+6x+5 = 42X +3x+7 _+_1

GIAI PHUONG TRINH MU - LOGARIT

5. St dung tinh don diéu cta ham s6 . ,

PP1: Chuyén phuong trinh vé dang f(x)=0.Xét ham s8: y = f(*) trén tip xac dinh cira x.
' y'=f'(x)20,vxeD -
[y'=f'(x) <0,VxeD
nilé’t, r6i nhdm nghiém duy nhat do.

PP2: Chuyén phuong trinh vé dang: / (u)

Nfé“u ta chitng minh dugc thi két ludn phu’(?ng trinh ¢é nghiém duy

i

]

f(v). Xéthams§ y=f(t) trén tap xac dinh:
f'(t)z0,vteD=D, UD,
S(t)s0,vteD=D,UD,

yl
yl

D=D,uD,. Néu ta ching minh duoc { thi ta cé:
fw)=f(v)ou=v.

Vi du 1: Giai phwong trinh: 2" +log, x-2=0.
Giai: Diéu kién: x>0. Xétham s5: f(x)=2"+log, x~2 trén (0;+x),

1l

f'(x)=2"In2+ Vi x € (0;+0) nén ta cé: f'(x)>0,Vx e (0;+e) suy ra ham s dong bién

x.In3
tr:én (0;+). Suy ra phuong trinh 2" +log; x~2=0 c6 nghiém duy nhat.
Dé thay f(1)=0 nén x=1 12 nghiém ctia phuong trinh trén.

Vi du 2: Giai phuong trinh: log, x+x-3=0,

Giai: Dieu kién: x> 0. Xét ham s6: f(x)=log, x+x-3 trén (0;+w).

S(x)= xliz +1>0,Vx €(0;+00) suy ra ham s§ dong bién trén (0;+e0). Suy ra phuong trinh

c6 nghiém duy nhat.

Dé thdy: f(2)=0 nén x=2 1a nghiém duy nht.

Vi du 3: Gii phwong trinh: 27 -2 = (x-1)*.

Gidi: 277~ 27 = (x-1) @ 27+ (x-1) = 27> 4 (x* %) (¥).

XéthamsS: f(f)=2"+r trénR, tacd f'(t)=2'In2+1>0,Vs e R suy ra ham s§ dong bién
trén R,

Ma ()& f(x-1)=f(¥*-x) @ x-1=x'~xox=1,

X +x+3

Vi du 4: Gidi phwong trinh: log, —— =2
N phuong &t 4xt5

=x"+3x+2.

2
Giai: Diéu kién: —iz—iiﬁ~>0<:>xelR.
2x* +4x+5
: X +x+3
log

' 3m=xz +3x+2 & log, (xz +x~+~3)+.x2-|~x-t-3=log3 (}2‘x2,+4x+5)+2x2+4x+5 (*).

Xétham s8: f(r)=log,+1 trén R. Ta cé: . f(t)= ;ﬁ+ 1>0,vx € R. suy ra ham s6 dong
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bién trén R.
x=-1

Ma (¥) & f(x*+x+3)= (2 +4x+5)c>x2+x+3=2x1+4x+5¢$[x=_2 .

Vi du 5: Gidi phuong trinh: log, (1+\/;) =log, x.

Giai: Biéu kién: x> 0. Dat:

=3 ' !
log2(1+«/;)=log3x=t=>{x J;=2'©1+J:37=2'©(%) +(—[—3—j -1=0.

1+ 2
! ! ' !
Xét ham s6: f(t):(%) +(—\/2§-) ~1 trénR. Ta c6: f‘(t):(%) ln%+(—\/2§] ln%§-<O,VxeR.

Ham s6 nghich bién, dé thay t =2 12 nghiém duy nh&t cia phuong trinh. Khi d6 x=9.
Vi du 6: Giai phwong trinh: 2°50*) = &
Giai: Pigu kién: x> -3. Dat log; (x+3) =te>x+3=5 o x=5 -3,
i ' ' .
Phuong trinh trd thanh: 2' =5' -3 < BGJ +(—§-) -1=0.

. 4 1
Xét ham s6: f(t)=3(%) +(§) ~1 trén (=3;+). Ta c6:
f'(t);a@) Iné+( %] In <0,vxe(-3;14)

Ham s8 nghich bién, d& thdy 7 =1 1a nghiém duy nh&t. Khi dé: x=2.

Bai tap
1. Gidi cac phwong trinh sau:

a) 3% +4% =5 b) 3 =5-2x ) 2°+3* =5 d) 1+82 =3" €) 3*+x—4=0
2. Giai cac phwong trinh sau: -
a) log, (x+1)+logs (2x+1)=2  b) x+log(x-3)=4 o) log, (x+1)+x*=0

3. Giai cac phuong trinh sau: '
) 2% 4 =x—1  B) 252 axl 4ye3=0 o) 2017 _20177 3% —x+3=0

d) 2043 45 =25 13 457 @) (2-4B) +(244B) =4 £26(2° +3°)=9.8"+4.27"
4. Giai cac phuong trinh sau:

a) 2x* —-6x+2=log, é%% b) log,,, Eﬁ%’% =7x*+21x+14¢) 2x* —8x=log, éj—f—-%
5. Giai cac phuwong trinh sau:

a) log, (x2 +?_x+1)=logZ (xz +2x) b) log; x =log, (x+2) c) 2log, (\/;+5/;)=log4 x
d) log, x=log, (\/; + 2) e) 2log, (4‘/; +§/;) =log, V* f) 486 = &

GIAI PHUONG TRINH MU - LOGARIT
7. Dit 4n phu khdng hoan toan
Coi phuong trinh béc hai theo an tich hop, tinh A ra dang binh phuong.
Vi du 1: Giai phuong trinh : 25" =2(3-x).5" +2x-7=0.
Gidi: Dat t=5">0.Ta co: ' =2(3-x)t+2x—-7=0. Tinh A’ =(3-x)Z ~-(2x-7)= (x—4)2.
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Ta & t =3—x+x—4¢> t =~1 (loai)

1 €0 t=3-x+4-x t=7-2x : ,
Phuong trinh 5*+2x~7=0.Xét: f(x)=5"+2x-7, f'(x)=5In5+2>0,VxeR .
Phuong trinh c6 nghiém duy nhétla: x=1.

&5 =T7-2x .

Bai tap: Giai cc phuong trinh sau:
a) 3.4 +(3x-10).2"+3-x=0 b) 3257 +(3x~10).5"2+3-x=0 )9 +2(x=2).3 +2x-5=0
) AHE-8)2"H22w =0 ) 97— (x+2).3F-2(x+4)=0 ) 4" + (1 =7).2" +12-4x? =0
[SY¥NeBBE G1A1 BAT PHUONG TRINH MU - LOGARIT
1. B4t phuong trinh co ban (dua vé ciing co s6)

Sit dung tinh chdt mii: 1. Néu a>1 thi a" >a" & m>n
2.Néu O<a<l thi a">a" < m<n

3.Néucosd a chira an x thi ta stt dung: a”" > a" < (a=1)(m=-n)>0.

a> 1thi log,b >log,ceb>c
0<a<1 thilog,b>log,ce®b>c

Stk dung tinh chdt légarit: V6i b,c > 0 ta co: {
Vi dy 1: Gidi bdt phuong trinh: 2°% > 1,
Gidi: 2% 512 52 3 6x>0 > x < -;: . Vay nghiéma: § = (-oo;é—).

. P2
Vi du .2: Giai bat phuong trinh: (%) SEI,;.
- 1 X2y 1 1 ey 1 3 s 2
Gidi: 3 35—7—<:> 3 < 3 @ —2x23e 3" -2x-320 & xe(~0;-1]U[3;+w).
Vay nghiém 1a: S =(—o0;=1]U[3;+00),
Vi du 3: Giai bat phuong trinh: log, (3x-1) <1,
1
3x-1>0 x>= 1 . 1

=;2 1. V3 hiémla: S=|=;2.
3x—-1<5© 3®xe(3,) dy nghiém la (3 )
oo x<2
Vi du 4: Giai bat phwong trinh: log,; (4x+11) < log, (x2 +6x+ 8) .

4x+11>0

Gidi: logy; (4x+11) <logys (x* +6x+8) &> { x> +6x+8>0

Gidi: log,(3x-1) <1< {

{x2+6x+8>0
<

) x*+2x-3<0
4x+11>x"+6x+8

e xe(-2;1) . Vay nghiém 1a: § = (=21).

{x € (~o0;—4) U (=2; +0)
xe(-31)

Bai tap:
1. Gidi cdc cidu TN sau:
Ciul. Chohais§ a>1,b>1. Khéng dinh nao sau day sai:

‘ A, log,b+log,a>2 B. log b.logy,a<0 C. I,’?Sa % > 0 D. log,b+loga>0
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£ .
Cau2. Choag, bla cicsd thucthoamdn a® >a? va log,,-i:<logb§ . Khang dinh nao sau day la

dung ?
A. 0<a<1b>1 B. 0<a<10<b<l C.a>1b>1 D. a>1,0<b<1
Ciau3. Cho 0<a<b<1, ménh dénao dudi day ding ?
A. log,a>log,b B. log,b<0 C. log,a<log,b D. log,b>1
1. Giai cdc bat phwrong trinh sau:
S5 L L
a) 9% <3x+2 b) 2251 > 23x+ ) 2% 4 5% < 2% 4 5¥2
x1 242 3
d) (x2 +2x+3)x+1 <1 e) (xz—-l)x e >(x2 —1) f) (Jc2 —x+1)x <1
2. Giai cic bit phuong trinh sau
a) log, (x+1)>log,(2-x) b) log, (5x-1)>0 ) logal_zx <0
3 3 v X .
d) log, V5—x <log, (3-x) e) log, (1-2log, x) <1 f) log, (x+3)=1+log,(x-1)
3 3

g) log;(1-2x) <l+log z(x+1) h) log1[10g4(x2—5)]>0 i) logs(logliZO
3 2

GIAI BAT PHUONG TRINH MU - LOGARIT
2. Pt an phu d¢ giai bat phuong trinh
Néu dit ¢ =o* thi diéukiénla >0
Vi du 1: Giai bat phuong trinh: 9% <2.3" +3.
Gidi: Dt 1=3"1>0.Khi d6 9" <2.3"+3=> <2 +3 <> ~1<r<3. V8i 1=3" ta cé:
3* <3 x <1. Tap nghidm 1 §=(—;1).
Vi du 2: Giai bt phurong winh: logi s x+logy; x-2<0.

Gidi: Dit t=log,s x. Khi d6 £ +1-2<04>-2<¢<1.V6i t=log; x ta i

—?.Slog(,ﬁxsla»(),S’2 2x20,5<:>42x2—;-.V§y tap nghiém sé la: S=B—;4].

1. Gidi cac b4t phuong trinh sau:
a) 521 45 >4 b) 2°+2%" -3<0 ¢)2.14*+349°~4" >0 d) 27 +12° > 2.8

2 1
O -23-32+620 0 (3-V2) +(3-42) <2 g) Gj +Gj >12
2. Giai cac bat phuong trinh sau:
a) log, x+2log,4-3<0 b) 2log, x—log,125<1 c) log,, 64+log ;1623
‘ 2 log, x log, x
d) log,2.log,,2.log,4x>1 log? x+log, x* <0 f po—A s =2
) log, 2log, & ©) og%x-!- ogi_x < )l—logzx 1+log,x ~ 1-logix
1 2 2 . 1 2 '
+ <l h) 1 —-61 +8<0 + <1
g 4+log,x 2-log,x ) og%x 082 % 0 5-logsx 1l+logsx
3. Giai cac bat phuirong trinh sau
a) log, (6" -36)2-2 b) log,[log,(3"~9) ] <1 Q) 35 <38 )

%5
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Chuong III. CHUYEN PE NGUYEN HAM - TICH PHAN - UING DUNG
TONG KET CAC KIEN THUC VA DANG BAI THUONG GAP

‘ PHAN A: TOM TAT LY THUYET
I. Nguyén ham
1. Khai niém nguyén him
- Chohamsd f(x) xac dinh trén K. Him s F (x) duoc goi la nguyén ham ctia f (x) tren K
néu F'(x)=f(x), vxek.
o NéurF (x) 1a mét nguyén ham ctia f(x) trén K thi ho tdt ca cic nguyén ham ctia f(x) trén
© Kla If(x)dx:F(x)+C, CeR.
N Moi ham s f(x) lién tyc trén K déu c6 nguyén ham trén K.
2. Tinh chat
‘ . ff’(x)dx:f(x)+c véi C 13 hing s8.
" J‘[f(x)ig(x)]dxﬂ‘f(x)dxiIg(x)dx.
s Ik.f(x)dx = k.Jf(x)dx , v6i k12 hing s6 khac 0.

3. Bang nguyén ham ctia mét s§ ham thuing gip
Cho a,b,c,a, AR 14 cdc hing s&

_HAMPATHUC
_[de=c Idx=x+c
_fx"dx: x™ +¢ (a=const,a =~1) « 1 (ax+b)"
a+1 ’ _[(ax+b) dx:;.—-—a:—i——--f-c (a;é-l,a;tO)

_[—ledx=ln|xl+c . J'axibdxzélnlax+bl+c, ‘(a;éo)

dx 1 )

==t C

2 x

- HAMLUONG GIAC
J'cos(ax +b)dx =;11-sin(ax +b)+c, (a= 0)

'fcosxdx =sinx+c¢

sinxdx =—cosx+c¢ . _ 1
J‘ Ism(ax+b)dx~ acos(ax+b)+c, (a:eO)

- 1 1
! J‘coszxdx‘— tanx+c fmdx—atan(axW)%-C, (a#O)
1 1
fsinzxdx——cotx+c fmdx——;cot(aﬂb)ﬂ, (a=0)
<y _ 4 a=’
_[a dx=m+c (O<’u¢1) J'a ”dx=a1ml, (O<a¢1,a¢0)
Iexdx=ef+c J‘emm-bdxz_]_'_enxw_‘_cl (a#o)

a
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IL Tich phén
1. Khai niém tich phin :
o Chohams8 f(x) lién tuc trén K va a,beK. Néu F (x) 12 mot nguyén ham ctia f (x) trén
K thi gi4 tri F(b) — F(a) goila tich phan cia ham f(x) tira d&n b, ki hiéu
]
jf(x)dx =F(b)-F(a)
e D3ivéibién s8, ta cd the chon bt ki mét chit khac thay cho x, ticla
b b b
jf(x)dx = j'f(t)dt = If(u)du =

2. Tinh chit cita tich phin
Cho ham 8 f(x) lién tuc trén [#;b] va keR, ce(a;b).

D Gy
~
—~—~

R
=Y
®r
i
LL-‘
=
———
®
[
x®

f(x)dx = if(x)dx-&-:[f(x)dx .

k.f(x)dx = k.f[ £(x)dx k0.

n
D ey @ D Sy €& 0 Sy

[£(x)+ g(x)]dx=j[ f(x)dxi—Ji‘ o{x)ix.

PHAN B: CAC DANG TOAN THUONG GAP_

Dang 1: Nguyén ham [ = J' g ((xj dx véi P(x), Q(x) 14 chc da thirc.
X

o Trudnghop 1: Néu béc tit P(x) 16n hon hoéc bang bic miu Q(x) ta thyc hién chia

tie cho miu. :
o Truong hop 2: MAu bac nhat: 'f dx=-l—ln|ax+bl+c, (a#0).

ax+b a
e ' Truong hop 3: Mau bac 2 ¢6 2 nghiém phéan biét: I =j———w——dx véi a,c#0,
o ' (ax+b)(cx+d)
e4n A B

Phén tich — i e fp =

and (ax+b)(cx+d) ax+b cx+d
Quy dbng 2 v& ta dwge: mx+n=A(cx+d)+B(ax+b) (*).

| cno x=-% thay vao (*) suy ra A.
a
Cho x=—-f-i- thay vao (*)suy ra B.
c
. mx+n A B

idd: I= dx = dx .
Khi dS -[(ax+b)(cx+d) * I[ax+b+cx+d) x
Luu §: C6 thé gii tim A, B bing cach déng nhét thitc ctia déng thitc (¥).

Ac+Ba=m
* =(Ac+B Bb iai tim A, B.
() mx+n=(Ac+ a)x+’Ad+ 3{Ad+Bb=n giai im
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o Trudng hop 4: Mau bic 2 cd nghiém kép | =I mx+nz dx véi a#0.
(ax+b)
Phantich 25+ 4 B
(ax+Db) ax+b (ax+b)
- ~ Aa=m
2 d 'Q'C: = B = f B .
Quy dong 2 v€ ta dugc: mx+n Aax+b)+Be> mx+n Aﬂx+Ab4" Q{Ab+B=n Giai
tim A, B.
Khi dé: 1= {2530 gef| A, B g
(ax+b) ax+b (ax+b)
o  Truong hop 5: Maubachonghleml J'~———————-—dx véi a=0,c>0.
ax+b) c?
Dat ax+b=ctant = adx=c dtz =dx= Cdtz .
. cos t a.cos” f
IJ' =J~ 1.,-Cdt2=’1‘_[ =_t__
ax+b c2(1+tan't) a.cos*t ac ac
: 2
Vi dy 1: Tinh nguyén ham [—2312%
" gy J‘2x ~-7x+5 *
Phan tich miu s& thanh — 72 _ . ¥*+2
2x*-7x+5 (x-1)(2x-5)
xX+2 A

Ta tim 2 s8 A, B sao cho = A(2x- 5)+B(sx 1) X+2

Cho x=1=A=-1.Cho x=§:>B=3.Suyra

J' 1x+2 dx:_[( 1,3 de:—hm|x-—1|+§1n|2x—5|+C
2x°-7x+5 x-1 2x-5 2

; A \ 2x~1
Vi dy 2: Tinh nguyén ham {—=-""°__
" et J‘4x2—-12x+9
20-1 2x-1 A B

Ta phén tich = A(2x-3)+B=2x-1=>A=1B=2,

4x* -12x+9 T %3 2
(2x-3)" 2x-3 (2x-3)

2x-1 1 2 1
Suyraj‘ " ~12x+9dzc—‘[[2x“3+(2x”3)2}1x-21n|2x 3|

2

1 +C.
x-3

0

Dat x=2tant, te -—”'-’1 .
2'2

=>dx= 2.—-%:& =2(1+tan’ #)dt va x* +4=(2tant)? +4=4(tan’ ¢ +1).
Cos

D6i cin: x=0:>t=0;x=2:>t=—z-.
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Vay I —_[

1%
—-———-—2———2(tan2t+1)dt=—fdt=—-
o d(tan®t+1) ' 29

Dang 2: Nguyén ham lwong giéc “tich thanh tong”

o I =J‘sind}.éosbﬁédk=—;—I[Sin(a~b)x+sin(a+b)x]dx .

o = jsinax.sinbxdx =—;-'ﬂ:cos(n—b)x—-cos(a+b)x]dx .

. I=J.cosax.cosbxdx=%—J'[cos(a—-h)x+cos(a+h)x]dx.

Vi du 4: Tinh nguyén ham I = J'sin3x. cos® xdx.

1+cos2x

I = [sin3x.cos® xdx = '.3x
Ism cos” xdx I sin 5

dx = ; .f (sm3x +sin3x.cos 2x)dx

~-—--1~jsir13xdx+l.qu(sinersin5x)dx=—lcos'fix-!-1 -—cosx-lcosSx +C.
2 , 22 2 4 5

Dang 3: Nguyén ham lugng gidc 1= J' sin” x.cos" xdx
e Néusinmiilé I= '[sm- x.cos” xdx
I= _[ sin®*! x.cos™ xdx = J‘(sm x) .cos™ x.sinxdx = .[(1 —cos? x)k .cos” x.sinxdx
Dit t=cosx = dt =—sinxdx = sinxdx=—dt => 1= —-j'(l- £ )k .t
¢ Neéucosmiilé: I= _fsm x.cos2E T xix
I= J'sin" x.c0s™** xdx = jsm x. (cos x) .cosxdx = J' sin” x. (1 —sin® x)k .cosxdx

Dit t=sinx:>dt=cosxdx=>1=It”.(l——tz)kdt.

e N&u mii sin va mii cos déu chan thi ta ha bac.

Vi du 1: Tinh nguyén ham [ = j cos? x.sin® xdx

Loi gidi: I = | cos” x.sin’

x.sinxdxzjcos2 x.(l—cos2 x).sinxdx
Dit t=cosx = dt= ——sinxdx:—-dt=sirixdx
£3 5 3
(2 (1_42 (42 __~_ _cos’x cos”x
I=[t (1 t)(l)dt j(t t)dt +C= 222224
Vi du 2: Tinh tich phan I= I sin xdx,
0

Loi giai: I=J£(sin2 x)zdxzj(l--cgsbcjzdx___i'[l—-ZcosZ;‘c+c0s2 2xdx
0 0

P :——lj(l 2c052x)dx+—jcos 2xdx=—(x sm2x)

1%1+cos2x
= | e gl
4{ 2

37:

=l(7r—sin27r)+—1- x+-1—sin2x
4 8 2 -8

0

b
Dang 4: Phwong phap déi bién s8 loai 1: I= [ f(u(x))u’ (x)dx

o Dat t=u(x):>dt=u’ (x)dx.
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* D&icin: x=a=t =u(a);x=b=t, =u(b).
u(b)
Tich phén tr¢ thanh 1= [ £(t)dt don gian hon.
u(n)
MOT SO KIEU POI BIEN LOAI 1 THUONG GAP

b
Dai bién ham da thirc I=J'f(g(x)," g(x)) §'(x)dx véi g(x) 1a da thikc.

o Tadit t=y/g(x)=¢" =g(x)=>nt"ldt=g (x)dx.
* Déi cén va thay vao tich phén I theo biéh méi t.
Luu y: Khi dat ¢ = W , tanén liy thira mi n cho 2 v& &€ mat cin, sau
d6 méi tinh vi phan.
Vi du 1: Tinh tich phan I = j'xs 1-x*dx.
Y

Dit t=v1-2 =2 =122 = 2tdt = -2xdx = xdx = —tdt .
Picin: x=0=t=1; x=1=¢=0.

I=jx“Vl—x1dx=j‘x2.J1—x2.xd j.(l tz) ~tdt)

0 [ 1

1 P !
=j(t2 —-t“)dt:[-g«g)o =

0

2

15°

Doi bién ham lugng giac

b
e Néugip Izjf(sinx).cosxdx ta dat ¢ =sinx.

b
° Néugipdang I= jf(cosx).sinxdx ta dit ¢t =cosx.

b
* Néugipdang [ = jf(tanx) codsix ta dat ¢ = tanx.

¢ Néu gap dang I = jf cotx ta dat t=cotx.

/ .

Vi du 2: Tinh tich phén I = f SIN2TCOSXIX (s HH Khési A - 2005).
o l+cosx

_ ? sin2x cos xdx _ % 2cos’x

Loi giai: I
v l+cosx » 1+cosx

.sinxdx .

Dét t=cosx = dt = —sinxdx = sin xdx = ~dt .
DA4i can: x=0:>t=1;x=—;£=>t=0.

1

1= 2[ 1+1dt=2j‘(t—1+——1—~)d1‘=2(£z——t+ln]t+1l] =2In2-1
9 t+1 2

0

x,

% tan® x > g
Vi dy 3: Tinh tich phén I= | 5-dx (D¢ DH Khoi A - 2008)
¢ cos2x .
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T i % "
Loi gidi: 1= J tan xdx='f 2tan x _j- tan* x dx
¢ cos2x  { cos’x—sin’x (1 tan? x) cos’x

]

.D8icin: x=0=t=0x=Z=t=

Pit t=tanx=>di= dx
co

s? x 6 3’
R B N RE
_ 3 t4 _—3 ) 1 3 _ B _t3 _ 1 ij‘__].'_ 3
I';{1-t2dt" !(1“) 2;,[(”1 P 1) "( 3 t+2lnt-—1j0
1, (n =) 10
=ZIn(2+3 )= .
2 ) 93

. g )
Dai bién ham mii: I=jf(a"")a"‘dx véi 0<a=1, ko, feR.

dt.

o Dt t=a" = dt =ka" Inadx = a¥dx = 1
kIna

P
» DBi cén va biéh ddi thanh tich phan [=—— [ f(t)dt

In5
Vi dy 4: Tinh tich phin 1= | —2%
s +2e™ -3
In5 dx ‘ In5 dx lrj.S

Loi gidi: I= | —————=
1;{343 +2e* -3 'nae”+2{ ln3e ——3e +2°
pE

Dit t=e" = dt =c"dx. Dﬁ’ican x=In3=>#=3; x=In5=>¢=5,

2ot S 5 1
I=£t2—3t+2 J;t l)t 2) -[(t 2 i Jd”(lnlt 2|-Injt- 1‘)‘ —ln—.

3

P0oi bién ham loga I= J‘ f(log, x)gx3£

dxai{—lnadt
x.Ina

e Ditt=log x=>dt=

log,
o D01 cn va bién d6i thanh tich phan [ =Ina. j £(t)

log, @

Inx dx (Pai hoc khéi B - 2010).

Vi du 5: Tinh tich phan I= j'
1% 2+1nx)

Lo gidi: Dit t=1nx=>dt=fxﬁ.

PG&ican: x=1=t=0x=e=>t=1.

I=I . j-t+2 2dt I{ t+2 2 Z}dhz{t_ii" 2 z}dt

(t+2) (e+2) (t+2) (t+2)

Céch 2: C6 thé dat t=2+Inx.
Dang 5: Phuong phéap d8i bi€n sé loai 2
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)
Tich phin dang I=‘[f(x2”,\/az~x2)dx vai a>0,a,0cR..

* Phuong phip gidi: D3t x=asint,t e [—% ,-’25} .

]
hoic 1=j

dx .
vola>0,a,feR,
VX +a?

o Phuong phdp gidi: Dit x =atant, te[-%”— -25)

]
Tich phén dang 1= [
‘¥ +a

1
Vi du 1: Tinh tich phan I= [1-x%dx o
0 .

Loi giai: Ddt x=asint, te[-—%;—;{] .

Poicin: x=0=t=0;x=1=¢t=".Ta c$

Z
2

I= cos® tdt =

V1-sin®t.costdt =

ct—-,rolh
='——s~la

k]

1+C052tdt= _1_t+lsin2t
2 z2 4

0

= cte—yn N

2

Didt x=2tant, te ”'” .
22
:>dx=2.-——-1—2-;dt=2(1+tanz Ot va 5 +4=(2tant) +4=4(tan? t+1).
COs

Dé6i can: x=0:>t=0;x=2:>t=~z-.
i
¢ 4(tan’ F +1)
Dang 6: Nguyén ham - tich phan ting phin
e Codng thic fudv=uv—-fvdu .
o CACHCHON ham u v do: Chon u theo thit tu: Nhat LOGA, Nhi PA THUC,
Tam LUONG GIAC, Tt MU.

Dang nguyén ham .. Cach dat

_[ P(x).sin(ax +b)dx

( ) la da thic

J.P cos ax+b)dx {u—

dv cos ax+b

%
a 1 V.4
Viy I= 2tan’ t4+ Ddt== [ dt =2,
dy ( ) 2:[ )

dy= sm ax+b

f P(x).e=**dx {
dv= e“"*"dx
_[P(x).ln(ax+b)dx u=In( ax+b
{du P
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Vi dy 1: Tinh tich phan I = T(Zx—l)cosxdx.
[

Loi gidi: Dit {“ =2x-1 {d” = 2dx

dv=cosxdx  |v=sinx’

I= u'ul;r —]'rvdu = (29:-—1)sinx\;r —IZsinxdx = (?.cosx)
0 0

"=—4,
0

1
Vi dy 2: Tinh tich phan I= {(x-2)e*dx.
0

du=dx

Uu=x-2
Loi giai: Bat = .
glana {dv:ez"dx {v:%—ez"

1

. 1,0 5-36
1=-?:(x—2)e2 = —.

1°hTTg

Dang 7: Ung dung tich phén tinh dién tich hinh phing.

1. Dién tich hinh'phéing (H) giéi han béi mét dwong cong (C) va truc hoanh
y=f(x) (C) '

(H):qy=0 .
x=a,x=b (a<b) /

Dién tich dwoc tinh theo céng thitc
]
§=[|fx)ax

2. Dién tich hinh phing (H) gi6i han béi 2 dwong cong
y=f (C) R
(H): z:f(x) (Cz)

|x=b(a<b)
Dién tich dugc tinh theo cdng thitc

S=j§lf(x)-—g(x)|dx

Vi du 1: Tinh dién tich hinh phing gi6i han boi cac dudng (C):y=2"-6x+11x-6,
trucOxva x=0;x=2. ‘

1 1 2
—1je“dx=—-e—+1—
0 20 2

Loi giai:
x=1 (nhan)
Giai phirong trinh hoanh db giao dim: x° - 6x +11x-6=0<>| x=2(loai) .
x = 3(loai)

5= J%Kx.a +11x-6) —-(ze)ldx = j'|x3 -6x* +11x - 6|dx
0

0

=_1”x3 —6x* +11x—6|¢’ix+_zﬂx3 ~6x? +11x—6ldx
0 1
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1

= I(x3 -6x? +11x-6)dx
Q

+

j(x3 ~6x? +11x—6)dx
1

Vi du 2: Tinh dién tich hinh phing gi6i han boi 2 duong y=x*-x+3, y=2x+1.

Loi giai:

Phuong trinh hoanh @6 giao diém cta dudng cong y=x*-x+3 va dudmg thing

y=2x+1la: «* ~x+3=2x+1w[x=1 .
x=2

Dién tich hinh phing can tim

S= ” x —x+3) 2:x+1 Idx ]x —3x+2|dx J(x —3x+2)d -
Dang 8: Ung dung tich phan tinh thé tich khéi tron xoay
1. Cho ham y= f(x) lién tuc trén doan [4;b].
Goi (H) la hinh thang cong gidi han béi cac
dudng sau:
(C):y=£(x)
y=0
( ) X=a « >
x=b(a<b)
Thé tich khéi tron xoay duoc sinh ra do hinh

(H) xoay quanh truc Ox.

b
=7rj.f2 (x)dx
Cho 2 ham s8 }/=f(x) va y=g(x) cung lién tuc trén doan [a;b] va théa diéu kién
f(x)28(x)20,vxe [4;b]. Goi (H) 12 hinh phéng giéi han boi cic dudng sau:

(C):y=f£(x)

):y=8(x)
a
c=b(a<b)

Thé tich khéi tron xoay dwoc sinh ra do hinh
phéng (H) quay quanh triuc Ox:

= 7r”:f2 (x)—gz(x)]dx
Vi du 1. Tinh thé tich khéi tron xoay sinh boi mién phang (H) xoay quanh truc Ox.

Trong d6, (H) duoc gidi han bdi y =sinx,y=0,x=0,x =
Loi gidi: Th tich khéi tron xoay dwoc tinh béng céng thuc

\% ='fsin2 xdx =J1—_—ﬁ2£dx = l(x—lsian)
] 17 2\ 72

I:

(H):

(c

x

[SIEY

0
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Chuong IV. CHUYEN DE SO PHUC
TONG KET CAC KIEN THUC VA DANG BAI THUONG GAP

YNS[eRl XAC DINH PHAN THUC, PHAN AO, S6 PHUC LIEN HOP VA MO DUN CUA SO
PHUC _ :
*Nhic lai:

'

Re(z) = x goi 12 phan thuc ctia z
goilap

Cho s8 phac

i goi la phén tir don vi do.
Im( z) = ygoila phin docla z
Cho 2 s8 phite z; =a+bi,z, =x+yi thi:

ez *z, =(a:tx)+(biy)i e z.z, =(ax—by)+(bx+ay)i

; (thye = thyc, 40 = d0)

o Hai s§ phitc bing nhau z; =z, < {Z =
=Y

e Mddun va biéu dién hinh hge: M (a; b) 1a toa 49 biéu dién s8 phitc z=a+bi cé d) dai (md dun) 14
|z| = OM = a? +b?

o 53 phiic lién hop: Z, =a—bi (d3i d4u phin d0) va dicbiét 2,7 =a’ +b” = |2112

N

=z
. . z+2'=Z+7'
Tinh chdt ciia so phiic lién hop peper e
z'=Z3Z
- 2 2 2
2.2 =a"+b =lz-1l

o Khir dang phitc & miuw: R L

z 2% a2 +b?
e D& z; =a+bi s§ thuc thi phin 40 bing 0 <> b=0

(lwgng lién hop).

’ : ~ LY N N y v g z =0
e D& z, =x+yi 12 56 thulin 4o thi phin thyc bang 0 va phin 4o khic 0 < {x
1

#0
® S8 0 vira 1a s8 thuee vira 13 56 o

Vi du 1: Tinh médun ciia s§ phitc z biét z thoa: (2z—1)(1+i)+(2+1)(1—i) =2-2i
. (trich 42 thi chinh tifiic TSDH khoi A 2011, phiin Co Bési)
— HD gidi: Goi s8 phitc z c6 dang z =x+yi,(x;y € R;i? =—1) vaZ =x-yi )
Taco: (2x+2yi~1)(1+1)+(x—yi+1)(1-i)=2-2i
e [(20-1)-2y+(x+1)-y |+ [2y+2x-1-x-1-y]=2-2i
& (3x-3y)+(x+y-2)i=2-2i
1

3x-3y=2 =3 11,
&> :z:——-1:>12|=
X+Yy—-2=-2 y 1 3 3

2
1 3

3

8 BAI TAP DE NGHI: Xdc dinh phiin thuc, phin do, s6 phiic lién hop va tinh mddun cia cdc s phiic z sau:

a (1+2iff 247 =4i-20 b 2% =| +2 o (1+i) (1-i)z=8+i+(1+2i)z
d. z=4-3i+(1-i)° e.z=(1+2i)* g 42287,
g 22+Z=0 h. 2%+ =0
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pZN(eH TIM CAN BAC HAI CUA SO PHU'C
A -p? =x (1)
*Cluijf: Gid strtacé A=x+yi. Tacin A= (n+bi)2 .khidé: {2ab =y (2)

a?+b? = \/xz +y2 (3)

Giai pt (1) va (3) tim duoe a® =7,b° =7, dya vao pt (2) xét dau chon {” =

Vi du: Tim cin bic hai clia 6 phite sau: ~1-+2i/2

a-p*=1 (1)
- HD gidi: Ta ddt ~1+2iv2 = (a+bi)". theo chit 1, ta c6: {2ab =247 (2)

a2 = 12 +(2J§)2 (3)

2. =
Tir (1),(3)&{:2 ;;—ll’f_‘g.lo..)ta chon {::/E

u BAI TAP BE NGHI: Tim cin bic hai ctia cic s6'phire sau:

a, z=8+6i b. z=1i ¢ z=1-{

d. 16-30i e z=" 4 £ z=1-2i6
9

g z=3+6iV6 h. z=(_4~2J€)+(2J5+2JE)i i, z=%+-2—‘-[§i

BIANIERH TiM SO PHUC Z THOA PIEU KIEN CHO TRUOC
Clui g : M&i mét s8 phitc z bidu din toa dd 1 diém trén mit phing Oxy. Vidy z=x+yi= M(x; y)
Khi d6 Re(z)=x, Im(z) =y Ian lugt 1a hoanh dé va tung 43 ctia diém.
Tim s§ phiic z théa min: |z—(2+ x)[ =10 vd 22 =25 ( TSDH khéi B 2009 )
- HD gidi: Tadat z=x+yi (x;yeR;i®=-1)
) ) 2 2 e
T c- }z—(2+1)| = «fﬁ@ |(x—2)+(y—l)1[=«/ﬁ)_® (x-2)"+(y-1) =10 [.\ =3y=4
z2Z=25 x2+}/2=25 x=5y=0

Vay c6 2 56 phitc z=3+4i hay z=5 théa yéu ciu bai todn.

x2+y2 =25

® BAI TAP DE NGHI: Tim dith bich dién cita cic s0'plitc z, biet rang z théa man:

a. Izz +Z| =2 va [z]=2 b. [f=5 va ZX 71 1 86 thue
Z+1
¢ [z+1-2]=[2-2+1 va |z-i| =5 d. |z-2i|=[2| va |z~i|=|z~1|
AN[ERE TIM TAP HOP PIEM BIEU DIEN SO PHUC
*Chil f 3: M§tsd tip hop diém bidu didn s6 phitc z thwong gip:
° ax+by+c=0=> tip hop diém 1a dudng thing
* x=0=> tip hop diém la truc tung Oy
* ¥=0= tip hop diém la truc hoanh Ox
2 2 2 :
- -b) =R I(a;b
° (x J +( ) = tap hop diém la dudong tron cb (s:t) .
2?4y’ —20x-2by+c=0 R=va*+b* —¢
° (x—n)z +(y-—b)2 <R’= tap hop diém 13 hinh tron tam I(ﬂ;b), ban kinh R
® x>0=> tap hop di€m la mién bén phai truc tung
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y<0= tép };Qp diém 14 mién phia dudi tryc ho‘anh

o x<0= tip hop diém la mién bén trai truc tung
e 1 >0=> tap hgp diém la phia trén truc hoanh
e y=ax?+bx+c= tap hop diém la dudng Parabol

x? P .
s SH=1= tap hop diém la duong Elip
a“ b

2 .2
° % - %{ =1=s tip hop diém la duong Hyperbol

a

Vi du: Trong mit phing toa d6 Oxy, tim tdp hop diém bigu dién s8 phirc z thoa
a. ﬁii:l b. |z-1<2 c|z-2|+z+2|=5
z
d.Im(z +z’)=[Re(z-—1)]2 e |3l=1
z

HDG: Dit z=x+yi,(x,ye R)

z+i

a. =1@lz+i|=lz|,z¢0<=>x2+(y+1)z=x2+y2@y=—%.‘

Viy tip hop diém la duong thing y = ——1?: .

b.|z-1<2. [z-1s2 (x-1) +y2 <4,
Viy thp hop digit 1a hinh tron tim 1(1;0),R=2.

2 2
X 1
XLy

B @

Viy tip hop diém 1a dwong Elip 6 d6 dai truc 16n 1d —g— , 49 dai truc bé la g— .

c.|z—2|+]z+2|=5<:>\/(x—2)2+y2 +\/(x+2)2+y2 =5&

d.Im(z+i) =l:Re(z--1)]2 o y+1=(x-1)2 e y=xt-2x
Vay tip hop digmn parabol cd phieong trinh y = x?-2x.

elZ =l©|z1=|;,2¢0©x2+y2 =x? +1y* & 0=0(Dlng)
z

Viy tip hop diéin i toan bg mit phing Oxy nlneng bo di g6t toa dj O.
= BAI TAP DE NGHI 1: Tim tdp hop diéi biéu difn cic s6'phirc z sau :

a |-2l=3 b.|z|=[z-3+4i ¢ |z+Z+1-i]=2 d. 2fz-i|=|z-Z+2i
z-1
e |22 -22| =4 £|z+2i<1 g [2+2]>]z-2| h. 1<]z+1-1<2
i -t +z+4]=10  j. ZEH aethuindo k. |2l =1 L 214 s o thiee.
z z+i+3 z=1+i :

m, Tim tip hop nhitng diém biéu din cho s§ phtic (1+i)z+1 biét z 14 s& phiic thoa mén |z-1|< \2
& BAI TAP DE NGHJ 2: Cho cdc hinh 1, hinh 3, hinh 3 sau:
. e y
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Caul.  Chosdphic z=a+bi, (5;beR). D& diém bidu di&n cta z nim trong dai (~2;2) theo hinli 1 thi diéu
.kién cua a,b la:

A a22,b22 B.a<2,b<-2, C.-2<a<2beR  D. nbe(-22)
Cau?2,  Chos6 phitc z=a+bi, (a; beR). D& diém biéu didn ctia z ndm trong dai (-—3i;3i) theo hinh 2 thi digu
kién ctia a,b 1a:

A 42323 B.a$-3,b<-3. C.-3<b<3acR  D. nbe(-33)
Cau3. Cho s8 phic z=a+Di, (a;b €R). D& diém biéu divén cita 2 ‘nény'\'trong hinh'tron tim O ban kinh bing
2 theo hinh 3 thi digu kién cua a,b 1a:

A a?+p?s4 B. a® +1% > 4. C. a*+b? =4 D. «*+b%<4

Cho cdc hinh 4, hinh 5, hinh 6 sau:
¥ ¥
(7

.
.
2\ - 4/;

>

0 1////?
é / L

Hinl 4 Hinh 5 Hinh 6

Caud.  Chos§phirc z=a+bi;(a;b eR). D& diém biéu dién ctia z ndm phia bén phai dudmg théng x =1 (hinh
4) thi digu kién ctia a,b la:

A. a>LbeR B.b>LlaeR. C.azlbeR D.-a21lbeR
Ciu5.  Chos8 phitc z=a+bi, (a;b € ]R) - D& diém biéu dién cia z ndm bén trong phin gach chéo trong hinh 5
thi diéu kién ctia a,b la:

A. -l<a<2beR B. -1<b<2,aeR. C. {—1<a<l D. {—Rbd

‘ : -2<b<2 -2<a<2

Cau 6.  Chosd phiic z=a+bi, (a;b € lR) - D& diém bi€u dién clia z nm bén trong phin gach chéo trong hinh 6
thi diéu kién cliag, bla

A <1 ]y<2 B. || <2, |p] <1. C.1<[g<21<p|<2 D. [d51, <2
Ciu 7. T;rohg “mét phéng Oxy, cho A,B,C,D Iin luot cac diém bidu didn cho s§

phtc 24,25,25,24 . Khi d6 toa d6 diém biéu dién 6 phitc w = §l+23 z4 la ‘ »’\
. 2 \ g
A. 4(6/"‘8)‘ B. (0}"1)- SR 7
N Pl i
C. (—%‘i ;4). D. (8;6) . Y e 4

BAI TOAN LIEN QUAN DEN MAX - MIN POI VOI MO BUN 6 PHUC

Céch tim M8dun Max - Min ctia & phikc z:
® Bydc 1: Tim tdp hop diém biéu dién s§ phitc = (c6 thé 1a duwdng tron (C), dwong elip (E), deong parabol
(P), dudng thing (d),...)
® Buroc 2: C6 3 cich
m Burée 3: Két luan [zlmM ,|z[min
Dic biét: néu tip hop diém la duong thing A, hoic duwong tron (C) ta cé thé:

e Véi duong thi’mg thi zlmin = d(O;A) vi {M =0MnA

OM LA
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Nhém Todn hoc 3K: Thiay Phong — thiy Tudn ~ thity Nhin — thiy Kha — thiy Ding - thiy Cuong

=OM
s V6i dudng tron thi ta viét PT dudng thing néi OI. {M;; M, }= (c)mOI—-"—“ﬁ?"——Mla{llzllma" OMl
Z min = 2

© VD1: Tim mddun nhé nh4t ctia s6 phitc z théa mén: |z—~2—4i| = ‘z—-2il
— HD gidi: Dat z=x+yi , (x;y € R;i2 ==—1)
Ta cb: [z-2-4i =|z-2i| = ‘(x—2)+(y-—4)il =lx+(y-—2)il Sy=4-x
Tip diém M(x;y) biéu dién s8 phirc z 1a dudng thang x+y—4=0

Ta <6 |2 =«/x2 +yt = \sz +(4——x)2 =222 -8x+16 ='./2(x—2)2 +828=2v2

Ds: |o =22 & x=2:>z=2—2i
y=2

aun

Cach 2: |2 =2x? -8x+16 = \[f(x)——j-'—(—{)—fi{'—s-—»f'(x)=0¢>x=2
Lip Bang bién thién, ta suy ra min f(x) = f (2)= 22 .
Céch 3: Ta c6 x+y = 4. Xét bt ding thirc (1.x+1.y)2 < (12 +12)(:>c2 +y2) >ty 28 o2z 242
S :
4

Suy ra min|z| =2J§¢>2‘1_ =% x+y=4 { =

X
y =
Cach 4: Goi H 14 hinh chifu ctia O 1én dudng thing d:x+y=4.Tacé: OM2OH

Do d6 OM, ;. € OM=0H & M= H=>M=MONd véi MO—2X) 5y =0

2
=>z=2+42i
2

Khi dé {M}=M0r\d=>{x—y=0@{x=2:>z=2+2i=>|z|=2~[2-
x+y=4 y=2

VD2: Tim médun nhoé nhit va 16n nhét clia s6 phire z théa man: Iz—2—4il =5
le-2-4i| =5 = |(x-2) +(y-4)i| =5 . N
e (x-2) +(y-4) =5 17/

Tip diém M(x;y) biéu dién s8 phuc z la dudng tron tim 1(2;4)co ban kinh

— HD giai:

R=+5
Ta cé hinh v& bén, duira vao hinh vé ta c6: M
OM=|d, =5 va ON=[d =36 ;
5 >
8 BAI TAP DE NGHI: Tim modun nhé nhit vi mddun 16n nhit (néis c6) ciia s6'phitc z théa:
a. |z~i|=|(1+i)] b. |z-1+|z+1=4 c.|z-8+6i| =[2z-Z +2i]
et s bl |z-3+4d+1 ) V(5 i) 1 <&
d. ]z 1|Sl va lz 1‘—1 e. log%(_—-2|z~3+4il+8 =1 f (z 1)(z+21) 1a s8 thuee

g Cho 5 phitc [z=1+2i| =5 , tim mb dun 1én nhat ctia w=z+1+i . [z—i|=[z-2-3]

YN eld GIAI PHUONG TRINH BAC HAI TREN HE SO THUC

Cho phuong trinh bédc hai vdi hé s8 a, b, c 1a 56 thye: ax? +bx+c=0 (a#0) . Xét A=b*—4ac
ER/Y
2a
-bif|A|
2a
Vi du: Gii phuong trinh 2 +\3243=0.Tacéd A=3-43=-9=>A=09i"

o N&u A>0 ta cd phuong trinh ¢é 2 nghig¢m thuc x;, =

e N&u A<0 ta c6 phuong trinh c6 2 nghiém phitc x;5 =
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Nhémn Todn hoc 3K: Thity Phong — thidy Tudi - thidy Nhin - thity Kha - thity Ding - thily Cuomg
_=B-3i  —3+3i
2 2

Khi d6 phuong trinh ¢6 2 nghiém phtc z, =
w BAI TAP DE NGHI: Gidi cic phiong trink sau trén tdp s6 phitc:

1%y =

a, 22 +43243=0 b. 22 +1=0 € 2°-2242-6=0
2
d 2% 4+7z2+10=0 e =242 rz120 f. (z43-i) =6(z+3-i)+13=0

CAC BAI TOAN LIEN QUAN PEN CHUNG MINH
Mot s6 két qua thudng gip sau:
© S phirc z 1a 58 a0 khi va chi khi z=—-3
® SG phirc z 1a s8 thuwe khi va chi khi z=%
o Cho 2 56 phitc 2,2, eC=>z%, +2,5 e R

° Gid sit M(x;y), N(:b) lin lugt biéu dién 2 s§ phirc z, =x-+yi,z, =a+bi thi |z, -z| = |mn|

Déng thoi !zl,zzl=|zll.|zzl va -::-‘— =|klll(z2 #0) va bit ding thic|z +22’slzll+lzzl.
2 |%
Vidul: 7,2, €C va |z)|=|z,| =1 va 2,2, #1. Chitng minh ring A= zl:z: la mét s8 thue.
122

, - + + Z, +Z -
HDG:taxét A-A=2122 A¥% h¥h Z+% o 0 2 .. »
14212y 1472, 1+z2, 1+z,z,

u BAI TAP PE NGHI: Gidi cic phwong trinh sau trén tdp sé phiic:

7 =7 1947 (2045
a.CMR: E; =(2+z«f§) +(2+1\/§) eR b. CMR: E, =(—9—:I—) +( 746 )

¢. Xét 3 diém A, B, C trong mit phing phitc theo thir ty bidu dién s& phirc z; =2 =z3 . CMR: Trong tim G
bidu dién s& phire cé dang z= %(zl +2, +23)

d. Xét 3 diém A, B, C trong mit phing phtic theo tht tu bicu didn s§ phlic z; =z, =z; thoa |21[= !zzl = |z3| .
CMR ba di€m A, B, C1a 3 dinh ctia m4t tam gidc déu khi va chi khi 21 +2, +24 =0

CACUNG DUNG KHAC CUA 6 PHUC TRONG CAC BAI TOAN DAI 56 T6 HOP
(doc thém) S6'phirc c6 nhidu fng dung trong bai todn lién quan dé lwgng gide, t6 hop. C6 khd nhitu bai todn khé
khin(thdm chi rat khé khin) trong vige tim toi 16i gidi, diic bigt 1 1oi gidi m@t cich tr nhién nhat lgi dige gidi quyét mpt
cdch don gidn bing img dung ciia s6'phire.Mudh lam t6t cic bai tp, ciin chit y déh dang liwong gide ciia s6"phirc,cong thire
Moa-vro va khai triéh nhj thivc Newton.
Vi du 1: Cho a; b; ¢ 1a céc 58 thyc thoa man sina+sinb+sinc=0 vi cosa+cosb+cosc=0.
Chirng minh ring: sin 2a+sin 20 +sin2c =0 va cos2a+ cos2b+cos2c=0

Huéng din gidi
Dit z) =cosa+ising;z, = cosb+isinb; zy = cosc+isinc

Tacéiz +zy +23=0 va lzl sz l=iz3 k=1, né11—1-=éz(k=1;2;3)
z
k
Vithé: 2,2 +2,7 42,2 = (2, 42, +z3)2 ~2(zy2) +2,2; + 257,
1 1 1 — — -
=02 ~22,2y24 (—+—+—) =-222y25| 21 +2, + 24
a n ( )
=-22:12223(z1 +2z, +z3)=0
Nén c052n+c052b+c052c+i(sin2a+sin2b+sin20)=O

Tir d6 suy ra diéu phai chitng minh
Vidu2. Tinh tong AvaBvéi neZ*, neR
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A=C0cosa+Cl cos2a+C2cosBa+...+Ci " cosna+C)j cos(n+1)a
B=CYsina+C. sin2a+C?sin3a+...+ C} ' sinna+Cj sin(n+1)a
Hu6ng din gidi.
Pt z=cosa+isina thi 2" =cosna+isinna . Do d6 ta c6:
A+iB=C2(cosa+isina)+Cy (cos2a+isin2a)+ CZ(cos3a+isin3a)
+...+CI (cos na-+isinna)+Cj; (cos(n +1)a +isin(n.+1)a) '

= z(Cg +Chz+C2? +C32% + ..+ Cliz" ) =z(1+z)"

. L. a a .. a) .
Vi l4+z=1+cosa+isina=2cos—| cos—+isin— | nén
2 2 2
a a a\|" a na
) - . . na
A+1B=(cosa+zsma)[ZcosE(cos—z—Hsm-z-ﬂ =2" cos" E(cosaﬁ—zsma)(cos?ﬂsm 5 )

" n+2 . n+2
=2" cos" 2 cos-————-—a+ mTa

2
; a n+2 A 1n+2
Viy A=2" cos" —cos——=n, B=2"cos" =sin—-a
2 2 2 2
_ 0 2 4 6 8 2010
Vi du 3: Tinh téng;: {51 =Coo1 ~Cao11 +Ca011 ~ Cao11 + Caom — = Caom
e _ 1 3 5 7 9 2011
52 = Cao11 = Cao11 +C2011 — Caom + Cao11 =~ Can
Huéng din gidi

Xét khai trié’n nhj thitc Newton:

(1+1) U 0y +iChory +i2C2 +1°Copq + i Chgyy + . +1270CNT + 2730
1 (k=4m)
a1 (k=am+1) )
Viit = meZ' néntacd
=1(k =4m+2)
~i (k=4m+3)
(1 A\ 2011 - C C2 C4 - 2 10 C C3 +C5 -C 2011 1
'*") (Coo11 = Coonn +Coon1 — - = Caon1 )+ Caonr = Coonr +Caom — 2011 ( )
M3t khéc, theo ¢dng thitc Moa-vro ta c6:

2011

0
(1+ 1)2011 (ﬁ)mn (cos % +i sin%) = (\/5 )2011 (cos 201111” +1sin ———2011117[) =-21005 11005 (3)

T (1) va (2) tasuy ra: §; = 1005 S, = 21005

CAM NANG LUYEN THI 2017
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PHAN HINH HOC
Chuong I. CHUYEN PE KHOI PA DIEN

TONG KET CAC KIEN THUC VA DANG BAI THUONG GAP
Phin 1: KHAI NIEM KHOI PA DIEN
1. Khai niém vé hinh da dién va khéi da dién
* Hinh da dién (goi tit ld da di¢n) 1a hinh dugc tao bdi mét s8 hitu han cac da giac
thdéa man 2 tinh chit:
(1) Hai da giac phén biét chi c6 the hodic khéng cé di€m chung, hodc chi cé mot dinh
chung, hogc chi ¢6 1 canh chung.
(i) Moi canh ctia da gidc no cling 13 canh chung ctia diing 2 da gic.
* Khdi da dién 1a phan khéng gian dugc gidi han boi mot hinh da dién, k€& ca hinh
da dién dé.
Hai da dién duwoc goi 1a b?mg nhau néu c¢6 mét phép doi hinh bién da dién nay
thanh da dién kia.
2. Khéi da dién 16 va khéi da dién déu
¢ Khdi da dién (H) dwoc goi 1a khéi da dign I5i néu doan thing ndi 2 diém bat ki cia
(H) luén thude (H).
e Khéi da dién deu 1a khéi da dién 161 c6 2 tinh chit sau day:
(i) MOdimit ctia né 1a mot da giac déu p canh.
(if) M6i dinh ctia n6 1a dinh chung ctia diing q mit.
Khéi da dién déu nhw viy duoc goi la khéi da dién déu loai {p ; q}. Chi ¢6 5 khéi
da dién déu, d61aloai {3; 3}, (4 3}, {3 ; 4}, (5;3} valoai {3; 5.

3. Mot s8 khéi chép va khéi ling tru dic biét
Hinh chép tam giac déu Hinh chép tk gidc déu
Day la tam giac , Ddy 1a hinh vudng.
déu. SO vubng gdc véi
SO vubéng géc day, O la tam day.
) c véi day, véi O i

12 tim day.

Khdi ling tru tam Khéi ling try dimg
giac tam giac
Canh bén vuéng
goc vai day.
Khéi ling tru ti Khéi ling tru
giac dixng tit gidc
Canh bén vudng

goc véi day.
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Khéi hop Khdi hop ding
Péy 1a hinh binh Canh bén vudng goc
hanh véi déy.

Khéi hép chit nhit A 7 Khéi 1ap phuong
Céc mit déu 1a hinh Céacmit déula
chit nhat. hinh vudng.

e o
. J

Vi du 1: Cho mdt hinh da dién. Tim khéng dinh sai trong cac khe“'mg dinh sau:
A.M@i dinh 12 dinh chung cta it nhit 3 canh.

B. Mbi dinh 13 dinh chung ciia it nhét 3 mit.

C. M&i canh 14 canh chung cta it nh&t 3 mat.

D. M6i mit c6 it nhat 3 canh.

Pép an: Chon C.
Vi du 2: S6 canh ctia mdt hinh bét dién déu la:
A.8 B.10 C. 12 D. 16.

Pap an: Chon C.
Vi du 3: S8 dinh ctia hinh mudi hai mat déu la:
A.12 B.16 C.20 D. 30.
bap an: Chon C.
Phin 2: THE TiCH KHOI DA DIEN

1. Thé tich khéi chép
¢ Phuong phap 1: Cong thitc triee tiép

1
Vclvap = Esday h

o Phuong phap 2: Lap ghép khéi da dién
Né&u khdi da dién (H) dwgc tdch thanh 2 khéi

da dién (Fh) va (Hz) rdinhau thi ta c6 cong thitc

Viny =Vim) ™ Vi)

o Phuong phap 3: Ty s6 th& tich (Chi sit dung cho ti di¢n)
Néu P=C thi Néu P=C,N=B thi
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Veue SA SB

2. Thé tich khéi ling tru - khoi hop

Thé tich khéi ling tru: Thé tich khéi hop chit | Thé tich khai 1ap
— 3
leng o™ S'A/y h I'lhat ‘/hup chie nhat = ab.c phumg lap phunng
: :
: [}
| ll
E 4 a i by
ot l a
: b

Vi dy 4: Tinh thé tich khéi ttr dién déu SABC 6 tAt ca cic canh déu béng a.
nJ\/E 2 aS«/Z— n“x/E
A —= B. —= C. —= D.
12 15
Giai: Go1 O 14 tdm cuia tam gidc déu ABC, I 1A trung di€m BC. Ta c6

Ao-_-_Z.AI__%”_\/::_“_‘C =S50 =+/SA? - AO? = ‘“/-

377372
A c
Thé tich V,,,, = ;.swcs %"f.“f_ ‘/— . Chon B. ;
n

Vi du 5: Cho hinh hép ABCD.A'B'C'D’ ¢6 the tich V. GoiM 1a
trung diém AA’, G 1a trong tm tam gidc A’BD, O 13 tim hinh
binh hanh ABCD. Tinh thé tich khéi chép B.OAMG theo V.

A Y B L c. D. L

18 15 27 21
Giai: Ta 6 V4 = =V 480~ Vaaasc
V., AM AG 12 1 1 _2
V:,:I::z = AA AD = Eg = 3 = Ve = 5 w480 = Vioame = 3 Vo aso-
Mit khac:

1 ) . 1 1 , \%
Viso =3 A(A',(ABCD)).S g0 == d(A (ABCD)).- 7 S0 =1 —d(A",(ABCD)).S 0 = o
2 2V Vv

=V, oame ='§ v, ARO =§.1_2-=.l_8_ Chon A

Phin 3: KHOANG CACH TRONG KHONG GIAN
1. Khoing cich tir diém M dén duong thing A.
Goi H 12 hinh chigu vuéng géc ctia M 1én duong thing A.
d(M,A)= MH

2. Khoing cach tir diém M dén mit phing () I

Goi H 1a hinh chiéu vudng géc ctia M 16n mijt phang (a) A@
(M, ()= MH
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% Phuwong phép xdc dinh khoang cach tix diém M d&n mjt phing (a)

Phuong phap 1:
e Tim mijt phing (P) qua M va (P) L (o:).

e Tim giao tuyén (P)m(a) =c.

e V& MHLc taiH = MH L(a)
=d(M,(a))=MH

Phuong phap 2: Ty s6
Ta can tinh khoang cach d( (a)) ta chi c6 khoang cach d( (o ))
e Trudnghop 1: Néu MN /() thi N
d(M,(a)=d(N,(a)) g
e Trudng hop 2: Néu MNm(a) =1 thi

(@) _wm
i () " M

Phuong phép 3: Phuong phép the tich
Khoang cach d(M,(«)) 1a 46 dai duong cao cia
hinh chép

(o () =5

wy

3. Khoang cach giita dudng thing va mit phing song song

Cho dudng thing A va mit phing (a) song song. Khoang cach giita A va (a) bang
khoang cach tir diém M bat ki thuge A dén mat phéng (a) .
d(a(@))=d(M(a))=MH,MeA A

4. Khoéng cach gitra 2 mat phing song song

Khoang céch gitta 2 mit phing («) va () song song bing
Khoang céch tir diém M bat ki thudc mit phing (8) dén mt phing m
(). | | |

(P) () =AM () = MH, b <(7) ya v

5. Khoang cach gma 2 dwong thing chéo nhau

Cho 2 dudng thing a va b chéo nhau. Goi 2 di€m M, N Ian luot ndm

trén 2 dudng a va b sao cho MN La; MN Lb. Khi d6, MN dugc goi la M
doan vudng géc chung clia 2 dudng thing a va b . Khoang cach gitta

2 dudng thingava b 1a

d(a,b)=MN
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Phuong phép xic dinh géc gifta 2 dudng thing chéo nhau ¢ va i

Phuwong phip 1: Ta im doan vu ng ‘géc chung MN ctia 2 dudng a v
d (a, b) =MN

.

Phuong phép 2:
e Budc 1: Tim miit phing (af) chita dudng thing b va (a) a.

* Budc 2: Khoang cach gifta a va b bing khoang céch gitta a va (a) ib\ L/

d(a,b) = d(n,(a))

Vi du 6: Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a. Pudng cao
SB L (ABCD). Géc giita SC va (ABCD) béng 60°. Tinh khoang céch gifta dwdng thing AB va
miit phing (SCD).
a1 A c o p, 13
6 3 2 4
Gii: Vi AB // CD nén AB // (SCD), suy ra d(AB, (SCD)) =d(B, (scp)).
Vi SB L(ABCD) nén géc gita SC va (ABCD) bing géc SCB=60°
tanSCB =-Z% = SB=BC.tanSCB= a3 .

3
Thé'tich V,,, =%.SMCD.SB =%.—;—.a2 af3=1

&

6
Tam giadc SCD vudng tai C nén

Sasen = —zl—sc.cu - %\/532 +BC*.CD=22.

a(B,(5cD)) = aseo - Voo _ RN
ASCD SASCD 2
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Chuong II. CHUYEN DE KHOI TRON XOAY

BANG TONG KET CAC DANG TOAN THUONG GAP

Stt | Yéu ciu bdi todn Gid thiét + Hinh vé Céng thiic — Phuong phdp
1. Hinh nén tron xoay
Cho tam gidc. OIM vubdng tai I. Khi quay tam gidc
d6 xung quanh canh goc vudng Ol thi dwong gdp
khiuc OIM tao thanh mdt hinh, goi la hiith non tron
xoay, goi tit la' hinh non.
Duong thing OI duwgc goi la'truc, O la'dink,
Néu ki nigm vé bDj fiaz doan thing (,)I goi Ia’chzeu cao va ciing la
1. | hinh nén, khéi nén khodng cich tie O dén mgt phang ddy,
tron xoay
OM goi la'dwong sinh cua hinh non.
Hinh tron tim I, ban kinh v =IM 1a' mit ddy cua
hinh non.
2. Khéi nén tron xoay
La phiin khong gian dwoc gi6i han boi mdt hinh nén
tron xoay ké ca hinh nén do.
Dién tich xung quanh ciia hinh nén: S, = m.r.L.
Pé bai cho Cho hinh |~ 84 ,,,
Cong thifc tink dign | 1101 co chiéu cao la'h, | Dign tich ddy (hinh tron): S, = z.r®.
tich xung quanh,, ban kinh ddy v va
1.1 | dién tich todn ctia duong sink Ia L. cdc -
hinh n6n va théticl o > "\ Dién tich toan phdn ciia hinh non: S, =S, +85,.
ciia khoi non? em dE  m6i quan h¢ s !
P=r4 hzv 1 1
Thé tich khoi non: V = é-S = 571'.1'2 h.
Thiét dién qua truc clia hinh noén la tam gidc can.
(Hinh 1)
Néumébt s6'logi (
1 | thigt dién ciia hink | Mo tuong giao gika mit Thiét dién qua dinh ctia hinh nén 1a nhitng tam
© | non. phang v6i hinh non. gidc cdn c6 hai canh bén 1 hai dwomg sinh ctia hinh
noén.
(Hinh 2)
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(Hinh 1)

4]

(Hinh 2)

Thiét dién vubng géc véi truc cila hinh non Ia
nhitng dieong tron cé tim nim trén truc cia hinh
non.

0

( Hinh 3)

Bai todn lién quan

Mot hinh non tron
xoay co’ dutong cao h,
ban kinh day r. Mot
thiét dién di qua dinh
cua  hinh nén co
khoang cach ti' tam

Dién tich cia thiét dién do tinh theo h, v, d dwoc xdc
dinh boi cong thirc:

K d?
Sy = \/r2 Ry .\/h2 +

S

h2d?
h*—d*’

hinh chép va hinh
nén ndi tiép hinh
chop?

SABCD

1.3 | dén thiét dign qua cun day dén mait
dinh ciia hinh nén. phitng chuia  thict
dién la'd.
Tinh dién tich thiét
dign do tinh theo h,
v, d. 4
B
Cho hinh chép déu
SABCD Hinh nén ni tiép hinh chop déu S.ABCD Ia hinh
nén c6 dinh 1a S, ddy la dwong tron ngi tiép hinh
vubng ABCD. Khi dé hinh nén cé bin kinh ddy
r=0M, dwong cao h =S50, duong sinh £ =SM.
1.4 | Hink nén ngogi tiép

Hinh nén ngoai tiép hinh chép déu S.ABCDIa
hinh nén 6 dinh 1a S, ddy la dwomg tron ngogi tiéh
hinh vudng ABCD. Khi dé hinh nén c6 ban kinh ddy
r=0A, dwong cao h= SO, dwong sinh £ =SA.
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Cho hinh chép tam
gidc déu SABC

s

Hinh nén ni tiép hinh chép déu S.ABC la
hinh nén c6 dinh 1a 5, ddy la dudng tron ni tiép tam
gidc ABC. Khi d6 hinh nén c6 bin kinh ddy
r=ON, dudng cao h=S0, dwong sinh {=S5N.

Cho hinh chép tam
gidc déu SABC

s

Hinh nén ngoai tiép hinh chép déu S.ABC la hinh
nén cé dinh la S, ddy la dwong tron ngoai tiép
AABC. Khi d6 hinh nén cé bin kinh ddy r=0OA,
duong cao h= SO, dwong sinh =S5A.

' Néu khii niém vé

a) Hinh try tron xoayKhi quay hinh chi nhit
ABCD xung quanh dwong thing chwa mot canh,
chiing han canh AB thi dwong gip khuc ABCD tao
thanh mot hinh, hinh dd dwoc goi la hinh tru tron
xoay hay goi tit la hink tru.

o Duong thing AB duwoc goi la trug,

e Doan thilng CD duwoc goi la'dwong sinh,

hinh try va thé'tich
ctia khoi tru?

day bing v

2. | hinh try va khéi tru e D0 dai doan thdng AB=CD =h dwoc goi
tron xoay? 12’ chiéu cao cua hinh tru,
o Hinh tron tdm A, ban kinh r = AD va'hinh
C tron tim B, ban kinhr = BC dwoc goi la'hai ddy cua
hinh tru.
b) Khéi tru tron xoay: Khoi tru tron xoay, goi tat
Ia°khdi tru, 1a'phin khéng gian gioi han boi hinh try,
tron xoay k& cd hinh tru.
Céng thiic tinh dign Dién tich xung quanh cua hinh tru; S, = 2nrh.
tich xung quanh, Cho hf"’ ! tr\u © C]fzeu Dién tich toan phin cua hinh tru;
2.1 | dién tich toancia | cao la'h va'ban kinh

S, =S,y +2.B=27nth+27r%,

Thé tich khéi tru: V = Bh= nr*h.
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22

Thiét ctin
hinh tru cit boi
mot mat phing

dién

LS
<

a) Cdc thiét dién di qua truc ctia mot hinh try I cde
hinh chit nhat bing nhau.

b) Cdc thiét dién song song véi truc cita hinlt tru 1a Hin
chit nhit.

2.3

Dién tich ciia thiét
dién song song véi
truc,

Cho hinh tru c6 bén
kinh R,
dwong sinh L. Cit
khoi tru boi mét mit
phing song song voi
truc va cdch truc mot
khoang la d. Tinh
dién tich ciia thigt
dign dwoc tgo nén
theor, (, d

ddy i

Dién tich cua thiét dién
dwoctgonéntheo v, (, d

c6 dang:

S, =20JR* -d*,

Néu khdi nigm mdgt
ciu ngoai tiép, ndi
tiép hinh da dign

Mat ciiungogi tiép hinh da dién néi tat od cic dinh
ctia hinh da dign déu ndm trén mit cau.

Mt ciu ndi tiép hinh da dign néy mit ciu dé ticp
xtic v6i tat cd cde mat ciia hinh da dién.

Kni mt cliu ndi tig) (ngogi tiép) hinh da dién, ngioi
ta ciing ndi hinh da di¢n ngogi tiéh (ngi tith) mét ciu.
Chil y: Mt ciu ngoai tiép khéi chép

Diéu kign ciin va dit d€ hinh chép SAA,..A, cémait
ciiu ngoqi tiép la da gidc diy A, A,...A ni tigh dwoc
trong mét duong tron.

Do do:

Tét cd hinth chdp c6 didy 1 tam gidc déu c6 mat ciu ngoai
tiép.

Hinh chdp c6 ddy la hinh chit nhit, hinh vudng, hinh
thang cdn déu cé mat ciu ngogi tiép.
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Duong tron
ngoai tiép cha

Tam gidc déu: Dwong tron ngogi tiép tam gidc
déu ABC c6 tam O trimng véi trong tdm tam gidc
2 2 AB\3 _AB\3

vd ban kinh r =OA==AM =~
3 3 2 3

Tam gidc vubng: Duong tron ngogi tigp tam
gidc vudng ABC tgi A cdtim O la trung diém cia

chép la giao diém
cia truc duong
tron ngoai tiép mdt
phiing ddy va mdit
phing trimg truc
cua mdt canh bén
hinh  chdp. Bdn
kinh la' khoang
cdch tw' I dén cdc

3.1 | cdc tam gidc, tif 5
gidc dic bigt canh huyén va bén kinh r =0A = _Eq
A D Hinh vubng va hinh chit nhit: Duong tron
ngogi tiép hinh vudng/hinh chit nhit ABCD c6 tim
la giao diém O ctia hai dwong chéo va bin kinh
AC
B fol r=0A= T.
Tam va b kinh Cho ' hinh  chdp
mit cdu ngoai tiép SABC c6 ddy ABC
hinh chop la tam gidc vudng tai
Chit : Tam mit chédn duwong cao clia
cdu ngoai tiép hinh hinh. chdp hodc day 13 | By kinh mat chu ngogi tigp :
chop I diém cdch | M 814¢ déu ho.qc AV Y
déu cdc dinh cua |94y 14 tam  gidc| R=]A=+AO" + 10 =\/r2+(—2—) =Jr2+(51] .
hinh chop. Do do, | thwong.  Bitt  SA
thm 1 mat cau | vwOng gécvdiday. | v6i h=SA la chitu cao ciia hinh chdp va 1 = OA la
32 | ngogi tigp hinh| bin kinh dwong tron ngogi tigp ddy.

Hinh chop déu
S.ABC (hodc hinh
chép déu S.ABCD).

Bdn kinh mdt ciu ngogi tiép

Rogpo SNSC _SC* _ SA® [_ (canhben)’ ]

SO 250 2SO°| 2xchieucao
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lip
phiong). Ban kinh:
bing nin 46 dai
dwong cheo hinh hop
chif nhat (hodc hinh
lap phiwong).

dinh  cua  hinh
chop.
Khi d6 bén kinh mat ciu ngogi tigh
Hinh chop 5 3
S.ABC (hofic | R=1S= \/O'Sz +0A? _(%E) =JR3 +R} ~(g) .
S.ABCD), c6 mdgt
bén (SAB) vudng Trong dé:
goc mdt ddy. R, =0A bin kinh dwong tron ngoai tigp ddy
5 ABC;
N R, =O'S1a bin kinh diwong tron ngogi tiéh mit
/ bén (SAB) vubng géc voi mit ddy;
M d = AB la dogn gino tuyéh cia miit bén (SAB )
- vubng géc véi ddy va mdt ddy.
b) Mt ciu
ngoai tiép hinh hop
chui nhit hodc hinh a) Didu kitn
ldp phwrong ' ) .
. i Diéu kién ctin va du d4€'hinh ling tru cé mat chu
Tam: trung voi P N . S s A
. . . | ngoai tiép 1 hinh ling tru ditng va c6 ddy noi tiep
tam doi xuwng cua . .
P . . . > .| dwong tron.
Mat caungoai | piy hop chie nhat
3.3 | tiép ling try (hodc  hinh Hinh ling try ditng c6 ddy tam gidc lubn ton

tai mat chu ngogi tiép.
Hinh hp chit nhit, hinh 1dp phirong ludn cé mat
cliu ngogi tiép.

-
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Chuong III. CHUYEN PE HINH HQC OXYZ

{BANG TONG KET CAC DANG TOAN THUONG GAP

Stt | Yéu ciu bdi todn Gia thiét Cong thirc - Phuong phip
Ox:;=(1;0;0):>ﬂ=1 :
Oy: i=(1;0; il = )
Vector don vi (Id R ¥ (1 o 0) = M 1 k(6;0;1
vector chi phuon, Truc hoanh: Ox P A
1 cctor CHE pIOnE | Truc tung: Oy 0z k=(1,0;0)= lkl aran
clia mdt truc toa do, Truc cao: Oz - \ = 7(0:,1,0)
c6 46 16n bing 1) ; T i.j=0, ik=0, k.j = T g b / -
fwob)
M er:M(xM;O;O)
11 Toa 49 digm thujc M (a5 a2 ) MeOy:>M(O;y ;0)
) truc toa 4 M7IMrM M
M eOz=>M(O,'0;zM)
) M M VY
Toa d diém thujc =(0w)= (xmiym:0)
12 | cdcmat phingtoa | M(XpiYaaiZum) Me(Oyz)=> M(0;yp1:2pm)
44 M e(Oxz)= M(xp1:0:2)
AlX,iYasZ —
2. | Tinh toa dé vector { ( A1Ya A) AB=(xp—%4:Yp~YaiZp -z4)
B(x5;ypi2p)
5 | Phép tong hidu cia w=(a;b;c) utv=(a+xb+y;c+z)
" | 2vector v_——-(x;l;z) ﬂ-—;-—-—(u-x;b—y;c-z)
1a1s6 keR' -
4. T{,C,h cia 1 50 thye o kau =(ka; kb; ke)
vdi 1 vector U= (u; b; c)
t—t=(a;b;c) §;i=\]a2+b2 +c?
5 Dé dai ctia gt -
" | vector Alxaiyaiza) :'EF\/(X -x )2+(y -1 )2+(z -2 )2
» B(xz;¥5i25) B~%A B~ YA B %A
- a=x
: 3 u=(a;b;c - -
6 Hai vector bang " ( ) n=0 b=y
1hau v=(x;y,'z) c=2z
~ ;l,; ct‘mg phuong <> 3keR" :u=kv
Hai vector (khdc w= (”1;32;33) = kbl .
7 | vector 0) cing v=(by;by;b;) & {a, =kby & F’ZL”TF (by, by, by #0)
phuong keR = kb, 1 Y2 "3
‘ (I’hu'cmg phép chitng minh 3 diém thing hang)
Tich vé hung giia | |14 =(a:bic) wo=mebyre
8 hai vector 5e (;\ ¥z ) Picbiét uv=0ulv
’ (Phuong phdp chwng minh 2 dudng thing vudng gdc)
u=(abc - 0
9 Géc giita hai vector - ( ) o= (u; U) cosa= COS(“ v vaae [0 180 ]
o= (5:2) A
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uy g 4y uy

- - U U
[u; v] = 2 3 ’ ’
Uy U jnr vy

Uy Uy

)

< [u v] (1303 = 11305 ;130 =033V ~ V1, )

Tich c6 huéng giita - o [1;0|=0< 1,2 cling phuon
hai vector. “‘(“ﬁ“zi“a) [ ! ] 8P 5
10 {ﬁl&:;_[;{)} v=(v1;v2;v3) ° [AB;ACJ':-O@ A, B,C thing hang,
nlv [u, :l #0 e ;0 khéng cing phuong
° [AB; AC] #0 <> A, B,C khéng thing hang.
(Phuong phip chitng minh 3 diém l4p thanh 1 tam
gidc)
Céng thirc: [ﬂ;ﬂ].; (tinh tich ¢6 huéng trwéc, roi
s t—=(u1;u2,u3) nhin vé hudng sau)
Tich hon tgp ciia ba = 5.~ 2 e " s
u | g b= (visvyivy) . [AB; AC].AD =04 A,B,C,D dong phing
w=(a;b;c) ° [Xﬁ; XE]ZB #0¢> A, B,C, D khéng déng phing
(Phwong phap chitng minh 4 diém lip thanh t& dién)
4 " Alxaiyaizy) Goi11a trung diém AB
12 T?a (‘itrung ier’n AtYaiz X4+ 2p ./A Yy T4+
clia mot doan thing B(x iYpizg) =] 5 T
Toa dé ¢ ¢ Alxpiyaiz ) Goi G 1a trong tim ciia tam gidc ABC
oa 4 trong tam . ! .
13 1B{xg:yp:z XA+Xp+Xe Ya+Yp+Ye Zp+2Zp+z
ciia mpt tam gidc B(xpivy ) :G[ AR C;-/A ‘/38 -/C; A ; CJ
C( XeiYciZe )
Alx iy a2
rond 5 ((x ; 4 . ) 2) Goi E 1a trong tim cita & dién ABCD
0a dj trong tam B-Yp:%p
14 Xg+Xg+Xo+Xp Ya tUp Ve +Up Z4+Zp+Ze+2
clia mot tit dién Clxiycize) =>E[ 4 34 ¢’ Ja ‘/54‘/C I ;24 34 < D]
D(xp;¥pizp)
Tim toa dj tric tam Goi H(xH;yH;zH) 1 trire tAim ctia ABC
cxia' tam gidc A(xA‘; YAiZa ) o
‘ Blxe: v BH 1 AC BH.AC=0
v C&”ff’”fz”)) «{CH L AB " & {CH.AB=0
; Teileize A,B,C,H dong phang [xg;;ﬁ],mﬂ
c
Tim toa d6 tam
dutmg tron ngodi Goi I(x;;y;;2z;) 1a tim dudng trdn ngoqi tiép AABC
tiép tum gmc . A(x,,; Yaiz A) ) )
AR IA=IB Al =B
B(x ;Ygiz )
16 B:YpiZp o {IA=IC o AI? =c1?
Clxyeiz e
(*cc Yei C) A,B,C,I dong phang [AB;AC}.AI =0
Tinh AB=?,AC=? Goi D(xD;yD;zD) 1a diém cin
Tim toa dj chéin A(-'"Ai.‘/AiZA) tim '
duong phéin gidc AB DB — Xg+kxe yp+kye zp+ke
7 B{xg; ;2 a0 _Uo o -k B C.Ys C % Thee
| trong o mat gic c( 75’ 5) ac “p "k e BD=-kCD=p| e e B T
trong tam gidc (xeiveizc)

Twong tw v6i viée tim toa dd chin dwdng phan gidc
ngoai.
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A

N

il By C

Tim toa dd tdm
dudng tron nji tiép

Tinh d¢ dai AB,BC,CA . Goi J(x;;y;:7;) 1a diém

can tim

A Mrene

tam gidc. A(xA;yA;zA) Y _ BCx, +ACxg + ABxc
A X =
18 B(xB;yB;ZB) BC+AC+AB
C(x iz ) - _ BCy,4 +ACyp + AByc
ei¥eitc Y17 BCY AC+AB
BCz, +ACzp + ABzc
Z; =
I BC+AC+AB
Dién tich ciia mot )
tam gidc Alxgiyaiza ) Sanpc = % ‘[Xﬁ, ZE:“
4 {B(xg;y5:2
B (<3:372s) (tinh tich ¢6 huéng trudc, roi tinh do dai cha tich c6
© (xciveizc) hwéng).
B C
Didn tich ciia ¢ (A X4iYaiza)
én tich clia mf Blxn:tn:z S =[AB; AC
20\ Liuh bink hani (xa7v02) o = ABAC]
C(xyeizc)
Thé tich cia njt
Ko ti dign A(xpiYaiza)
cy 1. =1 55
” L B(x5:Y5:25) V ascp = g’[AB; AC)AD|
4 4‘ c Clxeivcize) (tinh tich hdn tap trudc, 16i 14y gia tri tuyét d6i)
D(xpiypizp)
B
Thé'tich ciia khéi
hop ‘
e \% [:Uedd » el KB‘,XE.EI
22 Cho toa 4 A,B,D,A’ ancp.amep = | ]
(tinh tich hn tap trudc, rdi 14y gia trj tuyét d6i)
P 24 y
Tink bin kin A(xaivaiza) R ABBCCA __ABBCCA
‘| 23 | dudng tron ngoai B(xp;¥p:zp) T 4Spc ZI[E; XE:H
tiép tam gidc C(xc;l/c;zc)
Dang tong quit: (x - a)z + (y - b)2 + (z - c)2 =R?
ogr | P hmm)g triwhmat | Tam:I(;bic) Dang khai trién: x? +y? +2% —2ax-2by —2cz+d =0
cin (S Béan kinh
an kinh R Véi R=Aa +52 +c? -d >0
(Thudng &p dung khi viét mit ciu qua 4 diém)
Phuong trinh mit a=ay)+b(y-yp) +e(z-2) =0
phang (P) M(xM?llM?zm) Hay ax+by+cz+d=0
25* et - - A(2;0;0)=(P)nOx
n =(n; b;c) #0

Dicbiét {B(0;4;0)=(P)nOy ::»(P):-Edr%-i-i—:l
C(0;0;¢)=(P)nOz
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X=X +at
v e Dangthamsé: {y=y,, +bt(teR
Phicong trink dwimg | M CIYRTVEEY ) B y=ty +bi(t<R)
26" - - Z=2zp +ct
thdng (d) w=(a;b;c)=0
Dang chinh thc: Yo - ¥ Yo _Z7% (a;b;c#0)
a b c
Tim toa 46 mot x=xy at Ned= N(xy +at;yp +bt; 2y, +ct)
27 | diém thujc mot y=yy +bt(teR) Chon t=t, (s6 cu theé)
duong thing z=zp +cf - N(XM +aty; Yy +bt iz, +Cta)
Tim toa 46 mot Me(P)=>axp +byp +czpy =0
28 | diéin thugc mt mgt | ax-+by+cz+d =0 Chon 2 trong 3 toa d6 x, yps 12 céc s8 bat ky (thuong
phang 14 55 0) 4& tim toa 3 con lai.
N ed =5 N(xp +at;ypy +bt; zpy +ct)
X=xy tat Mt khac
Y=Yy +bi(teR) Ne(P)= A(xy +at)+B(y,, +bt)+C(z,, +ct)=0
2=z, +ct M m M
Tim toa 4 giao oo Giéi phuong trinh trén tim =1, (Ia mdt s& thyc
29* | dién ciia dudng Ax+By+Cz+D=0 P . & o { )
thiing va miit phiing Thay vao N(xy +at; yp +btizp +et)=> N
XX _Y-Y _zZ-2, X=X Y-V, _2-%, bx—ay =bx, ~ay,
a b ¢ |Gidihe{ 5 T 5 T e cy-bz=cy, -bz,
Ax+By+Cz+D=0 Ax+By+Cz+D=0 Ax+by+Cz=~D
Gid stt M(xp1; 1315251 ) €(P)(Q)
Tim toa 49 1 didm ax+by+cz+d=0 (P) Taco 1M T By +ezy +d =0
30 | thuje giao tuyén Ax+By+Cz+D=0 Axpy +Byp +Czp + D=0
cila hai mdt phang Ta cho 1 trong 3 toa d8 xy; Ypr; 2y 12 mot s8 bat ky
(thuong 1a 56 0, gidi va tim 2 toa d6 con lai)
X=xpy+at Xét phuwong trinh
Tim toa 4§ giao _ b P 8
4 y=yy+bt{teR 2 2 2
31 dién ciia dwong z—;M-ﬁct ( ) (xM +ﬂt~—A) +(yM +bi-—B) +(ZM +Ct—-C) =R?
A - M
thing va mit cau 2, by 2 _g2 | Gidi phurong trinh nay ta im duoc t=t;,t=t,
(khi cidt nhau) (=) +(y-b) +(z-c)' =R . . . S ami e
Thay vao phuong trinh dudng thing dé tim didm.
‘ B {axM +bypg +ezy +d[ v
3o | Khodng cich tix Cho M(xM?yM;ZM) 4(M; (P))= a2 +12 + 2 Néu
diéin dén mit phing (P):ax+by+cz+d=0
d(M;(P))=0e Me(P)
, . Cho N(x,:¥,:2,) u; MN ‘
Khodng cdch tir d(M; )= -[-[——-:—-J—Né'u d(M;A)=0< Mea
33 | diéin dén duong quaM(x;yy;z,) _
N A 1 it
than ' cn=(a:a.:
¢ vtep:u = (ay;a 2:3) (Phiin nay thuje chirong trinh ning cao)
Khodng cich gifta (P) tax+by+cz+d=0 | Chon mét diém M thudc mat ph&ng (Q) (xem lai stt
34 | hai mat phing song (Q):ax+by+cz+e=0 28) )
song dee d[(P);(Q)] = d(M; (Q)) {xem lai stt 32)
Khodng Cfid‘ gifta % y_by" =2"% 'Chon mét diém M thujc dwong d (xem lai stt 27)
35 | dudng thang va mit a ¢ :
s : d| d;(P)|=d{M;(P)) (xem lai stt 32)
phing song song (P):ax+by+cz+d=0 [ ( )] (w;( )
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XX, Y-Yu Z=Za d; qua A(xA;yA;zA) €6 vicp uy =(a1;b1;c1)
Khodng cdch giita ! by “ |4, qua B(xB;yB;zB) c6 vicp “—d; =(“2il’2FC2)
36* | hai dudng thing x =xp+ayt —
chéo nhau y=yy+bt(teR R l[udl *Yiy }'ABI
Yy=Yyg+oy d(dudz)* -
z=2zg+ 0yt [”¢i1;“d2:l
a b _c_d
Pl= ED o T e I e =
(P)=(Q)=i-t-c-
V;'trx’titmtg’dé'icﬁa (P):ax+by+cz+d=0 (P)//(Q)®—=;=§¢%
37 | hai mgt pha
armts pang (Q):ex+ fy+gz+h=0 b
(P)n(Q)=b@-2—==
e f
Dicbiét: Néu (P) L(Q) < ae+bf +cg =0
° n=0 = A=d (tring)
M ed(hayN EA)
o n=0
. ua M_(xl'y1' z 1) ° {n = A//d (song song)
. vicp i u=(ay;a,;45) Med(hay N £ A)
Vi tri tuong déi cia am—.
38 | hai dudng thing Jua Ngxziyzizz) ° {11 ﬂ = And= {A} {cit nhau)
vtep v =(by;by;bs) nMN =0
Tinh n= l:“; ”] o Tﬂ = A va d chéo nhau
n.MN #0
Dicbidt uo=0=>d L A (c6 thé cit nhau hoic chéo
nhau)
Xét phueong trinh
Vi trf twong d6i ciia X =3+ Al ﬂ(xa+At)+b(yD+Bt)+c(zo+Ct)=0(’*)
ot g COTCNA | Ay =Y, +BE o pt(*) 0t =0 (v6 s5 nghiém) =d = (P)
39 | duong thang va mdt 2=z +Ct
e (omoyrezsdno | * PO SO={n0) Gonghibm) =27/
o pt(*) <t =m (c6 mdtnghiém) = dn(P)=M
‘ M(%,:Y4i%,) >M]==R:>Ie(s)(dié'mIn%mtrénmitc‘éu(s).
40 V‘;frz ﬂf mg d‘l’ ca tant : 1(a;b;c) » MI > R=>1 nam ngoai mit ciu (S).
diém va mdt ciu (5) : N "
ban kinh : R » MI < R=>1 nidm trong mit ciu (S).
° d(I;(P)) =R < (P) ti€p xic voi mét cau (S) tai 1
(P):ax+by+cz+d=0 | diém.
. T (P) goi la ti€p dién.
Vi tri twong d6i gida | (g). /1M 1(z;b;c) ) g =
41 | mat phing va mat () b ke & * d(1;(P))> R <> (P) khéng cit mat cau (5).
cin Tinh 4(L;(P))=? o d(I;(P)) <R & (P) cit mat céu (S) theo giao tuyén
(xem lai 32) 14 dudng tron (C) ¢b tim H 1a hinh chiéu ctia I 1a (P)
va ban kinh 7 théa man r =, ’RZ -d* (1;(P))
Vi trf tuong 464 gitia puaM(ni,) »d(I;A)=R<> A tiép xtic v6i miit cau (8) tai 1 di€m
42 | dwong thang va mgt : obep:h = (ayayia ) Khi d6 ta A duoc goi la tidp tuyén.
ciin Piu=\02%) T 4(1;A)> Re> A khong cit mét cau (S)
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bankinl: R
Tinh d(I;4)=?

(xem lai 33)

(S _{mm : I(a; b;c)

> d(I; A)< Res A cit mijt cau (S) tai hai diém phén
biét A, B tao thanh diy cung AB

Hinh chiéu ciia 1

M chitit1én Ox => M'(x;0;0)

43 | diéin Ién cdc truc M(xp5ypiz ) M chitit lén Oy = M'(0;y,;0)
toa 46 M chititlén Oz = M'(0;0;z,,)
Hinli chidh ciia 1 M chiéu lén (Oxy) =M (xM PYmi O)
44 | diéin 1én mot mat M(:cM;yM;zM) M chidi Ién (O.VZ):’M(O".‘/M;ZM)
phing toa 49 M chidit lén (Oxz)=> M (X3 yp:0)
‘ . Hea (1)
Goi H la hinh chigu ciaM 1én A = MH LA (2)
Hinh chiéu ciia 1 M (% Ypai2 )
44 | didin len mot dwomg o[ AGyz) Tir (1) suy ra H(x; +at; y; +bt; z; +ct)
th(’fng ' vtcp:ﬁ:(n;b;c) Suy ra m:(xl-bnt—x,w;xz +bl—}/M;x3 +ct——zM)
Tir (2) = MHu, =0=> E=t, = H(2%7)
Goi H 14 hinh chiéu ctia M lén (P)
MH 1(P) (1)
=
H=MHA(P) (2)
x=xp +at
Tir (1) —2HL00M L, pp Ly =y, +bE
sz,xh cfxieu cia 1 M("M" Yniz M) z=zp +ct
46 | diéin 1én mot mat
phing (bt ki) (P):ax+by+cz+d=0 | suyra H(xpg +at; ypg + bt 2p +ct)
Laicé He(P)=>..=t=t, = H(?,%7)
St dung cong thirc gidi nhanh:
H(xpg +aty; ypg +bt,; 20 +ct)
Véi 1, =_[A.YM +Bypy +Czpq +DJ
A%+ B2 +C2
Kiém tra dn\(P)={M} hay d//(P) (xem lai 39)
> TH1: dn(P):{M}, chon thém 1 digm N ed (xem lgi
Viét phiwong trinh R quaA(xy;y:z,) 27)
W ht‘ﬂ\h chiéx! cxiaﬂmét ovtep:u =(a;b;c) Tim hinh chigu H ciin N 1én (P) (xem lai 46)
dudng thdng' lén (P) tbyczad=0 Phurong trinh hinh chidi qua M va N
4] ¥ : V = s .
ot mit phang mryre > TH2: d//(P), chon thém 1 digm N ed (xem lgi 27)
Tim hinh chiéu H efia N 1én (P) (xem lgi 46)
Viét phuong trinh hinh chity qua N va I/ véi d
N la digim d67 xitng cita M qua truc Ox
. = N(¥p1i=Yn1i=2y1)
B iém doi xing ciia P Ia digin 461 xitng ciia M qua tryc Oy
48 | diéim qua mot truc M(xM;yM;zM)

toa dé

= P~y Ypri=2y )

Q Ia digin A1 xitng ciia M qua truc Oz
= Q(=Xpi~Yarizy)
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Diéin 461 xiing cila

N la digm d6i xirng clia M qua tryc Oxy
= N5 Yars—2m)
P 1a diém 461 xitng ciia M qua truc Oyz

49 dié'ln quuméfmét M(xM;yM;zM) :’N(“xM?}/M?ZM)
phang toa 46 Lo ;
Q la digm d6% ximg cia M qua truc Oxz
:N(xM;-yM;zM)
Diém d6i xing ciia M (% 13 Yna ZM) Goi N la diém d61 xitng clia M qua A
50 | diéin qua mot duong quaA xl, jl, Tim toa dg diém H 1a hinh chiéu cia M 1én A (xemt 44)
thing A otep: = (a;;c) Khi dé H 1i trung digin MN
Didin ddi xiing cia | M (x5 yniiZ ) Goi N I diém i xitng ctia M qua (P)
' ~ w M ’ MI M \? \ by Az L A
51 | dién qua mét mat (P) by +cz+d =0 Tim toa df ditn H 1d hinh chiéu ciia M 1én (P) (xent 45)
phing Khi d6 H 1a trung digm MN
» THL: An(P)={M} , chon1diém N e A (xem Igi 27),
Viét phuong trinh tim difm N’ d6i xting ctia N qua (P) (xem lgi 51)
dudng thing 14 467 | . {" uaA(31i%1i21) | ki @6 dudng thing  cin tim chinh 13 MN"
52 | xiing ciia mot dudng vtep s u = (w;b;c) » TH2: A//(P), chon1diém N e A (xent Igi 27), tim
th‘f"g:f“" quamot | (p):ax+by+cz+d=0 | diém N’ d8i xting ca N qua (P) (xem Igi 51) '
mit phang Khi d6 dudng thing d can tim qua N’ va song song v6i
A
> TH1: (P)n\(Q)=A (xem lai 37)
B1: Tim M, N 13 hai diém chung ctia (P) va (Q) (xem lai
30).
B2: Chon mdt diém I & (P)(xem lai 28)
Viét phitong trinh B3: Tim diém I' 1a di xtmg ctia I qua (Q) (xem lai 51)
mit phang {“ dof (P):ax+by+cz+d=0 | B4 Mit phéng can tim qua 3 di€m M, N, I
53 x;:‘l:g cita mot]tm,ltvt (Q):ex+ fy+ga+h=0 > TH2: (P)//(Q) (xem lgi 37)
phing qua mit mg
phing Bl: Chon mét diém [ (P) (xem lai 28)
B2: Tim diém I 14 d8i xting ctia I qua (Q) (xem lai 51)
B3: Mit phéng cdn tim qua I va song song (P)
> TH3: (P) L(Q) (xem lai 37)
Phueong trinh 481 xieng ciia (P) qua (Q) caing chinh Ia (P)
Viét phuong trinh | quaA(%i:;21) | B1: Tum diém I' 465 xing ciia 1 qua dudng A (vem loi
"’"-‘t C“A“ la d”“ f‘“ng vicp : 1= (g;b;c) 50)
54 | cda mgAtmt,ivtcau\ tam'I(a-b’c) e ren [tami I
qua mt mdt duong | (s).3 0 B2: KR d6 (8'):1 kit R = R
thing ban kinh : R R E
B1: Tim didm I’ d8i xtng ctia I qua dudng (P) (xem lgi
Viét phuong trink (P):ax+by+cz+d=0 |, 1
% 'Z:fﬁ?o'i zaﬁaﬁ‘"g (s): tam: 1(a;b;c) B2: Khi d6 (5'): {tam 2
qua mbt m;.it phing " {bankink : R . " (bankink: R'=R
Viét phuong trinh
it Zhﬁngihd’n 3 A(#;0;0)=(P)nOx
56 | truc toa 40 khi di Cho G(xG;yG;ZG) Ta cb B(O; b; 0) = (P)r\Oy va G latrong tam AABC
qua diéin ddc biét C (O; 0; C) = (P) ~Oz
(trong tdm)
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a=3xg

= b=3yG:>(ABC):§L+§-1-J——+§—I—J~—=1 (xent lgi
c=3z Yc _OYc 9%
=3z

25)

Viét phueong trinh

Céch 1: gidi ty ludn (xin dinh cho ban doc)

mdt phing chdn 3 Cdch 2: ditng cdng thire giai nhanh (phiin ¢/m danh
57 | tmctoadgkhidi | Cho H(xyiyy:zy) cho ban)
qua diém dic bigt - .2 2 2
(tryc tim) KP )i xuxynyrmz=xd tyt 2y
A(;0;0)=(P)nOx
Ta ¢ B(O; b; 0)=(P)r\0y va I la tdm ngoai tiép
Viék phrong trinh Y .
miit phing chin 3 C(0:0:¢)=(P)n0=
tric toa d¢ khi di AABC
: it Cho I{x;;y,;
58 qua diém dic biét © (x, i z,) 2 2
(tdm duong tron Al =8 a=1?
ngoaqi tiép) Khi dé: { AI* =CI? =1b=7?
' Yr .z c=7
Eas =1
a b
Vlc”'tpht‘rmtg trinh A(xA;yA;zA) , . o . |qua Ila trung diem AB
59 | mdt phang trung Y Tacd (P) la mp can tim thoa Y
truc clia mot doan (xB’yB’zB) vipt i =A
B1: 1= [;, 5] cling chinh 1a vicp cita dudng thing qua
2 A% ~ qllaM xl’/llzl)
Viét phtm'ng trinh dl do;‘\n vu(‘)ng go’c chung A
doan vudng géc vhcp = (miagia;) — =
60 X d, c( ) Ty =[n; v]
chx'mg ctia 2 dwong quuN xz,/z,zz) B2: Viét pt (a): =
thing chéo nhau, dL(a) |Ne dy = Ne(a)
vtcp v= (bl,bz, )
B3: Tim A=d, m(a):sAeA
il
‘I“”M xl Y12q) cos(d;;d,) =}cos(u; v)l =——= (Cling loai 1a Cos)
Cédc bai todn lién foP = "1 Y “3) |quI
quan dén géc giita qunN Iq,JZ, 2) n n
61 | dudng va duong, cos[(P);(Q)] lcos np; g | (Citng loai 1a
dubng va mat, mgt *lotep:0- (b1:ba3bs) ln Pl {nQ!
va mit (P):ax+by+cz+d=0 | Cos)
Q):ex+ fy+gz+h= 1. n—
(Qrext gz sin[dl; (P) ] }cos (u n,, ‘ II ”_“ (khéc loai 14 sin)
u,
MOT SO DANG TOAN VIET PHUONG TRINH MAT PHANG
€O sU DUNG PEN TiCH cO HUONG.
qua A(hoac qua B hoac qua C)
Cach1: (P
dch1: (P):1 n=[4B;4c]
, A (fo‘ Yarza )
62 (P) di qua ba diémn B (x iz ) Cich 2: Goi phwong trinh (P):ax+by+cz+d=0
Khéng thing hang BrIB'B
C(xc;yc;zc) AE(P) ax, +by, +cz, +d=0 a=?
Be(P) = {axg +byg +czy +d=0 —=L 5 lp =2
Ce(P) axe +bye +cze +d=0 c=?
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(P) qua mot diéin vd

A(x4iYai24)
(Q):ax+by+cz+d=0

qua A {qua A

ctia hai mit phing

64 | vudng géc vii 2 mit (P):4(P)L(Q)= .
ng 8 ‘ n-—[u ,nR]
phing (@va ®) | (R):ex+fy+gz+h=0 (P)L(R) 9
Alxa:¥a524)
(P) qua mot diém va 4, qua M‘(x1 hiz1) qua A qua A
65 songsong,véiZ UtCP"‘=(“1i”2i“3) (P): (P)//d1:> ,‘:[{4{;]
dudng thing khéc , quaN (xy;y:2,) (P)!1d,
2 vicp:v = (bl;bz;b3)
(P) qua hai diéin v A(xaiyaiz4) qua A,B i —/L(hny ua ) qua A (hay qua B)
66 | vndng géc véi mét B(xp;ypizp) (P): (P)_L(Q)=> nl AB = 1—1—[72@]
mt phang khic (Q):ax+by+cz+d=0 nlng e
(P) qua hai diéin va Cho toa do A vi B i A (hay qua B) qua A (hay qua B)
67 | song song voi mt A qua M~(x1; V1:2y) { //A :> nLAB = - _[;; :(B}
duong thti’ng khdc viepiu= (a1 ;45 a3) nlu B
AlxgiYai
(P) qua mét diém va (AA Ya ZA) qua A qua 4 (haj qua M) qua A (hay qua M)
68 | chita mgt duwomg L M (xl, ¥1:21) )= in LAM =1 [;‘ m]
thang khéc vtcp: 0= (‘11/“2/“3) meA nlu '
uaM(xy;14:2
(P) chita mot dwimg | d; {q (imiza) Med =Me(P)
69 thing va song song vtcp:u=(a1;a2;a3) ___> s - qua IYI_
7161: mot duong quaN (x; Y2 5) d2 //(P L n= [u, v]
thing khdc ) - v
vkepiv= (bl;bz;b3)
(P) chtta mgt duong uaM(x1;Yy:2 MeA=>Me(P
e o ouimg g | 814 ac(P) qua
70 thf“&’:"“ vuong goc ’ vtepu=(ag;a,;85)| (P): =inly = -
v6i mdt mit phing (QL(P) " |- — n= [u, nQ]
khic (Q):ax+by+cz+d=0 nlng
MOT SO DANG TOAN VIET PHUONG TRINH DUONG THANG
CO LIEN QUAN DEN TICH CO HUONG
A(xA}yA/'zA) N
(d) di qua Mva qu A/{(xl;yl;z 1) Aed |qua A qua A
71 vuénggo’cvé'ihai vtcp:u=(u1;n2;a3) d: dld»l:} le .Lu:> " _[;.;J
Y 2 - d 4
duong thang khic. qua N(xz; Vo2 2) dld uy L v
2 vtep 10 = (bysbgsbs)
(d) di gua M, song "Ar Yai ZA) A
song voi nAujt phang N qua M 11/ iz 1) , ;& € Z qual 1 quu A
72 ((%)' va vubng goc vlop i (ag;a5305) Hdla = Uy Lu = i = [;l, ;1-(-2-]
v6i dudng thing 172503 aiQ) |uy L o
khdc. (Q):ax+by+cz+d=0
. » Q):ax+by+cz+d=0
s | @Bgiaotuyin | ( ; B1L: tim M 14 diém chung cita (P) vi (Q) (xem lai 30)

(R tex+ fy+gz+h=0
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Med quaM
B2: 4: dc(Q)=:> ud J_r-t_am

dc( )

uy = [”Q'"R]

{qua M

u,, Lng

B1: Tim giao diém I cia & va (Q) (Ied) (xemlai29)

(d) ndm trong mgt A quaM(x,;y,;z1 )
” pltifrzg (P), ca’t.‘ vd : viep:n =("15"2;"3) Ted qua I___ qua I
vubng géc véi B2 d:idc(Q)={u, iy .LnQ P [T;]
dwdmg thing khdc. | (Q):ax+by+cz+d=0 dLlA g Lu oL
MOT SO DANG TOAN VIET PHUONG TRINH DUONG THANG
CO LIEN QUAN DEN THAM S6 HOA TOA PO (KHI DPUSNG THANG CAT 1 PUONG THANG
KHACQ)
A(x";y/‘;z/‘ ) B1:Liy Bed,Ce d, c6 toa df théa phwong trinh
() qua mot didin va {’7”” M("l' 1:21) | tham s8 cia dy, d, . (hai tham s§ £;;t,)
75 cxi't’lmi duwong thing viepi=(ay;a,; %) | B2: MN qua Anén AB, AC ciing phuwong (xem Iai 7,
khde [N (riiz) | gidi i dwge b3, = B,C
*lotep:v= (bysby;by) | B3: Vi€t phwong trinh d qua 2 diém B va C.
{‘l"“ M(xp; 52, ) |81 Liy Bed;,Ced,cé toa dd théa phuong trinh
(d) song song dy v6i vhep: = "1:“2:”3) tham s clia d;,d, . (hai tham s8 tiity) ‘
7% mét dudng thing va {‘I"“N XiY5i2,) B2: Do BC//d, nén BC, @; cung phuong (xem lai
Ii[lfti’mi d:&ng thang vtepiv = bvbz'ba) 7), gidi tim dwgc t;t, = B,C
hde d,, ,
oty qual’ xalj3,Z3 B3: Viét phwong trinh d (song song d,, hoic qua B
*lotep :w = (ciiczics) | hodc qua C)
(@) qua mgt d"éi’”r A(xAl./A'zA B1: Ly M e A (¢ toa d6 thoa pttham s ctia A )
vubng géc va cdt . d= AMi=0=t=2= M(2:2:2
7 mét dwomg thing A: qurzM x" hiz1) | Bx AMLd=AMu=0=t=1= ( rhe )
khic. vicp iu= (a;a5503) | B3: Vigt phuong trinh d qua 2 diém M va A,
, quaM ‘f1, vz ) B1:Ldy Bed,;,Ced,c6 toa 46 théa phuong trinh tham
5§ ¢l 1ty . (hai th G st
(d) vubng géc véi “otep = (ag:04;05) st clia dy, d; - (hai 1am_s_o 1 2)
mot mit phing va B2: Do BC L(P) nén BC, i, ciing phuong (xem lai
& cit hai durdmg thing {WMN %2i%i%2)
, glai tim duwoc ¢;¢, = B,C
Khdc. vtep v = (by;by;by ) 7 glw 1 2 L — — 5
P) axby+cz+d=0 B3: Viét phuong trinh d (c6 1y =np, , hodc qua B hogic
qua C)
qunM Xiizq)
(d) ndm trong mot vtcp = (250 ,; a3)
g | métphing va cit qua(x ) BL: Tim giao diém {B} =4, ~(P)va {C} =4, n(P)
hai dwong thing dz{ 272 B2: Khi d6 dudng thing d qua 2 difm B va C
Khic. vtep 10 = (byb,30, )
rax+by+cz+d=0
MOT SO DANG VIﬁT PHUONG TRINH DPUONG THANG PAC BIET TRONG TAM GIAC
80 Viét phuong trinh Cho toa d§ 3 dinh Goi M la trung diém BC = M(?; ?;?)
dudmg trung tuyéin A(XA; Yo,z A) Viét phurong trinh dudmg thing AM
81 Viét phirong trinh B(x5;pi25) BL: Tinh 7,5 = [zﬁ, ZE}
duong cao Cxycizc)

B2: Goi AH la dudng cao cia AABC
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Viét phuong trinh

Ta cé
AH < (ABC) _ [upy Ltigpe  — r—— ==
{AHLBC :{EELEE =t = Masc 5]

B3: AH qua Anhén u,,, lam vtcp.

BL: Tinh 745¢ =| AB; AC | va M1a trung diém BC
B2: Goi d 1a dudng trung truc clia BC

82 duong trung tryc Taco d<(ABC) = + Masc Z = [nABC;EE]
d 1 BC uy L BC
B3: d qua M nhén ;t—d‘ lam vtcp.
i __ac
B1: Tinh AB; ACvatinh ¢ = -—4[2- e, =—= la cic
48| Jac|
83 Viét phuwong trinh vecto don vi ctia dwong AB, AC.
. duong phin gide B2: Khi d6 ¢ = a+;; 1a vtep clia dudng phén gidc
£BAC
B3: d qua A va nhén ¢ lam vicp.
MOT SO DANG VIET PHUONG TRINH MAT CAU THUONG GAP
gy | Mat ciu (5) c6 tam Tim 1(a;b;c) Ae(S):alA:Rz(x~a)2 +(y—b)2+(y—c)2 =R?
vddiqualdié’m A(xA;yA;ZA)
- i B1: tinh I 13 trung di€ém AB va d6 dai AB=7?
Mgt casn (8) nhign A(x4:Y452 4) B2: Do mit diu (S) nhan AB lam dudng kinh
85 | mit doan lam B(x g )
dudmg Kiih, 5/Ypi%s =(5) 6 timlalva R= ﬁ‘-zﬁ .
Mit cin (5) c6 tam | 1 1(wbic) B1: do (P) tiép xic (S)=> R=d(I;(P)) (xemlai 32)
86 | va tiép xifc vGi mjt (P):ax+by+cz+d=0 » e o
mit phing B2: Viét pt mét cdu co tam I(a; b; c), ban kinh R.
Cho toa d§ 4 diém Goi pt miit cau (S): 22 +y? +2° ~2ax—2by~2cz +d =0
. ) AxaiYaiza) Ae(S) (g=2
87 z'fg;;cuu (S) diqua 4 B(xB;yB;ZB) Be(S) h=? I(a;b; c)
C(xc?yc?zc) Ce(S) |e=? |R=va?+b?*+*-d
D(%p;¥pizp) [De(s) 1@=?
A( ) Goi pt mét cau (S):xz+y2+z2 ~2ax~2by~2cz+d=0
N X402
Mt ciu (S) di qua 3 aryarza 'AE(S) a=?
g | dicinvi 6 tim B(xp;Ypi2p) Be(s) |oor  [1wbie)
thude mot mdt C(x.;yeize) € b=?_ [P\
phing bit kg (P):ax+by+cz+d=0 Ce(s) "|e=7  |R=Aa?+b? +c* ~d
4 Ie(p) d=?
1=(?)
s A(xp5y452 a) B1: tham s8 héa toa d tam I theo dudng théng A
Mgt ciau (S) di qua i (tham s6 t)
g | 2tidmi tam thuge | 12 (xp:¥pizp) Ae(s)
ot dudng thing A {q”aM(xl;yl;zl) B2: do {BE(S) = R? = AI? = BI? :>t=?=>1(?;?;?)
bit kj g
vicp:u =(n;023) B3: Viet pt mét ciu (S) c6 Iva R
% Mgt ciu (S) di qua 1 A% Yai%4) B1: tham s8 héa toa db tAm I theo dudng thing A

diéin, cé tdm thudc

(tham s6 t)
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Nhém Todn hoc 3K: Thity Phong - thity Tudn - thily Nhin - thiy Kha - thiy Ding ~ thily Cuong

biit ky va tiep xiic '

mdt didmg thing {,,,,,,1\4(3\.1’.y1 iz1)
Vi mdt mit phing

vlcp:&:(nl;az;naj

(P):ax+by+cz+d=0

B2: do
Ae(S) IA=R
=
(P)tiep xuc(S) " |R=d(L;(P))
Gidi phuong trinh trén tim t=?=1 (?; ?;?)
B3: Vit pt mdt ¢iu (S) cé Tva R.

& AI* =& [1;(P)]

Bl: tham s héa diém M theo dutmg A (tham s&'t)

Miit ciin (S) c6 tam, | tam I(a;b;c) Goi r 12 ban kinh dudng tron giao tuyén,
bj cdt bdi mét mat . _ S =nr?
hi (P)iax+by+cz+d=0 | gy, ynp d(1;(P))=7 (xem lai 32) va tir =r=?
91 | Phang theo giao o p=2nr
tuyén Ia duomg tron (C)i c6 dién tich S 2 )
¢6 dién tich (hodc (hodc chu vi p) B2: Tacd R =d (I,'(P))-H‘ =>R=?
chu vi) B3: Vit pt mdt i (S) c6 Tva R.
tim 1 (n; b; c)
Mt ciin (S) fé tim, qua M (v 352, ) B1: tinh d(I;A) (vent Ini 33)
97 | cdt boi mot A: otep e (i 2 o AB?
dudmg thing tai hai piu=(;02;03) | B2 Ta o R? =d (I;A)+TaR=?
diéin phén bigt {4;B}=an(5) B3: Viét pt mdt ciu (S)cé Iva R.
AB=k
MOT SO DANG TOAN LIEN QUAN PEN CUC TRI TRONG OXYZ
B1: xét vj tri twong déi gitta A, B véi mit phing (P)
Cho (P):ax+by+cz+d=0 vihaidigm A, B | Goi g(x;y;z)=ax+by+cz+d
Tim Me(P)—2s(MA+MB) *8(%ai¥aiz4)8(¥ ni¥pizp)>0: A va B ciing phia so
A véi (P)
™ og(xA;yA;zA}.g(xn;yB;zB)<O: A va B trdi phia so
TN véi (P)
i e’ TH1: A va B tréi phia so vdi (P)
93 \\ ; Véi moi
- Me(P):MA+MB>AB=(MA+MB) = AB
e ,?'-\ =M, A,B thing hang hay M= ABn(P)
- M,,j TN (viét plurong trinlt AB va tim giao diéin AB va (P))
S TH2: A va B ciing phia so véi (P)
\ \ B2.1: Tim B’ 14 d6i xtmg ctia B qua (P) (xem lai 51)
v B2.2: véi moi M e(P): MA+MB=MA+MB'> AB
=(MA+MB') = AB' (tuong tw TH1)
B1: xét vi trf twong déi gitta A, B véi mit phang (P)
TH1: A va B cing phia so vdi (P)
Véi moi
Me(P):|MA-MB|< AB=>|MA-MB| = AB
Cho (P):ax+by+cz+d =0 vi hai digm A, B . max
o4 i " = M, A, B thang hang hay M = AB(P)
Tim Me (P)--L.._>|MA ~MB max (viét plueang trinh AB va tim giao dién AB vd (P))
A TH2: A va B tréi phia so véi (P)
B2.1: Tim B’ 1a d6i xting ctia B qua (P) (xem lai 51)
B2.2: véi moi M (P):|MA—~MB|=|MA-MB|< AB’
=|MA-MB'|= AB' (twong tu THI)
95 | Cho A :{q"" Mo(iviza) o i AB

vtcp:u=(a1;n2;a3
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Nhém Todn hoc 3K: Thiy Phong - thiy Tudn - thily Nhin — thiy Kha ~ thiy Ding - thity Cwong

Tim M e A—Y (MA+MB)

mn

MA+MB=\/;’_(.{5+\/§G;

B2: bidu dién

vd hai diém A, B

Cho A- quaM“(xl;yl;zl)
vtcp:u=(a1;az;a3

Maa - vp|= 7 (5)- g (1)
F(£)=(at+b) +c* bat {%:(aub;c)
() =(es S o li=(ere i)

Bién déi

96 B3: St dung bt ding thirc vecto l::l-—lEl < |E+l;l < I;1+|51
Tim MeA—Y2|MA-MB|__ -
B4: Du bing xay ra khi va chi khi a cing phuong
be>TkeR :a=kb hay mdt trong hai vecto bing 0 .
ua M, (% y1:24) B1: tham s&8 héa diém M theo dudng A (tham s&'t)
Cho A+ oV IVE i i digin 4, B - A : ’
Notep = (a0, ’ B2: bi€u dién P(t)=mMA? +n.MB? theo tham so't.
9 ) B3: ding phuong phép khao sat ham s& im minP
Tim MeA—Y2sPomMAZ +n.MB? fin | poge midp PP |
min P (hay max P) v8i m,n<R. Luew y: c6 ¢he xem lai cdch lam ciia dang 100.
Goi I(x;;yy;2;) la digm thoa min
— nne R — - " e —
e A e , IA IA, +... IA, =0 a.IA; =0. Khi do:
“Cho n diém A; (i=1,2,..,1) v n s§'thuc a; . e R R oié i
Tint foa d§ dién M trén dwdong thing 2"; . ] R . o
. S=1) a, MA | =|a (Ml +IA)) +a, (Ml +IA) ) +..+a (MI+IA,)
M e " i i 1 1 2 2 n "
% a:d™ _'.’(xl hiz1) saocho S=|> 0;MA; i=1
vtcp:u:(a1;u2;a3 i=1 noo_ .
dat gid tri nho nhit. =$= E 4 MI| = min$ & Ml
Khi d6 M 1a Ininh chigu ctia I Ién dwong thing A . (xem lgi
)
Goi I(x;;y;;2;) 1a diéin thoa man
— _— . —
, . , IA IA, +..+a,IA, =0 A, =0, Khi dé:
“ Cho n diém A; (i=1,2,..,1) vins6'thyc a; . Sk N aylAy =0 g;‘a‘ ! 1
Tim toa dj dism M thudc mdt phing 0o L L o
99 " S =3 0, MA = oy (VI + &)+ 0 (VT + A ) +... 40, (MI +TA,)
(P):ax+by+cz+d=0 sao cho S =\ a MA; i=1
i=1 noo__
dgt gid trj nhd nhit. =5= ‘_Zl“i Ml|= min§ & My,
Khi d6 M 1d hinh chigy ciia 1 1én mdt phing (P) . (xem lgi
45)
Goi H(x;;y52;) la diém théa man
—_— .l .
a, HA, +a, HA, +..+a,HA, =0 Y a;HA; =0.
“ Cho n dight Ay (i =1,2,...,11) vin s5'thyec a; . ) , =
—_—2 e (2
Tim ton d§ dichs M Hiugc miit chu Kni 46:5 =y, (MA]) = Y, (MH + HA,)
100 i=1 i=1

tam 1{a;b;c) n 2
S): ho S = MA* dat
%) {ban ki R 700 5= LmMAS do

gid tri nhé nhat.

" n . ‘
§=Ya,MH? +) a,HA? . Do 46 min§ <> MH_ ;.
i=1 i=1
const
Khi 46 M, H, I thing hing hay {M,; M, }=IH~(S) (tm
giao diém giita dwong thing va mit ciu xem lgi 31) .
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Nhém Todn hoc 3K: Thity Phong — thiy Tudn ~ thily Nhin — thiy Kha - thiy Ding - thily Cuomg

Gid sir HM; < MH, = MH,;,, = HM;

Cho mdt phing (Q):ax+by+cz+d=0, toa d§

hai digin A(x ;Y4524 ), B(x,_,;y,;;zn).

B

o /

— s izt phirong trinh dwong thing d théa . de(P)
101 d//(Q) B1: Viét phuong trinh mit phing (P) :
o (P)/1()
d(B;d) Iay d(B,'d) ) B?.: Tim H 1a hinh chiéu ctia B 1én mit phing (P). (xem
max min lai 46)
B3: Ké HK vudng géc d tai K = d(B;d)=BK
e TH1: ABHK vudng tai H ¢6
BK 2 BH = min BK = BH (khi d6 d di qua 2 diéin A va H).
o TH2: ABAK vudng tai K ¢4 BK < BA => max BK = BA
(ki 6 d vubng AB ey A=K vi 1y = ng; AB |
B |A
. M, (% Yy
Cho diromg thing A WAl (ivsizy) , ton
) rlicpzll=(a1;a2;a3)
46 hai digin A(x4;y4524), B(xp:yp52p). /(dA\kﬂ —
102 | __yebt it phieong trinh dwdng thing d thoa d
dLaA
Acd D it phang phy (P) 1<(P) (lam twong ty d
. . ung mat phang phu : am twong tu dang
d(Bd)  hay d(Bd) (P)LA
101).
Cho mdt ciiu (S) ¢d tdm I bin kinh R. Pigm A
thuge mit phing (P) vi nim trong mdt ciiu (S).
5 et plurong trinlt dwomg thing d Hhéa .
103 de ( P) B1: (P) cat (S) theo mét duwdng tron (C) ¢6 tam J ban
MN_ . kinh r.
Aed MN_, B2: Ta c6 M, N thudc (C). Goi H 12 trung diém MN
m

{M;N}=dn(s)

=JH LMN va MN =2HM
e TH1: AJAH vuéngtai Hnén JH<JA
SMNyy ©JH = JH=JA=>H=Ahay d L JA.

(khi 6 d c6 vtcp 1y =[mp;JA | )

e TH2: MN,_ . < MN=2r=d di qua2 diém Jvi A.
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Nhém Todn hoc 3K: Thidy Phong — thity Tudn - thily Nhin - thiiy Kha - thiy Ding - thity Cudng

Cho miit ciu (S) ¢ tém I bdn kinh R. Diéin A
niam trong mit ciu (S).

— Yty viet phuong trink mit phing (P) qua A

104 | ¢t (S) theo gino tuyén la mpt dudng tron c bin o L T
kinh nhé nhat (hay dién tch nho nhat, chu vinké | ® Goi ] 12 hinh chiéu vudng gbc ctia 1 1én mét phang (P)
nhdt). Suyra d(I;(P))=

e AIJA vubngtai[nén [J<IA
Ta cé: [R(c)] ol eof=IA=]=A
min
Kiidé JA L(P)=>np =1A
Tacé: A(a;0;0)=(P)nOx, B(0;5;0)=(P)nOy ,
C(O;O;c) =(P)ﬁOz véi a,b,c>0
Cho diém M(x{w;yM;zM) khong thudc cdc Ta (P):£+—y-+5 -1va
truc va mit phing toa 44, ab o<
——M—»viélpt miit phing (P) qua M vi cdt 3 Me(p):fﬁi.‘.yﬂ_,,,ﬂ’f.:l
tia Ox, Oy, Oz lin lugt tai A, B, C sao cho a b ¢
Vo.apc nho nhit Khi d6 ta c6 -M. M Ym | Zm >33’xM YmZm
a b c abe
105 :E_I_JE S 27 %01 Y2 eV 27%p1 Y Epm
6 6 6
27%51 . Ypg+
= minV =——x’—v’——g—’“—3ﬂkm va chi khi
o M _Ym _Zm 1
a b c 3
Do d6 phuong trinh mt phing s& c6 cong thixc la:
x y z
P SISO WU Swenps RpSRRENENEY
4 ( ) 3xpy 3Ym 3zy
Cho mit ciiu (5) tam I, bén kinh R vi phirong TH1L: (P)~(8)=(C) (cht theo dudng trdn giao tuyén
trmhbmqt phang (P). c6 tam J, ban kinh )
¥ Tim dighn M thugc (S) sao cho khodng d( M‘( P)) =M,]
cich tie M déi (P) & 16n nhdt (nhd nhat) Khi d6 ’ max z (xem hinh vé).
d(M;(P)) , =My] :
TH2: (L)N(S)={M,} (ti€p xitc tai 1 diém)
106 ! (xem hinh vé).

TH3: (Q)~(S)=2 (nim ngoai nhau)

o [a(mi(Q),,,, =H
Khi dé: { ( ( ))mm

Luu ¥: vige tim toa dp M xin danh cho ban doc.

(xem hinh vé).
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LOTNOI BAU
Nhu ching ta da biét, trong nhitng nim trd lai day, theo xu hwdng d6i méi Gido duc
toan dién, cing véi viéc tich hop hai ki thi T8t nghiép THPT va ki thi Tuyén sinh Dai Hoc -
Cao D%ng thanh ki thi THPT Qudc Gia, da dAn dén viéc dé thi cé tinh phén loai rat cao nhdm
muc dich thiee hién hai nhiém vy trén. Dc biét trong nam nay, véi hinh thikc thi thay déi tie
“trp luAn” sang “tréc nghiém” dan dén cach hoc ctia cdc em hoc Sinh ciing phai thay d&i.

Véi cac em hoc sinh, triee khi budce vao ki thi quan trong nay, viéc trai nghiém 90 phtt
qua céc d@ thi thir that sy 12 hét stic bd ich va quan trong. Boi qua d6, cac em sé rén luyén thém
cho minh nhiing ki néng can thiét, sy cht dong trong tdm ly phong thi, d6ng thoi nhan ra
duoc nhitng phan kién thikc con thi€u sot d€ kip thoi bd sung va dic biét duoc tiép cén voi cac
dang toan méi dinh hudng theo xu huwdng ra dé ctia B§ Gido Duc & Dao Tao. N&m bét va hidu
dugc nhitng nhu cau d6, nhém tac gia da day cong bién soan Quyén sach Bo dé thi thir nay
nhim hd tro cho gido vién va cac em hoc sinh ¢6 thém tai liéu tham khao.

Quyén sach duoc trinh bay gém 3 phan chinh nhw sau:

e Phin 1: Nhiing ditu cin luu i va phuong phép lam bai tric nghiém mon Todn: “Thit bai i c6
nguyén nhin, thinh cong phdi cé phwong phdp”. D€ cd thé' lam bai thit tot trong qud trinh on tdp, cic
em nén xem kij cdc phiin niy thong qua nhitng diéu nhom tdc gid lwu § va cdc phwong phdp hay ding
trong gidi bai tdp tric nghigm nhw phuong phép logi suy, phuong phép thit chon, phwong phdp
chudn héa sé'liéu, ...

e Phan 2: Tuyén tdp 15 dé thi thir minh hoa cho cic ban rén luyén, diém méi nhdt la trong hwing
ddin gidi chi tiét cdc cdu hoi clia 15 dé thi nay, chiing t6i déu cd chil diin déh viéc phdn tich cdc sai lim
tir cdc phuong dn nhiéu ciia nguoi lim.

e Phin 3: Tuyén tdp cdc bai hay —la — kho tie cic d2 thi thir clia cdc trieong trén cd nwede, cdc tap
chi Todn hoc uy tin, cdc group hoc tdp trén mang xd hoi nhdam muc dich én luyén sdu sit hon cho cic
ban c6 nguyén vong chinh phuc diéin 8 - 9 — 10 trong ki thi sip t6i

Trong qud trinh bién soan tai liéu nay, chiing t6i da tham khao nhiéu tai liéu khac nhau
vé cac chuyén dé nay. Nhan day, cho phép nhém tac gia duoc tran trong gii 101 cam on séu
séc dén Quy Thay C6. Ciing xin chan thanh cam on Thay H6 Loc Thuan (gido vién truong
Trung Hoc Thye Hanh Pai Hoc Su Pham Tp Hb Chi Minh) d3 tan tinh doc va gdép y cho quyén
sach.

Mic du chting t6i da rat can than, nghiém tic trong cac tinh toan va cdch trinh bay cua
minh nhung chéc chin khdng tranh dwgc nhimg thifu s6t nhat dinh. R4t mong nhén dwoc cac
y kién déng gop tir Quy ban doc d€ Quyén sach hoan thiént hon.

Thay mét cho Nhom tac gia
HUA LAM PHONG.



NHU'NG DPIEU CAN LUU Y KHI LAM BAI
TRAC NGHIEM MON TOAN

1. On tap ki trudc khi 1am bai.

Ban khong thé lam bai t6t néu ¢6 mot s§ kién thire & mot chuwong nao dé ban chura
vitng. Qua cac bai thi thir, ban ciing s& nhan ra dwoc minh c6 16 hng kién thic &
dau, t8c d giai bai tap nhanh hay cham va diém s6 thay d6i nhu thé nao qua timg
bai thi. Hay luu tdm dén viéc 6n that ky va chic kién thic trude khi lam bai.

2. Chuin bi d6 ding can thiét.

Ngoai nhitng vat dung ca nhan dugc mang vao phong thi theo quy dinh ctia Bd Gido duc va Pao tao, d&
1am bai thi trac nghiém thi thi sinh can chuan bi mang theo nhitng d6 diing can thiét sau day:

e 2 dén 3 cAy bat chi da got sdn (loai mém 2B hoidc 6B) dé but
nay géy thi con c6 bt khéc thay. D nhién di kém véi dé 1a dung
cu gébm d€ tdy, va do got but chi.

e 1 dén 2 cdy but bi cling loai d€ ghi thong tin cd nhan.

e 2 Méy tinh cam tay d€ c6 thé st dung linh hoat cling ltic hoic

phong khi gép sy cd véi mot may.

e Dong ho dé theo doi thoi gian lam bai.

3. Docluét qua mot lwgt dé thi.

Sau khi nhan dé thi, cac ban s& c6 khoadng 5 ~ 10 phut d& kidm tra ¢ xem ¢6 thidu sét hoiic thic mic gi
khéng. Hay tranh thii thoi gian nay d€ luét nhanh qua mot lugt dé thi. Sau khi doc liedt mot lugt xem
phén nao chic chin thi lam trude.

4. Can doc k¥ cau héi khi lam bai.

Nén gach chan cac y quan trong trong cau hoi. Trit cac cau chon khing dinh diing, sai thi dé bai lubn
gom 2 phén chinh la gia thiét va yéu cau bai toan. Khi doc d@ bai, cic em nén gach chan cac gia thiét
quan trong va xac dinh rd yéu cau cta bai todn 1a “tim”, “tinh”, “viét phuong trinh”, “giai”, “cé bao
nhiéu...” ,v,v... tit d6 dinh hudng hudng giai cho bai toan.

5. Khong nén dirng qua 1au cho mét ciu.

Céc ban nén lam theo tiing phan dé tranh bi bd sét, cdu nao

chwra lam dueoc thi danh déu lai, sau khi lam xong céc cau dé

thi quay lai hoan thanh nét nhitng ciu da bo qua. Lweu ¥, cac

cau tric nghiém diém la ngang nhau nén khéng nén tap trung

qué nhiéu thdi gian vao mdt cau. Hay tw ky luat véi ban théan,

néu mdt cdu ma qua 3 phat chua c6 hudng giai thi ta cho qua

va sé lam lai khi da giai dwgc cdc cdu con lai.

6. Phén chia thoi gian lam bai hep 1y.

Khi Iam bai, ta nén dwa ra mét chién lrge thdng minh nhw sau:
» Buéc 1 (&ng véi 30 phat dau tién): chi lam nhiing cau dé that su biét giai va giai nhanh ra dép 4n.
Thuodng céc cau hoi d6 sé tép trung & mitc d6 nhén biét va thong hifu, chua phai tinh todn qué phtic tap.
Véi thoi gian trén ta ¢6 thé hoan thanh tir 20 dén 25 cAu. Cac ban gidi c6 thé lam tir 25 dén 30 cau.
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> Bud6c 2 (eng voi 30 phiit tiép theo): day 1a khoang thoi gian rét quan trong quyét dinh “déu” hay
“rét” ctia ban. Can binh tinh tinh toén can than cdc cAu ¢ mic d van dung thip, chira phai that sy qua
kho, hay khéng c6 hudng giai quyét. Vi thoi gian trén, ta 6 thé hoan thanh tir 10 dén 15 cu nita.

> Budc cudi (feng véi 30 phit cudi ciing): day 1a khoang thoi gian cho nhitng nd lyc cudi cling ctia cac
ban. Thuong nhitng cdu con 1a nhitng cau & mic d0 van dung cao, ta c6 thé st dung linh hoat cac
phuong phap loai suy, thit chon. Trong trudng hop khong thé giai ra cdc cdu hoi d6 nhung van phai bat
budc chon mét trong 4 phuong an thi cic em ¢ thé thong keé lai cac phuong an da chon véi tling cau. Vi
du: ban Nam lam duoc 45 cAu trong d6 ¢6 13 cau chon A, 14 cdu chon B, 11 cdu chon C va 7 cau chon D

thi ban Nam c6 thé 5 cau con lai phuwong 4n D hét.

7. Té truc ti€p dap 4n vao phiéu tra 16i tric nghiém.
Lam dén cau ndo thi sinh diing bt chi t6 ludn vao phiéu tra 161 tng véi cau trdc nghiém d6. Khong nén
tra 101 vao gidy nhap hoc trén d@ thi r6i méi t6 vao phiéu tra 16, vi dé bi thiéu thoi gian hodc t6 nham
dép an. S thir tw cau tra 16i ma thi sinh t6 trén phiéu tra 10i phai tuong timg voi s8 thi ty cau trdc nghiém
trong d@ thi. Tranh trudng hop tra 161 cau trdc nghiém nay nhung t6 nhidm vao hang cta cau khac trong
phiéu tra 16i. Diéu nay rdt nguy hiém vi s& ddn dén cac ciu tra 10i trong phiéu sé sai hang loat.

8. Chi tb cac 6 tra 16i bing bt chi.

Duing btt chi t6 dam va 18p kin ca 6 tra 101, khong gach chéo hodc
d&nh d&u vao 6 dwoc chon. Trong nhiing trudng hop t6 nham

hodc thay d6i ddp 4n thi thi sinh diing tdy that sach 6 trad 16i cli @ ; p

va to vao 6 dap an minh lia chon. Khéng duoc t6 bat ¢t 6 nao
trong phiéu tré 161 tric nghiém bang bt muec, bt bi. Tranh tuyét
ddi viéc t& 2 6 tra 10i tré 1én cho mdt cau tréc nghiém. Trong

truong hop nay mdy s& khong chdm va cu dé sé khong c6 diém. Q

9. Tranh lam bai theo cich gidi te lusn. N\

R4t nhiéu hoc sinh (k€ ¢ cac em hoc sinh gioi) van lam dé toan theo kidu tw luan, nghia la doc xong
phén @& dan ctia cau hdi (twong tmg phan dé bai toan ty luén) da voi vang vao lam ngay. Khi giai ra dap
58 rdi méi so sanh véi 4 phuong 4n lwa chon A, B, C, D d€ xem cai nao tring khép thi chon. bay c6 thé
12 mot sai [Am, vi vy cdc ban nén thay d6i cach hoc tir “cham ma chéc” sang “nhanh ma chinh xac”.
Kinh nghiém cho thay ban cling c6 thé xem 4 phuong an 12 mét thong tin goi y cho ta tim ra 101 giai &
cau hoi. Vi vay ditng bo qua bat ki goi y nao ca.

10. Khéng nén thay déi lya chon khi da chon.

CAu nio khi da lya chon xong thi thdi, dimg thay ddi quyét dinh nhiéu Ian vi diéu nay lam giam s tw
tin vao tao nén sw do dy khong can thiét. Kinh nghiém cho thdy ring, nhitng quyét dinh du tién dé
ding hon cac quyét dinh ¢ diéu chinh.

11. Biét lya chon phwong phap giai mot cach thong minh dé c6 két qua nhanh.

Chiing ta thudng tw duy theo kiéu 18i mon, may méc cho 1 cach giai d6i v6i mét dang toan nao dé. bigu
nay khéng sai nhung né khéng that sy t6i wu khi lam bai tréc nghiém. Ty véo ting cach hoi ctia bai, ta
linh hoat str dung cach phiong phép giai khac nhau sao cho nhanh nhat tim ra ddp an.
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12. Nén tra 1oi hét t4t ca cac cdu hoi, khéng bé sot bat ky cau nao.
Né&u c6 vai cdu khong giai dugc va khong kip thoi gian lam bai thi ¢6 thé chon thir ngau nhién mdt trong
bon phuong an. Khi d6 ban s& ¢ 25% co hoi tra 161 dung cho cau hoi d6. Con néu dé tréng thi chic chén
cau hoi do khong cé diém.

13. Trong qua trinh lam bai, hay danh ra khoang 1 - 2 phat nghi ngoi.

R& rang 90 phut dau tri v6i dé thi, ndo cua ban phai hoat dong hét cdng sudt,
ddi mat c6 lic moi mét va déi tay ciing c6 ltc ra roi. Hay dimg lai it phut &€ co
thé& duoc xa b6t phan nao cang thing. Ban c6 the udng mot it nwdc loc dé gitp
co thé thay thoai mai hon. 75% co thé ta 1a nwdc ma va néo ciing can nudc d€
dan truyén hoat déng. Nhung ciing can luu y khéng nén uéng qua nhiéu.

14. Nén kiém tra, thir lai két qua sau khi lam.

Khi ban giai xong mot ciu thi truede hét nén kiém tra lai xem dap s6 d6 cd thda man cac yéu cau ctia bai
todn khong ? cé phit hop véi nhiing di kién ban dau ma dé bai dua ra khong ? DE thdy cd rat nhidu cau
ta hoan toan c6 thé thir lai bé“mg may tinh.



CAC PHUONG PHAP LAM BAI TRAC NGHIEM
MON TOAN
* “Phuong Phap Loai Suy” trong lam bai tric nghié¢m.

Khi lam bai tric nghiém, cdc ban khong chic chin vé mot ddp dn nao d6 thi 6 the s dung “phurong phdp logi

N ?t

trie”. Phéng dodn, logi trie khong cé nghia o ban dodn “bita” ma phdi dya trén nhitng dit lidu o6 trong bii vi bing
cde suy ludn mot cich logic, khoa hoc sé gilip ta ting khd ning lya chon dwoc ddp dn ding.

> Budc 1: diu tién, ligt ké cic ditu kién ma chi 6 6 ddp dn ding. Sip xép theo thir tw “dé kiém tra” dén “khé
kiém tra”

» Budc 2: Kiém chitng va logi trie cdc phwong dn diea theo cic digu kién di sip xép 6 buwdc 1 cho dén khi chi
con mot phuong dn va do chinh la ddp dn ding.
® Khi cdc cdc diéu kién dwgc néu qud “it 6i” chwa di 4¢ “dinh hinh” ddp dn thi khong nén sit dung phwong phdp
logi tri.
e Truong hop chi logi dwoc 2 phirong dn, thi ta c6 thé sit dung “phuong phip thit chon” mgt trong hai phuong
dn do. Néu théa min cdc diéu kién cia bai todn thi chon lam ddp dn va nguwoc lgi thi chon phwong dn con lgi lam

ddp dn.

Vi du 1. Trong khong khéng gian v6i hé toa d6 Oxyz, cho hai diém A(B; —5;2) va B(~1; 1;4). Viét

phuong trinh mat phing qua A va vuéng gbc véi AB.
A. 2x+3y+z=17. B. 2x-3y-z=19. C 2x+3y+z=-7 . D. 2x-3y-z=9.

Huéng din: d4u tién ta thay chi c6 duy nhdt mdt mit phing (P) thoa mén yéu cau dé bai va né phai dap
tng dong thoi 2 didu kién sau:

1. Mt phing (P) qua diém A ——> thay toa d0 A vao cac phuwong 4n dé thir .

2. AB 1a mét vecto phép tuyén E; ctia (P) —> AB cliing phuong véi n, —> dung day ti s6 toa d6
béng nhau &€ thre.

Nhin xét: d&u hiéu 1, d& ki€m tra hon nén wru tién thiee hién truedce (loai phwong d4n A va D)

Theo d4u hidu 2, ta c6 AB = (—4; 6;2) = —2(2; -3;——1) (loai phuong an C). Chon B.

-
I

|~ /' \

x M oA . 2 z Ay A A . 7 2 -~ A M A A by B
Huéng dan: dau tién ta thay chi c6 duy nhdt mét d6 thi trong 4 phuong an thoa man yéu cau dé bai va

né phai dap ting dong thoi 2 diéu kién sau:

1. Ham s8 ¢6 thp xac dinh x e R va a>1= y=4a" >0 ——> phan d6 thi ndo cé y <0 bi loai.
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2. Ham 6 ¢ a > 1 nén la ham dong bién trén B —— ding dao ham ctia ham mii dé kiém tra hodc gia

str 156 a bat ky thoa a > 1 d€ kiém tra.
Nhén xét: dau hiéu 1, dé kiém tra hon nén wu tién thue hién trude (loai phuong 4n A va B)

Theo ddu hiéu 2, ta cd y'=a*Ina >0 (do a > 1) (loai phwong 4n D). Chon C.

2
Vi du 3. Cho tich phan I = J' x(1-x)*dx vadat t=1-x.Chon khéng dinh diing?
1
0

-1 2 0
A 1= [ (1-ty'dt B. I =—[(1-ptdt C.I=[(1-ttde D. I=-{ (1-t)tdt.
1 1

-1 -1

Hudng din: dau tién ta thay chi c6 duy nhét mot biéu thirc trong 4 phuong 4n thoa man yéu cau dé bai

vané phai dap ting dong thoi céc diéu kién sau:

1. Hai can cta tich phdn méi thay d6i thoa t =1-x —> thay cin d€ kiém tra.

2. Két qua cua hai tich phan sau hai phép d8i bién la bing nhau —— st dung méy tinh cdm tay d&

kiém tra.
3. f(x)=f(t) théng qua phép ddi bién ¢ =1-x — thay vao dé kiém tra.
Nhdn xét: dduhiéu 1, tacod x=1=+t=0, x=2=t=-1 (loai phuong an A va B)

Theo ddu hiéu2va3, tacd I= Ix(l x) dx=1I= _[(1 t)f dt. Chon C.
-1

Vi du 4. (D& minh hoa B6 GD&DPT Ian 2) Cho ham s6 y = ax3 +bx? +cx +d c6 db thi nhu hinh vé .

Ménh dé nao dudi day ding ?

,,,,, A

W7
VN

A. a<0,b>0,c>0,d<0. B. 4<0,b<0,c>0,d<0.
C. u>0b<00<0d>0 D. 2a<0,b>0,c<0,d<0.

Huéng din: quan sat dang diéu cta drong cong db thi hinh vé ta thy 4 <0 (loai C).
Hay d06 thi cit truc tung tai diém c6 tung d6 Am = y( ) =d <0 (loai C).

Db thi c6 hai diém cuc tri ¢6 hoanh dd tréi dau => ac < 0—=2 ¢ >0 (loai D).

Nhén xét hoanh d¢ cuc tidu 1én hon -1 va hoanh d6 cuc dai I6n hon 1. Do d6 ta c6 tong hoanh d ctia

2 cye tri duong = S = xer +Xcp = ~E >0—2% 5550 (loai B). Chon A
a
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Vi du 5. Trong khong gian v6i hé toa d6 Oxyz, cho tir dién déu S.ABC 6 toa d0 cac dinh1a A (3; -3; 1) ,
B(0;0;1), C(0;-3;4) va 5(3;0;4). Biét riing hinh chop S.ABC ngoai tiép mit cau (R). Viét phuong trinh

mét cAu (R)
A () (x-3) (2] +[-2) 2. B.(0):(-1 ) +[v+2) +(:-2) -2
C. (R):_[x-%j +(y+%) J{z—%} =%. D.(R):(x—%) +(y+—i—j +[z~%} :%.

Htmng din: d4u tién ta thdy chi c6 duy nhdt m6t phuong trinh trong 4 phuong én thoa man yéu cau dé
bai va n6 phai dép tng dong thoi cac diéu kién sau:
1. Mijt cau khodng di qua toa d6 céc dinh ctia hinh chdp (SABC) (rét nhiéu ban s& nhdm 14n véi mat cau
ngoai tiép khoi chép do doc khong ki d&) —— thay toa d6 céc dinh vao d€ kiém tra.

2. Mt cau tiép xtic vdi cac mit ctia hinh chép ——> viét nhanh phirong trinh cac mét va kiém tra diéu
kién tiép xtuc.

Nhan xét: ta c6 toa dd di€m B thudc mdt ciu (R) & phurong dn A (logi A)

JAE(ABC) 3a-3b+c=—d a=1
Mat khéc: ta co ( ) —d B BN b:1:>(ABC):x+y+z—1=()
l (ABC) -3b+4c-——d c=1

Tucmgtu:tacc’)(AB) x+y—-z-1=0

r=d(I;(ABC))=

I\J'%‘N|&

Kiém tra ta thay chi c6 phuong an C théa méan. Chon C.
r=d(I;(SAB))=
2
Cdch khéc: Chiéu cao h tz dién déula V = 3 AB4\/— AB;:/E =7r= % = %

”

Luwu ¥: ta thiy ring viéc sie dung “phueong phip logi suy” so v6i cich lam ty lugn ciing ton rdt “nhiéu thoi gian

vi vdy trong tinh hubng nay ta nén han ché’ste dung phicong phdp nay.

% “Phuong Phap Thit Chon K&t Hop M4y Tinh Cim Tay” trong lam bai tric

nghiém.

Vi cic bai todn ma két qué cin tim dwdi dang cdc gid tri hodic cdc khodng gid tri ciia m@t ham s6'nao d6 hay cic
bigy thitc dn dw6i dang phy thudc theo tham s'm thi ta cd thé'sie dung chikc ning TABLE hodc CALC cia mdy
tinh ciim tay dékién tra

Luwu ¥: néis viéc thiz chon qud lau hodc may tinh cim tay khong c6 cic chikc ning hé tro thi ta nén két hop cic
phurong phip khic hodc gidi thuin ty lugn.

e Khi lam bai tric nghiém, cic ban thdy hai phwong dn 401 ngdu nhau vi du: C6 < khong, ddu cong < ddu tri,
hai s6' 467, hai s6 nghich ddo, hai tdp bil nhau, hai ménh dé phit dinh ciia nhay, .... Chiing ta hay chil i hon vé hai
phieong dn 36, thueong sé c6 mt ding va mot sai va dip dn thwong roi vao mot trong hai y d6. Vi suy nght nay,

nhitng cdu ddnh do chiing ta sé c6 nhiéu co hdi chon ding hon (50%).

10
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Vi du 1. (Thi th& lan 1 - THPT Luong Thé Vinh, Ha Néi) Cho f(x)=x"¢". Tim tap nghiém cua

phuong trinh [’ (;\) =

Huéng dan: Ta cd thé dimg chirc ning tinh dgo ham tai mot diém ciia mdy tinh cim tay (MTCT)

Cdch bam: nhip SHIFT + Ed* + f(X) ——>x =2 va ta thir cdc phuong dn lén, phuong dn néo cho f' (x) =0
x

thi thoa man yéu ciu bai todn. Ta thdy f'(0)=0, f'(2)=0= 5 ={-2;0}. Chon A

Vi du 2. (Thi thit Iin 2 - THPT Quéang Xwong, Thanh Héa) T4t ca cac gia tri ctia m d& phuong trinh
¥ -3x% ~m=0c63 nghiém phan biét la:
A m=0. B. m=>4. C. O<m<4. D. -4<m<0.

cia phirong trinh ciing chinh Ia s6' giao diém thda yéu ciu bai todn).
Céch bdm: nhip MODE + 5 (EQN) + chon dang phuwong trinh bjc 3 ——m =2

Dén ddy ta thity cdc phwong dn 1d khodng gid tri chita tham s6'm.

Gid sty chon m=4e [4; +oo) = 2% -3x2 4 =0=> chi cd mot nghiém (logi B).
Gid sir chon m=-5¢ (—oo; O] = x> -3x*+5=0= chicé mét nghiém (logi A).
Gid stt chon m=1e (O; 4) =x°-3x2-1=0= chicé mot nghi¢m (logi C). Do d6 chon D

Leu ¥: néu chon m=-2¢ (—4; 0) =23 -3x2+2=0=06 3 nghiém phin biét thi nhin luén va két thiic vige

thi chon.

1
Vi du 3. (Thi thir [in 1 - DPHSP Ha Noi) Ham s6 y = —-gxg +mx? —x+1 nghich bién trén R khi va

chi khi:
A. meR\[-1;1]. B. meR\(-1;1). C. me[-1;1]. D. me(-1;1).

Huéng dan: Ta c6 thé'ding chirc ning 1dp bang s6'ligu TABLE ciia may tinh cim tay (MTCT) dé quan sit tlnh
don digu ciia ham s6'trén khi thir v6i cdc gid tri tham s6'm cy thé.
Céch bdm: nhip MODE + 7 (TABLE) + nhdp ham f(X) ——m=?

Start: X =-8
Gidgstt m=1=y= —%xa 4x? —x+1—T2BE S pnd X =8 (quan sat bang ta thiy khi “gid tri x ting lén thi

Step: X =1
gid triy gidm din) théa min nén ta logi hai phitong dn A va D)

Start : X =-8
3 TABLE

~x+1—"—""">3End:X=8 (quan sit bing ta thdy théa man do dé ta
Step: X =1

Gid s m:Oe[—l;ljzy:—%

logi ndt phwrong dn B. Chon d&4p an C.

Huéng dan: Ta 6 thé'ding chitc ning lgp bing s6'liéu CALC cia mdy tinh cim tay (MTCT)
11
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| Cdch bém: nhip him f(X)

Dén ddy la lvu  didu kién {; 1> (()) = 1<x<5 (logi phurong én D).
>

Kiéin tra v6i x =3——> f(3)=0 (xic dinh nén logi phuong dn B)

Kiém tra v6i x =2—— MATH ERROR (khong xic dinh nén logi phwong dn C). Chon dap an A.

b
Vi du 5. (THPT Chuyén Vi Thanh, Hiu Giang) Biét [(2x—4)dx=0 . Khi d6 b nhan gi4 tr bing:

A b=1b=4 B.b=0,b=2 C. b=1Lb=2 D. b=0,b=4

e e e e e e S S i 2 e e e e S B S e S P . S o e et P S S B e e o R e . e, e e o S S S -

-
; Huéng din: Ta c6 thé dimg chitc niing “tinh tich phin” clia mdy tinh cim tay (MTCT) d€ gidi bai todn nhi sau

a
Dé thdy j f(x)dx=0 do d6 kha niing dép dn roi vao hai phiong dn B hodc D.
a

2
Thirvéi b=2= J(2x-4)dx =—4 (khdng thoa min nén logi B). Chon D
0

I
I
!
1
|
I
1
1
I
I
!

Vi du 6. (THPT Chuyén Vi Thanh, Hiu Giang) Cho s8 phiic z théa mén diéu kién 2z —iz =2 + 5. 56
phtic z can tim 1a
A z=3+4i B. z=3-4i C z=4-3i D. z=4+3i

Huéng dan: Ta c6 thé'ding chikc ning “tinh todn trén tdp hop phikc” cia mdy tinh cim tay (MTCT) dé gidi bai |
todn nhw sau:

Cich béim: MODE + 2 (Complex). Biéh doi 2z — iz = 2(X + Yi) —i(X - Yi)

Thtt véi phwong 4n B: CALC X =3,Y = —4—— 2z—iz = 10~ 11i (khong théa min nén logi B)

Thtr v6i phrong dn A: CALC X =3,Y =4—>2z~1Z = 2+5i (thda méan nén chgn A)

Luu ¥ qua cdc vi dy trén, néi biét két hop nhiéu phiong phdp lai, sé gitip ta tim nhanh ra dip dn ding. Khong
c6 mét phuweong phip ndo thit sy t6i wu ma viéc vin dung linh hoat két hop chiing lai mdi giip cdc ban gidi nhanh |

duwoc cic cdu hoi tric nghiém.

Vi du 7. (THPT Quéang Xwong, Thanh Héa ) T4t ca céc gia tri cia m &€ bat phuong trinh
(3m+1)12* +(2-m)6" +3* <0 c6 nghiém ding Vx>0 la:

A (-2540) . B. (~o0;-2]. C. (""O;"%J : D. (— ;%}.

Huéng din: Ta cd thé ding chire ning “13p bing gid tri (TABLE)" cia MTCT dé gidi bai todn nhw sau:
Céich bém: MODE + 7 (Table) + nhdp ham I f(X)=(3m+1)12% +(2-m)6* +3¥ ——>m =2

Nhan xét: Ta thdy 2 phrrong 4n A va B d8i ngiu va phuong 4n D 1a tap con ctia phuong én D.

Ta thu kiém tra v6i m =-2—— f(X)=-5.12" +4.6 +3%

Start: X =1
X0V End:X=9 va quan sat bang ta nhan thdy f(X) <0 (thoa man nén loai A va D)
Step: X =1

Ta thue v6i m=-1——> f(X)=-2.12% +3.6% +3%

o e o e e e e e e e e o]

i
I
i
I
I
]
I
i
i
i
i
I
I
I
I
i
I
i
I
I
I

12
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{ Start: X =0 :
} — 20 X0 JJEnd:X=1 va quan sat bang ta nhan thay f(X) >0 (khong thoa nén loai C). Chon B. :
: Step: X =0,1 :
I

Vi du 8. Tap hop cdc diém biéu dién cho s§ phitc z thoa man lz - i! = l(l +i) z| la duodng tron c6 phuong
trinh
A. (Cl):x2+y2—2x—1=0 B. (Cz):x2+y2~2y—1=0.

C. (Cy)ix® +y* +2x-1=0 D. (C;):x* +y* +2y-1=0.

(x; y) va di nhién tdp hop diéin nao chiva diéin thoa man yéu ciiu bai todn chinh la tdp hop dién cén tim.
Ta thir (0;1)€(C, ),(C3) = z=i——>|z=i|=|(1+1) 2| < 0=2(1!) (khéng thoa nén logi A va C).

Ta thir A \/E;~1 e(C A—Q(CZ)——)zzx/E—i———) z—il=l(1+i)z @\/g:\/g(théamiin).ChQnD.
4

nghiém duy nhét
A a20. B. VaeR. C. a=0. D. Khéng ton tai a.

Huéng dan: ta thiy phiong dn B va D d6i ngdu véi nhau. Liic nay ta chon a=1 d&kiéin tra.

12 —4x-2

Tathir a=1——>2 =4=22 o x? 4x-2=2e x> —4x-4=0=> 62 nghiém nén khong thoa man

(khong théa nén logi A va B).

Tathtr a=0——>2% =4=22 & dx=2x= ——; ( théa mdn nén logi D). Chon C.

m—sinx

Vidu 10. (THPT Dirc The , Ha Tinh) Tim tap hop tét ca cic gid tri ctia m d€ham s8 y =———= nghich
cos” x
bién trén (O; E] .
6
5
A mz=1 B.m<2 C.mSZ. D.m<0
7 e S . e e s S o e s e P e e o P o Bt e B St e -1
| Hu6ng dan: ta c6 thé'sik dyng chikc ning “Iip bang gid tri TABLE” ciia MTCT. !
I .
~sin X
: Céch bdm: nhip MODE + 7 (Table) + nhdp him f(X) = _71_1“§_1_r_1_2___)m =?
! (cos X) |
I 1
! start: X =0 !
I @ :Degree:<end: X = 30°
I
I Step: X =300:15 I
: . |
: Ta thit m=2 f(X) = 2~sm)2( start: X =0 = quan st bing ta thily khong thoa }
I (cos X) 1
: :Radian: encl:X:—;E }
1 1
| 1
| Step:X=":15 !
i 6 [
1 1
| |

man nén logi A va B.

13
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—EiwsinX
4

Ta thir mziw-wéf(X)= 5
4 (cosX)

(thiee hign twong tw nhi trén v tiy dik liéu bang ta thiy théa man nén logi

D). Chon C.

Vi dy 11(THPT Tri¢u Son, Thanh Héa) Cho ham s8 y=x* —2(m+1)x* +m’ (C,, ). Khi 46 cc gid
tri ctia m dé€ d6 thi (C . ) ¢6 ba diém cuc tri tao thanh ba dinh ctia mot tam gidc vudng can la

A m=0. B. m=-1. Cm=1. D[’”z_l.
m=0

Huéng dan: Ta nhin xét nhanh v6i m=-1=y = x* +1 him s6 chi ¢6 1 cyec tri (khong théa yéu chu bai todn

nén logi phwong dn B va D)

|
i
i
I
I
x=0=>y=0 :
Tathirvéi m=0=>y=x*—2x2 = y'=4x> —4x—L0 5| x=1= y=-1 .V&hinh théa nén chon A [
y Y Y |

i

|

x=-1l=2y=-1

% “Phuong Phap Chuin Héa S8 Liéu” trong 1am bai trdc nghiém.

Vi cdc bai todn & dang tong qudt, ta cd the stk dung dén phuwong phdp nay dé gidi quyét né dong thoi két hop voi
cic phurong phdp khéc. Y nghia ciia phirong phdp niyy nim 6 ché, ta chi phdi xét & mgt truong hop dic bigt cu the
(v6i cdc s6'ligu “dep”) A€ tir do gidi nhanh ra két qud.

Luu of: phuong phdp nay khic phirong phip thiz chon & chd viéc chon s6'liéu khong dwa trén 4 phuong dn ma dwa

vdo chinh digu kién clia bii todn tong qudt.

S A~ A ~ 3 n 1 N
Vi duy 1. (Chuyén KHTN lan 1) Néu s6 phttc z thoa man 12’ =1 thi phan thuc cia 1 bang
-z
A, l B —1 . C. .2 D. -2
2 2
T T T T T T T T i
i Hudng dan: Ta thdy véi moi s6' phikc z co ‘Z‘ =1 thi phitn thiee ciia — Tudn 1o mot s6'co’ dinh. i
I I
I i 1 1 . !
| Giastr z=2+2 thoa |2|=1. Kni d6 MICT 1 i= chon A i
! 5 5 3 4 2 !
= (345 |
| 00 |
1 I
: Ta c6 thé thie chon mot vai s6 phite khic chﬁng han: z = A + —1—1' = ! = l+ LV2 i !
I 2 V2 1 ( L1 ij 2 2 i
1 B 1
| 2 |

<

]

Hudéng dan: véi cac didu kién ban dau trén ta chon 2 =2 >

Khi d6 log,, @ =3=> 4= (2b)’ = b=—>0 thoa ab =1

2

mmme—d

14
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Thay ab vao A=log,, 3 % =log , J 232 __ﬁ_’_c_f__)_g_ . Chon D.

z

Vi du 3. Cho hai s6 phitc z va w thoa man lz‘ = 1w| =1 va 1+zw #0.56 phtc

A. s0 thuc. B. s0 am. C. s6 thuan ao. D. s ao.

. e e anal qea " N 4 4i .. NP
Huéng dan: véi cdc dieu kién ban dau trén ta chon z = %Jré va w= %—TI dbng thoi thda 1+z.w =0

|

I

]

|

3 4i) (3 4 !
,,+?_+___,_...

zZ+w 5 5 5 5 MTCT z+w 3 :

1

|

1

|

Khi d6 = =—eR.Chon A.
T+zw 3 4i\ (3 4i I+zw 5

T+ =4 || ==

5 5 5 5

Vi du 4. (THPT Dtc Tho , Ha Tinh) Cho cécsd m>0,1n>0,p >0 thoa man 4" =10" =257 . Tinh gid tri

bidu thic T = ——+ -
2m  2p

4l =10" {n =log4

Huéng dan: khéng mat tinh tdng quat ta gid sit m=1=> =
4l =257 [p=logys 4

. o non
Thay vao trong biéu thiec T = —+

M m=t p 1) g ChonA.
2m  2p 2 p
Luu 1j: Ban c6 thé chon mot gid tri khéc tay 4 théa m>0,n>0,p>0,

m _ -
Vidun=1=> {4 =10 {m log, 10 g 1

N T="2 s L 1. (két qui ofin khong thay as).
259 =10  |p=logy 10 2m 2p

Vi du 5.(THPT Dic Tho, Ha Tinh) Cho 4 s6 thuc duong a,b,x,y thoaman: a=1,b#1 va x* +y* =1.

Biét ring: log, (x+y)>0; log, (xy)<0. Ménh dé nao sau day la diing?
A. O<a<1; b>1. B. a>1,b>1. C. O0<a<1; 0<b<l. D.a>1 0<b<l.

Huéng dan: vdi cdc digu kign trén ta c6 thé gid st x = (*) thoa x* +y? =1

]

oL |

- |

Khi d6 0<a<1=>log,(x+y)>0=>x+y<0 (khong thoa (*) nén loai A va C. !
1

|

I

Khidé 0<b<1=log, (xy) <0< xy>1 (khong thoa (*) nén loai D. Chon B.

Vi du 6.(Tuyén tip Oxyz, Thiy Hita Lim Phong) Trong khong gian véi hé toa dd Oxyz, cho phwong
trinh hai mat phang (P) ix—zsina+cosa=0 va (Q):y—zcosa-sina=0 voi a la tham s8. Dudng

thing Ala giao tuyén cta hai mit phing (P) va (Q) . Tinh géc giita dwong théng A va truc Oz.

Huwéng dan: Ta nhdn thiy hé s ciia cd 2 mit phﬁng (P) va (Q) phu thudc vio goc a. Tuy nhién két qud theo géc {
gitka A va truc Oz lai khéng phy thugc vio a. Khdng mét tinh téng qudt ta o6 thé xét a lo mot bat ki d€'kiém tra. |

(P):x+1=0 {E:(l;o;o) —

Ta thtx a:O:{(Q):y_ZZO: @:(O;L_l):% :[np;nQ]=(O;1;1)

15
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I -
I Xét cos(A; Oz)=‘cos(uA;k)

i
== £(A;02)=45" . Chon B. i
i

Vi du 7. (Swu Tam, Facebook: Group Nhém Toén) Cho ham s§ f (x) lién tuc trén R thoa

b3
2
£(~x)+2f(x) = cosx . Tinh gié tri ctia tich phan I= | f(x)dx.
z
2

A1=2 B.1=2 c1=2 D. =1
3 3 3
I Huéng dan: Ta chi cin chon diwoc 1 ham so f( ) thoaf( )+2f( ) cosx —i
1
Do ham cosin la ham chdn nén ta c6 cos( x) cosx.Tachon f ( )~——cosx thoa (*) I
z z i
2 2
Khi dé: I= jf(x)dx j%cosxdxwﬂ@—ﬂ—% Chon C. !
S :
| e e e e e o s o e e e e e e . e e e et s e et et e e et o S s o . S e St Pt e s e e e e e e ] ]
Vi du 8. (Tuyén tap S6 phtic, Hita LAm Phong) Cho s8 phttc théa méan diéu kién ‘zl ‘ l |z—1] Khi d6
|z+1! béng bao nhiéu ?
A lz+1]=+5 B.|z+1|=5 C. |z+1=1 D.|z+1|=43
N T i
= Huéng din: Ta chon s phikc z=—+——1 théa |z| =ﬁzlz 1} =
| z [
| I
L ns g V3] o3 '
!Khldo: 1= ol = Z+Z=«/§.Chonn E
| i

r.._______.——______....._-..-..—-—____._._-....————____.._..__—......_._____._—......._.____._.._._—___

Vi du 9.(Tuyén tap Oxyz, Thay Hita Lim Phong) Trong khong gian véi hé toa d6 Oxyz, cho hai di€m
S(O 0; 1) A(l 1; 0) Hai diém M(m,O 0) N(O n; ) thay déi sao cho m+n=1 va m>0,n>0 . Tinh

khoang cach tir A dén mat phing (SMN ) .
A. d(4;(SMN))=4  B.d(4;(SMN))=2  C.d(4;(SMN))=v2  D.d(4;(SMN))=1

_______________________________ ——— — ————————

H

1
Huéng dan: Gid si m=n=§ théa m+n=1, m>0, n>0 .

Khi d6 phuong trink mat phing (SMN) 12 (SMN): %+%+§ =1 2+2y+z-1=0.
2 2
|2+2-1|

V22 +22 412

Vi du 10. (THPT Chuyén KHTN, Ha Noi, [an 1) Goi z,,2,,25 la cac s8 phiic thoa man z; +2z, +z; =0va

Xét d(A;(SMN))= =1.ChonD.

2| =|z,| =|z2| = 1. Khang dinh ndo duéi day 1a khing dinh sai? (Chuyén KHTN Ha Nbi
1 2 3 g y g y
3 3 3 3 3 3
A. ‘zls+z§'+z§!=‘zl‘ +]zzi +]zg‘ . B. ,zf+z§+z§\slzll +!zzl +le| .
3 3 3 3 3 3
C. ‘zf+z§+z§‘2|zll +’Zz‘ +Izs‘ D. 'zf+z§+zg'¢’zll +\zzl +‘23‘

16
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Vi du 11. (THPT Luong Thé Vinh, Ha Ngi, [an 1) Mot cai phéu ¢6 dang hinh nén. Nguoi ta d6 mot lugng
nudc vao phéu sao cho chiéu cao ctia luong nudc trong phéu bing % chiéu cao ctia phéu. Hoi néu

bit kin miéng phéu roi 16n nguoc phéu Ién thi chiéu cao clia nude bing bao nhiéu ? Biét ring chidu

cao ctia phéu 12 15 em.

| Huéng dan: Do dé bai khong phy thudc vio bin kinh ciia phiéu. Khong mdt tinh t6ng qudt, ta id st ban kinh i

| R:]' ‘ Khl dé VHHGCIHC dau ZgﬂRz,-g—Zg (Ué‘i h=15 (Cnl))'

non cut

ﬂ'h( +7‘R+R2) I

=V

Ta c6 kii bit kin miéng phéu 15i 16n ngwoc phéu lén thi V, won cut =

7rh'<7’2 +rR+R2)(*)

nuoc luc dau —
VG6i ' L chiéu cao lic sau vit v 1a bin kinh ciia vong tron nhé.

Ap dung dinh Iyj Thales ta c6: I h—h & —= 15— h = |r= 15-h
R h 15 15

=

15-1'V 15—
e et
15 15

Thay vao phwrong trinh (*) = % = é—r;h‘[[ + 1} (dén thay vi gidi, ta cé thé thay cic phirong

dn d€’kiém travaluu j 0 < h'<15 . Tanhan thdy chi c6 phuong 4n A thda man. Chon A

Vi du 12 (Cuckhao thi va kiém dmh Béc Ninh). Mot hdp gidy hinh hép chit nhét c6 thé tich 2dm®. Néu

tang mi canh ctia hop gidy thém Y2dm thi thé tich ctia hop gidy 1a 16dm®. Hoi néu ting mébi

17
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canh ctia hop gifly ban dau lén 232 dm thi thé tich hop gidy méi 1a: (Cyc khao thi va kiém dinh,
Béc Ninh)
A. 32dm® . B. 64 dm°. C. 72dm®. D. 54 dm®.

chit nhit ddc biét).

3
Chon a = Q/E 14 canh ban du cta hinh lap phuong. Khi détacd V = (%/i + %/E ) =16 (thda man)

3
Theo d& bai ta cé V' = (3’/§+2§‘/§) —54 . Chon D.

Vi du 13. (THPT Hiing Vuong, Gia Lai) Cho P =log,, 16m va a=log,m véim las6 duong khac 1.
Meénh dé nao duwdi day ding ?

A.P=3-g%. B. p=2* c. p=3*2, D.P=3+aa.
a a

[ e e e e e e R

a=log,2=1
P =log,, 16m =log,32 =5

/

- - |

= ]

Huéng dan: Theo diéu ki¢n bai todn ta chon m =2 = { :
|

i

i

|

|

Kigm tra ta thiy P = dxa théa mén khi P(l) =5. Chon B.
a

log? b-8log,(adb) = —%. Tinh gid tri biéu thitc P = log, (a ¥ab | +2017.
A. P=2019. B. P =2020. C. P=2017. D. P =2016.

I
: Huéng dan: Theo digu kién bii todn ta chon a=2 = log% b-8log, (2% ) = ~~g~

!

i

]

|

2 8 8 2 3 .3 I
pt < (log,b)” —8log,2—— == < (log, b)" ~ =0« (log,b) =2° = log,b=2=b=4 !
3 3 log, b i

I

1

I

I

Thay a=2,b = 4——>P =1log,(2.32.4}+2017 = 2019 . Chon A.
Y 82

Vi du 15. (D minh hoa lin 2) Trong khéng gian v6i hé toa d6 Oxyz, viét phurong trinh mat phang (P)

C i en s 2 x-2 Yy z x y-1 z-2

h déu hai duong thing d, :——=%== va dy: - ="—="—"

song song va cac €eu hal duong thang 1 11 va f, 5 ) 1
A. (P):2x-2z+1=0. B. (P):2y-2z+1=0.
C. (P):2x-2y+1=0. D. (P):2y-2z-1=0.

Huéng din: Theo digu kign bii todn ta nhin xét néu lin lugt chon 2 diém A, B thudc hai duwong thu&ng d;,d, thi
trung diém ciia dogn AB phii thudc mat phing tim.

L. |A(20,0)ed, 1 o ;
Gid sie: = I} 1;=;1| la trung diém ciia AB. Nhin xét: chicé I € (P) :2y—-2z+1=0 .Chon B
B(0;1;,2) ed, 2

18



Buong cong trong hinh bén la d6 thi cia mdt ham s8 trong bdn ham s8 duwoc 1iét ké & bdn phuong
an A,B,C,D dudi day. Hoi ham s& d6 12 ham s nao?

y

A. y:—x2+x—1. B. y:—x3+3x+l. C. y=x'-x*+1. D. y=x>-3x+1.
Chohams8 y = f(x)cé lim f(x)=1 va lim f(x)=-1.Khéng dinhnio la khing dinh diing?
X—>r-+00 X—>—0
A. D thj ham s8 da cho khéng c6 tiém can ngang.
B. Db thi ham s§ da cho c6 dting mot tiém can ngang.
C. Db thi ham s8 da cho ¢4 hai tiém cén ngang 1a cac duong théng y=1va y=-1.
D. D% thj ham s da cho c6 hai tiém can diing la cic duong thing x=1va x =-1.
Héi ham s8 y = 2x* +1 dong bién trén khoang nao?
1 1

A. [_w;"ij : B. (0;+) . C. (—E;m) . D. (-;0).

Cho hams§ y = f (x) xéc dinh, lién tuc trén R va c6 bang bién thién:

X | —w 0 1 +00
v + I - 0 +
y

Khéng dinh no sau day 1a khing dinh dring? |

A. Ham s0 ¢6 ding mot cuec tri. |

B. Ham s8 c6 gid tri cuee ti€u bé.ng 1.
C. Ham s8 c6 gié trj 16n nhat béng 0 va gid tri nhé nhét bing -1 .
D. Ham s6 dat cyc dai tai x =0 va dat cuc tiutai x=1.

Tim gid trj cwe dai yop clahdmsd y= x°—3x+2.

A yop=4. B. yop=1. C. yep=0. D. yop=-1.
2
Tim gi4 trj nho nhat céia ham s6 =" trén doan [2;4] .
x—
. . . . 19
A. miny=6. B. miny=-2. C. miny=-3. D. miny=—.
24 [2:4 [2:4] 24 3

19
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10.

11.

12.

13.

14.

15.

Biét ring dudng thing y = —2x+2 cat d6 thihamsd y = x> +x+2 tai diém duy nhat; ki hiéu (xo ; yo)
1 toa d0 ctia diém 6. Tim y,, .
A. y,=4. B. y,=0. C yy=2. D. y,=-1.

Tim t&t ca céc gié tri thuc ctia tham s8 m sao cho d6 thi ctia ham s6 y = x*+2mx® +1 c6 ba di€m
ctee tri tao thanh mét tam gidc vudng can.
A. m:——l—. B. m=-1. C. m:i. D. m=1.
g 3o
Tim t4t ca cAc gié tri thuee ctia tham s8 m sao cho d6 thi clia ham 88 y= _xfl 6 hai tiém cdn ngang.
Vmx? +1
A. Khong c6 gia tri thue ndo ctia m thoa man yéu cau dé bai.
B. m<0.
C. m=0.
D. m>0.
Cho mot tfm nhém hinh vudéng canh 12cm . Ngudi ta cét & bon gbc clia tim nhdm d6 bon hinh
vudng bing nhau, mdi hinh vudng c6 canh bing x(cm) , 161 gap tdm nhdm lai nhu hinh v& dwdi

day d€ dugc mot cai hop khong na”ip. Tim x» d& hop nhén dwoc c6 thé tich 1én nhat.

A. x=6. B. x=3. C. x=2. D. x=4.
e n o g , ~ ;e s o tanx=2
Tim tat ca cdc gid tri thuc ctia tham s6 m sao cho do6 thi ctia ham soy:?—-————— doéng bién trén
anx—m

khoan O;E.

o05)
A. m<0 hodc1<m<2. B. m<0.
C. 1<m<2. D. m=2.
Giéi phuong trinh log, (x—l) =3.
A. x=63. B. x=65. C. x=80. D. x=82.
Tinh dao ham ctia ham s8 y=13" .

1 x—1 v X U X i 13x
A, y'=x13"", B. y'=13"In13. C. y'=13". D. y'= .

In13

Giai bt phuong trinh log, (3x-1)>3.
A x>3. B. %<x<3. C. x<3. D.x>%q.

Tim tap xéc dinh D ctia ham s8 y =log, (x2 —2x—3>.
A. D=(-o0;-1]U[3;40). B. D=[-1;3].

C. D=(-;-1)u(3;+w) . D. D=(-1;3).
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16.

17.

18.

19.

20.

21.

22.

23.

24,

2 5 5
Cho ham s8 f(x)=2%7" . Khéng dinh nao sau day la khing dinh sai?

A. f(x)<lex+x’log,7 <0. B. f(x)<le xn2+x%.In7<0.
C. f(x)<le xlog,2+x* <0. D. f(x)<le1+xlog,7<0.
Cho cac s6 thuc duong a,b véi a = 1. Khing dinh nao sau day la khing dinh diing?
1
A. loga2 (ab) = Eloga b B. logaz (ab) =2+2log, b
C. log (ab):-l-log b D. log (ab)=-1-+-1—log b
a2 4 a e 2 2 a
Tinh dao ham ctia ham s6 y = X :1 .
4

1-2(x+1)In2 1+2(x+1)In2 1-2(x+1)In2 1+2(x+1)In2

An y':———z'.z—x_—‘_- B- y'zT. Cu y‘:—;*-_o D- y'z—'m—;'z__—
2° 2
Dit a =log, 3,b =log, 3. Hay bidu dién log, 45 theo a va b.
a+2ab 2a* - 2ab a+2ab 2a% —2ab
A. log 45= B. log 45 =————  C.log,45= D. log, 45 =———
Be ©8s ab 8o ab+b ©8s ab+b

Chohaisd thuc a vd b, véi 1<a<b. thmg dinh nao dudi day la khéng dinh ding?

A.log, b<l<log,a B.1<log,b<log,a C. log,a<log,b<1 D. log,a<l<log,b
Ong A vay ngén han ngén hang 100 triéu dong, véi 13i suat 12%/nam. Ong mudn hoan no cho ngan
hang theo cach : Sau diing mdt thang ké tir ngay vay, 6ng bat dau hoan ng, hai [4n hoan no lién tiép
cach nhau ding mot thang, s8 tién hoan ng & mbi Iin 1a nhw nhau va tra hét tién no sau dang 3
théng k& tir ngay vay. Hoi, theo cach d6, s6 tién m ma dng A phai tra cho ngan hang trong m&i lan

hoan ng 1a bao nhiéu ? Biét ring l4i suat ngan hang khong thay d6i trong thoi gian 6ng A hoan ng?

3 3
100.{1,01 1,01
A m= -——-—-L——) (triéu dong). B. m= ——(—~§)- (triéu dong).
3 (1,01)" -1
3
120.(1,12
C. m= -1—(19}3—1&:0’— (triéu dong). = M——(————L (triéu dong).

(1L12)> -1
Viét cong thite tinh thé tich V ctia khdi tron xoay duoc tao ra khi quay hinh thang cong, giéi han
boi d6 thi ham s8 y = f(x), truc Ox va hai dudng thing x=4a, x=b (a < b) , xung quanh truc Ox :

A. V=7rjzf2(x)dx. B. V=‘lif2(x)dx. C. V:ﬂj'f(x)dx D.V:ﬁf(x)]dx
a a a a
Tim nguyén ham ctia ham s6 f (x)zm .
A 7 (hix=2(2e-1)2a- 1+ B [ (wpr=3(2x-1)2r-T+C
C. jf(x}bm—% 2x-1+C D. jf(x)dx=%M+C
Mot 6 t6 dang chay v6i t6c d6 10 m/s thi nguoildi dap phanh ; tir thoi di€m @6, 6 t6 chuyén dong

cham dan déu véi o(t)=-5t+10 (m/s), trong d6 t la khoang thoi gian tinh bing gidy, ké tir lic
bat dau dap phanh. Hoi tie liic dap phanh dén khi dimg hin, 6 t6 con di chuyén bao nhiéu mét ?
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A. 0,2m. B. 2m. C. 10m. D. 20m.

T
25. Tinh tich phan I = jcose' x.sinxdx .
0

A T=-1g B. I=—7* C.1=0 D. 1=-%
4 4
[
26. Tinh tich phan I = [xInxdx.
1
2 2 2
A 1=1 B. 1= 2 c 1=+ p.1=4-1
2 2 4 4
27. Tinh dién tich hinh phéng gidi han béi d6 thi ham s6 y=x3~—x va d6 thi ham s& y=x—x2 .
= B. 2 c 8 D. 13
12 4 12

28. Kihiéu (H) 13 hinh phing gi6i han boi db thi ham s8 y =2(x~1)e”, truc tung va truc hoanh . Tinh
thé tich V ctia khéi tron xoay thu duoc khi quay hinh (H ) xung quanh truc Ox.
A V=4-2. B. V=(4-2¢)7. C. V=¢-5. D. V=7(e*-5).

29. Cho s6 phttc z =3-2i. Tim phén thyc va phin 4o clia s8 phitc z:
A. Phan thyc bing -3 va Phén 4o béng —2i .
B. Phan thuc bing -3 va Phan o bang -2 .
C. Phan thyc bing 3 va Phan 4o bang 2i .
D. Phan thyee béng 3 va Phan do b%mg 2.

30. Cho hai s8 phtic z; =1+i va z, =2-3i. Tinh tng médun ctia s8 phtic z; +2z, .
A. |zl+z2[=\/ﬁ B. |21+Zzl=‘/g C. |zl+zz‘=1 D. Izl+zzl=5
31. Cho s6 phitc z thdéa man (1+i)z =3—i. Hoi difm bifu dién clia z 1a diém nao trong cdc diém

M,N,P,Q &hinhbén?

A4

vt
No--2t----M

T

I

! l
A 1 X
ool

A

| 1

| I

I |

| |

| |

o S T IR §

A. Diém P. B. Di€ém Q. C. Diém M. D. Diém N.

32. Cho s8 phtc z=2+5i. Tim s8 phtc w=iztz.
A w=7-3i B. w=-3-3i C. w=3+7i D. w=-7-7i

22



ON LUYEN DE THI TRAC NGHIEM TOAN 2017 DE SO 1: PE MINH HOA LAN 1

33. Ki hiéuz;z,;z;vaz,la bdn nghiém cua phuong trinh z*-22-12=0. Tinh téng
T:]zl‘+|zz1+]zaf+‘zé|.
A T=4 B. T=23 C. T=4+23 D. T=2+2V3.

34. Cho cac s6 phic z théa man [z\=4‘ Bigt ring tap hop céc diém biéu dién céc s6 phuc
w=(3+4i)z+i 1a mot dudng tron . Tinh ban kinh r ctia dudng tron dé.
A r=4. B. r=5. C. r=20. D. r=22.

35. Tinh thé tich V ctia khéi lap phuong ABCD.A'B'C'D', biét AC'=a+/3 .

Bx/ga3
T

A. V =a%, B. V=

C. V =334%. D.V:%aa.

36. Cho hinh chép tir gidc S.ABCD c¢6 ddy ABCD la hinh vudng canh 4, canh bén SA vuéng goc véi
mit phing day va SA = av/2 . Tinh thé tich V ctia khéi chop S.ABCD.

3 3
A.V:‘J—ZZ B. V=€” .

37. Cho tir dién ABCD c6 cac canh AB,AC va AD d6i mdt vudng goc véinhau: AB=6a, AC =74 va

C. V=+2d°. D.V=%a3.

AD =4a.Goi M,N,P tuong ting la céc trung diém cdc canh BC,CD, DB . Tinh thé tich V cta t&
dién AMNP.

A. V=%a3 B. V =144° C.v==2, D. V =743

38. Cho hinh chép tt gide S.ABCD c6 déy 1a hinh vuéng canh bing a2 . Tam gidc SAD can tai S va
mit bén (SAD) vuéng géc véi mit phing déy. Biét thé tich khéi chép bing §a3 . Tinh khoang

céch h tir B dén mit phéng(SCD).

A. hzza. B. hzéa. C. h=§a. D. hzéa.
3 3 3 4

39. Trong khéng gian, cho tam gidc vuéng ABC taiA,AB=a vaAC = ay/3 . Tinh d6 dai duong sinh
[ ctia hinh nén, nhén dwoc khi quay tam gidc ABC xung quanh truc AB .
A l=a. B. I=a2. C I=a3. D. [=2a.

40. Tt mot tAm t6n hinh chir nhat kich thuwde 50cm x 240cm , ngudi ta lam céc thiing dung nude hinh
tru c6 chiéu cao b?mg 50cm , theo hai cach sau (xem hinh minh hoa dwdi day):
= Cach 1: Go tdm t6n ban d4u thanh mit xung quanh cta thiing.
= Céch 2: Cit tdm ton ban d4u thanh hai tdm bing nhau, r6i gd mdi tAm d6 thanh mit xung quanh

ctia mdt thing.

Ki higu V; la thé tich ctia thung go dugc theo cach 1 va V, la téng thé tich ctia hai thiing go dwoc

V.
theo cach 2. Tinh t s6 —L .
v,

-0C
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41.

42,

43.

44,

45.

46.

47.

48,

1 1y, c s, p. i_
V2 2 VZ V2 VZ

Trong khong gian, cho hinh chit nhat ABCD c¢6 AB=1 vaAD=2 . Goi M,N Ian luot 1a trung
diém ctia AD va BC. Quay hinh chit nhit d6 xung quanh truc MN, ta dwoc mot hinh tru . Tinh
dién tich toan phan Stp ctia hinh tru dé.

4.

A. Stp=47r. B. Stp=27r. C. Stp:67z'. D. S =10x.

tp
Cho hinh chép S.ABC c6 ddy ABC 1a tam gidc déu canh bang 1, mit bén SAB 1a tam gidc déu
va nim trong mit phing vudng géc véi mit phing day. Tinh thé tich V ctia khéi chu ngoai tiép

hinh chép da cho.
5157 g, v o315z c. vt p.v=22.

18 54 27 3

A V=
Trong khéng gian véi hé toa d6 Oxyz , cho mit phang(P):3x—z+2=0 . Vecto ndo dudi day la mdt
vecto phép tuyén ctia(P)?

A ny=(-10-1).  B. m=(3-12). C. 1y =(3-1,0). D. m,=(3;0;-1).
Trong khong gian véi hé toa d6 Oxyz, cho mat cau: (S): (x+1) +(y-2)° +(z—1)° =9. Tim toa dd
tam | va tinh ban kinh R cta (S).

A. I(-1;2;1) va R=3. B. I(1,-2;-1) va R=3.

C. I(-1;2;1) va R=9. D. I(1;-2;-1) va R=9.

Trong khong gian véi hé toa dd Oxyz, cho mét phing (P) cé phuong trinh: 3x+4y +2z+4=0 va
diém A(1;-2;3). Tinh khoang cach d tir A dén (P).

5 5 [_51
3

3, B. d=—. C d=-—2. D. d=

A d=
9

¥=10 y-2 z+2

Trong khong gian voi hé toa dd Oxyz, cho dudng thang A cé phuong trinh: T 1

Xét mit phéng (P):10x+2y+mz+11=0, m la tham s& thuc. Tim t4t ca cac gid tri caa m d€ mit
phéng (P) vudng gbc véi dudng thing A .

A m=-2. B. m=2. C. m=-52. D. m=52.

Trong khéng gian véi hé toa d6 Oxyz , cho hai diém A(0;1;1) va B(1;2;3). Viét phuong trinh ctia
mit phing (P) diqua A va vudng géc véi duong thing AB.

A x+y+2z-3=0. B. x+y+2z-6=0. C. x+3y+4z-7=0. D. x+3y+4z-26=0.
Trong khong gian véi hé toa doOxyz, cho mit cau (S) c6 tam I(2;1;1) va mit phing
(P):2x+y+22+2=0. Biét mit phing (P) cht mit cau (S) theo giao tuyén la mdt dudng tron c6
ban kinh bang 1. Viét phwong trinh ctia mét cau ().

A (S):(x+2) +(y+1) +(z+1) =8, B. (S):(x+2) +(y+1) +(z+1)° =10.

C. (8):(x-2)" +(y-1)° +(z-1)* =8. D. (8):(x-2) +(y-1)* +(z—1)* = 10.
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49.

50.

Trong khong gian vdi hé toa d6 Oxyz, cho diém A(1;0;2) va dudng thing d cé phuong trinh:

1y, ZTH . Viét phuong trinh dudng thing A di qua A, vudng gbc va cit d .

Al y_z=2 g ox-1_y z2-2 c X1 y_z-2 p. X1 _y _z-2
1 1 1 1 1 -1 2 2 1 1 -3 1
Trong khong gian Oxyz, cho bén diém A(1;,-2;0),B(0;-1;1), C(2;1;-1) va D(3;1;4). Hoi tt ca

6 bao nhiéu mit phing cach déu bén diém dé?
A. 1 mat phfmg. B. 4 mat phfmg. C. 7 mat phéng. D. ¢4 v6 s& mit phéng.
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2x+1

?

1. Puodng thing nao duéi day la tiém cén ding ctia d6 thi ham s8 y = I
x+
A x=1. B. y=-1. C y=2. D. x=-1.
2. Db thicaahamsd y=x*—2x? +2 va d6 thi ciaham s§ y = —x% +4 ¢ tt cd bao nhiéu diém chung?
A. 0. B. 4. C. 1. D. 2.
3. Chohams8 y=f (x) xac dinh, lién tuc trén doan [—-2; 2] va c6 d6 thi 1a dudng cong trong hinh vé

bén. Ham s8 f (x) dat cuc dai tai diém nao dwdi day?

LY
P
-2
N ]
5‘10 E 2 T
| o
~~~~~~ —4
A x=-2. B. x=-1. C x=1. D.ox=2.

4. Chohams8 y=x>-2x% +x+1.Ménh dé nao dudi day ding?
A. Ham s8 nghich bién trén khoang (-:1; ; lj . B. Ham s8 nghich bién trén khoang (—00; %j .
C. Ham s8 dong bién trén khoang [% ;1j . D. Ham s8 nghich bién trén khoang (1; +00).

5. Chohams8 y = f(x) xac dinh trén R\ {0}, lién tuc trén mdi khoang x4c dinh va c6 bang bién thién

nhu sau
T —00 0 1 +00
y - “ + 0 -
400 2
-1l —o0 —OQ

Tim tip hop tat ca cic gié tri ctia tham s8 thuc m sao cho phuong trinh f (x) =m ¢6 ba nghiém

thyc phén biét.
A [-12]. B. (-1,2). C (-1;2]. D. (—;2].
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10.

11.

12.

13.

14.

2

Cho ham s8 y =2 *13 . Ménh dé nao dudi day dring?

X+
A. Cuc tiéu ctia ham s6 béng -3. B. Cuc tiéu ctia ham sé béng 1.
C. Cuyc tiéu ctia ham s8 b?mg 6. D. Cuc tiéu ctia ham s6 bé“mg 2.

M&ét vat chuyén dong theo quy luét s= —%ta +9t2 voi t (giay) 1a khoang thoi gian tinh tir lic bét

dau chuyén dong va s (mét) la quang duong vét di duoc trong khoang thoi gian d6. Hoi trong
khoang thoi gian 10 gidy, ké tir liic bat dau chuyén dong, van tdc 16n nhat cua vat dat dugc béng
bao nhiéu?

A. 216 (m/s). B. 30 (m/s). C. 400 (m/s). D. 54(m/s).

12
Tim t4t ca cac tiém can ding ctia d6 thi hAm s6 y = w
x* -5x+6
A x=-3vax=-2. B. x=-3. C. x=3vax=2. D. x=3.
Tim tap hop tat ca cac gié trj ctia tham s8 thue m d€ ham s8 y = ln(x2 +1)— mx+1 dong bién trén
khoang (—oo; +oo),
A. (-00; ~—1] . B. (—oo; ~1) . C. [~1;1] . D. [1; +00) .
y= ax> +bx? +cx +d Biét M(O;Z), N(Z; —2) 1a cdc di€m cyee tri ctia d6 thi ham s8 . Tinh gid tri cta
ham s6 tai x=-2.
A. y(-2)=2. B. y(-2)=22. C. y(-2)=6. D. y(-2)=-18.

Cho ham s8 y = ax® +bx? +cx+d c6 d6 thi nhu hinh vé . Ménh dé nao dudi day dang ?

y

~

\\ ‘5/
\ J \

A. a<0,b>0,c>0,d<0. B. 4<0,b<0,c>0,d<0.

C. 4>0,b<0,c<0,d>0. D. 2<0,b>0,c<0,d<0.

Vi cac s8 thiee duwong a,b bét ki. Ménh dé nao duéi day ding?

A. In(ab)=Ina+Inb. B. In(ab)=Inalnb. C. In%=14, D. InZ=Inb-Ina.
b Inb b

Tim nghiém ctia phuwrong trinh 37 =27 .

A x=9. B. x=3. C x=4. D. x=10.

S6 lwong ctia loai vi khudn A trong mot phong thi nghiém duwgc tinh theo cong thirc s(t) = s(O).Zt ,

trong d6 S(O) la s8 luong vi khuan A lic ban dau, s(t) la s8 lwgng vi khudn A c6 sau ¢ phat. Biét

sau 3 phit thi s6 luong vi khudn A 1a 625 nghin con. Hoi sau bao 14u, k€ tir Itic ban d4u, s6 lugng

vi khuén A 14 10 triéu con?
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15.

16.

17.

18.

19.

20.

21.

A. 48 phat. B. 19 phut. C. 7 phut. D. 12 phat.
Cho bidu thire P = x3x2x° , véi x> 0. Ménh dé nao dudi day ding?
1 1B 1 2

A. P=x2. B. P=x2, C. P=x%. D. P=x3.
Véi cac s6 thue dwong a,b bét ki. Ménh dé nao duwdi day diing?

3 3
A. log, [—25——] =1+3log,a-log, b. B. log, {%J = 1+%log2 a—log, b.

3 3
C. log, (—Z-Z——] =1+3log,a+log, b. D. log, [Z—Z—J = 1+—;;10g2 a+log, b.

Tim tip nghiém S ctia bat phuong trinh log, (x+1) <log, (Zx —1) .

2 2
A. S=(2;+w) B. S=(—;2) C. s{%;z] D. 5=(-12)

Tinh dao ham cta ham s8 y =In(1++x+1).

NP by L
2\/x+1(1+x/x+1) T+Vx+1

C ’=——*-————1 . D. y’=———————————-2 .
\/x+1(1+x/x+1) \/x+1(1+\/x+1)

Cho ba s8 thye duong a,b,c khéc 1. D0 thi cdcham s y = a*, y=b", y=c* duoc cho trong hinh
v& bén. Ménh dé nao dudi day ding?

=Y

A. a<b<c. B. a<c<b. C. b<c<a. D. c<a<b.

Tim tip hop cic gi4 tri ctia tham s6 thize m d€ phurong trinh 6* +(3—m)2x -m=0 c6 nghiém thudc
khoang (0;1).

A. [3:4]. B. [2:4]. C. (2:4). D. (3;4).

Xét cac s8 thwc ab théa man a>b>1. Tim gid tri nho nhdt P, cha biéu thic

P =log? (a2)+ 3log, (%)
b

A. P =19. B. P, =13. C. P. =14. D. P =15.

min min min min
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22,

23.

24,

25.

26.

27.

28.

Tim nguyén ham ctia ham s§ f(x)=cos2x.
A. jf(x)dx-—-%sian-kC. B. ff(x)dx:—%sin2x+c.

C. [f(x)dx=2sin2x+C. D. [f(x)dx=-2sin2x+C.

2
Cho ham s6 f(r) c6 dao ham trén doan [1;2] , f(l) =1 va f(2) =2.Tinh I = _[f’(x)dx.
1

A I=1. B. I=-1. C. I=3. D. 1=%.
Biét F(x) la mot nguyén ham ctia f(x)=—i—l va F(2)=1.Tinh F(3).
A. F(3)=In2-1.  B. F(3)=In2+1. C F(S):%. D F(S)z%
4 2
Cho [ f(x)dx =16. Tinh tich phan I = [ f(2x)dx.
0 0
A 1=32. B. [=8. C. I=16. D. I=4.
4
Biét I = | jx =aln2+bIn3+cln5, véi a,b,c 1a cac s§ nguyén. Tinh S =a+b+c
3X +X
A. $=6. B. $=2. C I=16. D. $=0.

Cho hinh thang cong (H ) gidi han boi cdc dudng y=¢*, y=0, x=0, x=In4. Dudng thang

x=k (0<k<In4) chia (H ) thanh hai phén c6 dién tich 12 S; va S, nhw hinh vé bén. Tim k €
S, =25,.

A k=§1n4. B. k=In2. C. k=1n—§ D. k=In3.

Ong An c6 mdt manh vieon hinh Elip ¢6 d6 dai truc 16n bing 16 m va do dai truc bé bing 10m. Ong
mudn trong hoa trén mét dai d4t rong 8m va nhén truc bé clia elip lam truc d6i xting (nhw hinh vé).
Biét kinh phi dé trong hoas la 100.000 dong/ 1m?. Hoi 6ng An can bao nhiéu tién d& trong hoa trén
dai dét d6? (S6 tien dwoc 1am tron dén hang nghin.)
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29.

30.

31.

32.

33.

34.

35.

8m
A. 7.862.000 dong.  B. 7.653.000 dbng. C. 7.128.000 dong. D. 7.826.000 dong.
Diém M trong hinh vé& bén 1a di#m biéu dién ctia s8 phtic z. Tim phan thyc va phén 4o ctia s6 phitc z.
Y
_ 3
o Lo
| R .
M
A. Phan thic la —4 vaphan dola 3. B. Phén thuycla 3 vaphan dola —4i.
C. Phan thycla 4 va phanaola —4. D. Phén thuc 1d —4va phan dola 3i.
Tim s6 phtic lién hop ctia s6 phtic z =1 (Si + 1) .
A Z=3-i B. z=-3+i C. z=3+i D. z=-3-i

Tinh mddun ctia s& phtec z théa man z(2-i)+13i=1.

-2 Lot
i

A. |z|=34. B. |¢|=34. C. |z D. g ="~
Ki hiéu z, la nghiém phitc c6 phén do duong ctia phuong trinh 4z% ~16z+17 = 0. Trén mit phéng

toa dd, diém nao dudi day la diém bi€u dién ctia s8 phic w = iz ?

A. M{%;Zj. B. MZ[—%;Z). C. MS(—%;l\). D. M4(i~;l].

Cho s8 phttc z=a+bi (2,b €R) thoa man (1+i)z+2z=3+2i. Tinh P =a+b.

A. 13’:l B. P=1 C. P=-1 D. P=—l
2 2

Xét s8 phtc z thoaman (1+2i)|z]= 1o 2+i. Ménh d& nao duéi day diing?
z

A. §<Izl<2. B. |z[>2. C. |z|<l. D. l<]z|<é
2 2 2 2

Cho hinh chép S.ABC c6 dédy 1a tam gidc déu canh 2a va thé tich bing @>. Tinh chiéu cao 1 ctia
hinh chép da cho.

A. h=-‘gf. B. h:%. C h:%. D. h=+/3a.
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36.

37.

38.

39.

40.

41.

42,

Hinh da dién nao dudi day khéng c6 tam d6i xing ?

~
[N PR , ~
-
.
-
-

\——— - -
1
I

Y]
~
’

A. Tt dién déu. B. Bat dién déu. C. Hinh lap phuong. D. Lang tru luc gidc déu.
Cho tit dién ABCD c6 thé tich béng 12 va G l1a trong tdm tam giac BCD. Tinh thé tich V ctia khéi
chép A.GBC.

A V=3. B. V=4. C. V=6. D. V=5.

Cho léng tru tam giac ABC.A'B'C' ¢6 ddy ABC la tam gidc vudng can tai A, canh AC = 242 . Biét
AC'’ tao v6i mit phéng (ABC) mot goc 60° va AC'=4 . Tinh thé tich V ctia khéi da dién ABCB'C’.
1 c v-88 p.v-168

3 3 3
Cho khéi (N ) c6 bén kinh ddy bang 3 va dién tich xung quanh bing 157 . Tinh thé tich V cta

A.V=§. B. V
3

kh&i nén (N ) .

A V=12x. B. V=20r. C. V=36x. D. V=60x.

Cho hinh ling tru tam giac déu ABC.A'B'C’ c6 d§ dai canh ddy bang a va chiéu cao bing . Tinh
th& tich V chia khéi tru ngoai tiép lang tru ¢4 cho.

2 2
Smah B. V=i”—"3—h. C. V =3ma%h. D. V=
Cho hinh hép chit nhdt ABCD.A'B'C'D' ¢6 AB=a, AD =2a vd AA'=2a. Tinh ban kinh R cua
mét cau ngoai tiép tit dién ABB'C’.
A. R=3a. B. R=z%. C. R=§£.
4 2

Cho hai hinh vuéng c6 cling canh béng 5 duoc x€p chong 1én nhau sao cho dinh X ctia mét hinh

wa*h

D. R=2a.

vudng 1a tdm cha hinh vudng con lai (nhw hinh vé). Tinh th& tich V ctia vat thé tron xoay khi quay
mo hinh trén xung quanh truc XY .

Y
125(1+\/§)7r 125(5+2J5)n
A Ve B. V=
125(5+4J§);z 125(2+J§)7z
c v D. v A\TYE
24 4
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43,

44.

45.

46.

47,

48.

49,

50.

Trong khong gian véi hé toa dd Oxyz, cho hai diém A(3; —2;3) va B(—1;2;5) . Tim toa d6 trung

difm al ctia doan théng AB.

A, 1(-2;21). B. 1(1,0;4). C. 1(2;0;8). D. I(2;-2;-1).
x=1

Trong khéng gian v6i hé toa d Oxyz, cho duong thdng d:{y=2+3t (t € R) . Vecto nao dudi day
z=5-t

1a vecto chi phuong ctia d?

A. iy =(0;3;-1). B. i, =(1;3;-1). C. iy =(1;,-3;-1). D. i, =(1;2;5).

Trong khdng gian véi hé toa d6 Oxyz, cho 3 diém A(l;O;O), B(O;—Z;O), C(0;0;3). Phuong trinh
nao duéi day 1a phuong trinh mat phang (ABC) ?

A Y 2o B XY 2o c XX 2o, p. X Y 2o
3721 2713 17273 371 2

Trong khong gian v6i hé toa &6 Oxyz, phuong trinh nao dudi day 1a phurong trinh mét cau c6 tam

1(1;2;-1) va ti€p xtic v6i mit phing (P):x-2y-22-8=07

A (x+1 +(y+2)" +(z-1)" =3. B. (x-1) +(y—2)" +(z+1) =3
C. (x=1) +(y-2)" +(z+1)" =9 D. (x+1) +(y+2)" +(z-1)" =9
Trong khong gian v6i hé toa d6 Oxyz, cho dudng thing d:%:%:—z-_:l—s— va mét phing

(P):3x—3y+2z+6=0.Ménh dé nao dudi déay ding?

A. d cit va khong vudng goc véi (P). B. d vuéng géc véi (P).

C. d song song véi (P). D. d nim trong (P).

Trong khéng gian véi hé toa dd Oxyz, cho hai diém A(—2;3;1) va B(S; 6; 2) .buong thﬁng AB cit

mét phing (Oxz) tai diém M. Tinh ti s6 %JZ\\//%

JAM 1 B AM _, c AM_1 p. AM _5
BM 2 BM BM 3 BM

Trong khéng gian v6i hé toa d6 Oxyz, viét phirong trinh mét phéng (P) song song va cach déu hai

ong thing d : X2 Y % gy g Xyl 22
duong thang 4, : = 171 Vadz.z— SR
A. (P):2x-2z+1=0. B. (P):2y-2z+1=0.
C. (P):2x-2y+1=0. D. (P):2y-2z-1=0.

Trong khong gian véi hé toa dd Oxyz, xét cac diém A(O;O;l), B(m; 0;0) , C(O; n;O) , D(l; 1;1) voi
m>0;n>0 vai m+n=1. Biét réng khim, n thay d6i, ton tai mot mat ciu c8 dinh tiép xiic v6i mat
phéng (ABC) va di qua D . Tinh ban kinh R ctia mit cau d6?

A. R=1. B. R=—. C. R=—=. D. R=—.
2 2 2
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Cho s8 phtic z=(2-i)2i+2. Tim phan thuc va phan ao cta s8 phtc lién hop cta z ?

A. Phan thuc béng 4, phén o bang 4 .

B. Phén thuc bing 4, phan ao bing 4.

C. Phan thuc béng 4, phén ao bing —4.

D. Phan thuc béng 4, phan &o bang —4i .
2. Tim gia trj cyc dai cia ham s6 y = ¥ —3x2 +6 trén tap xdc dinh caa né.

A. 6. B. 2. C. 0. D. 2.
3. thmg dinh nao sau déay la sai?

A. Khdéi lang try 1a khéi da dién.

B. Tét ca cic mét ctia khdi da dién la cac da giac.

C. Nhiing diém khéng thudc khéi da dién dugc goi la cac diém ngoai ctia khéi da dién.

D. Nhiing diém thudc khéi da dién duoe goi la cac diém trong ctia khéi da dién.
4. Khing dinh nao sau day 1a sai?

A. Phian 4o ctia s phitc z thda min z =z 1a0.

B. Phén thyce hai s8 phiic z va z Ia béng nhau.

C. Médun ctia hai s6 phtic z va z 14 bang nhau.

D. Diém biéu dién hinh hoc hai s8 phttc z va z d6i xting nhau qua gdc toa do.

5. Trong khong gian voi hé toa d§ Oxyz, viét phuong trinh tham s8 clia dudong thing A di qua diém

M(xM;yM;zM) va c6 vecto chi phuong uz(ul;uz;us);é().

X=u +xpt X=Xy, ~u

A Ajy=u, +ypt B. A:jy=yp tiyt
Z=uUz+zy,t Z=2Zy —Ug k
X=Xy +ugd

C. Aty (x—xp ) +1y (y=yp )+ g (z-2p) =0  D. A:idy=yy +uyt.
z=2Zp +ugk

6. Tim nguyén ham ctia ham s§ f(x) =8> +sinx.
A. J.(st +sinx)dx =2x% —cosx+C. B. J.(st +sir1x)dx =2x*+cosx+C.
C. J‘(Sx3 +sinx)dx =24x? —cosx+C . D. J'(Sx?’ +sinx)dx =24x* +cosx+C.

7. Cho hinh chép SABCc6 ddy ABC la tam gidc vudng tai B, SA vudng géc véi (ABC)goc giita SC
va déy bang 30°, AC =5a,BC =3a. Tinh thé tich ctia khéi chép S.ABC.

3 3 3
A. 10“/3'” . 8\/3” . C. 56‘” . D. 10v/34°.

B.

8. Cho hai s6 thuc duwong a,b. thmg dinh nao dwdéi day la ding?

A. 10,57 21089017 b =108, [a-b|. B. logyg;y a+108,017 b =10gy0, (ab).
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10.

11.

12.

13.

14.

15.

C. logyg7 2 D. log,b=-log,a

_ 1

log, 2017 °
Tim nguyén ham cia ham s6 f (x) =sin3x .
A. jsinSxdx:%cosSerC B. _[siandx:?»cosBx+C
C. j.sinSxdxz—3cos3x+C D. _‘.sin3xdx=—%cos3x+c.

N 3x+1 2 . 3 Ao Th A
Chohamsd y= vl Khang dinh nao sau day la ditng ?
%

A. Db thi ham s8 c6 hai tiém can ding 12 x :% va x:—i— .
B. Db thi ham s8 c6 mét tiém can dtng 1a x :% .
C. Db thi ham s c6 mot tiém cin ngang 12 y = % .
D. Db thi ham s8 ¢6 mdt tiém cin ngang 1a y :% .
Tim ham s8 c6 @b thi ham s6 tuong tng véi hinh bén.
by

1

\ X
A y=-2>+3x2+1. B. y=x>-2x"+1. C. y=3x*-2x"+1. D. y=-x-3x2+1.
Cho ham s8 y = f(x) xé4c dinh trén doan [4,b]. Biét ham s& dat cyee dai tai x, [a,b]. Khémg dinh
nao sau day la diing?
A. f(xp)z f(x),Vx ela,b]. B. f"(x5)>0.
C. f'(x)=0. D. f'(x,) d6i daukhi qua x,.
Cho 4,b 12 cac s8 duong. Tim x biét logyg; ¥ = 4logyg;, a+710gy;7 b

11 11
A x=dt+b. B. x=a'P. C. x=a%b7. D. x=a% +b7.
Goi M, m I4n It 13 gié tri 16n nhat va gid trj nho nhdt ciaham s8 y = V=x? +x+2 trén doan [—1; 0]
. Khéng dinh nao dwéi day la ding?
A AM? +m? =9. B. 4M*+m” =8. C. 4M* +m? =11. D. 2M+m=3.
Cho hinh chép S.ABCD c6 déy hinh vudng, hinh chidu ctia S 1én mét ddy tring voi trung diém H
canh AD. Biét ring SC =ava SC hop véi mit day mot géc bang 45°. Tinh thé tich khdi chép
S.ABCD theo a.

22 22 2 2
A. : B. : C. : D. :
5 15 8 24
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16.

17.

18.

19.

20.

21.

22.

23.

24.

Cho mat cau (S) : (x -1)2 + (y + 1)2 +2%2 =9 . Difm nao dudi day ndm bén trong mat cau (S) ?
A. M(-1;1;1). B. N(1,0,2). C. P(0;1;2). D. Q(-1;1;2).
Cho ham s6 f(x) co dao ham lién tuc trén B va dao ham f'(x) ¢6 d6 thi (C) nhu hinh vé. Nhan

xét nao sau day la diing?

l
=
|
|
2

O Il 4
A. Ham so f(x) dat cyrc dai tai x=2. B. D06 thi ham s& f(x) c6 2 diém cuee tri.
C. D6 thi ham s§ f (x) chi ¢6 1 diém cuc dai. D. D6 thi ham s8 f (x) chi ¢6 1 diém cuee tiéu.

Cho ham s8 y = ax* + (2 —a—a?)x?. Tim t4t ca céc gid tri cia a d€ ham s8 ¢6 dang mét cuc tiéu?

A. ae(—0;-2]U[0;1]. B. ae(0;1]. C. ae(-w;-2]u(0;1]. D. ae[0;1].
Giai bat phuong trinh log; (x2 ~3x+2) >-1.
2
A. x€[0;3]. B. xe(—0;0]U[3;+0). C. xe{0;3}. D. xe[0;1)u(2;3].
Hoéi ham 6 y =V —3x*> +4 dong bién trén khoang nao trong khoang sau day?
A. (25+00) . B. (-;0). C. (0;2). D. (-1,2).
Ham s6 nao trong s6 c4c ham s6 dudi ddy dong bién trén tap xac dinh?
A. y=5x—i. B. y=%x—5x. C. y=log, x-7. D. y=log; x+7.
21 — =

2 2
Phuwong trinh 27* —-2.18" —12° +2.8" =0 ¢4 bao nhiéu nghiém?

A. 2. B. 1. C. 3. D.0
2 4

Choham s8 f(x) c6 nguyén ham trén tap xéc dinh la F(x). Giaser [f(z)dz=5, [f(t)dt=9 va
0 2

F(O)+F(4) =3F(2). Hoi F(Z) la nghiém ctia phurong trinh nao duwéi day?

A. xX*-5x+4=0. B. 3x* -x-4=0.

C. 3x*-11x-14=0. D. x*~15x+14=0

Mot hinh non tron xoay 6 ban kinh d4y bing a va chiéu cao bing av/3 . Héi néu ting ban kinh day
1én g&p 3 Ian va gitt nguyén chiéu cao thi gdc gitta mdt dudng sinh ty ¥ ctia hinh nén véi mit day
thay d6i nhw th€ nao?

A. gidm di 30°. B. tang lén 30°. C. giam di 60°. D. tang lén 60°.
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25.

26.

27.

28.

29.

30.

31.

Trong khong gian v6i hé toa dd Oxyz , cho mit cau (S) X%+ y2 +2% —2x+4z—45=0. Duong thzfmg

nao duwdi day cit mat cau tai hai diém A va B sao cho nhén I = (5,' 3;2) lam trung diém?

x =4t x=T+t x=5-2¢ x=5+t
A qy=3 . B. <y=3 . C. qy=3 . D. sy=3
z=7—4t z=5-t z=2-2t z=2-2t

Trong khong gian véi hé toa d6 Oxyz, mét phéng (P) di qua3diém A(0;1;0), B(2;0;0), C(0;0;3)
. Tim toa d vécto phdp tuyén ctia mit phéng (P).

A. (1,2;3). B. (2,1;3). C. (3;6;2). D. (-3;6;-2).

Cho hinh hop diimg ABCD.A'B'C'D' c6 d4y 1a hinh vuéng canh . Khoang céch tir diém A dén

mit phéng (A'BCD') béng % Tinh thé tich kh&i hop ABCD.A'B'C'D' theoa?

3 3
21
A DN2 B. V3. c 3. L
7 3
Mbt ngudi ndng dan can rdo mot manh d4t trong vuon d€ trong rau (tranh ga, vit, ... pha rau) véi
60m lw6i rao va mét bire tuong dai cd sin. Du tinh s& rao manh dat hinh chit nhat (nhu hinh vé).

Hoi véi gid tri ndo caa x thi dién tich manh d4t sé dugc 16n nhét?

B xm C

A D
A. x=20m. B. x=30m. C. x=15m. D. x=45m.
Tim t&p nghiém ctia bat phuong trinh log, (logg(x2 - 3)) zlog,2.

3

A. [—1—\/—2_;—2)u(2;1+\/§] B. [-1~\/E;1+\/E] )
C. (—oo;~1~\/§}u|:1+\/§;+oo). D. [—1—\/5;*‘\/5)\)('\/:—3_;1‘1“\/5}0
Trong khong gian v6i hé toa dd Oxyz, cho duong théng d: xT—l = y-;——% = # va i =(1;~1;2) . Biét

A 1a dudng thdng nhan i lam vecto chi phwong va di qua diém A(a?,a-1,-3q), trong d6 a 1a s6
thize thay d6i. Tim khoang cach nho nhat gitta hai duong thing d va A.

8 4 2
A —. B. ——. C. 0. D. ==,

V35 V35 V35

M1 41 Goi (C,) 1a d6 thi clia ham s§ da cho va M1a giao diém ctia hai
X—m

Cho ham s6 y =
duong tiém cén cta (Cm) Tap hop cac difm M khi m thay d6i la:
A. dudng thing y=x bo di hai diém (-1;-1) va (L;1).

B. dudng thing y=x bd di hai diém (»—1;~1).
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32.

33.

34,

35.

36.

37.

38.

39.

40.

C. duong thang y =-x bo di hai diém (-1;1) va (1,-1).

D. dudng thing y =-x bo di diém (-1;1).

Cho hinh chépS.ABC c6 ddy ABC la tam giac vudng can tai A c6BC=4 ,SA vudng géc
(ABC),SC =4 .Tinh dién tich mat cdu ngoai tiép khoi chép SEBC véi E la trung di€m SA .

A. 387. B. 48r7. C. 36r. D. 307.

Trong khéng gian véi hé toa d6 Oxyz, cho mdt cau (S) ¢6 phuong trinh
x% + y2 +z% = 2x+ 4y-6z-11=0 va mat phfmg (P) c6 phuong trinh 2x+2y-z+17=0. Viét
phuong trinh mat phang (Q) song song vdi (P) va cét (S) theo giao tuyén la duong tron c6 chu
vibang p=67.

A. 2x+2y-z+7=0. B. 2x+2y-z-19=0. C. 2x+2y-z-7=0. D. 2x+2y-z+17=0.

n
4
Tinh tich phan I = [ ™" sin[%—x]sir@ [% xjdx ?
s
6
V3 V3 g V3
A —_ A 3 —=
A.-1—e+£e2 . B.le-——\/;e2 . C.le—\/ge2 . D.lentl/j«e2 .
8 2 8 2 4 4 2

Cho hai s6 phtc z=1+3i,w =a+(b—1)i,(u,b € R)vé a,bla hai s6 thoa ZW=2Z+W. Khéng dinh
nao la diing?

A. u+b=Z. B. a+b=—5-. C. a+b=l. D. a+b=—-1—.
3 9 3 3

C6 tét ca bao nhiéu gid tri nguyén ctia tham s thue m sao cho dudng théng (d ) ty=x-m+1 citduong

_4x-2m
x+1

cong (C):y tai hai diém phan biét va khoang cach gifta hai di#m d6 nhé hon 2017 ?

A.60. B. 61. C. 62. D. 63.

Tim tat ca cac gia tri ctia tham s6 thwe m d€ ham s8 y = ——;-sin2x+2(m+ 2) cosx+(4m +9)x dong
bién trén (—oo; +oo).

A m<-3. B. m26. C. 2<ms6. D. m>-2,

Ki hidu z, la nghiém phitc cé phan 4o 4m ctia phuong trinh z? —6z+13=0. Trén mat phéng toa
d6 Oxy, goi M 1a diém bidu dién caa s8 phiic (-1 +2i).z1 va H 1a hinh chiéu vudng géc cia M 1én
truc Ox. Tinh d6 dai OH.

A. OH=8. B. OH=7. C.OH=4 D.OH=1.

Chohams§ f (x) lién tuc trén khoang (—2; 3) .Biét f (x) ¢6 nguyén ham trén khoang (—2; 3) . Tinh
2 4 3
I= x)+2 |dx, bidt ring | = 2t)dt ==,
[[76)+2] 5= [ r)de=
7
A. I=5. B. I=E. C. I=9. D. I==.
2 2
Cho hinh try (T) ¢ ban kinh day la r, 2 tim ddy 1an lugt 13 O va O’ thoéa OO’ = h, va diém I thudc
doan OO’. Goi (N1) 1a hinh nén ¢6 dinh I va day 1a dudng tron (O; 1); goi (N2) 1a hinh nén ¢6 dinh
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I va d4y 1a dwong tron (O'; 1). Biét rang khdi nén (N2) c6 thé tich gap dbi thé tich khéi nén (N1) .
Tinh d6 dai OI theo h.

0
T
ol
h
A or=2 B. OI=2. c k. D. or=2.
3 2 4 3
41. Cho s phtic z thdéa man S+2i (z+;) :§+—§—i~i. Hoi diém biu dibn ctia s6 phtc z ndm trén
duwong thang nao duéi day?
A. x=—5—. B. xsg. C. x=—§. D. x:~§.
4 2 4 2
x=1+(2m-3)t

42, Trong khong gian véi hé toa d6 Oxyz , im hinh chiéu ctia duong théng (d) Hy=-1+ (3 - m)t trén
z=-2+(3m+3)t

métphfmg (P):Zx—y+3z+3=0.

x=-2—t' x=1-3t" x=1-t' x=-2—t
A Jy=2+t" ., B. sy=-1+3t", C. qy=-1+t", D. Jy=2+t",
z=T1+t' z=2-+3t' z=-2—1 z=1-¢'

43. Cho bt phuong trinh 2log, (x3 +1) <log, (2x~1)2 +%—-logﬁ (x+1). Tim t4p nghiém S cua bét
phuong trinh.
A. §=[1;2]. B. S=(-w;-1)u[1;2] C. (-L0]u[L;2]. D. 5=[2;+x)

44. Cho hinh thang cong (H) giéi han boi cac dudong y = (\/E )x ,y=0,x=0,x=k (k > O) . Tim gid tri cia

k d€ dién tich hinh (H) b?mg véi dién tich hinh tron ban kinh R dwong cho truée (gia tri k theo R).

¥ ‘/ f

0 ,k
i i
|

A. k=21n(27rR2+1). B. k:21n(7rR2+1). C. k:ln(R2+1). D. kzzm[”—ljnj.

45. Cho ham s8 y = x% +k, k 1a tham s8 khéng &m, c6 d6 thi nhw hinh vé. Biét OABC 1a hinh chit
nhit. Tim k d€ db thi ham s& chia hinh chit nhét thanh 2 phén c6 dién tich bﬁmg nhau.
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46.

47.

48,

49.

50.

o] 2

A.k:é. B. k=~122. C. k=0. D. k=—.
3 9

Cho ABCD la hinh thoi ¢6 canh la a (nhu hinh vé). Goi V; va V, lan luot la thé tich ctia cac vat

W

thé tron xoay khi quay hinh thoi trén quanh truc AC va BD. Trong trudng hop V; dat gia tri lon

PV 7
nhat, hay tinh i s§ —L.
v,

1% 1%
A L=3. B. Vi, h_ 3 D. -L-\2.
VZ VZ V2 \/-2_ V2

Gia st ban muén mua tra gép 1 cai dién thoai Sony Xperia Ultra tri gia 20,5 triéu (d6ng) & Thé gidi
di dong trong vong 12 thang véi 1ai sudt 1,2%/thang va da tra trudc 7 triéu (ddng). Hoi hang thang
ban phai du ra it nhat bao nhiéu tién d& c6 thé tra? (Tra vao cudi mdi théang)

A. 1,21 triéu (ddng).  B. 1,22 (triéu dong). C. 1,84 triéu (dong). D. 1,85 triéu (d6ng).
Trén tap hop s6 phttc cho phuong trinh z2 ~\3z+1=0 (*). Goi z; z, langhiém ctia phuong trinh

7z z
1_+.2 neN,

" R N1 _
(*). Tim mddun cta s8 phirc w iz

NE)
5
(P):3x+y—4z+5=0,dié’m A(Z;—1;4) va

A 1. B. \3 . C D.

QN

Trong khong gian véi hé toa d6 Oxyz, cho méat phén

duong thing (d): XT_l =

W<

= z—4 . Tim phuong trinh mét phing (a) vudng gbc véi (P) , cach déu
diém A va duong thang (d).

A. (@):13x-11y+7z-53=0. B. (@):3x+y-4z+12=0.

C. (@):13x-11y+7z+12=0. D. (a):3x+y—4z+1=0.

Tim tat ca cic gid tri ctia tham s& thue m d€bét phuong trinh sau dwoc nghiém ding véimoi x>0

10g1(7x2+7>>log1(mx2+4x+m)
2 2
A - m>7. B. m<5. C m=z27. D. m<5.
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Tim khéng dinh d#ing trong cac khang dinh sau day.

A. Néuhamsd f (x) dat cyc tri tai x, thi x, goila cuc tri ciia ham s6.
B. Néuhamsd f (x) dat cye dai tai x, thi x, goila difm cyc dai ciia ham s6.
C. Néuham s8 dat cyc tri tai x, thi x, goila difm cuc dai ciia ham sd.

D. N&uham s8 dat cyc tri tai thi x, goila cuc dai ciia ham s6.

Vax? +2x +1

2. DO6thihams6 y= — ¢6 bao nhiéu tiém cén ngang?
x—
A. 0. B. 1. C. 2. D. 3.
3.  Véihais6 thuc a,b khac 0 bat ki. Ménh dé nao dwéi day diing?
A. In(a2b4) = Z(In’a’ +41n’b’) . B. 1n(a2b4> =2Ina+2Inb?.
C. 1n(u2b4) = 2]n|u|+ 2Inb*. D. In(a2b4) =2Ina+4Inb.

4, Ham s6 nao dwdi day cé thé 1a mot nguyén ham ctia ham s8 y =™ +5sinx ?
y

2x

A. y=2¢** +5cosx. B. y:ez

~5cosx+9.

2x

C. y:ez +5cosx+15. D. y=e¢** —5cosx+2.

5. Chohams§ f(x) c6 dao ham trén (-2;2). Biét ring f(0)=-1 va jf' x)dx=3, tinh f(1).

A 2. B. 4. C. 4. D. -3.
6. Tim khing dinh diing trong cac khang dinh sau day.
A. S8 phttc 6 phan thucla -2 va phén dola -3i.
B. S8 phtc z =5-+/6i 6 phan thuc 135 v phan 40 1a /6.
C. S8 phttc z = -3 la sd thuin &o.
D. S8 phtic z =2+2+/2i 6 phan thyc 1 2 va phin o 1a 242 .
7. Hinh da dién nao sau day khdng phdi la hinh da dién déu?
A. Hinh chép ti& gidc déu. B. Tt dién c6 6 canh bang nhau.
C. Hinh hop chit nhét ¢6 cac canh b:fmg nhau.  D. Hinh bét dién déu.
8. Cholangtru ABC.A'B'C'.Goi V,V, Ianluot Ia thé tich ctia khéi lang tru va khéi chép A.ABC.
Tinh ti s6 &
V.

2

1% 1% V.
A. L=§. B. ~+=2. C. —Ll=3. p. 1.1
v, 2 v, v, vV, 3
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9.

10.

11.

12.

13.

Phurong trinh nao dudi day 1a phuong trinh tham s6 ctia duong thing (d) di qua diém A(-1;5; ~2)

s s . L 1.3 .
va co mot vecto chi phuongla a = -E;E;-D ?

x=—-l—t X=——=t
32 x=~1+t 32 x=-1+t
A. y::5+5t. B. iy=-5-3t . C. y=—2~—5t . D. {y=5-3t
2= —5_0} z=-2+10t 7=_5_92t z=~-2+10t

Ham s§ y= x> —3x? +2x -6 c6 dao hamy' d6i dau may [an trén khoang (-3;1) ?

A. 0. B. 1. C. 3. D. 2.
Cho ham s6 f(\) c6 bang xét ddu ctia f'(x) nhu sau:
T —00 -2 -1 0 1 +00
f'(x) + 0 - + 0 - 0 -

Trong do, f' ( ) khéng xac dinh tai x =-1 va f ( ) 3. Chon phat biéu diing.
A. D06 thi ham s8 f(x) c6 3 diém cuc tri.

B. D6 thi ham s8 f(x) c6 2 diém cuc tri.

C. D6 thi ham s§ f (x) ¢6 4 diém cuc tri.
D. D6 thi ham s§ f(x) c6 cac diém cyc daila x=-2 va x=0.

sinx+1

Cho ham s6 y = 1
Cos2x —

trén tap xac dinh. Khang dinh nao sau day la diing khi nhan xét vé gia

tri 16n nhat va gia tri nhé nhat ctia ham s6 ?

A. Ham s8 6 gid tri lén nhat va gia tri nho nhét.

B. Ham s& ¢6 gid tri nhé nhatla ~1.

C. Ham s6 t6n tai gia tri 16n nhit nhung khéng tn tai gia tri nho nhét.

D. Ham 50 khong ton tai ca gid tri Ién nhat va gia tri nhé nhat.

Cho ham s8 y = f(x), m la tham s6 , x4c dinh trén R\(~2;2], c6 bang bién thién nhw hinh bén

dwdi. Tim tat cac céc gia trj thuc clia tham s8 m d€ d6 thi d6 thi ham s8 y = f(x) cat dudng théng

y= 1 tai 2 diém.
2

Fey)

fx)

A. —E£m<z.
4 2
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14.

15.

16.

17.

18.

19.

20.

21.

22.

23.

24.

1 6
Tinh dao ham ctia hAm s8 f(x) —x23x5x 7 ++/x (x > O) .

51 1 51 1

A. f'(x)=3xﬁ+%x7. B. f‘(x):%xﬁnhgxpi.
s 65 = -

' - 14 2 ' — — 4l4 il 2

C. f'(x)=3x%+x2. D. f'(x) o

Cho log, b=2 va log,a=3. Tinh log,, a* .

L2 B. 1. c X D. 2.
21 2 13 26
Tinh dgo ham ciia ham s8 f(x) =log? (6x-9).
‘ , 6log2 (6x-9
A f (x)=310g§(6x~9). B. f (x):zi%—)—m?).
xlog? (6x—9 log? (6x—9
C. px)-1o8s (50 D. fi(x)- o8a(62=%)

(2¢-3)In5 2x-3

Cho s8 thyc x théa phuong trinh 5%~* —4.5*2 -5 =0 . Hay tinh gié trj cia 5" .

A. 5. B. 1. C. 3. D. C62gidtri -1 va5.
Hoi bét phuong trinh log ;- x.log, x.10g,, x.10g,,; x* <625 c6 bao nhiéu nghiém nguyén?

A, 104. B. 4. C. 11 D. 3125.

1
Hoi khi j(xz —mx)exdx =e—7 thi gid tri ctia m 1a nghiém ctia phuong trinh nao dudi day?
0
A. x*~8x—e* +4e+12=0 . B. x%+4ex+36e-81=0.
C. x> -5x+6=0. D. x* -12x+35=0 .
Tinh (a+b-i)[a+(b-1)i], véi a,beR.
A. @ +ab+b-T1+a(b-2)i. B. @ +ab+b-1+(ab+b” ~2a-b)i.
C. @ +ab-b+1+a(b-2)i. D. a* +ab—b+1+(ab+b* ~2a-b)i
Cho hinh chép S.ABC ¢ day ABC 1a tam giac vudng tai A, AB=23a, AC =4a, SB vubng gbéc (ABC),

SC =542 . Tinh thé tich kh&i chép S.ABC theo a.
A. 104°. B. 304°. C. 10a°\2. D. 54°.
Cho hinh nén (N) c6 thiét dién qua tryc 1a mot tam gidc vuéng c6 canh huyén bing a cm . Tinh thé
tich V cuia khéi nén d6.
r 3 a’r 3 i 3 P 3

A V=—-cm’. B, V=——:om". C. V=—cm”. D. V=—om’.
8 6 24 3

Trong khéng gian véi hé toa d6 Oxyz, cho tam giac ABC c6 A(—3; 5;4) , B(O; 2; —7) va trong tam
G(Z; 6;2) . Tim toa dd diém C.

A. C(6;18;6). B. C(9;11,9). C. C(3;11;-5). D. C(3;11;9).

Trong khong gian vdi hé toa dd Oxyz, cho cac phuong trinh sau:

M) (x-1)2+(y-2+(z-1)2=7. @) @x+1)2 +(2y+3)* +(2z+5)* =1.
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25.

26.

27.

28.

29.

30.

31.

32.

(3) (2x+3)% +(By +2)* +(4z-5)* =9. (@) ¥* +y* +22 +2x -6y -82-20=0.
C6 bao nhiéu phuong trinh trong sd cac phwong trinh trén la phwong trinh mét cau?
A. 1. B. 2. C. 3. D. 4.
Trong khong gian véi hé toa dd Oxyz, viét phuong trinh mat phéang (P) di qua M (0; —2;1) va song
song v6i mt phang ():3x~2y-z+5=0.
A. (P):3x-2y-z-3=0. B. (P):3x-2y-z+3=0.
C. (P):=2y+z-3=0. D. (P):3x+2y-z+5=0.
Mét vat bit dau chuyén dong v6i van toc & gidy tht + duoc xdc dinh bdi ham s6
f(t) =2t ~15t* + 24t +20 (m/s). Hoi trong 5 gidy déu tién, quang dudng vét di duoc cho dén khi
dat van toc 1on nhit 1a bao nhiéu?
175 55

A 11m. B. — m. C. 80m. D. — m.
2 2
RN e s Y x¥-3
Tinh tong s6 dudng tiém cén ding va ngang ctia d6 thi ham s& y = -
x°—5x+4
A2 B. 3 C. 4 D.5

m

R o 1 2 s . . o N M n o ey
Chohams6 y = gxa —mx* —x+m +§ cO do6 thi la (C ),vm m la tham s6 thuwc. Tim tat ca cac gia
tri ctia m d€ (C,, ) cat truc Ox tai ba diém phén biét cé hoanh d6 x;; x,; x5 thdax,” + x,” + x,” > 15

(m<-1
A -1<m<1 B. .
_m>1

~1-6

1-v6 1446 m<
3

3
C. <m< D. .
3 ~1+\/g
m>
L 3
Cho ham s6 y =1n——2—1-, nhéan dinh nao dudi day 1a diing ? |
X+ |
A 2y"=y'eY. B. y"=(y')3. C. ey.y"=8(y')3. D. 2y"+y'e? =0. |

Anh Nhén gtti vao ngan hang sd tién ban d4u 10 triéu dong voi 13i sudt 7,5% ndm. Sau 6 thang k&
tle ngay dau tién g thi 13i suét thay d6i tang 1én 8% ndm, anh Nhan quyét dinh gt thém 1 s6 thang
tron nita. Hoi d€ thu dwoc s6 tién ca gdc va 14i t6i thi€u 11 triéu thi anh Nhan giii tdng cong it nhat

bao nhidu thang, biét ring trong sudt thoi gian gii, anh Nhan khéng rit tién 14i [4n nao?

A. 15 thang B. 14 thang C. 9 théng D. 10 thang,
Jg 2 a—b\/E 2
Biét I = I wl+x"dx = 3 trong d6 4,b 1a hai s6 nguyén duong. Khang dinh nao sau day la
1
khing dinh diing ?
A b>7. B. b<5. C. 2>10. D. a+b>15.
-1
Tich phan [ — > dx =aln2+bIn7 —cIn1L,(a,b,c € Q) . Tinh gid tri a+b-+c.
52x° -7x+5
A 4. B. 1. C. 7. D. 2.
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33.

34.

35.

36.

37.

38.

39.

40.

41.

Mbt vat di chuyén véi van t8c dwoc biu dién theo ham s8 o(t) =16t ~4t% (cm/s). Hay im quang
duong S ma vat do di duoc trong gidy thit hai?

A. S=16cm. B. S=12cm. C. $=9cm. D. S=8cm.

Cho s6 phttc z thoa phuong trinh (1 + 21'); + (i - 3)2 =16->5i . Trong mit phing toa d§ Oxy, goi M
13 di€m bidu dién cho s8 phtic z+iz . Tinh d6 dai OM.

A. OM=5V2. B. OM =+2. C. OM =5 . D. OM =50.

Cho A,B,C,D 1a b6n di€m trong mit phéng phtic biéu dién theo thit ti cic s8 phtc

~1+i, =1—1, 21, 2-2i. Goi 2;,2,,25,2, theo thit ty la céc diém M,N,P,Q lin luot thoa

OM = AC,ON = AD,OP = BC,00 = BD . Tinh 2L+2 .
Zy 2
ABLB_ gy B A4 c A 2 p A5 2
Zy 2z zZ, z4 3 Zy 2y 3 zZ, z4 3

Cho phuong trinh z* +42% +16 =0 . Ki hiéu 2;,2,,25,2, 12 b&n nghiém phitc cia phurong trinh trén
theo thi ty tong ctia phén thiee va phién o téng dan. Tinh T =z, +2z, +3z, +4z,.

A. T=4i3. B. T=4+2i\/3. C. T=2+4i/3. D. T=-2-4iV3.
Cho hinh l&ng tru ABC.A’B'C’ c6 ddy ABC la tam gidc déu canh 24. Hinh chiu vudng goc clia A’
1én mit déy (ABC) triing véi trung diém M ctia canh AC. Géc giita canh bén va mit ddy bang 60°.
Tinh khoang cach tir C’ d&n mit phdng ABB'A'.

2015 4a15 6a+/15 15
5 5

A. B. C. . D .

5 T 10

Cho hinh chit nhat ABCD ¢6 AD =2, AB = 4cm . Tinh thé tich V(cm3) ctia vat thé tron xoay duoc

tao thanh khi quay hinh chit nhét trén quanh truc AC .

_352my5 o yo2m5
75 15
Cho tam gidc ABC déu canh 3 cm ndi tiép duong tron (0). Biét rang duong tron (O) 1a giao tuyén

A. V=32x. B. V=167 . C.V

ctia mit cAu tAm I ban kinh 5 cm va mét phing (a) . Tinh khoang cach tir I &n mat phang (a:) .

V73 V97

A. 4 cm. B. —2~ cm. C. > cm. D. V22 cm.
Trong khong gian véi hé toa d6 Oxyz, cho diém A(—~1;1;1) va dudong théng d :Zc_;_?>_=yT+2:z_+11
Viét phuong trinh dudng thing A qua A, A cdt va vudng goc véi d .
x=2-t x=-1+2t x=-14+9t x=-1+t
A Jy=-5+t. B. {y=1-5t . C. {y=1+8¢t . D. {y=1+2¢.
z=-1+t z=1-t z=1-20t z=1+4t

Trong khong gian véi hé truc toa d§ Oxyz, cho hai diém A(1;5; O), B(3;3;6) va duong théng A b

phuong trinh %—-1- = y—_ll =§ . Mdt diém M thay d5i trén duong thing A . Biét rang M(a;b;c) 1a

diém thoa man chu vi p,,,. tam gidc MAB dat gia tri nho nhat. Khéng dinh nao sau day la diing ?

A. a+c®+b*>>5. B. (a—b)c<1. C. (u—c)b>1. D. b+a®<c®.
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42. Trong khong gian v6i hé toa dd Oxyz, mét hinh lang tru cd dién tich day bang 5 (dvdt) va hai day
lan luot ndm trén hai mat phfmg (a) (x-2y+3z-a=0, ([3’) 13x-6y+9z+b= O,(a;b eR b= 3a)

. Hoi néu thé tich khdi lang tru bing 5v14 (dvtt) thi nhan dinh nao sau day la diing ?

b

A. |3a+b|=Jﬁ. B. a+§=42. C. [3a+b|=14 D. a+g =14.

43. Chohams8 y=x"+3x* —mx—4 (1) véi m la tham s8 thuc. C6 tat ca bao nhiéu gié tri nguyén cua
tham s6 thue m Ién hon -9 d€ham s8 (1) déng bién trén khoang (~;0).
A. 7. B. 6. C. 5. D. 4.

44, Goi s6 thue m sao cho d6 thi ham s8 y = ¥° —~3(m +l)x2 +(6m + 3)x— m co cyc dai, cuc tiéu dong
thoi tiép tuyén ctia do thi tai 2 diém cuc tri 14 2 dudng th?mg song song cach nhau mdt khoang % .

Hoi c6 bao nhiéu gia tri m?
A. 2. B. 3. C 1 D. 0.

45. Chohamsé y =log, 2 (b<0, a>1).D5 thi nao dudi day miéu ta chinh xéc nhat d6 thi ctia ham s§
x

da cho?
A. B.
Yy
Yy
/
(o]
O X
\ |
C D.
y y
1
\ .
O
O e

46. Cho phuong trinh In® x+m+h1x(1nx3 +m+2)=0. Tim tat ca gid tri m d€ phuong trinh ¢6 ba
nghiém phan biét 1ap thanh mét cip s6 nhan.

m<1
A. . meR. B. m>1. C. m<1. D. .
m# -1
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47.

48.

49.

50.

Trong mjt phing Oxy, cho dudng ton (C):a’+y*=R* vd duong thing
(d):x+(v2-1)y = R,(R > 0). Biét gié tri ctia dién tich hinh phéing gi6i han boi duong thing (d),
duong tron (C ) va truc hodnh Ox c6 dang aR? (ae R). Tim a (k&t qua lam tron dén hang phan
nghin).

A. 3,352. B. 1,678. C. 0,99. D. 1,532.

Tim phén 4o ctia s§ phitc z ¢6 md dun nho nhat thoa didu kién 12 -2 —4i| = lz - 2i[ .

A 2. B. 2. C. -3. D. 3.

M6t hinh nén c6 ban kinh day R =10cm va chiéu cao bang h = 40cm . Hinh tru duoc goi 1a ni tiép
hinh nén néu mot duong tron day ctia hinh tru nim trén mit xung quanh ctia hinh ndén, ddy con lai
n&m trén mit déy clia hinh nén. Tinh ban kinh day r ctia hinh tru n6i tiép hinh nén &€ dién tich toan
phiin ctia hinh try dat gid tri 16n nhat.

A. r=égcm B. rzﬁcm. C. r=-1——6—cm. D. r:—l-gcm.
7 3 3 3

Trong khéng gian v6i hé toa d6 Oxyz, cho hai diém M (O; -1 2),N (—1; 1 3) . Biét mit phémg (P) di
qua M,N sao cho khoang cach tir K (0;0;2) dén (P) dat gié tri 16n nhat. Hoi diém nao sau day

thudc (P) .

A. 1(&,-1;3—\/5). B. ](1;%;%] . C. R(Jé;—s;@). D. s(%;—&l] .

3
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1. Chohams8 y = f(x) c6db thi la dudng cong (C) nhu hinh bén. Trong cdc ménh dé sau, chon ménh

dé sai.
A
A
(9]
Ny |
1 i H
H f‘ X
T 0 i 5 -
! i
|
2 :
3 :
A. D6 thi ham s8 dat cuc dai tai x=2. B. Db thi ham s8 ¢6 2 diém cuee tri.
C. Gia tri cuc dai cia ham sd 1a 1. D. Diém M (4; —3) 14 diém cuee tiéu ctia d6 thj ham s6.

: ~ 2
2. Trén miit phing toa do, im diém biéu dién s6 phirc z biét 2 =(1+iV3)
A. M(l;\/g). B. N(l;—\/é). C. P(~2;—2\/§). D. Q(—z;zﬁ).
3. Cho khéi lang tru c6 dién tich day la g va chidu cao la . Tinh thé tich khéi ling tru theo B va .

2
L B. Bh. C. %—h. p. Bt

9 3
4. Trong cac ménh dé sau, ménh dé nao sai?
A. Khdi tir dién 1a khdi da dién 16i.
B. Khdi hop la khéi da dién 16i.
C. Lép ghép hai khéi hdp s& duoc mét khéi da dién 16i.
D. Khoi lang tru tam gidc 1a khdi da dién 16i.
5 Cho ham s8 f(x) c6 dao ham f'(x) trén doan [3;4], f(3)=3 va f(4)=4. Tinh

l=z[1
I

+ f(x)]dx.
A .

=-2 B. I=2. C. I=14. D. I=1.
3x—2
2x+1"

NER b.[-12).
2 2 22

6. Tim giao diém hai dudng tiém cén ctia d6 thi ham s6 y =

A, —l;Z . B. g;—l .
23 372

7. Chon ménh d@ diing trong cdc ménh dé sau.

A.J dx =lln|ax+b[+c(a,b,ceR,u;ﬁO).
ax+b a

B. [cos(ax+b)}l = ~%sin(ux+b),(a,b eR,a= 0).
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C. I(f(x)g(x))dx e Uf(x)dx)('[g(x)dx) .

D. [f'(x)dx=f(b)-f(a) (f'(x) xéc dinh trén R, a,beR).

Sy D

8. Trongkhong gian v6i hé toa d6 Oxyz, cho hai di€ém A (1; 2; 3) va B (3; 2; 1) . Viét phwong trinh duong

théng AB.
340t x=1+2¢ x=3~t
=3+ - - —
{x 198 ° B. qy=2 C. y:Z D_%:yTz.:.Z__.El_
S z=3+2t z=1+¢ B
9. Tim diéu kién xac dinh ctia log,, 5 (4x—7)2 .
A x>2. B. x> 7z .
4
C. x>zvéx¢2. D.x>gve‘1x¢2,xiz.
4 2 4
10. Cho hinh chép SABC c6 day ABC 12 tam gidc vudng tai B, SA vudng goc véi (ABC) goc gifta SC va
déy bing 30°, AC =54, BC =3a . Tinh thé tich khdi chép SABC theo a.
3 3 3
A. 10V3.2%. g, 1030 c. 20034 p, 8034’
3 3 3
. o, ) ~2017
11. Tim tdp xac dinh chiaham sd y = (—x + Zx)
A. D=R\{0;2}. B. D=(0;2). C. x¢{0;2}. D. x<(0;2).
12. Cho kh&i nén c6 ban kinh d4y béng a va chiéu cao dai g&p 3 lan dudng kinh ddy. Tinh thé tich khdi
non theo a.
A. 5. B. 2a%. C. 7za®. D. 2z4°.
13. Trong khong gian v&i hé toa d§ Oxyz, viét phuirong trinh méat cau co tam | (—2;1;0) va tiép xuc voi
mat phéng toa do (Oyz).
A (x+2f +(y-1) +22 =4 B. (x+2)" +(y-1) +22 =2
C (x-2f +(y+1) +22 =4 D. (x-2) +(y+1) +22 =2.
14. Chohams8 y = f(x) ¢ tap xac dinh [—3;4] va cd d6 thi nhw hinh vé. Ménh dé nao sau day la diing?
D
ot
B C
| ' 0 | E
-4 -7 2 o 1 2 3 4 5
A - _1 p— S — SUUVSNSSNEUS SEUUPNUNDRI SR— -

A. Ham s8 nghich bién trén (—2;0) .
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C. Ham s6 dong bién trén (~3; —2) va (0;2) . D. Ham s6 déng bién trén (~3;2) .
15. Trong khéng gian véi hé toa d6 Oxyz, phrong trinh nao dudi day 1a phuong trinh mét cau di qua

ba diém A(S;Z;IO), B(8;—6;~1), C(4;4;9) vd ¢o khoang cdch tir tim dén mit phéing

(a):x+2y—2z+5:0 la %
A. X +y? +2% 128y +18y-82-225=0. B. x?+y?+22-17x-3y-5z+12=0.
C. x2+y2+22+4x+—§y—§z—3—§z:0. D. x2+y2+z2—2x+4y~6z—67=0.

16. Hoi do thi ctia hai ham s8 y =x% —x* ~5x+2 va y=-x* +2x—4 ¢6 bao nhiéu diém chung?
A. 0. B. 1. C. 2. D. 3.

17. Chohams§ y=x* ~5x* +4, nhan dinh nao dudi day 1a diing?
A. Ham 56 khéng c6 gid tri nho nhét trén tap xac dinh.
B. Ham s& c6 gié tri I6n nhét trén tap xac dinh 12 4.

V10

C. Ham s8 ¢6 gid tri nho nhét trén tap x4c dinh 1a -

D. Ham s8 c6 gié tri nho nhat trén tap x4c dinh 1a —%.

18. Trong khéng gian véi hé toa dd Oxyz, cho mit phéng (P) :3x+2y—2z-5=0. Vecto nao dudi day
la mot vecto phap tuyén ctia (P) ?
Ay =(2:3;-1) . B. n, =(-3;-2;1). C. 1y =(6;-4;-2) . D. E:[l;%,%].

19. Tim di€m cyc dai ciia hAim s6 y = x%+3x2 ~9x+4.
A. 31. B. -3. C. 1. D. 1.
20. Cho3s8 a>b>c>0 va ¢<1.Chon ménh dé diing.

A. log 2 <log, 2" <log, 2°. B. log,_, 2" <log,_, 2" <log, ,2°.

C. 58" > plogt 5 plose, D. (1-6)"" > (1-8)"" > (1-b)"™.
21. Rat gon biéu thite A =log, x~log, X2+ log,, X3 - logg, x4, (x > 0)

A. 4log,x . B. 1. C. —28log, x . D. 0.

22. Tim phan 4o clia s8 phitc z thoa phuong trinh z— i(3-2i)=(i- 2)2 .

A 1L B. 1. C. i. D. —i.
23. Tim nguyén ham F(x) cta f(x):———z-—l—— théa man F(4)=0.
x“-5x+6
A. F(x)=Inft~3)+Injx—2+n2 . B. F(x)=Inf—-In2.
C. F(x)=In[—|+In2. D. F(x)=In|s? ~5x+6-In2.
24. Chocdcménhdésau: (1) 7* <72 o x>1.  (2) (\/5—1)pz(\/§+1)q©p+qso.
3 Ix*>0ox>1. 4) 1<lnx<ewe<x<ef.
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25.

26.

27.

28.

29.

30.

C6 bao nhiéu ménh dé diing trong cac ménh dé trén?

A 1 B. 2. C. 3. D. 4.

S8 nghiém ctia phurong trinh log 7 Jx-5 —logg 125 K= 2log, x—1 labao nhiéu?

A. 2. B. 1. C. 0. D. 3.

Cho hinh ch6ép SABCD ¢6 ddy ABCD lahinh thang, BAD = ABC =90°, AB=BC =a,AD =2a, SA
vudng géc v6i mit phang (ABCD) va SA=2a.Goi M,N Ian lugt 12 trung di€m ctia SA va SD.
Tinh thé tich kh6i da dién ABCDNM theo a.

Phuong trinh z* —(mz ~1) 722 —m? =0 (rn € R) ¢4 bao nhiéu nghiém thiec?

A. 1. B. 4. C. 3. D. 2.

Ti 18 téing dan s6 hang ndm ¢ Viét Nam dugc duy tri ¢ mike 1,05% . Theo s8 liéu clia Téng Cuc Thong
K&, dén s8 ctia Viét Nam nim 2014 1a 90.725.500 nguwedi. V6i t8c d ting dan s6 nhue thé thi vao ndm
n véi n22015,neN thi dan s6 ctia Viét Nam 1a P, nguoi. Hay thiét 1ap cong thirc tinh P, .

1.05 n-2014
A. P, =90.725.500(1+0,0105)" . B. P, =90.725.500 1+ = .
" " 100

1 05201 0.05 )21
100 ] ' 100 ] ’

Cho mot tdm bia hinh chit nhat kich thwdc 4emx8cm . Ngwedi ta 6 thé cudn tdm bia doc theo chiéu
rong (hinh 1) hoéc theo chiéu dai (hink 2) d€ tao thanh céc hinh kh&i khac nhau. Hoi trong céc cach
gap tdm bia dwdi day, cach ndo cho ta mot hinh khoi c6 thé tich 16n nhét?

C. P, =90.725.500 [1+ C. P, =90.725.500 (1-!—

8cm

8 cm
1 | i
¥ 1 H
————————————————————————————— i i 1
H ) 1
B R T 4cm H H H
1 1 !
] 1 1
_____________________________ ] 1 1
1 1 1
i 1 1
i ] ¥
1 1 |
Hinh 1 Hinh 2
A. Gdp tam bia doc theo chitu rong ctia n6 dé tao thanh mdt hinh hdp chit nhat c6 ddy 1a hinh

vudng.
B. G&p t&m bia doc theo chidu dai clia n6 d€ tao thanh mdt hinh hop chitnhat cé déy 1a hinh vudng.
C. Cudn tdm bia doc theo chiéu réng ctia n6 d€ tao thanh mét hinh tru.
D. Cubn tdm bia doc theo chiéu dai cia né d€ tao thanh mét hinh tru.
Trong khong gian v6i hé toa d0 Oxyz, cho hai diém A(l; —2;1) ,B (2; 5; 4) va duong théng

d :5—1—2« - l;—l - -Z.f; . Goi () 1a phurong trinh mét phing chira dudmg thing d va céch déu hai

diém A,B. Goc 16n nhét tao thanh gita mit phing (a) va truc Ox gin véi gid tri ndo nhit sau
day?
A. 19°28". B. 68°25'. C. 70%31". D. 21°24'.
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31.

32.

33.

34.

35.

36.

37.

38.

39.

Goi S la dién tich phan hinh phéng giéi han boi d6 thi cta hai ham s6 y=x>+5v-4 va
y=6x* —6x+2 . Nhan dinh nao dudi day la ding ?

A. 5sin*(Sz)+3cos® (Sz)-2=0. B. 3sin®(Sz)+cos(S7)-1=0.

C. sin(Sz)+ x/gcos(Sz) -2=0. D. sin*(Sz)+3cos(Sz)-1=0.

Cho dudng thang d: y = k(x - 2) +4 cat duong cong (C) y=x" ~3x+2 tai 3 diém phén biét A (2; 4)

, Bva C. Tim toa d¢ trung diém M ctia doan th:fmg BC.

A. M(-1;-3k+4) B. M(-2;-4k+4). C. M(—%;—gkwj D. M(-1;4).

Khi tinh nguyén ham _[—--——-— nguoi ta dat = g(x) thi nguyén ham tré thanh J 2dt .
(2x+1)(x+1)3

Tinh gié tr g(0)-g(1).

A 62 B. V26 o, 246 p.2-6

g

2

\33
Cho s6 phttc z =a+bi (a,b € R) thoa man Z=G—f—§j +(1-1)" +(2+3i)(2-3) . Tinh P=a+b.
=1

A. P=44. B. P=-18. C. P=-20. D. P =46.

Goi m la s6 thuc thoa diéu kién 22 = 1 v6i 86 phtc z = i Hoi cd bao nhiéu gia tri cia
2 1~1n(711—21)

tham sd m ?

A. 2. B. 0. C. 1. D. 4.

Trong khong gian v6i hé toa dd Oxyz , cho duong thing A : 5——1—2 = ‘1/2;2 = '—Z—Jlr—l— va diém M (O; 2; 5)

. Biét H 1a diém thudc A c6 toa d6 H(xo;yo;zo) sao cho MH nho nhét. Tinh S =x; +1, +2;.

A s=1L. B. 5185, c s, D.5=2.
3 3 3 2

Trong khong gian véi hé toa dd Oxyz, viét phwong trinh dwdng théng di qua diém A(O; 2; ~2) , ct

v vudng goc véi duong thing d: —Jﬁ-;-g = 1{_ = %

x=t x=1 x =3t x=3
A Jy=2-3t B. {y=-3+2t C. jy=2-2t D. {y=~-2+2t
z==2+1 z=1~2¢ z=-2+2t z=2-2t
Cho ham s§ y = 2 ‘24 c6 dd thi (C) . Goi My (xy;¥1) , M, (x5, )12 hai diém thude (C) cich déu
X

2 tiém can ctia (C)véi x; <x, . Tinh S=x; ~x,.
A 3. B. -3. C. -5. D. 5.
Cho hai duong tron ndm trén hai mit phing vudng géc véi nhau Ian luot 6 ban kinh 1a 1,1, vacod

chung mdt déy cung AB=2a,a<7,a<r,. Timbénkinh R ctia mit cdu di qua ca hai duong tron.

2
A. R:«lr22+r12~4a2. B. R:\¢722+r12~2a2. C. R=\fr22+r12—u2. D. R= r22+1'12~—%.
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40.

41.

42,

43.

44,

45.

46.

47.

1 ln(4x2 +8x+3) . b

Biét I:J.—m—g———-dxz—ln15——ln3—cln2 , v6i a,b,c 1a cac s8 nguyén duong. Tinh tong
o (x+1) 8 2

S=a+b+c .

A. 8. B. 22. C. 21. D. 9.

Goi M,m Iin luwot 1a gid tri 16n nhit va gia tri nho nhdt (néu cb) clia ham s0

flx)= V1+sinx ++/1+cosx . Tinh M—m.

A 42 . B. 3+242. C. V4+242-1. D. Khéng ton tai.
T8ng céc gid tri nghiém nguyén x thoa man bat phrong trinh (log,s x)IOg9 *<1 v6i x>1 labao
nhiéu?

A. 325, B. 324. C. 299. D. 300.

Tim tat ca céc gia tri thuee cia tham s6 m d€ham s6 y = (m - S)x —(2m+1)cosx nghich bién trén R

A. —4£m§—2—. B. mﬁg. C. m>2—4. D. m$—4vm2%.

3 3
M6t ki st mudn thiét k& mot bén chira xdng véi thé tich V cho trude, hinh dang nhwe hinh vé bén,
trong d6 2 d4u la hai ntra hinh ciu va cac kich thwée r, b thay d6i duoc. Xéac dinh kich thude k caa

bon d€ nguyén vat liéu lam bon xang 1a it nhét.

A. h=0. B. h= C. n=23v. D. h=

v
s

25%  415% 3%l
- +
In25 In3+In5 2In3

Chohams8 y = . Nhan dinh nao sau day 1 dring?

A. Ham s8 chi ¢é cuc tiéu. B. Ham s06 chi ¢6 cuc dai.
C. Ham s6 don diéu trén R. D. Ham s6 ¢6 ca cuc dai va cuc tiéu.
1 23 8
X—= ==y z-—
Trong khdng gian véi hé toa d6 Oxyz, mot hinh chép cé dudng cao (d) "~ 2 - 133 = 339 vamat

phéng chita mt mgt bén1a (a): x~2y+52~6 = 0. Biét ring mit phing ddy di qua diém A(3;1;2) va
dién tich d4y 1a 117+/34 . Tinh th& tich khéi chop.
A. 795\/34. B. 26534 . C. 795. D. 265.
S8 phtic thoa man diéu kién nao thi ¢6 diém bidu dién & phén t6 mau trong hinh bén?

Yy
2

CIN )

] ]
7=
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48.

49.

50.

A. 56 phtic z ¢6 phan thuc nho hon hoic bé'mg —% , 1< ]z‘ <4 .
B. S6 phtic z c6 phén do nhd hon hodc bang —% , 15 }z| <2.
C. S8 phtic z ¢6 phan a0 nho hon hoic bang ~% ;1< |z| <4.
D. 86 phtic z ¢ phan thuc nhé hon hodc b?mg —% , 1< ]zl <2.

Cho hai ham s§ y =mx+c va y=-x*+2x+3 c6 do thi nhw hinh vé. Tinh m+c biét dién tich S

phén t6 dam 1a —z— .

y=mx+c

)z : o 1 2 3 a4 5 &
A 22, B. V2. C. 2. D. 42.
Cho ham s8 y = x* —2(m? —m+1)x® +m—-1 (1) , v6i m la tham s6 thuwe.G oi m; 1a gid tri caa m d€
d6 thi ham s6 (1) c6 khoang cach gitta hai diém cuc ti€u ngé'n nhat. Tinh gid tri biéu thic
S =3"0 12017 +2my ( két qud lam trom dén hang don vi).
A. 2019. B. 2020 . C. 2021 . D. 2018 .
Nguoi ta tha 1a beo vao mét hé nude. Thiee nghiém cho thay sau 15 gid, béo s& sinh s6i kin ca mat
ho. Biét ring sau m&i 50 phiit, dién tich 14 béo c6 trén mit ho gép 8 Ian trude d6 va tdc do ting
khong d6i. Hoi sau m4y gid thi s8 14 béo phti kin nira mit ho?

2650 53 . 265 110

A — B. .= D. —.
3 3 18 9
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1. ChohamsG y= f(x) thoa cac diéu kién lim y=aeR; lim y=+w; lim y =+ . Chon ménh de
X—>+00 X—y00

X=Xy
sai trong c4c ménh dé sau?

A. D5 thi ham s8 y = f(x) c6 2 tiém cén ngang va 1 tiém cin dimg.

B. Db thi ham s8 y = f(x) ¢4 1 tiém can ngang va 1 tiém cén ding.

7

c6 tiém can ding x = x; .

()
C. Db thi ham s8 y = f(x) ¢6 tiém cAnngang y=a.
D. D6 thi ham s8 y = f(x)

1
2. Tinh '[0 (az"” + bx)alx véia>0,a=1.

2 2
2a(a? ~1)+bIn2 2+ bIng o 2 4bin2 o ala? ~1)+bIna
2Ina "7 2Ina " 2lna ' 2Ina
x=1+3t
3. Trong khong gian vé6i hé truc toa d6 Oxyz, cho duong thng d:4y=-1+t,teR . Trong céc vecto

A.

z=t

dwéi day vecto nao la mdt vecto chi phuiong ctia duong théng d?

A. u =(L,-1,0). B. 1,=(311). C. uy=(3-11). D. u, =(31,0).
4. Chohams6 y= f(x) lién tuc trén Rva c6 bang xét ddu f'(x), f"(x) nhu sau
X —00 -1 0 1 +00

f(x) 0 0

() - 0 +
Khéng dinh nao sau day diing?
A. Ham s8 ¢6 dung mot cyc tri. B. Ham s8 6 gid tri cuc tifula f(-1).
C. Ham s6 ¢6 dang mot cue dai. D. Ham s8 ¢6 gié tri nho nhétla f(-1).

5. Cho kh6i chdp ti gide S.ABCD, chon nhén dinh diing.
A. Mbt mit phing song song véi ddy va cit canh bén SA tai diém M (M khong tring S, A) thi
chia khéi chép trén thanh mot khoi chép nhé hon va mot khéi lang tru ti gidc.
B. Mot mit phing bat ky di qua dinh thi chia kh&i chép da cho thanh 2 kh6i chép tie giac.
C. M6t mit phing bat ky di qua dinh thi chia khdi chdp da cho thanh 2 khéi chép tam giac.
D. Mot mat phéng song song voi day va cit canh bén SA tai diém M (M khéng tring S, A) thi
chia kh&i chép trén thanh mdt khdi chép nhé hon va mét khéi chép cut.
6. Cho hinh Iing tru ABC.A’B'C’ ¢6 K la hinh chiéu vudng géc ctia dinh A’ 1én mét phéng (ABC). Chon
ménh dé ding?

! 1 ’
A. VABC.A'B'C' =A K'SAABC B. VABC.A'B,C' = § A K'SAABC .
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10.

11.

12.

13.

14.

. 1
C. Vapcame = AA Syapc D. Viapcawe =544 Saapc
1+2%
Tim nguyén ham F(x) ctia ham s& f(x)= 7
X+ 2
3x ‘
A F(x)=22sc, B. F(x)=—2n2.C.
2 2
3x 3x
C. F(x)=M+C. D. F(x)=£+ 2" .c
6In2 2 3In2
Tim phan thuc va phén do ctia s6 phiic z = 5-4i.
A. Phan thuc bang 5 va phan ao béng —4i. B. Phan thuc béng 5 va phén 4o bang —4
C. Phan thuc bang 5 va phan o bang 4i. D. Phin thyc bang —4 va phan ao bang 5.
Cho a,b>0 va a,b#1. Chon ménh dé sai trong cdc ménh dé sau.
A. d =bex=log,a. B. ax+]:b2<:>x+1=loga(b2).
C. log,a’ =b. D. '8’ =p,
Trong khong gian vdi hé toa d6 Oxyz, cho cac phuong trinh sau:
(D). (x=1)° +(y-2)" +(z-3) = 4. @). (2x-3) +(2y+5)* +(7-22)" =16
@3). ¥ +y* +2% —2x+4y—-62+10=0. @). ¥* +y* +2% —2x+8y+42+5=0.
Cd bao nhiéu mit cdu c6 ban kinh 14 2?
A 1 B. 2. C. 3. D. 4
2
Cho ham s6 y=xe 2 . Ménh d& nao sau day la diing?
A. xy‘:(1+x2)y. B. xj'=(1+x)y. C. xy‘:(l—xz)y. D. xy‘:(l—x)y.

Cho ham s8 y = f(x) xdc dinh va lién tuc trén [ ;b ]; dong thoi y= f(x) dong bién trén [a;b].
Nhén xét nao sau day 12 sai?

A. Ham s8 y = f(x) c6 gi tri 16n nhét trén nira doan [a;b) 1a f(b).

B. Ham s8 y = f(x) c6 gia tri nho nhét trén nira doan [a;b) la f(a).

C. Hamsd y= f(x) dat gia tri nho nhét trén nira doan [u;b) tai x=a.
D. Véimoi x e[ a;b) = f(x)< f(b).

m

Biét r??mg ml,mZ,(ml,m2 eR,my; > mz)lé hai gia trj thoa I(Zx—6)dx=—%.
1

Tinh t6ng A =2m; —3m, .

163 B. Z. c. B, p. B7.

10 2 2 10
Tim nghiém ctia bt phuong trinh log, (3x—1)>3.

2
A. x<§. B. -1-<x<§. C. x>§. D. l<x<§.
8 3 8 8 3 8
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15.

16.

17.

18.

19.

20.

21.

22,

23.

Choham s§ y = %x3 +1323x2 —2m’x+2 (m0), tim nhan dinh diing.

A. Ham s8 c6 ca cuc dai va cyc tiéu, hai diém cyec tri cting ddu khi m <0 va trdi ddukhi m>0.
B. Ham s8 c6 ca cuc dai va cuc tiéu, hai diém cyec tri cing d&u khi m > 0 va trdi ddu khi m <0.
C. Ham s8 c6 ca cye dai va cye tiéu, dong thoi hai di€m cuc tri ludn cung d&u véi moi m 0.
D. Ham s c6 ca cue dai va cuc tiéu, déng thoi hai diém cuc trf ludn trai d&u véimoi m=0.
Cho hai s6 phttc z; =2+3i va z, =-3-2i . Tim mddun ctia s6 phitc w =iz, +(1+i)22 .
A. V13. B. 65. C. V65. D. 5.

ce , crgs 2 5
bt m=log, b,(a,b >0,a# 1) - Tinh gia tri log - b" - E’»loga3 b” theo m.

A -m. B. -4m. C. m. D. 4m.

Mot hinh ndn ¢6 thiét dién qua truc 14 tam gidc déu canh 4 . Tinh thé tich kh&i nén theo a.
3 3 3

AL ’;‘/5 B. °z3. c’ ’;‘/5. D. 2’;“ .

Dua vao d6 thi (C) cia ham s8 y = x*—2x% 42, hay tim tap hop tét ca cac gié tri ctia tham s& m dé

duwong thing d:y=m+1 cét (C) tai 2 giao diém.
A
4

L3 ]
Ny

—T 5T ;
A. me(1;+00)u{0}. B. me(1;+00). C. me{2}. D. me(2;+oo)u{l}

Trong khéng gian v6i hé toa d6 Oxyz, mit phang (oc) :2x—~y+3z-5=0 chtta dudng thing nao

duoi day?
x=4+2t x=6+10¢t x=~2-5t _ x=4+5¢
A qy=9-t . B. sy=2+2t . C. Jy=-6-t . D. sy=9+t .
z=2+3t z=8-6t z=1-3t z=2-3t

Hoi ham s8 y = ~2x* +2017 nghich bién trén khoang nao?
A. (—o03+00) . B. (0;+). C (-% ;+oo) : D. (—;0).
Trong khong gian véi hé toa dd Oxyz, tim tAm I clia mit cau di qua 2 diém A(—l; —4; 2), B(—«l; 0; ~2)
, biét réing tam I thudc truc Oy.
A. 1(0;-2;0). B. I(-1,-2;0). C. 1(0;3;0). D. 1(0;2;0).
2x 2x
Goi xq, x, (xl < xz) 1a2 nghiém ctia phreong trinh (2 +\/§) + 2(2 —\/5) =3 . Nhén dinh nao sau
day la diing?
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24.

25.

26.

27.

28.

29.

30.

31.

A. (2+\/§)Il +(2+\/§)'r2 =3, B. (2—\/§)x‘ .(2+ﬁ)12 =1.
C. (2_\/5)1‘1 .(2+\/§)x2 :%. D. (2+\/§)xl +(2+\/§)x2 =1+2.

Cho cac ham s6 sau:

1

1) y=(x-2)". @) y=(x-2)". (3) y=(x-2)3.
— 1 :—1 :3 —
(4)y_x_2' 5)y \/—A———E (6) y x-2

Hoéi ¢6 bao nhiéu ham 8 ¢6 tap xéc dinh 1a D =(2;+»)?

Al B. 2. C. 3. D. 4.

Tinh thé tich khGi chop tir gidc déu 6 do dai dudng chéo ctia ddy 1a a, goc tao boi mdi canh bén
va day la 45°.

a2 I V2 @

B. —. C. . D. —.
6 4 2 12

A.

Tim s8 nghiém nguyén ctia bat phwong trinh lo log., (log, x® <l?
g guy p g 816 | 108311082 5

A. 0. B. 3. C. 2. D. 1.
Cho mot miéng ton hinh tron ¢ ban kinh 50c¢m .Biét mét hinh nén cd thé tich 1én nhat khi dién tich

toan phén ctia hinh nén béang dién tich miéng tn & trén. Khi d6 hinh nén 6 ban kinh day 1a bao

nhiéu?

A. 10\/50111 . B. 25cm . C. 50\/Ecm . D. 20cm .
2 4 5

Cho z=(4+23) —[(\/54-1)1} +[(J§~2)(\/'5‘+2)i} , tinh 227 .

A. 1. B. -1. C. —i. D.i.

mx> — (1112 + 2) X+2m
Chohams§ y =

PR , 1 1a tham s6 thure. Tim nhéan dinh dtang.
x°—m

A. D6 thi ham s& ¢6 2 tiém cin ding va 1 tiém cin ngang.
B. D6 thj ham s ¢6 2 tiém cin ngang va 1 tiém can dimg.
C. Db thi ham s8 c6 2 tiém cén va giao diém ctia 2 tiém cin ndm trén duong thang y=x.

D. D6 thi ham s& ¢6 2 tiém cén va giao di€m clia 2 tiém cén ndm trén dwong thing y = —x .

Thiét dién qua truc ctia hinh nén (N) 14 tam gidc vudng can tai dinh S ¢6 canh huyén bang, 2442 .
Biét ring 2 diém B, C trén dudng tron ddy sao cho goc gitta mat (SBC) va mit ddy béng 60°. Tinh
dién tich tam giac SBC.

4a>\2 8a2\2

AT B. == C. 24242 D. 4a%2.

Cho hinh chép SABCD c6 ddy ABCD 13 hinh vuéng canh a, canh SD =2

221 hinh chiéu vudng

goc ctia dinh S trén mét phéng (ABCD) 1a trung diém cta canh AB. Tim ban kinh mét cAu ngoai
tiép hinh chép S.ABC.

Al 481. B “ 353 ) C. a\/353. D A 481.
16 16 32 32
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32.

33.

34.

35.

36.

37.

38.

Goi z;,2, la 2 nghiém ctia phuong trinh 22 —2mz+m?+1=0 va z, ¢6 phén 30 am, v6i m 14 s8
thuc. Trong mét phzfmg toa d6 Oxy, goi M 1a diém biéu dién ctia 88 phtec 212 -z, . Tinh tung d6 diém

M.
A. -1-2m. B. 1+2m. C. —(1+2m)i. D. (1+2m)i.

V1
Biét I=Jx(1+cosx)dx=an2+b véi a,b 1a cAcsO hitu ti. Tinh S=ab.
0

A. S=1. B. $=0. C. §=-1. D. §=-2.
I N N 2(3-21) . w1
Cho s6 phttc z thoa man (2+z)z+—~———,—=31+2.Tlmmoduncuasophuc w=—-.
2+3i 2i+z
14
NP R c =32 D. Ju|-1.
5 5 9
x=2-3t
A 1 A \ 2 x+1 y=2 z | .
Trong khong gian véi hé toa dé Oxyz, cho dudng thang dl:T:T:T vad,:qy=3+2t.Tim
z=2+5t
phuong trinh dudng thing d qua M(Z;l;l) vudng goc d; vacit d, .
x=2+3m x=2-m
A di{y=1+m (meR). B. d:{y=1+5m (meR).
z=1+m 17
z=14+—m
x=2~gm
3 x=2+3m
C d: y:1+5m (me]R). D. d:{y=1+m (meR).
9 z=1-4m
z=1+=-—m
2

Cho ham s8 (C) y=x° ~2x% +4mx+3 va d:y =x+3 . Co tat ca bao nhiu gi4 tri nguyén ctia tham
8 thwe m d€ d6 thi (C ) cit dudng théng d tai ba di€m phan biét c6 hoanh d6 x;,x,,x, thoa man
xFrad+ag <1

A 1. B. 2. C. 0. D. V6 8.

T8c &6 ting triedng ctia mot giéng virus duge cho béi ham s6 y = e™ x? (ca thé/gid). Hoi sau 10 gid

k& tie lic bét dau thi nghiém thi s8 c4 th€ virus thay d6i nhw thé nao?

A. gidm ¢! (%~39+199] cA the. B. giam %2 (3——@+@j~3 cA thé.
@ 4 a P P a a°

C. ting ¢ [—2“32- @] { thé D. ting ¢1% (—2-—§+@J—.—2_ c4 thé.
P a a 2 a2 P

Cho hinh ling tru ABC.A'B'C' c6 ddy la tam gidc vudng tai A véi AC =2AB = 2a . Hinh chiu ctia
diém B 1én mat phing (A' B'C ') tring véi trung diém B’'C’. Géc tao boi BA’ véi mit phang déy la

30°. Tinh theo a thé€ tich ctia khoi lang tru ABC.A'B'C'.
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39.

40.

41.

42,

A 5a3\/§ B 4113\/1—5 c a3\/f§ D a3J15
. . . raat “ g e

Mot xe lira chuyén déng cham dan déu va dan han sau 20s ké tir ltic bit dau ham phanh. Trong thoi

gian do xe chay duogc 120m. Cho biét cong thirc tinh van t6c cua chuyén déng bién d6i déu la
v="v,+at , trong d6 a(m/sz) 1a gia toc va v(m/s) 1a van toc tai thoi diém t(s) . Hay tinh van t&c
v, ltc bat dau ham phanh.

A.12m/s B.6m/s. C.30m/s D. 45m/s.

Trong khéng gian véi hé toa dd Oxyz, cho mit phing (a):2x+y+z-—1:0 va duong thang

x=2+t
d:iy=1~t .Goi M la giao diém cta d va (a). Viét phuong trinh duong théng A di qua M
z=2-3t

vudng goc véi d vanam trong (a),

A x—5=y*2=z+7. B. x—5=y~2=z+7 )
2 7 3 3 2 7
C. x—5=y+2=z+7. D. x—2=y+7=z—3 ]
2 -7 3 5 2 -7
Cho céc khéng dinh sau

(I): Ham s8 y =log; x—log, (x+1) nghich bién trén tap cac s8 thyrc duong.
2 2

(ID : Cho ham s f(x)=Inx khi dé f"(e)=-— .
e

1

V6 -5

(IV) s Ham 88 =(v11-+/10) (V11 ++/10) nghich biéh trén tap xdc dinh.

X
(IIly: Hams8 y=27% [ ] dong bién trén tap xac dinh.

Trong c4c khéng dinh trén c6 tt c4 bao nhiéu khing dinh diing.

A. 2. B. 3. C. L D. 4.

Trong khéng gian v6i hé toa d6 Oxyz , cho hai difm A(4; 3;5),B(6; 1;5) va mit phéng
(a) :x+y+z+3=0 .Goi difém M(xM;yM;ZM) trén mit phing (a) sao cho 'm + MEI dat gia tri
nho nhét. Tinh gia tri ctia P =x,, +z),

A -3, B. 0. C. 10 . D. 2.
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43. Cho ham s8 y=2x* ~9m’x* +11m* +1 (m#0), hinh ndo dudi day mo ta chinh xac nhét & thi

ham s6 da cho?
A.

=

/\p
A

44. Cho céc khang dinh sau

“"7
(I): Néu log3=p,log5=4q thi log;;30=—-
15 vrq

(IT) : D6 thi ctia hai ham s§ y =4 va y=-log, (-—x) d8i xttng nhau qua duong thing y = -—x.

—X

x —_—
() : Ham s8 y = 2 dbng bién trén R.

(IV) : Ham s8 f(x)=€"+¢™c6 f(2017)( J=e+e .
Trong céc khing dinh trén c6 tat ca bao nhiéu khing dinh diing.
A 1. B. 2. C. 3. D. 4.
45. Tim tap hop t&t ca cac gid tri chia tham s6 thyc m d€ ham s6 y = x3 —3mx? - 2x +4 nghich bién trén
(0;1) va dng bién trén (3;4).
Ame125 B. melza C. me 125 D.mel;gg.
6 18 6 12 6’18 6 12
2
46. Parabol y = 5 chia hinh tron cé tam la g6c toa d9, ban kinh 242 thanh hai phén. Goi §; 1a dién

tich ctia phan ma hinh tron ndm phia trén va parabol ndm phia dudi, S,1a dién tich cia phan con
.
lai. Tinh ti s6 Ik

1
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A i=37z—1. B. 9/‘1’*2. C. 97z+2. D. _52_=3n'+1.
S, m+1 3r+2 3r-2 S5 -1
x=2t
47. Trong khong gian véi hé toa d6 Oxyz, cho diém M(Z;O;l) va duong thang d:{y=5+3t . Goi (a)
z=-3-2t

1a mit phing chita duong thing d sao cho khoang céch tir diém M dén (@) 1a16n nhét. Tinh khoang

cach 16n nhat doé.

A. 2«/1—107—1. B. V50. c. +iot. D. 3\/%—.

48. Co6 mot cai thap hinh tru ¢é chu vi day béng C . Tai thoi diém nao d6 tia mit troi chéch mit dat mot
goc ¥, khi dé dién tich béng ctia thap trén mat dat la S. Hoi thé tich ctia cai thdp chita nudce Ia
bao nhiéu (coi nhi dg day ciia vién khéng ding ké) ?

CSz c?s CS c?s

B. V= C. V= D. VvV

A V= . . - .
tan & tana 4tana

- 4tana
49. Cho M =i+ +P+i* +.. 4+, N=i-i? +®-i* +..—i*""® Tinh M.N .
A. 2i. B. -2i. C. ~1. D. 2.
50. Goi m la gia tri thuce nho nhéat sao cho phuong trinh
(m—l)log% (x—«Z)——(m—S)log1 (x—2)+m—~1=0 (1) ¢6 nghiém thudc (2;4). Gid tri m thudc
2 2
khoang nao sau day?

A -me (——5;-2] B. Khéng ton tai m. C.me (1;}—39] D.me (—1;%] .
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1. Trong khong gian vdi hé truc toa d6 Oxyz ,cho hai diém A(l; 2;3),B (—3;4;9). Tim toa d§ trung

diém I ctia AB.

A. 1(-2;6;12). B. 1(2;3;6). C. 1(-1;6;5). D. I(-1;3;6) .
2. Cho hinh nén cé ban kinh déy 1a r, chiéu cao 4. Tinh thé tich ctia kh&i nén trong ting.
A. V:%mle. B. V:%rzrzh. C. V=ml. D. V=nrh .

3. Cho s8 phitc z =(1+2i)+(2i-4)i. Ménh dé ndo sau day la sai?
A. Z=-1+2i. B. [z]=+5. C. 22-2z45=0.  D.z*=-3+4i.
4. Trong cdc ham s8 dwdi ddy, ham s8 nao 13 ham s6 ma?
A, y=sin3x. B. y=log,x. C y=x°. D.y=3".
5. Trong khong gian véi hé toa dd Oxyz, cho 3 mit phéng (P) (x-3y+2z=0; (Q) 1x-3y+2z-2=0;

(R):x+y+1=0.Cho cdc ménh dé sau:

(I). Mt phang (P) di qua gdc toa d6 O. (IT). Hai mit phéng (P) va (Q) song song.
(IIT). Hai mit phéng (P) va (R) vudéng goc. (IV). Mt phéng (R) chtta truc Oz.

Trong cdc ménh dé trén, tong s6 ménh dé ding la bao nhiéu ?

A.2 B. 3. C. 4 D. 1.

6. Tim gid trj 16n nhat ciia ham s8 y = x* —3x? —24x+7 trén doan [—3;5]
A. 15. B. 25. C. 35. D. 73.

7. Tim gid tri cyce tiéu yopcaahams6y = % -3x%+3.
A. yor =2, B. yor =-1. C. yer =3. D. yer =0.

8. Cho hinh phing (H) gi¢i han boi cac dudng sau y = f(x),y =0,x=a,x=b(a<b). Ta c6 cac khing
dinh sau:

b
(D- Dién tich hinh phéng (H) 1a S = [ £ (x)dx.
a

b
(II). Thé tich kh&i tron xoay tao boi (H) xoay quanh Ox Ia V = [ f*(x)dx .
a

Khiéng dinh nao sau day la diing ?
A. Ca (I) va (II) déu sai. B. Chi c6 (I) dting. C. Chi c6 (II) dting.  D. Ca (I) va (II) déu dtng,
9. Cho hinh chép SABCD , ¢6 ddy ABCD 1la hinh vu6ng canh bfing a.Canh SAvubng goc véi mat
déy va SA= av/3 .Tinh thé tich kh&i chép S.ABCD theo a.
3 3
A. 3. B. V2. C. 2\/5” i D. “f.
10. Choham s§ y= f (x) c6 dao ham cdp 2 trén tap xé4c dinh. Goi x; 1a nghiém cia phwong trinh

f'(x)=0. Cho cdc ménh dé sau:

() Néu f"(xy)<0 thiham y = f(x) dat cyc tiéu tai x;.
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11.

12.

13.

14.

15.

16.

17.

(I1) Néu f”(xo) =0 thihams6 y = f(x) khong dat cuc tri tai x;.
(1) Néu f”(xa) >0 thihamsd y = f(‘() dat cuc tri tai x,.
Trong cac ménh dé trén, tong s6 ménh dé sai 1a bao nhiéu?
A. 2. B. 3. C 1. D. 0.
Trong khéng gian véi hé toa d6 Oxyz, cho diém A(1;-1;3). Viét phuong trinh mit phing (a) di

qua cac hinh chiéu cia A trén céc truc toa do.

A. %+l1+§=o. B. x—y+3z=1, C. 3x-3y+z-3=0. D.3x+3y+z+3=0.

PP s A A S A A 1 o x-2
Tong s6 cac duodng tiém can ding va tiém cin ngang ctia ham s6 y = WZ—W .

x°=2|x|-
A. 3. B. 2. C. 5. D. 4.
Tim tap xéc dinh D ctiaham s6 y =log (1—3x).
2017
A. D= 1;+<>o . B. D= -oo;1 . C. D= —oo;—1~ . D. D= l;+c>o .
3 3 3 3
g e 2 g

Tim tap xdc dinh D ctaa ham s§ y =(x —2x-3) .
A. D=(—oo;—1:|u[3;+oo). B. D=(—oo;~1)u(3;+oo) .
C. D=(-1;3). D. D=R\{-1;3} .

n

6
Biét I= Isinz xdx = Z[—-——\/bé,véi a,b 1a cdc s6 nguyén duong. Trong cic khing dinh sau, khing
a

0
dinh nao ditng?
A. a-b<0. B. a+b>15. C. % +b* <200. D.%>2.
Cho céc s8 thye duong a,b véi a# 1. Khéng dinh nao sau day la khing dinh diing?
A. log , (ab)=log, b B. log - (ab)=2+2log, b
- 108 2 =508 - - 108, = 8a U
C. lo (ub) =2lo (ub) D. lo (ab) =-1~+llo b
- 108 o =210, : - 1081 5 T 5108q0-
x=1+2¢t 1 ya2 1
. - +
Trong khong gian véi hé toa d6 Oxyz, cho 2 dudng thang d; 1y =-1+3¢, d, :£3—— =—y-2—— =—z——£—
z=5+t

va mit phang (P):x—2y+z~-8=0.Xét cic ménh dé sau:
() Hai duong théng d, va d, chéonhau.
(I) Puong théng d, va mit ph:?mg (P) ¢6 giao di€m la M(l; —1;5) .
(Il) Phuong trinh dudng thang A di qua gdc toa d6 O va song song véi dudng thing d, la:
x=3-3t
A:qy=2-2t.
z=2-2t
Trong cac ménh dé trén, tdng s6 ménh dé ding 1a bao nhiéu?
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18.

19.

20.

21.

22.

23.

24.

25.

A, 3. B. 2. C 1. D.o.

Biét phuong trinh 3.25% +2.49% =5.35" c6 moOt nghiém khéac 0 dang x =log, % , voi a,b 1a cac s6
5

nguyén duong va % la phén s8 t6i gian. Tinh a-b.

A 1. B. 1. C. 0. D. 2.
Trong cc khéng dinh sau, khang dinh nao sai.
A. Moi khdi chdp va khdi ldng try ludn ¢ thé phan chia dwoc thanh nhitng khéi tie dién.
B. Khoi tdm mét déu cb s6 canh1a 30.
C. Khéi da dién déu thi c6 mdi dinh 12 dinh chung ctia cling mot s8 canh.
D. Hai khéi da dién bing nhau thi c6 thé tich bang nhau.
Trong khdng gian, cho tam gidc ABC vudng tai A, 6 AB=3,BC =5 . Tinh thé tich kh&i cdu c6 duong
kinh AC.
32r 2567 1257z 9z

A ==, B. ——. C. —. D. —.
3 3 6 2

Cho 2 s8 phtic z; =3-1;2, =2+5i . Tinh d6 dai OM véi M la diém biéu dién cua s6 phtic z = Z— z%
va O la gbc toa do.

A. V937 . B. 215. C. 3J113. D. 3J15.

1
sin® x.cos® x

A. tanx+cotx+C. B.tanx—cotx+C. C. 2cot2x+C . D. 2tan2x+C
Cho ham s8 y:tx3—3x~3‘ c6 d6 thi nhu hinh vé. Trong dé ' ¥

Tim ho nguyén ham ctia ham s6 f(x) =

B

A, B 1ahai diém cyc trj cia ham s8 va cd toa do A(-1;1), B(1;5)

. Ménh dé nao sau day la sai? | \
A. Puodng thing y =3 cét d6 thi tai 4 di€m phan biét. % \

B. Duong thing y =5 cit db thi tai 3 diém phan biét..

C. Puong thing y = —12— cAt d6 thi tai 4 diém phan biét. A

D. Pudng thing y =0 cit d6 thi tai duy nhat 1 diém.

Cho ham s8 y =2sin? x— J5x . Ménh dé nao dudi day ding?
A. Ham s8 nghich bién trén (~;0) va dong bién trén (0;+).
B. Ham s0 dong bién trén R.

C. Ham s6 nghich bién trén R.

D. Ham s§ dong bién trén (—w;0) va nghich bién trén (0;+x).

2x% +x
Goi S la tAp nghiém ctia bat phuong trinh (g] > 5 Tép nao sau day la tap conchia 57

A. [—2;-_51-}. B. (‘711] c. [V2;3]. D. (-2:3).
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26.

27.

28.

29.

30.

31.

32.

33.

34,

Tim phan 4o s6 phtic lién hop ctia s phire z thoa man z(2+i)-15i=3.

A -2 B. -2 c 2. p. Z.
26 5 26 5

Hoi c6 bao nhiéu gia trj nguyén cua tham s§ m trong khoing (—5;+w) sao cho ham s&

y= §x3 ~(3m+1)x* =2(m+2)x+2m~3 c6 hai diém cuc tri déu nho hon 27

A. 10. B. 9. C. 7. D. 6.

Cho 2 s6 phtic z(,z, thoa z]l ZIZZI =1z +zzl =\/§ . Tinh ]z] —22|.

A. 1. B. 0. C. 2. D. 3.
| k k

Cho biét tich phan 1= Iz—m—dx = —7[, m,neZ va — laphan s6 t6i gian. Tinh gid tri n— K2,
1X°-2x+4 3 n

A. 5. B. -5. C. -35. D. 35.

Trong khéng gian véi hé toa dd Oxyz, cho 3 midt phing (a):2x+y-z-1=0,
(ﬂ) :9x+5y-3z-10=0, (;/) : mx—4y+(n+l)z—2m —n=0.Hoi khi 3 mit phing trén c6 chung mot

giao tuyén thi gia tri cta bi€u thic m +2n bing bao nhiéu?
2 37

A. -18. B. =. C. -13. D. -—.
5 5
Tim tét ca gia tri ctia tham s6 m d€ ham s6 y = mx—4 nghich bién trén (2; +oo) .
x—m
m<-2 m< -2
A. m<-2. B. m<-2. . D. .
m>2 mz2

Xét bai todn sau: Anh Ninh gii tiét kiém vao ngan hang X véi s tign 1a 200 triéu dong, theo thé
thirc 1ai kép, ki han 3 théng véi 1ai sudt 4,8% mdt ndm. Guri duoc sau 1 ndm 2 thang vi ly do dang
can tién nén anh Ninh dén ngan hang rit toan bd s& tién 6 duoc ra. Biét ring l4i sudt ngan hang
khong thay déi trong thoi gian g, 1i sudt khong ki han 1a 0,2%/ ndm., va trong thoi gian giti anh
Ninh khoéng rtt 14i. Hoi s6 tién anh Ninh rat ra dugc gan véi gia tri nao sau day nhét?

A. 220 triéu dong. B. 210 triéu dong. C. 215 triéu doéng. D. 205 triéu dong.
Trong khéng gian véi hé toa d6 Oxyz, cho diém A(3 ,-4;5) . Lap phwong trinh mit cau di qua A

va cac hinh chiéu ctia né trén 3 mit phang toa do.

2 2 2 2
A |42 +(y+2)2+ 2] =B B. [x42 +(y+2)2+ 242 :—5\/5.
2 2 2 2 2 2
2 2 2 2
3 2 5 25 3 2 5 25
C (x"ﬂ +(y-2) J{Z—E) = D. [x——z—] +(y+2) +[z—§j ==

Goi 5,5, l4n luwot la dién tich ca hinh ph:fmg gi6i han boi hai duong cong
fi(x)=2"+6x" —4x—24 va f, (x)=2% +6x véi truc hoanh. Tinh gi tri cia S, S, (k& qua lam

tron téi hang don vi).
A. 168. B. 17. C. 36. D. 92.
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35.

36.

37.

38.

39.

40.

41.

42,

43,

Khi cho dau &n dang soi ¢ nhiét do 2199C vao ti lanh thi ta c6 ham s8 biéu thi s gidm nhiét dd
ctia dau an 1a T(t) =ke %7t -6, (°C),t>0, trong d6 k la héng s8. Tim thoi diém t; ma nhiét dd
giam t6i 0°C.

1001n 2

75
D- to =—i"7"—_

~100In37,5
17

Cho s8 phtic z =a+bi,(a,b e R) thoa man (z+5i—3)(—i+1):2i~4 Tinh b—a.

A ty=0,17In37,5.  B. =0,17ln7—25. C. t,

A 6. B. -6 . C 4. D. 4.
Cho hinh chép ti¢ gidc déu S.ABCD, ddy c6 thm O vacé canhla a . Goi M,N Ian luot la trung

didm ctia SA,BC . Biét géc gitta MN va (ABCD) 1a 60° . Tinh the tich khéi chép S.ABCD theo a.

3 3 3 3
A.“f. B.’“z/%. C.“ﬁ. D.iT‘éi_O.

me® +n

e
Biét B =.‘-x2.1n xdx = , véi m,n 1a cac s6 nguyén va e la co s6 clia logarit ti nhién. Trong
1

céc khing dinh sau khéng dinh nao diing?

A. m+n>10. B. m>n. C. m-n<0. D. m®+n° >25.
x=2a—b+(a-3b)t

Trong khong gian véi hé toa d6 Oxyz, hoi khi duong théng (d): y= a—(a—b)t ,(a; b;te R)
z = 2bt

ndm trong mét phing (a):2x—3y+4z-6=0 thi nhan dinh nao sau day la ding?

A. a=5b. B. b+a=2. C. b=-5a. D. b+a=-4.
2 : :
Chohams8 y =— x;r c6 d6 thi (C). Trong cac khing dinh sau, khang dinhnao sai.
X" —4x+m

Cn e, m<4
A. (C) c6 mdt tiém cén ngang, hai tiém cén diing néu .
m#—12
B. (C) chi ¢6 mét tiém cén ngang, hai tiém cin ding véi moi m .
C. (C ) ¢6 tiém can ngang 1a truc hoanh, mot tiém cén ding néu m =4.
D. (C)chi c6 mot tiém can ngang néu m > 4.
Cho tt dién S.ABC c6 SAvudng goc (ABC), SA=2,AB=2, AC=3,BC=4.Tinh dién tich S cuaa

mit cau ngoai tiép tit dién S.ABC .

A, =317 |79 B. 5=2%% c. s=3167 D. s=2%.
45 V15 45 15 15
Cho biét a=log, 3,b =log, 5 va log, (21,6)=w,m,n,lc,pez .Tinh gid tri m+n-k.
pt+a
A. 6. B. -6. C. 2. D. 2.
5

Biét ring duong thing d:y=mx+n cat dd thi (C):y=

"‘11 tai 2 diém phan biét A, B di xtmg
=

nhau qua dudng thing d; :x+3y—-7=0. Tinh m? +n2.
A. 10. B. 18. C. 13. D. 17.
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44,

45,

46.

47,

48.

49,

50.

Cho hai phuong trinh 3z* +(m+1)z+2 =0 va 2z2+mz+1=0, trong d6 tham s8 m e C . Biét hai
phuong trinh c6 nghiém chung. Tinh médun cta s6 phiic .
A |ml=1. B. ]mlzx/g. C. ]m[:\/g . D. |m]=2\/§ .

Cho hinh 1ap phuong ABCD.A'B'C'D’ c6 khoang céch giita A'C va C'D' 1a 1 cm. Tinh thé tich
khéi 1ap phuong ABCD.A'B'C'D".

242 2
A. 2«/5 cm®. B. 3\{7—-— ent®. C. 54\/5 cm. D. —\5/;— o,

Mot cau lac bd thé thao quy dinh 1€ phi tham gia thudng nién nhw sau:

= Lé phi danh cho nguoi dau tién tham gia 1a 10.000.000 dong.

*  N&u c6 ngudi thit hai tham gia thi 1& phi ctia mdi ngudi (k& ca nguoi dau tién) s& dugc giam
0,8% so vodi 1€ phi ban dau.

= Néu co nguoi thir ba tham gia thi 18 phi ctia tat ca hoi vién sé duoc giam 0,8% so véi hoi phi khi

chi c6 2 nguoi tham gia.

Hoi téng s6 tién 16n nhat ma cau lac bd ¢6 thé thu dugc gan nhat voi gid tri nao dudi day?
A. 315 triéu dong. B. 310 triéu dong. C. 458 triéu dong. D. 464 triéu dong.

Choham s8 y=ax(x—2), a 1a tham s8 &m, cé d6 thi nhur hinh vé.
Biét dién tich S phén t6 ddm 1a 4 don vi dién tich. Tim hoanh 48 Y
x, ciadiém A trén dd thi d€ OA chia phan t6 ddm thanh hai A
phén c6 dién tich bang nhau.
3 5 S
A x,=—. B. x,=,—. : i
472 47\2 . x
i Y33
C. xA= 4., D. XAZT.

Mot cai phéu c6 dang hinh nén. Nguoi ta rét mot luong nude

vao phéu sao cho chitu cao ctia lwong nude trong phéu bang

3 . , . L. - i x . 1A
5 chiéu cao ctia phéu. Hoi néu bit kin miéng phéu rdi 16n

nguoc phéu 1én thi chigu cao clia nwde béng bao nhiéu? Biét
rang chiéu cao ctia phéu 14 20 cm.
A. 18,442 (cm) B. 2,765(cm). C. 4(cm) D. 1,558 (cm)

Biét tdp nghiém ctia bat phuong trinh ——%(logz 24x *
X+

5]>0cé dang Sz[u;—%)u(o;b) ,voi a,b
-x

12 céc s6 nguyén. Trong céc khéng dinh sau, khing dinh nao diing.
A P+b+ab>15. B. a®+b%>35. c 2242% _gp<10. D, atb>4.
x=3+t
Trong khong gian Oxyz, cho 2 duong thang d : {y=-2-¢ .Phuong trinh m4t phéng (B) chtta (d)
z=+2t
va tao v6i mit phing (Oyz) mdt géc nho nhat ¢ dang ax+by +cz+d =0, a,b 13 hai s8 nguyén t&
cing nhau. Tinh a+b+c—d.
A 11442 . B. 11-12. C. 5-43 . D. 5+43.
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Tim t4t ca cac khoang nghich bién ciia ham s§ y = x> —3x% +3x+2.

A. Khéng c6 khoang nao. B.(1;+oo). C. (—oo;l). D. R.
Khéng dinh nao dwéi day 1a ding vé cac duong tiém can ctia d6 thi ham s6 y = 20_117 ?
x
A. Db thi ham s8 ¢ tiém can ngang la y =1, tiém cén déng la x = 2017 .
B. D06 thi ham s6 c6 tiém cn ngang la y=—1, tiém cén dung la x = 2017 .
C. Db thi ham s8 ¢6 tiém can ngang la ¥y =0, tiém cén ding la x = 2017 .
D. D6 thi ham s8 ¢6 tiém cAnngang la y =0, tiém cén dingla x=0.
2n
n
Rt gon biéu thie A= (x’" )m v&i x>0, x#1 va m,n 1a cac s6 thyc tiry y.
m+£+2n an 2 2 3
A A=x ™ B. A=x"". C. A=x"". D. A=x"".

Trong khong gian voi hé toa d6 Oxyz ,cho 2 vec to 0= (ul;uz;u3 ),5 = (vl;vz;vs) . Chon ménh dé

ding.
A. u.v:(ul.vl;uz.vz;us.vg,). B. u+kv=(vl+ku1;vz+ku2;7)3+ku3),keR.
T L S o h =0
C.u=vsiu,=0,. D. u,v cing phuwong < <u, =0, .
2 =0y gP 2=0p
Uy =Ug Uy =T,

Cho s8 phtic z c6 phan thuc 14 3, phan o 1a —4. Chon khing dinh diing.

A. S6 phtc z=-4+3i

B. S8 phitc z=3+4i.

C. Trong mit phing (Oxy), diém bigu dién ctia s§ phikc z1a M (3;-4).

D. Trong mit phéng (Oxy), diém bi€u dién ctia s8 phitc z 1a M(3;4).

Cho ham s6 bic 4 tring phuong y = £(x) c6 dao ham 1a ham s§ f'(x) =x(x* ~a?) (a=0). Hoi
nhén dinh nio duéi day 1a ding?

A . Hamsd y= f(x) ¢6 duy nh&t mét cyc tri. B. Hams8 y = f(x) 6 gia tri cuc dai la f(—a) .
C. Hams8 y = f(x) c6 gi tri cye tidu 1d f(a) . D. Khéng thé két luan vé s8 cuc tri ctia ham 6.

Trong khong gian voi hé toa dd Oxyz, cho cac phuong trinh sau:

x=2ct 1 y-2 z-1
1) {y=1+t ,teR P P e
2 3 2
z=5-2t
x+1 z x—2y+3=0
®=-L-2 @
-2 5 2 2x-y-1=0

Hoi c6 bao nhiéu phuwong trinh 12 phuong trinh duong thing cho & dang chinh tac?
A. 0. B. 1. C. 2 D. 3.



ON LUYEN BE THI TRAC NGHIEM TOAN 2017

8.

10.

11.

12,

Cho a,beR, ham s§ y = f(x), lién tuc trén B va c6 mot nguyén ham la ham s y = F(x). Phét

biéu nao sau day la diing?

A | F(x)ds=F(a)-F(b). B. | f(x)dx=FE(b)~E(a).

b

C. [ (x)dx=F(b)-F(a) . D, I}f(x)dx:p(a)u:(b)

Cho cac ttt dién ABCD,EBCD, FGIH, JGIH nhu hinh vé. Hoi cdp tir dién nao sau day béng nhau

theo phép d6i xtirng tdm O?

A. EBCDva JGIH. B. ABCDva EBCD. C. ABCDva FGIH . D. EBCD va FGIH .

Cho a,b,c>0, a#1,a e R. Trong cdc ménh dé sau, ménh dé nao la sai?

1
A. 8% =p, B. log, {E] _ log,b
c log, c
C. log,b* =alog,b. D. log, (b.c)=1log,b+log,c.

Tim phién 4o clia s6 phtic z théa (3 + Zi); =8+i:

A . : B. i. C. 1. D. 1.
1

D6 thi nao dudi day biéu dién chinh xac nhét ham s y = 5x3 ?

A. B.

Ay 1 8%

O
x
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13.

14.

15.

16.

17.

18.

Cho hinh nén (N) c6 dinh O va tdm ctia ddy la H. (a) 12 mit phing qua O. Nén ki hiéu
d(H;(a)) 1a khoang céch tit H dén mit phéng (&) . Biét chiéu cao va bén kinh ddy ctia hinh nén
I4n lwot 12 k7. Khing dinh ndo sau day 12 sai?

rh
Vr? +n?

rh
Vr? +h?

h :

C. Néu d(H,(a))= " thi (a)n(N) la doan thang.
(1.(6) =y 8 () ()

rh
Vr? +h?

Cho s6 phtic z = (u—biz)i—

thi (¢)(N)=2

A. Néu d(H,(a)) >

B. Néu d(H,(a))< thi (a)m(N) 1a tam giéc can.

D. Néu d(H,(a))> thi (a)N(N) 1a mot diém.

—

i +bi% )i . Tim z.

A z=a-ai. B. z=a—(a-2b)i.  C. z=-a—(a+2b)i. D.z=a—(a+2b)i.
Trong mit phing Oxy, tap hop diém M (x;y) biéu dién s8 phirc z théa ;;- 2+i<1.Khi d6 x,y
thoa didu kién nao dudi day?

A (x-2) +(y+1) <1 B. (x-2)*+(y-1) =1

C (x-2)f +(y-1)*<1. D. (x-2)" +(y+1) =1.

Cho hinh léng try ti gidc déu ABCD.A'B'C'D’, ¢6 canh déy béng a. Géc gita A'C va ddy (ABCD)
bing 45° . Tinh thé tich ciia khdi lang try ABC.A'B'C’ theo a.

3 3
A.a\/é. B. 2°\3. C. V2. D.“‘/E.

2 2

Trong khéng gian véi hé toa dd Oxyz, cho t&t gidc ABCD co Zﬁz(m-n+l;0;2—m+2n) va

DC= (Bm +2;O;n-4). Hoi khi t¢ gidc ABCD la hinh binh hanh thi gid tri cia biéu thitc P=m—-n

1a bao nhiéu?
A. § B. ~—§. C. 6. D. 6.
3 3

Chohams8 y = f (x) lién tuc trén R va c6 bang bién thién

—00 0 1 “+00

: - 0 - 0+ 0 —

Yy +OO\ / \
—00

Trong cac khéng dinh sau, khéng dinh nao ding?
A. Ham s6 nghich biéh trén cac khoang (—oo;l) va (2;+oo) .
B. Ham s6 nghich bién trén cdc khoang (—oo;O); (0;1) va (25+0) .

C. Ham s6 dong bién trén khoang (1; +o) .
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19.

20.

21.

22.

23.

24,

25.

26.

27.

D. Ham s§ dong bién trén khoang (0;2) .

3
e a er e o R o x  m e .
Tim tat ca gia tri ctia tham s thire m sao cho ham s6 y = S—«xz +(2m - 7112)x~1 ¢o6 2 diém cuc tri.

A m=EL, B. meR c. m=1, D. me(—oo;l).

Trong khéng gian véi hé toa dd Oxyz, tim toa d diém M, d6i xing véi diém M(1;-2;3) qua mit

phéng (Oxz).
A. M,(1;0;3). B. M,(-1;-2;-3). C. M,(1;,2;3). D. M, (-1;2;-3).
3
Ham s8 F(x) nao sau déy khéng la mot nguyén ham ctia ham s8 y = In"x
In x+x In*x-1 In*x+1 In*x+2
A. F(x):-‘—r B.F(x)=~ . C. F(x)="— D. F(x)="—
log, (¥*~1),x>0
Tim tap xac dinh D ctia ham s6 y:f(x): o562 (l ) . .
297 x<0
A. D =(-o00;-1)U(1;+0). B. D =(-o0;0)u(1;+).
C. D=(-w;-1)u(1;2]. D. D =(-»;0)u(1;2].

Tinh dién tich mat cau (S) biét rang khéi cau (S) twong ting c6 thé tich bang % .

w
D. ——.
4%9

Cho phuong trinh %logs (x —2)2 —-1=0. Mét hoc sinh thuc hién cac budc giai phuong trinh trén

A. B. Cr.

&lx

r
7

nhuw sau.

Budc 1: Dat didu kién: x-2#0< x =2
Budc 2: %log3 (x—2)2 -1=0<>log, }x—Z‘ =1
Budc 3: log, |x —2[ =1 x~2=3< x=5.50 diéu kién suy ra nghiém clia phuong trinh 1a 5 .

Bai giai nhw trén ditng hay sai? Néu sai thi sai & budc may?

A. Bai gidi dung. B. Sai 6 buwdc 3. C. Sai & budc 1. D. Sai & budc 2.

n
Biét I = jxcos(x +%)dx = a(ﬂ + b)\/z,(a,b € Q) . Trong cac khéng dinh sau, khéng dinh nao dung?
0

A. a+b>5. B. 2 +b*>10. C. a-b<0. D. & +° >15.
Tim t4p nghiém $ ctia bat phuong trinh 10g(x2 +16) >log(8x) .

A. S=R\{4} . B. S=(0;4)u(4;4w). C. S=R. D. S=(4;+w).

S§ giao difm ndm phia trén tryc hoanh cia hai dd thi ham s§ y=f(x)=2"-3x+1 va
y=g(x)=-3x" +x+1.

A. 3. B. 2. C. 0. D. 1.
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28.

29.

30.

31.

32,

33.

34.

35.

1
Cho ham s8 y = 3x3 . Tim déng thiec difng trong cic ding thitc sau.

A. 2(y')2~y.y”=0. B. 2(y')2+y.y"=0. C. 9y'y"=2y. D. 9y'.y"+2y=0.
Trong khong gian v6i hé toa d6 Oxyz, mdt phing () duoc goi la mit phang cach déu 2 diém A,
B néu véi moi di€m M thudc mit phang (@) ta déu c6 MA=MB. Viét phuong trinh mét phéng
(@) céch déu 2 di€m A(1;2;0), B(5;6;-2).
A 2x+2y-z-6=0. B. 2x+2y-z-24=0.
C. 2x+2y-z-1=0. D. 2x+2y-z-15=0.
Trong khéng gian véi hé toa &6 Oxyz, tinh khoang cach nho nhét gitta 2 mit phéng song song
(P):x~2y+3z+m2 =0, (Q):xf2y+3z+2m—5 =0.

4 3 2

6
A —. B. —. C. —. D. —.
J14 J14 J14 J14
2
Biét J.Wzilxlj%)dx=mln[x—1l+n(;\7“2)2 +kln*x—2[+C, v6i m,n,k 1a céc s6 nguyén va

CeR .Tinh m+n+k.

A. -11. B. 15. C. -20. D. 13.

Cho hinh lang tru tt gidc déu ABCD.EFGH . Tinh ti s8 k gitta th€ tich khoi tru ngoai tiép va thé
tich khoi tru ndi tiép hinh lang tru trén.

A. k=2. B. k=+2. C. k=2V2. D. k=4.

T
Pétinh I = IOZ x.sin? %dx , mdt ban hoc sinh lam nhw sau:

T

) RN 2 1,2 1% x? 1%
Buwdc 1: Bién d6i I=—j2x.(1~cosx)dx=—x ~—j2xcosxdx=—~~j2xcosxdx.
270 4 |, 2% 16 270
B L ju=x du=dx
Buwoc 2: Dat . .
dv = cos xdx v = —sin xdx
z
z 2 r 2
Buwdc 3: 1I2xcosxclx= —Esinx +1I231nxdx=—£+'1—cosx :———l
240 2 0 270 4 2 0
2
Suy ra l:”—+£+l.
6 4 2
Hoi bai giai trén ditng hay sai? Néu sai thi sai 6 budc ndo?
A. Bai giai dang. B. Sai 0 bude 2. C. Sai & budc 1. D. Sai 6 bwde 3.

Cé tat ca bao nhiéu gid tri nguyén 16n hon -10 cta tham s8 thuc m, sao cho ham s6
mx3 2 P

y=—5 +7mx” +14x—m+2 nghich bién trén nira khoang [1;+c0) ?

A. 11. B. 10. C. 9. D. 8.

Cho s8 phitc z = a+b/2i (a,b e R+) . Biét a+b =8, tim gi4 tri nho nhét ciia |z‘ .

A 42 . B. # . C. 43. D. 48.
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36.

37.

38.

39.

40.

41.

42,

43.

Cho hinh l4p phuong ABCD.A'B'C'D" canh a. Goi M,P lan luotla trung diém cia AA' va B'C'
. N la diém thudc canh A’D’ thoaman 3A4'N = ND'. Tinh dién tich S, cua thiét dién ctia (MNP)
v6i hinh 1ap phuong.

3a°/85 150% 3a%V21 321

B. S, = ) C. S, =
32 07 3 0 8 16

Trong khong gian véi hé toa d6 Oxyz, tim cdc mét phéng chita nhitng diém cach déu hai mat phéng

(P):2x-y+22-3=0;(Q):x+2y~22+5=07

A. S, =

A x+3y—-4z~-8=0 B x-3y+4z-8=0
"l 3x+y+2=0 " x+3y+2=0
C x-3y+4z+8=0 D x-3y+4z-8=0
| 3x+y+2=0 | Bx+y+2=0

Viét phuong trinh dudng thang di qua 2 diém cuc tri ctia d6 thi ham s8 y = x° —6x* +9x—4

A y=-2x+2. B. y=6x+12. C. y=x-3. D. y=-3x+1.

Ong Ninh mua mét chiéc xe mdy véi gia 69 triéu dong theo hinh thiic tré gop véi 1ai sudt 1,5% mot
thang. D& mua tra gép dng Ninh phai tra trude 30% sé tién, s6 tién con lai dng sé tra d4n trong thoi
gian 6 thang ké tir ngay mua, mdi lan tra cach nhau 1 théng. S8 tién mdi thang éng Ninh phai tra 1a

nhu nhau va tién 1ai dwoc tinh theo ng g6c con lai & cudi mdi thang. Biét réng trong thoi gian vay

néu 6ng Ninh tra hét tién vay trude thoi gian 6 thing thi dng Ninh phai tra thém s& tién 12 2% trén s¢

tién ban diu ma 6ng Ninh vay.Sau 2 thang vay, dén dau thang thtt 3 do éng Ninh c6 nguoi than &
nude ngoai giri tién vé cho, s8 tién nay du d€ éng tra hét s§ tién con no. Ong quyét dinh ding s6
tién nay d€ tra hét s8 no con lai khi mua xe may. Hoi s8 tién dng Ninh phai tra dau thang thit 3 gidn
v6i két qud ndo sau day nhat?
A. 30.000.000 ddng.  B. 35.000.000 déng.  C. 34.000.000 ddng.  D. 36.000.000 dong.

x X . )
Goi x1,x, (2, < x2) la hai nghiém ctia phwong trinh (\/g —1) + (\/g + 1) =5.2"" Trong cac khing
dinh dudi day, khang dinh nao sai?
A. (x1;+oo)r\(—1;1) = (—1; 1) . B. (xl;x2 ) r\(——l;l) = (—1;1) .
C. (xl,x2 )m (—1; 2) = (~1;x2 ) . D. (xz; +oo) N (le' 1) = (~1;1) .

Tim gia trj 1én nhét ctia ham s6 ¥ = cosx++/3 sinx trén doan [30 ; 45] (két qua lam tron déi hang phiin

nghin).

A. 3,732. B. 2,000. C. 1,932. D. 1,999.
e

K&t qua ctia tich phéan I = [e* (iz - —2—3~J dx dugc ghi dudi dang e” -’ (a,b € R;a,b > 0) . Khing dinh
1 \x

nao dudi day la diing?
A. l+~2->3. B. a+2b>3. C. a+—2~>3. D. L+1>3.
a b b a+1l b
Trong khéng gian Oxyz, cho hinh thoi ABCD c6 A(»l; 2;1), B(2;3;2) va tam I ctia hinh thoi ¢é

hoanh d6 duwong nam trén duong thﬁng d:— = =]

1 Y _Z°2 Bigt M(a,b,c) 1a trung diém cita CD

.Tinh a+b+c.
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44,

45.

46.

47,

48.

A.g. B. 3. C.;l. .3.

2 2 2
Trong bubi bdo céo vé san phdm thudc trir siu méi, mot nhén vién da trinh bay cho ban giam ddc
mdt d6 thi cho thay sy trong quan gitta s& lwong sdu bénh con lai theo thoi gian stt dung thudc nhw
trong hinh. Biét rang ham s& tiong tmg v&i d6 thi do la 5 sdu bénh
mdt trong bdn ham s6 dudi day, hiy cho biét d6 la ham

$0 nao?
-100
A y=—-—",
o+ 001X
100
B. y= 14 g 0015% "
100
Cy= T g0
D, 4o 100 O thoi gian
- ¥= 5 — g~ 0015x

Cho kh&i cau tam O, bankinh R . Trén mit cau nay, 14y 3 diém A, B, C déng phéng sao cho AB =6
; BC = AC =5cm . LAy mdt di€m S bat ki trén mét cau sao cho S khong nim trén mit phéng (ABC).

Biét gi4 tri 16n nhat clia thé tich khéi chép S.ABC 1a —1%? , tinh béan kinh R . (két qua lam tron dén

hang phan tram)
=y B 2 c p. 2.
16 8 2 8

Ngudi ta tao ra nhitng chiéc nén tit mdt miéng bia hinh tron dwong kinh 32 cm bing mdt trong 2
phuong an sau:
1) Chia miéng bia thanh 3 hinh quat bing nhau 16i cuén m&i hinh quat lai thanh mdt chiéc
nén cé thé tich V.
2) Chia miéng bia thanh 6 hinh quat béng nhau r6i cudn mdi hinh quat lai thanh mét chiéc
nén c6 thé tich V.
Goi V, V' Ian luot 14 t6ng thé tich ctia nhitng chiéc nén tao ra theo cach 1 va cach 2.
Nhén dinh nao diing trong cic nhan dinh sau?

A V=V B V=2V, C V=2V, D. V>V
Cho ham 8 y=2"lcs o thi B (C)va mot diém  M(myy)e(C). Goi
X+

My € (~oo;3) U [4;+oo) \ {—2}» 1a gid tri cta tham s8 thyc m sao cho tong khoang cach tle M dén tiém
can ding ctia (C) va dén duong thgmg (A) :y =1 dat gid tr nho nhat. C6 tat ca bao nhiéu gid tri
nguyén trong khoang (mo ; 2017) ?

A. 2021. B. 2020. C. 2016. D. 2017.

Cho ho s8 phtic z=a+bi (a,b c R) c6 tap hop diém biéu dién trén mit phéng toa do Oxy la duong
tron c6 phuong trinh (x —1)2 +(y ~2)2 = 4. Tim tap hop difm bicu dién ctia w =z +z+2i.

A. Puong théng. B. Poan thang. C. biém. D. Buong tron.
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2
bre
49. Biét tich phén [ = '[ \/;si,n \/;dx =ma’ + n,(n eZ,me R) . Chon khéng dinh ding.
: 0

50.

A m+2n>0. B. n>0. C.
Cho ham s6 y = f(x) c6 d6 thi nhw hinh v&, cc diém
A,B,C lacac cuc tri cia ham s8. Tim tt ca gia tri thuc

m &€ phuong trinh ] f (x)‘ =m 6 4 nghiém phan biét.

A. m=0;m:—6£.
16
B, —<m«<l1

C. m=0;m=ir—?1.
2

D. 0<m .

75

n<0.

D.

/N

m+n>0.

y

A(0; 1)

3 65
(“?*E)




Cho z; = a+bi4, 2z, = —ai® +bi (a,b [= R). Tinh Z1 2.
A. 2a+b~bi. B. b-bi. C. 2a+b+bi. D. -b-bi.
Trong khdng gian Oxyz, cho VA(Z;O;O) , B(O;B;O) , C(O;O;4) . Viét phuwong trinh mét phéng (ABC)

A. E+1+E:1_ B. E+Z+£=1. C. E+1+£=1. p. Z+¥ 21,
2 3 4 4 3 2 2 4 3 3 2 4

Tim tap xdc dinh cta ham sd yzxfx.:—2—+(x—2)é.

A. D=R\{2}. B. D=R. C. D=[2;+x). D. D =(2;+w).

Cho ham s8 y = f(x) c6 d thi nhu hinh v&. Chon | U\

phat biu diing. ¥=1x)

A. Ham s8 y = f(x) d6ng bién trén (—3;—1)u(3;5)

)

B. Himsd y=f x) dong bién trén (3;5).
)
)

Q| =™

(

(
C. Ham s8 y = f(x) nghich bién trén (3;-2).
D. Ham s8 y = f(x) nghich bién trén (—1;3). b 1

Ménh dé nao sau day la ding?

A. Hai ham s y =log, P vay= log, Jx c6 db thi dsi xtmg nhau qua duong thang y=x.
B. Hai hams6 y = X% va y= X2 ¢6 &6 thi d6i xtmg nhau qua duong thing y=x.

C. Haiham s y =log,x va y=a* véi a>0,a=1 c6 d0 thi d8i xtmg nhau qua duong thang y = x
D. Hai ham s6 y =2% va y=x* c6 db thi d8i xttng nhau qua dudng thing y =x.

2x+1

Ham s y = ¢6 d6 thi 1a hinh nao duéi day?

A. B.

_ O
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10.

11.

12.

13.

C. D.
y \ y
O 2 x
4
/ 0 X
———

1 3
Tinh nguyén ham F(x) = I( + jdx .
2, 3x-1
Ccos” x

A. F(x)=tanx+3In[3x-1/+C B. F(x)=tanx+In(3x-1)+C
C. F(x)=tanx+In[3x-1|+C D. F(x)=—tanx+In[3x-1|+C
Cho vec to 1 =(-3;2;0). Tinh do dai [
A. 13 B. 13 C 1 D. 2
Chon nhém gom nhiing ham s8 chi ¢é duy nhat mdt cyc tr.

f(x)=3x*-6, g(x)=15-2x3, h(x)=2*-3x*+7.

f(x)=3x" =6, g(x) =x* =3¢ +7, h(x) = (x* ~x)(x* +x)+ 27 +6.

f(x)=3x* =6, g(x)=15-5x2 ~2x*, h(x) = (" ~x)(x? +x) +2* +6.
D. f(x)=x*-3x*+7, g(x)=15-5x -2x*, h(x)=15-2x>.
Cho khéi da dién déu {3;3}, s8 canh ctia khdi da dién nay la méy?
A. 4. B. 3. C. 6. D. 8.

3

Tim tét ca cac gid tri thye ciia m sao cho ham s8 y = «%x —mx?® +(2m - 3)x — m +2017 nghich bién

trén R?
<3
A B<m<l1. B. m<1. C. 3<m<1. "
m=1
o v oA A1 ) 4dx-2 . . s
Biét rang F(x) la mét nguyén ham ctia f(x):#—m thoa P(—l):—an . Tinh g1amF(3)
X7 +2x° +x+2
A. F(3)=In40. B. F(3)=In10. C. F(3)=-In10. D. F(3)=2In5 .
Cho phuong trinh 10g21 x-log, x—3=0.D4t t =log, x thi phuong trinh da cho tré thanh phwong
4
trinh nao?
A.it2~t-—3=0. B. 27 -t-3=0. C. 4°-t-3=0. D. %tz—t—S-——O.
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14. Cho céc tinh hudng sau:
(1) Péthinh lap phuong (H ) tredc guong phang ta thu duoc anh (H ') ctia hinh 14p phuong.
(2) Nhing mét phan hinh 1ap phuong (H ) xudng mit nudc ta thu dwoc anh (H ') ctia hinh lap
phurong.
(3) Céthinh lap phuong thanh hai phin bdi mit chéo ta thu duoc hai phan (H) va (H').
Hoi ¢6 bao nhiéu tinh huéng ma (H ) va (H ') ludn bing nhau theo phép d6i xtmg mit phéng?
A. 2. B. 1. C. 0. D. 3.
15. V6i cdc s8 phtic z thoa man |z—3-4i|=1. Biét rang M, mIan luot 13 gid tri 16n nhét va nho nhat
ctia [z| . Tinh gia tri cha M ~m..
A M-m=v6-2. B. M-m=2. C. M-m=2-6. D. M-m=10.

16. Cho a=In2.Tabiéu dién duoc —Elnl—k—l—lni:k+*"—1~u,(m,n,keZ), trong 6 13 phan s8 t6i
4 4 2 16 n n

gian. Chon khéng dinh dring.
A. m>2n. B. m=0. C. m<2n. D. n?-m>0.
17. Mot mit cau tam O ndi tiép mot khéi 1ap phuong canh béng 4. Tinh khoang cach tir tim clia mét
cau dén mdt canh ctia khéi lap phuong.
A a. B. Z. c 22 D. 2.
2 2
18. Cho kh8inén (N) dinh O c6 ban kinh déy I . Biét thé tich khi non (N) 1a V, . Tinh dién tich S

ctia thiét dién qua truc ctia khéi non.

\4 3V, 3V,
A. §=20 B. §=270 c. s=20 D. §=27.
zr e zr Vo
19. Choham s8 y = f(x)c6 bang bién thién nhw sau:
X -0 0 1 -+
y' + - o +
¥ +o b+ 0

el

Téng 58 dedng tiém cin ding va tiém cin ngang ctia ham s6 trén 1a?
A. 3. B. 0. C 1 D. 2.
20. Tim toa d6 diém H 1& hinh chi€u vudng géc ctia diém M (3,' ~—2;5) 1én mét phéng (Oyz).

A. H(-3;-2;5) B. H(3;0;0) C. H(0;-2;5) D. H(-3;2;-5).
s

2
21. Cho tich phén I = j(Z—x)sinxdx.Dét u=2-x, dv=sinxdx, tim L
0

x 3 z 3
A. (2~x)cosx z—fcosxdx. B. —(2—x)cosx 2+Icosxdx.
0 o 0 o©
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22.

23.

24.

25.

26.

27.

28.

29.

Vs
cos xdx . D. —(2-x)cosx|2 - [ cosxdx.

O b | Yy
O | B

z
C. (Z—x)cosx 2+
0

o

Trong khéng gian voi hé toa d§ Oxyz, cho mét cau (S ) c6 ban kinh béng 13, tiép xtic mit phang toa
d6 (Oxy) va di qua hai diém A(6;0;1), B(7;-1;25). Biét rang tung d6 ctia tim miit cau la s6 am, hoi
mit cau (S) di qua diém nao trong s8 cac diém dudi day?

A. M(15-1;9). B. N(13;7;1). C. P(-151;-9). D. N(-13;-7;1).

Chohams6 y = f (x) 6 bang bién thién nhu sau:

T

e

Khang dinh nao sau day la ditng vé cuc tri ctia ham s6?

A. Ham sé dat cuc dai tai 2. B. Ham s6 khong c6 cyc tiéu.
C. Ham s6 dat cuec tiéu tai ~1. D. Ham s6 ¢é hai cuc tri.
X -X

Tim dao ham ctia ham s8 y = e__+_2_e__ .

2e* +e7*

2x 2x x 2
A.y,:*6e— B. y':_zei C. y'z_L D.y=-—
2x 2 2x 2 X 2 X -X
(Ze +1) (Ze +1) (26 +1) (26 +e )

Giai phuong trinh 6.45"% ~13.65"% +6.95"* =0,
A. x:§+k2n,kez. B. x=%+k7z,keZ.
C. x=n+kn,kel. D. x=rx+k2x,keZ.

A. -62. B. -14-6v2. C. -14+6V2. D. 14-6v2.

Giai phuong trinh z° +7z° =8 =0 trén tap s§ phtrc. Hoi ¢ bao nhiéu cip nghiém la lién hop ctia
nhau?

A. 0. B. 2. C. 3. D. 6.

Trong mét phdng Oxy, tim tap hop diém M (x;y) bi€u dién s& phirc z thoa |z—i|= |(1+ i)z‘ .

|
|

_ |

Cho hai s phitc 2, =(5-v2)i° +3i, 2, =(5+v2)i* ~3i. Tinh 2,2, }
1

|

A.Duong tron tam 1(0;-1), bankinh R=+2. B.Dudng tron tam 1(0;-1), ban kinh R=2.
NS -y o i L1 2.
C. Duong tron tam I(O;l),ban kinh R=+2. D.C62diém z=-1va z :§+§l .

m g

Cho a=10""18.4 = 10™198% v4i a,b,c,m,n 14 cic s& nguyén sao cho cac bi€u thitc ¢d nghia. Tinh

biéu thitc logc theo loga.
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30.

31.

32.

33.

34.

35.

36.

(mz—n)loga—mn (n2 wm)loga—mn

A. logc= B. logc =
o8¢ nloga—m o8¢ nloga—m
(nz ~m)loga—-n (m2 —n)loga~7nn
C logc=——— D. loge ="t
nloga—mn mloga—n

Trong khéng gian v6i hé toa ddOxyz, cho bén diém A(-1;2;0),B(0;1;1), C(-2-1-1) va
D(—3;—1;4) . Viét phurong trinh mgt phéng (a) cach déu 4 diém A, B, C, D sao cho (a) song song
v6i ca 2 duong thing AB va CD.

A. (a):5x+6y+z-5=0 B. (a):x-z+4=0
C. (a):5x+6y+z+5=0 D. (a):-15x+6y—3z-15=0
v R z dx mr
Biét tich phan Iz—J;m:;\—/—g—,(m,neZ,m>0) vol — " 14 phan s6 toi gian.
Chon khéng dinh diing.
A 4m-n?=0. B. 4m-n®>0. C. m*-2n<0. D. m? —4n=0.

C6 tat ca bao nhiéu gia tri ctia tham s8 m sao cho ham 8 y = mx® +3x% + mz,(m * O) ddng bién trén

khoang (a;b) va nghich bién trén cac khoang (—oo;a) , (b;+oo) sao cho ’a - bl =

A. 0. B. 1. C. 2. D. V6 s6 m.
x=-2t
Trong khéng gian v4i hé toa d6 Oxyz, cho duong thang d:{y=t va mit phéng
z=-1-2t
(a):x+y~z+1=O.T‘1m phuong trinh 4" 1a hinh chiéu vudng goccia d 1én (a).
A g Xt yr2_z-3 B, g X4 _yt2 z=38
-2 1 -2 1 -4 -3
c g.xt4 x+4 y—2:z+3. D. d,:x~4:y+2:z— '
7 -2 5 7 -2 5

Sau khi dimng lai chd hét den do, mét nguoi didu khién xe méy phéng di véi véan t6c duoc bidu thi
bang biéu thitc v(t)= ~? +10¢ (don vi m/s), ¢ tinh bing gidy. Hoi sau khoang thoi gian 5 gidy ké tir
khi hét den do thi xe may chay dwoc quang duong 1a bao nhiéu ?

A. 25m. B. 35 m. C. % . p. 20 o

16 10
Biét ring jf t)dt =504 va jf (x+6)dx=123. Tinh I = jf (3z)d

A. 1=127 . B. I=381. C. 1=627 . D. I=1143
Cho hinh ch6p déu S.ABCD c¢6 ddy ABCD la hinh vudng. D6 dai SB = E?. Goc gilta mat bén va

mit day bing 60°. Tinh thé tich khdi nén cé dinh S va day la dudng tron noi tiép hinh vudng
ABCD.

3 3 3
a Cm p. 23 ¢ £ms. D. @73.

24 D o7
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37. Chod:%:‘f_sﬁz"l-z\- X __y+s__ -z

A =— ,(m<0;n>0).Cap (m;n)ndo dudi day lam
1 -1 m*+1 it 41 mP4n

cho dsongsong A?

. \ -1 1 -1 1
A. Khong ton tai (n;n B.| —;—— C. | —;~= D. (-1;1
stonta (nn) 8. i %) (41)

38. Tinh thé tich tit dién déu ABCD canh 2a.

3 3 3
A.”ﬁ. B. 243V2 . 2“‘5. 2“‘5.

C. D.
12 9 3

sinx

39. Cho ham s8 y =¢""". Khing dinh nao sau day Ia diing?

A y'y=y?+y*Iny. B. y".y=y‘2—y21ny. C y'y=y?. D. y'=y'=y.
40. Chohams6 y= i—x‘* —-2(1}12 ~2)x2 +2, hdi khi d6 thi ham s6 cé ba diém cuc tri tao thanh mdt tam

gidc vudng can thi gia tri cta m? 1a bao nhiéu (két qua lant tron déi hang phin trim)?
A. 2,63. B. 1,62 C. 2,25. D. 1,50.
41. Luu luong mua cha tinh X trong 5 thang dau ndm ndm 2016 dwgc thé hién qua cdng thic

V =5x* —%@xa +43950x% —837000x +25.10° trong d6 x 1a thoi gian (ngay) va V 1a luu lwong mua

(ml). Hoi trong thang méy thi cé ngay ¢6 luu lugng mwa thip nhat?

A. 4. B. 2. C 1 D. 5.
42. Chohaihamsg y=a",1#a>0 vahamsS y=cx+d,c#0

6 db thi nhu hinh vé bén. Khing dinh ndo sau day la y=cotd
ding?
A d*>exvdox<-1.
B. ' =cx+dx=2.
C.a'<cx+dex22.

D. d* <cx+dex>-1.

3 —/—1 0 1 2 3

tru c6 thé tich 100m° . Déy lam bing bétdng gid 100 nghin VND/m?, thanh lam béng ton gid 90

43. Gia dinh Nhan muén xiy dung mét bén chita nwde hinh

nghin VND/m?, ndp bing nhém khong gi gia 120 nghin VND/ m? . Biét ring gia dinh Nhan da st
dung chi phi thap nhat d€ xay bon chita nwéc la Fy. Hoi F, gan nhat véi gia tri nao sau day ?
A. 10.425.000 déng  B. 11.476.438 dong C. 10.589.250 dong D. 12.536.259 dong.

x+1
44. Goi 5; 1a tap nghiém ctia bat phuong trinh ————>-1, 5, latap nghiém ctia bat phuong trinh
4" -2" -2

log, 2 <1. Tim khéng dinh ding cho méi quan hé gifta hai tap S, va S, ?
A. 5,NS,=S5,. B. .5, NS, =(2+0).. C. 5 US,=8,. D. 5)\5, =(0;2).

81



ON LUYEN BE THI TRAC NGHIEM TOAN 2017 PESO9

45. Cho khéi chép tiz gide déu S.ABCD c6 khoang cach d tir tAm ctia ddy dén mit bén c8 dinh. Biét
o 1a gid tri cia goc gitta mgt bén va mat déy dé thé tich khéi chép lanho nhét. Tinh sing.

A. sina[):\[—g. B. sinaoz—\/%. C. sina[]:%. D. Sinao:?/‘l‘g‘-

46. Cho ba s8 phtc 4,b,c thoa man a+b-+c =0;|a| = [b| =|c| = 1. Xét c4c khéng dinh:

3

(i).?u-+5+z=0‘ (1i).8" +b7 +c? =0 (i), @ =0’ =c
Hoi c6 tét ca bao nhiéu khing dinh diing trong cic khéng dinh trén?
A. 0. B. 1. C. 2 D. 3.

47. Chohamsd y= %% —3%% +2 6 &6 thi (C) .Piém M(xM;yM) thudc duong thzfmg A:y=3x-2 sao
t8ng khoang cch ti M t6i hai dim cyec trj ciia @ thi (C)nho nhét. Tinh 2y + Yy, -

A. % B.S o) D. 4

5

48. Chohamsd y= x3 +3x% c6 d6 thi (C ) va bang bién thién trong tng sau. Tim tap hop tat ca cac gia

tri ctia m d€ phuong trinh 3x? =3 =+—x> +m cé hai nghiém thuc am phén biét ?

X |- -2 0 0
¥ + 0 - 0+
’ / 4 \ / B
o ‘D »
A. me(-3;4) . B. me(-1;1). C. me{-3;1} . D. me[-1;1).

49. Trong khong gian véi hé toa dd Oxyz, cho mét cau (s): (x - 1)2 +y2 4 (z- 2)2 =9 ngoai tiép khoi bat
dién (H) duoc ghép tir 2 khdi chop it gide déu S.ABCD va §".ABCD (déu c6 déy la ti gidc ABCD).
Biét rf"ang duong tron ngoai tiép cha tt gidc ABCD la giao tuyén ctia mét cau (S) va mat phéng
(P):2x+2y-z—8=0. Tinh the tich kh&i bat dién (H).

AR . 05 c. %8, p. 1330
9 81 9 81

2 2

50. Tinh thé tich V clia vat th€ cé ddy 1a mot hinh Elip gi6i han boi xZ + % =1.M>i thiét dién vudng

g6c v6i truc Ox 1a mot hinh vudng.
A. V =32(dvdt). B. V =64 (dvdt). C. V =48 (dvdt). D. V =96 (dvdt).
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Cho ham s8 y = ax* +bx* +c (a #0), dinh diéu kién cta a,b,c d&ham s& c6 ding 3 diém cuc tri.
A. ab>0. B. ab<0. C. b=0. D. ab<0.

Cho ham s8 y = f(x) lién tuc trén doan [a;b] va c6 dao ham trén (a;b). Phuong trinh f'(x)=0
¢6 2 nghiém x,,x, & (a;b). Chon phat biéu ding.

A. Hams8 y = f(x) c6 gid trj lon nhét trén [a;b] 1o Max{f(a), f(x,), f(x,), (D)}

B. Hams8 y = f(x) c6 gid tri nho nhat 1a Min{f(a), f(x,), f(x), £ (b)}

C. Hams8 y = f(x) c6 gid tri nho nhat trén [a;0] 1a f(a).
(x)

D. Ham s8 y = f(x) ludn ton tai gi4 tri 16n nhat trén (a b)

Nl

23
Rat gon biéu thiic A = ((xg‘) véi x>0.

25
A, A=xS14 B. A=x°. C. A=x%, D. A=x2.
Cho hinh lang tru ABC.A’B’C’. Céng thiic nao sau day 1a diing. ar N
A. Vapeape = AA Sy upc-
1 , .
B. Vi apc =5 Saanc 4(4',(4BC)) ’
1
C. VC,A'B'C' = ‘é‘CC .SAA'B:C:
1 ! ‘
D. Vape awe =5 5mapc 4 (B'(4BC)). \V
Tim cOng thic tinh dién tich mién t6 ddm S nhw hinh vé& sau: ’
b c Y
A.S= f(x)dx. B. S=||f(x)dx. y = flz)
fire fire) o1y
c b S
C. S:If(x)dx. D. S=”f(x)1dx. 7 b c .
b c

Phwong trinh logs,(3x +2) =2 c6 nghiém la:

A. x=834. B. x=—2—§—(—)9. C. ngégﬁ. D. x=650.
3 3

Cho s8 phttc z =3-4i. Khéng dinh nao sau day la khing dinh sai?

A. M6dun ctia s§ phitc z 1a 5. B. S6 phttc —z 1a -3+4i .

C. S8 phirc lién hop ctia z 1a 3+4i. D. Diém biéu dién ctia z 1a M(—4;3).

Cho 2 vecto u :(ul;uz;us),v =(vl;02;v3) . Cho cac khéng dinh sau
(1)) k.ﬁ:(kul;kuz;kua),keﬂﬁ.
an no= (”1 015Uy Uy U3 Uy ) .
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10.

11.

12.

13.

14.

(IIn) 14—1):(141—7;1;1,12 —vz;ug,—vs)

Trong t4t ca cac khing dinh trén, tdng s8 khing dinh diing 12 bao nhiéu?

A. 0. B. 1. C. 3. D. 2.

Chohamsd y = f(x) xacdinhvaliéntuctrénRva lim (x) =1, lim f(x) =-1. Kh?mg dinh nao dwdi
X—>—00 X—>+00

day 1a dang?

A. Db thi ham s8 chi ¢4 1 tiém cén ngang.

B. D6 thi ham s6 chi ¢d 2 tiém cén ngang.

C. D5 thj ham s8 ¢6 1 tiém can ding va 1 tiém can ngang.

D. Db thi ham s8 ¢6 1 tiém cén diéng va 2 tiém can ngang.

Nhan dinh nao dwéi day la ditng?

A, Py 2% 4204 2by + 2cz+d =0 (a,b, cde R) 1a phuong trinh cia mot mét cau.

B. (x+a)2 +(y+b)2 4—(z+c)2 =R? (R > 0) 12 phuong trinh ctia mét cau cd tim I(a;b;c), béan kinh
R.

C. biém M(xa;yo;zo) duoc goi la nidm trong kh&i ciu tam I(a; b;c) , ban kinh R néu

\/(x~a)2 +(y-b)2 +(z—c)2 <R.

D. x® +y? +2% +2ax+2by +2cz+d =0 (a2 +h?+c? < d) 12 phuong trinh cia mot mét cau.

3 -4 _ i2016 + i2017 .

Tim s6 phiic lién hop ctia s6 phitc z = i—i? 4+ it

A -1, B. 0. C i. _ D. —i.

Cho hinh ling tru déu ABC.A’B'C’ ¢6 ddy ABC la tam gidc déu canh 2a. Tinh theo a th& tich khéi
tru (T) c6 2 ddy 12 2 dwdng tron ngoai tiép cac tam gide ddy ABC va A’B'C’, cho biét ty s8 gitta ban

kinh d4y ctia hinh tru va chiéu cao hinh tru la %

3 3 3
8ra \/5 B. 7m3\/§. C 8a \/5 8ra \/:D;

A. . . . D.
9 27 3
Hoi hinh v& bén md ta chinh xdc nhat &6 thi ctia ham s8 nao trong cac ham s6 dudi day?
1 3%
A y=x-x3.

1
B. y=x+x3. /

C. y=x+§/;. OK.,/

D. y=x~§'/;.

Trong khong gian véi hé toa d6 Oxyz, cho vecto 4= (m +1;—2m; \dm?® — 80) , bi&t m>8. Tinh do

x

16n cta vecto 4 .

A. [a|=N9m> +2m-79. B. [d|=3m+1.
C. |i|=vm*-79. D. [d|=vm® +2m-79.
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15.

16.

17.

18.

19.

20.

Cho db thi (C)nhw hinh vé. Hoi (C) c6 thé'la db thi y
ctia ham s8 nao dudi day?

A. y=5+2. ©
B. y=5%-2. ;—\\

C. ]/='57.

D. y=2-5",

Chohams8 y = f(x) xac dinh va lién tuc trén cdc khoang (-o; 2) va (2;+o) va cé bang bién thién.

—00

2
y + |+
NC

Trong cac khang dinh sau, khing dinh nao dang ?

+00

A. Ham s6 déng bién trén khoang (—3;3) . B. Ham s6 dong bién trén R .

C. Ham s6 dong bién trén R\ ({2} . D. Ham s6 d6ng bién trén céc khoang (—00;2) va (2; +oo)
5 [T
Tinh tich phan sau I = j—@%tl—f—%dx trong d6 a la tham s6.
14x" ~4x+1
A =448 B =202 c1=-2.8 p. =222
3 9 5 25 3 9 9 3

Cho mét cau (S) c6 tAm 1a I, ban kinh R= a6 . Mot mat phing (P) cét mit cau (S) theo giao tuyén
1a mot dudng tron ¢6 bén kinh r =4 . Tinh khoang céch tir tam I dén mét phang (P)
A 5. B. a7. C. 3. D. a/2.

Ny \ , N ~ 2, ~ . N
Cho bai toan “Tinh dao ham ctia ham s§ y = %’Y(x - 1) , mdt ban hoc sinh lam nhw sau:

Buéc 1: Tap xdc dinh: D=R.

2
Budc 2: Bién d6i ham s8: y =3 (x—l)2 = (x—1)§ .

1
Budc 3: Tinh dao ham: y'= —z-(xwl)_g = % .
3 3x-1
Hoi ban hoc sinh trén 1am diing hay sai, néu sai thi sai ti budc ndo?
A. Ban hoc sinh lam dang. B. Budc 3. C. Buébe 2. ‘ D. Budc 1.

Chohams8 y=f (x) ¢6 d6 thi nhw hinh vé. Lap cdng thirc
tinh th€ tich ctia khéi tron xoay tao béi hinh t6 ddm quay
quay truc Ox.

4

AV =x[(f(x)) dx.

0

B. V :I-(f(x))z dx .
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21.

22,

23.

24.

25.

26.

27.

28.

29.

4
C. V:;zﬂf(x);dx.
0

D. V= ﬂ_?(f(x))z dx.
0
Hinh hop chit nhat ABCD.EFGH ¢6 th€ c6 bao nhiéu truc d6i xtmg?
A. {0;1;2;3}. B. {0;1;3;6}. C. {0;1;3}. D. {0;1;6}.
Trong khong gian voi hé toa d6 Oxyz, cho diém M (1;-2; 3) . Tinh t6ng khoang cich tit M dén cac
mit phing toa dd Oxy,Oyz,Oxz .
A V14 . B. 2. C. 6. D. 14.
Tim c4c gi4 tri thiec ctia tham s8 m sao choham s8 y = —x* +(2m—3)x* + m nghich bién trén khoang
(1; 2) .

A. me{—oo;?—}. B. me[i,l—l—} C. me[—S;S). D. me[—oo;él)
2 22

Tim gié tri nho nhét ctia tung d6 giao diém gitta hai db thi (C):y=+3x+1 va d:y=2x-1.

A 0. B. 1. c 2. p. 2.
2 1

Trong tap hop s8 phitc C, tim nghiém ctia phuong trinh (z —i)2 +4(z - i)+ 8=0.

A z=-2+2,z2=-2-2i . B. z="243i,z=-2-1i.

C. z=-2-3i,z=-2+1. D. z=2-3i,z=2+1.

Trong tap hop s8 phttc C, biét ring z,, z, 12 2 nghiém ctia phuong trinh 22 +22+5=0 va z, 6
phén 4o &m. Tinh A= |zl |2 +2,7

A A=-6. B. A=2+4i . C. A=2-4i. D. A=-2+4i .

Cho céc s8 thiee duong khéc 11a a,b,¢ Rat gon log, \/-b-.logb?_ c”".log N 2% ta duoc L”\/f——, (m, neN )
c nv2

,v6i 2 13 phan 8 t6i gian. Chon khing dinh diing.
n

A. m=2n. B. m-2n<0. C. m-2n>0. D. n? —4m>0.

Cho hinh chép S.ABC ¢6 ddy ABC 1a tam gidc vudng tai A, AC=44,BC=54,SB L (ABC ) , khoang
e \ A 2 ~ w & Y 3‘2\/5 . N ey A 7
cach tir trung diém M ctia doan AB dén mét phang (SAC) bang 7 Tinh th€ tich khdi chép

S.ABC.
A. 182 B. 62°. C. 32, D. 92°\2.
2
z = 7 1.
Két qua cta tich phan I= !02 x.sin® (-;—C—de duwgc ghi dudi dang 7_'1;+;'(”'b jceN ) . Tinh
a+2b+3c.
A. 30. B. 22. C. 32. D. 14.
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30.

31.

32.

33.

34.

35.

36.

37.

Tim tat ca tham s thwc a d€ ham s6 y :ln(x2 —ax+1) xéc dinh trén R va c6 dao ham thoa
y'<2,VxekR

A —3<a<y3. B. -2<a<2. C. —3<a<\3. D. -2<a<2.

Dé& dam bao diéu kién sinh séng ctia nguoi dan tai thanh phS X, mét nhom cac nha khoa hoc cho
biét voi cac didu kién y t&, gido duc, co sO ha téng, ... clia thanh phd thi chi nén ¢6 t6i da 60.000
ngudi dan sinh s8ng. Cac nha khoa hoc ciing chi ra ring dan s8 duoc udc tinh theo cong thiic
S=Ae™, trong dd A 1a dan s8 ctia ndim dugc 18y lam méc tinh, S la dan s6 sau n ndm vaila ti 1¢
ting déan s8 hing nam. Biét ring vao dau nam 2015, thanh phd X ¢6 50.000 nguoi dan va ti 1é ting
dan s6 14 1,3%. Hoi trong nim nao thi dan s8 thanh phd bit dau vuot ngudng cho phép, biét ring

s6 lidu chi duoc 18y vao dau mbi ndm va gia thiét ti 18 ting dan s6 khong thay d6i ?

A. 2028. B. 2029. C. 2030 . D. 2031.
o . L 2P (m+2)x—3m+1 o
Tim tét ca gia tri ctia tham s6 m sao cho ham s6 y = 1 nghich bién trén timg
x—

khoang xac dinh.
A. m<l. B. msl. C. m:l. D. mZ—l—.

2 2 2 2
Cho a=log,, 5;b =logg7;c =log, 3. Goi cac s6 m,n,k,peZ théa log,35= _’_’%‘(ﬂﬁf_ﬁﬂ . Chon ménh

+pc

dé diing.
A. mk<np. B. mk>np. C. mk=np. D. mk—-np=3.

3 2
Giai phuong trinh 5x% + (5 + 2i\/§ )x - (1 + \/gi ) = (\/E +1 ) x trén tap s6 phitc thu dugchai nghiém
z1,2,. Tinhtich P cac phén thuyc clia z;,2,.

N B pa_t. p=36. p, 210
25 25 25 5
_ %3 —3x% +3x~1

B (x—l)(x—m)

A. D06 thi ham s ¢6 duy nhét mét tiém can ding khi m = 1.

Choham s8 y = f(x , hoéi nhan dinh nao dwéi day la ding?
y y g

B. D0 thi ham s8 cé hai tiém can diing khi m=1.

C. D5 thi hdm s6 ludn cé it nhat mot tiém cdn ding voi moi gia tri chia m .

D. D6 thi ham s6 c6 m6t tiém can ding khi m=1.

Cho hai li nu6c dang hinh tru c6 chiéu cao va ban kinh day lan luot 1a (%) va (hy, 17, ). Biét thé
tich li thit hai nho hon li thit nhat. Ngudi ta himg day nude li thit hai sau d6 d6 qua ki thit nhat. Hoi

chiéu cao h ctia muye nuedce trong li thir nhat lac d6 1a bao nhiéu?

7 2 h I 2 2
A hy="22. B. hy="22%, C. hy="11. D. h0=f‘2~:2—.
hn n 1 i

Tim trén truc Oy difm M cach déu hai mit phang (P) ix+y-z+l= O,(Q) ix—y+z-5=0
A.M(0;-3;0). B. M(0;3;0). C. M(0;-4;0). D.  M(0;40).
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38.

39.

40.

41.

42,

43.

44.

45.

Trong khong gian véi hé toa d6 Oxyz , cho ba diém A(2; 1;3), B(3,' -2;1),C (—1; 3; ~5) . Biét C'(a,b,c)
la diém ddi xting ctia C qua dudng thing AB. Tinh a+b+c.
209

A 4. = C. 0. D. 11.
25
x=-1+2t
A g 3 x_y-1 _z+2 .
Trong khong gian vdi hé toa dd Oxyz, cho hai duwong thang d1:—2—=——1——=——-i—- vad,:qy=1+t
z=3

. Phuong trinh dudng thang vudng gbc véi (P ) :7x+y—4z =0 va cit hai dwong thing d,, d, la:

A X7y _zHd g Xt2_y _z-1
2 -1 1 -7 = 4

C. x—2:1:z+1' D. x—2:z:z+1.
7 1 -4 2 1 1

C6 tét ca bao nhiéu gid tri ctia tham s6 m sao cho ham s8 y = —x* —2mx* +m? -1 dong bién trén

khoang (a;b) sao cho |a—b! =2.

A. Vb s8. B. 2. C. Khéng c6 m. D. 1.
2
Biét I-~—3C~3—t1-———dx:m ! T 1 +k.ln|x_ll+C ,voi m,n,keQ .Tinh S=m+n+k
(-1 (x+3)  (x-1f (1) |x+3]
j B.Eg. C.:—IE. D.i.
32 32 32 32

Tinh dién tich hinh phing giéi han béi cac duong y = x? +(1—a)x—a , a la tham s8 thuc khac -1

va truc hoanh.

3
3 42 a+1
A =L, 1 B. S:I—~L.
6 2 2 6 6
@ a1 tﬂ—1|3
c.s=-4.% % ° ) D. 5=,
6 2 2 6 6

Cho ham s8 y = f(x)=x"—25xcosx véi x>0.Xét hinh phéng (H) gi¢i han boi ham s8 y = f(x)
, truc tung, truc hoanh va dudng thing x =+ (t > 25) .Goi S;, S, lan lugtla dién tich ctia phan ndm

trén va nidm dwéi truc hoanh ctia hinh phing (H ) .Tinh §; -5, .

3

A. > +25tcost. B. %+25(tsint—cost+1).
t3

C. t*—25tcost. D. —-=25(tsint +cost-1).

Trong m3t phéng phtic Oxy , trong céc s6 phtrc z théa |z +1- i] =1.Néu sd phttc z ¢6 mbédun 16n
nhét thi s6 phtic z ¢4 phéan thuc bang bao nhiéu ?
A Y22 —~2-2 c 2-2 2+2

B. . . D.
2 2 2 2

A 2w s o 2D6 Al dem N . ,
Mot qua cau cd thé tich T” (cmS) dwoc ddt vao mot chiéc cc cd dang hinh tru véi duong kinh
déy la 6cm la va chiéu cao 1a 14cm. Hoi qua ciu c6 nho ra khoi chiéc cdc hay khong? Néu cé thi
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46,

47.

48.

49.

50.

chiéu cao cia phan qua cau nhoé ra khoi chiéc c8c 1a bao nhiéu? (két qua lam tron dén hang phan

tram)
A. Qua ciu co nhd ra 6,65 cm. B. Qua cau cd nho ra 4,00 cm.
C. Qua ciu cd nhd ra 2,65 cm. D. Qua ciu ndm tron ven trong cdc.

Cho céc s8 thuc duong x,y,z théa man x+y+z=3. Tim gia tri nho nhét cua biéu thic:
P=2(x? +y? 4 2% )~ dxyz - 9% +2027.

A. min P =2020 B. min P =2016. C. minP=é(;2. D. minP:-z-%l—Z.

Trong khéng gian véi hé toa d6 Oxyz, cho mat phang (P) 2wl 2 gm0z 1 cdt3
2m 4 4n-2 2

truc toa d6 Ox, Oy, Oz lan luot tai ba diém A, B, C. Biét ré“mg m+2n=>5, tim gia tri nho nhét cua

ban kinh mét cau ngoai tiép t dién OABC, véi O la gbe toa do.

B 23
3

A. 5. C. 6. D. 243.

Mbt nguoi nhdy du tr mdy bay xudng véi van t8c biéu dién theo ham s§
V(t)=50(1—e %) (m/s),t 2 0. C6 tat ca bao nhiéu gi4 tri nguyén cta ¢+ d& van t8c ctia nguoi d6
khéng vuot qua 40m /s .

A. khéngcogiatrit. B. 9. C. 8. D. vd s6 gid tri t.

Mot chiéc hop hinh hdp chit nhat ¢6 kich thude 10em x 6cm

x 6cm. Nguoi ta xép nhitng cay but chi (cting kich thudce va

chat liéu) chua chudt ¢6 hinh ling tru luc gide déu véi chiéu

100904,
dai 10 em va thé tich mi cay but chi la 240043 (mm3) vao é% /

trong hop sao cho ching dwgc x€p sat nhau nhu hinh vé.

Hoéi c6 thé chita duoc t8i da bao nhiéu cay but chi?
A, 225, B. 49. C. 64. D. 56.

N 2 N . LA \ 2 ~ N i A A
Choham s y = o1 co d6 thi la (C ) . C6 bao nhiéu duwdng thang qua goc toa dd, cat hai tiém can ctia
x f—

(C ) lan Iuot tai hai di€m va chung cling véi tam d6i xing ctia (C ) tao thanh mét tam giac c6 dién tich
1a2?
A. 2 B. 1. C. 4. D. 3.
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1.

Phat bi€u nao dudi day 1a sai?
A. Him s8 y=x° véi xeR c6 daoham 13 y'=3x*.

B. Ham sd& yzxk véi x,keR cb dao ham 1a y':kxk"l.

1
C. Hams8 y=— v6i x#0 c6 dao ham la y'=—-12-.
x x

-1
D. Ham s& y:x/; v6i x>0 c6 dao ham 1a y':-;—x2 .
Cho ham f xac dinh va lién tuc trén R cling cac phat biéu sau day:
() Ham y = f(x) duoc goi 1a ddng bién trén khoang (a;b) ndu Vx;,x, €(a:0) = f(x,) < f(x,).
(I N&u f'(x)<0,Vx e(s;b) thi ham y = f(x) nghich bién trén khoang (#;b).
(IIT) Cho ham y = f(x) c6 tp xdc dinh 1a R va f'(x)=2"+1. Khi d6 ham y = f(x) ddng bién
trén R.
Trong tét ca cac phat biéu trén, tong sd phat biéu diing 1a bao nhiéu?
A. 3. B. 2. C 1L D. 0.

Trong khong gian Oxyz ,Phuong trinh nao sau day la phuong trinh truc Ox?
x=0 x=t
A, x=0. B. y+z=0. C. jy=t. D. {y=0
z=t z=0

C6 bao nhidu phép d6i xting qua mit phang bién mot t¢ dién déu thanh chinh né?

A. Ba. B. Sau. C. vd s6. D. Bay.

Véi digu kién a> 0,£(x) > 0 thi bt phurong trinh nio sau day tuong dwong?

A. logaer1 g(x) > loga2+l f(x) = g(x) > f(x) . B Ioga2+1 g(x) < 10ga2+1 f(x) = g(x) < f(x)

C. log, g(x)2log, f(x) < g(x)< f(x). D.log , g(x)< log 5 f(x)= g(x)< f(x)-

Cho ham s8 y =ax* +bx* +¢ (a0), tim nhan dinh sai trong cac nhén dinh sau.
A. Ham s6 ludn 6 it nhat mot diém cuec tri. B. Ham sd c6 t6i da 3 diém cuc tri.
C. Ham s8 c6 t6i da 3 gia tri cuee tri. D. Ham s8 ¢4 it nhat mot gia tri cwe tri.
Trong khéng gian v6i hé toa d6 Oxyz, cho cic phuong trinh sau:
=2 x=3-t 1 y+1 2243
x— z x=2z
(1) 1y =3t @ {y=-1+t @ =t =2 (4){ o
z=-1+2¢ 2=+ 2 y

Hoi c6 bao nhiéu phuong trinh 14 phuong trinh dudng thing cho & dang tham s5?
A. 0. B. 2. C. 3. D. 1.
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8.

10.

11.

12.

13.

14.

Trong cdc ham s§ & bon phurong 4n, ham s6 nao cd bang bién thién nhu hinh dudi day?

T -0

['(z) -

1 2
¥ -4

Cho s8 phirc z=2-3i. Chon khéng dinh diing.

A y=

A. S8 phtic z ¢6 phén thyc 1a 2, phan ao la -3i.
B. Trong mit phéng (Oxy), s§ phitc z duoc bidu dién boi diém M(2;3).
C. Trong mit phang (Oxy), s& phitc z duoc biéu dién boi diém M (2; —3) .
D. S8 phtic z ¢6 phan thuc la 2, phan a0 1a 3
Chohams6 y= f (x) c6 dao ham 14 ham lién tuc trén tdp hop R . Phat biéu nao sau day la ding?
A. [ f(x)dx=f'(x)+C. B. [ f1(x)dx= £ ().
C. If'(x)dx:f(x)JrC. D. If(x)dxzf'(x).
Ngudi ta mudn phan chia khéi lang tru tam gidc ABC.A’B’C’ thanh nhitng khéi da dién bé hon, hoi
¢6 bao nhiéu cach phén chia ding trong cac cach phén chia dudi day?

(i) Chia thanh ba khoi tt dién: A’ABC, A’C'CB, A’C'B'B.

(i) Chia thanh 2 kh6i chép: C'CAB, C'.A’'B'BA.

(ii1) Chia thanh 3 khéi tv dién: B’ABC, B'ACC’, BAA'C.
A 2 B. 1. C. 3. D. 0.
Trong khong gian Oxyz ,cho mét cau (S) : (x*m-kl)2 + (y—2)2 +(z+n—3)2 =m?+1. Xac dinh tam

I va ban kinh R ctia mat cau (S) .

A. I(-m+1;-2;n-3); R=vm”+1. B. I(m+1,2;-n-3); R=\m*+1.
C. I(m-1;2;-n+3); R=\m*+1. D. [(m-1;-2;-n+3); R=m*+1.

Tim nguyén ham F(x) ctia hams8 f(x)= (2x+1)5 -3% +sinx.

6 6
2x+1
A P(x):gff—l—— 3 cosx+C. B. F(x)=w—3x—cosx+c.
6 In3 12
6 6
2x+1
C. F(x)zgf—ﬂ—)—~ 3 cosx+C . D. F(x)=£——x—:~)w~—?i+cosx+c.
12 In3 6 In3
Biét w =a+bi,(a,b € R) 1a mdt cin béc hai céia z=1-4iv/3 . Tinh 5 =a? +b%.
A.7. B. 2443. C 1. D. 2-43.

91




ON LUYEN DE THI TRAC NGHIEM TOAN 2017 pPE SO 11

15.

16.

17.

18.

19.

20.

21.

22.

23.

24.

3
2

[

Cho A= [(x—l)%J

1 1
{xz —1J{x2 +1]+\/§+2, tim nhén dinh ding.

A. A>0,vx>0. B. A<0,vx>0. C. A<0,vx>1. D. A>0,Vx>1.
Cho z; =a~bi, z, =ax2 +b32i (1,b € R). Tinh z,.z, .

A. ﬁ<a2~b2)—2«/§abi. B. ﬁ(az.-bz).

C. ﬁ(a2—b2)+2ﬁabi. D. 2(a2-b2).

C6 bao nhiéu gié tri ctia tham s8 thwre m sao cho ham s6 y = x° —3ma® +1 dbng bién trén R.
A. Khéng co m. B. V6 s6m. C. 2giatrim. D. 1 gia tri m.
Cho 4,b>0. Trong cac ménh dé sau, ménh dé nao 1a ding?

A. log, (9u2x/5) =2+2logga+ %]og3 b. B. log, (9a2x/g) =2logsa.log, b
C. log, (9a2«/g) =2log, (ab) . D.log, (9&12\/5) =3 +—;—log3 a+2log,b.

Trong khong gian véi hé toa do Oxyz, cho ba diém A(-1;0;1), B(2;5;-3), C(2;4;-5). Biét G 1a
trong tam ctia tam gidc ABC . Tinh OG.

V139 139

A. 0G=+19. B. 0G=""—. C. 0G==>. D. 0G=+/139.
Tinh thé tich khéi tru tron biét thiét dién qua truc 1a hinh vudng c6 chu vi 1 (cm).
7 3 4 3 4 3 7 3
A, — . B. — . C. — . D. — .
g ) 256 ™) 6a ) 128 ™)

b

3 b
Cho ham s8 f lién tuc trén R va hai s6 thyc a <b . Tinh tich phan J. F(3x)dx néu .f flx)dx=3.
a

a

3

A 1. B. 9. C. 3. D.

W=

Tim t4t ca gid tri ctia tham s& thuc m sao cho ham s8 y=x3 ——g-mx2+1 c6 2 diém cyee tri.
A m=-1. B. m=0. C. m>0. D. m=0.

Ham s6 nao dudi day c6 b thi nhu hinh bén? v
A y=x*-2:23+1.
B. y=—x*+2x"-1.
C. y=x4~2x2+1.

AV

Cho m6t hinh cau ban kinh 5 cm, cit hinh cau nay bﬁmg mdt mat phéng sao cho thiét dién tao thanh
1a mdt duong tron duong kinh 4cm. Tinh thé tich ctia khéi nén c6 day la thiét dién vira tao va dinh

D. y=x*+2x%+1. 5

12 tAm hinh cau da cho. (18y 7 ~ 3,14, két qua lam tron t6i hang phan tram)
A. 166,67 cm® . B. 114,56 cm® . C. 19,19 cm® . D. 57,56 cm®.
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25.

26.

27.

28.

29.

30.

31.

Trong cac s6 phitc z thoa man diéu kién lz—2—4il :|z~2il .Goi z=x+yi,(xy € R) lasd phirc c

mddun nho nhét . Tinh x* +y? +9xy

A. 28 . B. 28 . C 44 . D. 33 .

S

Mot hoc sinh tim dao ham ctia ham s6 y = logs nhu sau:

[3Jx2_—1 ) R (V1 ) a2

x% -1 _ 2xlogs 3

Bu6cl. y'=———— .Bubc2. y'= .Buéc3. y'=
[2 [2 In5 2
3V s 3V s " Ve
Hoéi hoc sinh lam diing hay sai, néu sai thi da lam sai bét dau tir bude nao?
A. Budce 1. B. Budc 2. C. Budce 3. D. Hoc sinh da lam dung.

Tim tap xac dinh D ctia ham s8 y = log, [ln(—sz +x+1)J .

A. D:(:;;lj. B. Dz[:;-;oju(—;—;l} C Dz(—w;O)u(%;MDJ. D. D=(o;%j.

MO0 hinh ctia mot hinh nén duoc tao ra béng cach cudn mot hinh quat ¢

kich thude nhu trong hinh. Tinh thé tich ctia kh6i nén tuong ting. (két qua

lam tron dén hang phan trdm) Jcm
A. 29,94 cnr®.

B. 9,98 o

C. 29,51 cm®.

D. 9,84 crd®.

Cho biét a= IOgZ 3;b= 10g2 5. Phan tich logi %1?— = mbz + naz + kab,(m, nke Q) . Tinh glé tri

dm-—-n+2k
A, 7. B. -—%. C. —3. D. 2.
8 2

2 —

Tim tat ca gid tri thwe tham s6 m d€ ham sd y =1nuic—i§ c6 tap xacdinh la R.
2
x“+x+1

A. 17122\[?:\/1113—%/5. B. —2x/§$711§2x/§.

C. m>2x/§vm<—2\/§ D. —2\/§<n-z<2\/§.

Cho s8 phttc z théa man *z —1‘ = |zt . Tap hop cac diém biéu dién s8 phitc @ = iz la:

A. Dudng thing nim ngang y = 1

5 B. Puong thing ndm ngang y = ~——;:.

C. Duong thing dimg x = —%. D. Duong théng démg x = %
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32.

33.

34.

35.

Chohamsd y = ax* +bx? +¢ cé d6 thi nhw hinh bén dwéi.
Yy

/ \ )
VARV
Hoi nhén xét nao sau day la diing?

A. a>0,b<0,c>0. B. a<0,b>0,c>0.
C. a>0,b>0,c>0. D. a>0,b<0,c<0.

Trong khéng gian Oxyz ,cho l;z‘ =2; El =3 va gdc giita 2 vecto a va b 12600 Tinh d6 dai ’;—E'

A 7. B. V7. C 1. D. 3.
Trong khéng gian v6i hé toa d6 Oxyz, cho mit cau (S) co thm I (a; b;c) ndm trén duong théng

_ 2 .
(d):zcg_l:%:z_ va tiép xdc hai midt phang (a):6x—4y+l4.z—5=0,

(B):—6x+4y—14z+7 =0. Tinh a+b+c.
73 p 112 c 56 S

31. . —EH- . "‘_3—1‘- ° _ﬁ .
Tim gid tri 16n nhat va gi tri nhé nhét ctia ham s8 y = x* ~2x% +5, Vx e R. Mot hoc sinh giai theo

cac biede sau day:

Buéc 1: y':4x3—4x;y'=0:>x:O;xz—l;x:].

Buéc 2: Tinh dwoc y(O) = S;y(—l) = y(l} =4.

Budc 3: maxy =5miny=4.

Hoc sinh gii diing hay sai, néu sai thi sai & budc nao?

36.

37.

38.

A. Bu6c 3. B. Budc 1. C. Loi giai dung. D. Budce 2.
V3
2

K&t qué tich phén I = I V3—x2dx = mr+n3 + k,(m,n,k € Q). Chon ménh dé diing.
0

A mn=3 B. m?-2k<0 C. n*-3k=0 D. m?-n* +k* <0.
Cho ham s§ y= f(x) c6 dao ham 1a f'(x) lén tuc trén R, f(0)=1, f(2)=3. Tinh tich phan

1
I:Ixf’(?_x)dx.
0
A T=4. B. I=L c r1=-1. D. I=-2.
2 2

Cho hinh ling try tam giéc déu ABC.A'B'C', biét canh d4y bang a. Khoang cach tir tdm O ctia tam

gidc ABC d&n mét phang (A'BC) béng —g,Tinh thé tich khoi lang try ABC.A'B'C’ theo a.
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\2 3 3a°2 3a°\3
: B. : c X2, D. .
16 24 16 16

39. Mot chiéc méay bay chuyén dong véi van tdc thay d6i theo thoi gian, gia sir dd thay d6i van tc clia

A.

may bay dé duoc cho theo cong thirc a(t) =108 +2t(m / 52) va van tdc ban dau ctia n6 la 100(m/s).

Hoéi sau khi c&t canh 10s thi may bay dat dugc van t6c la bao nhiéu?
A. 25000(m/s). B. 25100(m/s). C. 25200(m/s). D. 25300(m/s).

40. Mot chti nha tro tinh toan néu 6ng dé xuét tién thué phong hang thang la x (triéu dong) thi loi
nhudn L (triéfu ddéng) ma o6ng thu duoc mdi thang sé duoc tinh boi cong thic

6_162 5

L=x +270x* +200.

Hoi loi nhuén nhigu nh4t ma 6ng thu dugc hang thang 1a bao nhiéu, biét ring gia thué phong khong
duoc qua 16.000.000 dong?

A. 685.072.200.000 dong. B. 522.747.200.000 dbng .
C. 455.825.000.000 dong. D. 498.273.600.000 dong.
x=1-3t
41. Trong khéng gian v6i hé toa dd Oxyz, cho duong thing d:{y=2-f va mit phéng
z=1+t

(a):x+3y—-2z-13=0. Tim phuong trinh d' la hinh chiéu ctia d 1én (a).

A. d':———x_4=————y—3=£. B. d':——x+4=—y+3=i.

17 -5 1 17 -5 1

x =17 + 4t s 5
C. d':{y=-5+3t. D (P A

-17 ~5 1
z=1
142
42. S8 nghiém thyc ctia phuwong trinh 2%3%+1 =9 trén (0;2017) la

A. 0. B. 1. C. 2. D. 3.

K

2
43. Cho ham s6 f(x) lién tuc trén R va f(x)+ f(-x) = cos* x v6imoi xeR . TinhI = I f(x)dx .

-7

2
A E B. 2%, c. 3z, D. 32,
2 1 8 16

44. Trong khong gian Oxyz ,cho 2 diém A(3;1;1),B(7;3;9) va mat phéng (a):x+y+z+3=0. Goi

M(xM;yM;zM) 12 di#m nidm trén mit phing (a) ae m+M—B‘ nhoé nhét. Tinh t8ng Xy, + Y + 2y,

A 4. B. -3. C. -2. D. 6.
45. Tim m d€ bt phuong trinh m.4" +(m—1)2""2 +m-120 ding véi xR ?
4 4
A. m<1 B. ng C. m=1 D. 1Sm£§

46. Tiém vao mau ciia mot bénh nhan 10 em® dung dich chita 21Na c6 chu ki ban ra 1a 15 gid v6i nong

&0 107 mol/lit (chu ki bdn v 1 thei gian cin A& mot dai luong bigh d6i véi thoi gian theo him suy gidm 6
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47.

48.

49.

50.

mil dat déi lwong bing mot niva lugng ban diu) . Sau 11 gid, 14y 10 em® méu ctia bénh nhéan d6, ta im
thay 1,12.107® mol Na24. Coi Na24 phén b8 déu. Gia siz 8 it méu ctia mot ngudi gan bing 115 trong

lugng co thé ctia ngudi d6 (tinh theo kg). Can ning cia bénh nhan trén gdn vdi gid tri ndo nhit trong
cac gia tri sau day ?

A. 75 (kg). B. 70 (kg). C. 65kg. D. 75 kg.

Cho ham s8 y = f(x) lién tuc va xéc dinh trén y

R. Goi (C),(C") Tan luot Ia dd thi ctia ham _

y= f(x) va y= f(|x‘) Cho hinh vé sau véi 4 () )

duong  cong chta gdc toa  d X
(Cl),(Cz),(C3),(C4) . Khéng dinh nao sau day 9

1a déing?

AN (G)<(©) thi (C)=(C;)u(C).- (@) ©

B. Neéu ()= (C) thi (C)=(G;)u(Cy).

C. Néu (C,)=(C) thi (C')=(C,)u(C,).

D. Néu (C,)<(C) thi (C")=(C;)u(Cy).

Cho ho 8 phitc z=a+bi (a,beR) cb tap hop diém bidu dién trén mat phing toa dd Oxy la elip

2

2 -
(E) ¢6 phuong trinh %—Jr%-— =1. Tim tap hop diém bidu dién w=z—z+m (m € [3;5]).

A. Hinh Elip. B. Diém. C. Poan thing. D. Hinh chit nhat.
Cho khéi hop ABCD.A'B'C’'D’ c6 tat ca cic canh déu bing a, A'AB=BAD=AAD=a
(00 <a<90°). Tinh thé tich khdi chép theo a va a

A. Visepascon =—-a sm——,/cos Z—cos’a .
B. Vgcpamcp =g sm—Jcos —+cos a.

C. Vapcpasen == sm—,}cos —+cos a.
D. VABCDABC,D,-2a .sin— 1’cos ~—cos a.

Mot cong ty co khi vira nhén duge mét don dit hang la thiét k&€ mot bon chira nude hinh tru ¢6 né'p
v6i dung tich 500 lit. D€ ton it nguyén vét liéu nhét, ban sé chon gid trj nao cho d6 cao bon nudc
trong céc gia tri dwdi day ?

A. 0,86 m. B. 0,95 m. C. 0,78 m. D. 0,67 m.
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1. Chohamsé y= f(x)=-x*+2x c6 bang xét ddu ctia dao ham nhu sau

X § -0 -1 0 1 +0

Fi(x) = —4x® + 4x ] + 0 - 0o + o -

Chon phat biéu diing.

A. Hams6 y = f(x) dong bién trén khoang (—;-1)u(0;1).

B. Ham s§ y = f(x) nghich bién trén khoang (~1;0)u(1;+e) .

C. Ham s8 y = f(x) déng bién trén cac khoang (—0;-1) va (0;1).
D. Ham s8 y = f(x) nghich bién trén cac khoang (-1;+o0).

2. Cho x,y>0, x#1,y#1va m,n lacécsd thuc tly ¥, im déng thiic diing trong céc ding thirc sau.

m

A. xﬂl +xﬂ — xHH'H . B. (xm )” — (x” ),” . C. xm ‘yll - (xy)mn . D, n xﬂ - x?, .
3. Cho mdt mat phéng ct mot mit cAu, thiét dién tao thanh 14 hinh nao?

A. mét duong elip. B. mot duong tron.

C. mot duong parabol. D. mét duong hypebol

4. Chohai s8 phitc z; =V5-(2+3)i va z, =2V5-(2-+/3)i . Tinh 2, +7, .

A. 35-243i. B. —/5+243i. C. —5-4i. D. —/5-2V3i.
5.  Ham s6 nao dudi day ¢6 3 diém cyc tri?

A, y=x4—16. B. y=3x4—6x2+8. C. y=—2x4-16. D. y=x4+5x2~7.
6. Tinhnguyénham I = I(xz —cost)dx.

3 3
A =2 _sin2x+C B. 1=+ Llsin2x+c
3 3 2
3 3
C =% _2sin2x+C D. 1= _Lenox+c
3 3 2
2x-1

7. Tim dao ham ctia ham s8 y =2 *+1 |

2x-1 2x-1 3
A y'=2x11n2, B. y'=2xt1 -
(x+1) In2
2x-1 2x-1
C. y':2x+l . D. y':2x+1h’l—8.
2 2
(x+1) (x+1)
8. Cho s6 phitc z=8+9i. 56 phtic lién hop cua z 1a
A z=-8+9i. B. z=-8-9i. C. z=8-9i. D. z=8+9i.
9. Phwong trinh nao dudi day la phuwong trinh ctia mét mét cu trong khong gian Oxyz?
A. 3x% +3y° +32% —18x+ 21y ~62-5=0. B. 3x% +4y? +32z%* ~10x+20y - 8z-15=0.
C. x2+y2+zz-3y+4z—6zx+5=0. D. xz—y2+zz—6x+8y—22—10:o.
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10.

11.

12,

13.

14.

15.

16.

17.

18.

Cho ham s8 y = f(x) xac dinh trén D . Ta c6 cac khéng dinh sau:

(D) Né&u 6 x, € (u;b) < D sao cho f(xo) < f(x),Vx S (a;b)\{xo} thi f(xo) 1 gid tri nho nhét cha
ham y= f(x) trén D.

(I1) N&u c6 s8 thwe M sao cho f(x) <M,VxeD thi M la gid tri 1én nhit cia ham y = f(x) trén
D.

(Il) N&u ham y = f(x) xdc dinh va lién tyc trén D thi lu6n ton tai gid tri 16n nhat va gid tri nho
nhéttrén D.

Trong t4t ca cdc khing dinh trén, tdng s8 khang dinh diing 1a may? a

A. 3. B. 2. C. 1. D. 0.
Trong tap hop s6 phitc C, tim toa d6 diém biéu dién ctia s8 phtic lién hop véi s8 phitc z=5+4i ?
A. (5:4) . B. (5—4i) . C. (5-4) . D. (5;4i).

Trong khodng gian v6i hé toa d6 Oxyz, cho ba diém A(S;S;IO), B(]; 2;5), C(O; 2;1). Tim d6 dai cua
doan théng dai nhat trong 3 doan th.éng AB, BC,CA.
A. 38 B. \17. C. V9. D. 134.

Trong khong gian véi hé toa do Oxyz, cho tam giac ABC c6 AB= (1;0;-4) , BC = (—1; 2;3). Tinh do

dai trung tuyén AM .

A. AM:—\/E’—‘(}. B. AM=£§—§. C. 31. D. V3.
Cho 4,b>0. Trong cac ménh dé sau, ménh dé nao la ding ?
25q4* | 4+8logga 254" 1
A. log\/g( 7 ]— 11 =, B. ]og\/gL——%—/-_l;— =4+210g5a—§10g5b
E Ong

254* | 4+2logsa 254* 1
C. long[ 7 }: 1 . D. long[W :4+810g5a~—2—10g5b.

—8-10g5b
S6 nghiém clia phuong trinh logs (25x2)+10g 1 (25x2)~3 =01a:
25
A 2. B. 1. C. 0. D. 3.

Cho hinh ling tru tam giac déu ABCA'B'C' c6 canh day bing 24, goc gitta A'C va mit phing
(ABC) bing 45°. Tinh thé tich ctia khdi ling tru ABCA'B'C’ theo &

3 3 3
A. V3 B. 2433 c 3 D V3

4 3 T2

Cho z, vA z, 14 hai nghiém phtic céia phuong trinh z2 ~2z+5=0 . Tinh lzﬂ+lz§l .

A 25 . B. 10. C. 6. D. 2.
Cho d6 thi ham s8 (C):y =x°~3x-2, (P):y=2"-3x-2 va d:y=x-1 Goi m,n,p lanluotlass
giao diém gitta (C) va (P); (C) va d; d va (P). Tinhtdng m+n+p.

A.7 B. 6 C. 5 D. 8
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19.

20.

21.

22,

23.

24.

25.

26.

Trong khong gian véi hé toa d6 Oxyz, xac dinh toa d6 tam I va ban kinh R ctia mét cau cé phuong

trinh x2+y2+22+10x—3y+62—5=0.
A. 1(53;3), R=45. B. 1(—5;%;-3}, R=15.
V165 D 1( 3 J J165

C. 1(533), R=——. -5,=;-3 |, R=——.
2 2 2

Trong khoéng gian véi hé toa do Oxyz, goi (P)lé mit phiang song song véi mit phing

(Q):2x-4y+4z-14=0 va cach diém A(2;-3;4) mot khoang k =3. Viét phuong trinh cia mjt

phing (P)
A. x-2y+2z-25=0. B. 2x-4y+4z-41=0 hodc 2x-4y+4z-23=0
C. x-2y+2z-7=0. D. x-2y+2z-25=0 hodc x—-2y+2z-7=0.

Tim mdt nguyén ham F(x) ctia ham s6 f(x) =sin2x+3x2?
A. F(x):——;—cos2x+x3. B. F(x)=2cos2x+6x.

C. F(X)=—;-C052x+x3. D. F(x)=-2cos2x+6x.

Cho hinh chép tam giac S.ABC c6 ddy ABC la tam gidc déu canh 24, canh bén SA L (ABC). Goc
gitta (SBC) va ddy (ABC) bang 60°. Tinh thé tich kh&i chép S.ABC theo a .

3 3
Al ‘6. B. 343. C. 3°43. p. 2 \/g.

2 8
POV A A S A A a 1 2x+1 .,
Tbng s6 dudng tiém can ngang va tiém cin ditng ctia d6 thi ham s6 y = la:

xt+1
A. 3. B. 2. 1. D. 0.

C.
Cho a=1og, 5. Ta phan tich duoc log, 1000 = 22"

,(m,n,k e Z) . Tinh m? +n2 +12
A. 13. B. 10. C. 22. D. 14.
Cho hinh nén ¢6 ban kinh déy la r va chiéu cao k. Mt phing (@) qua dinh O va cit hinh nén

theo thiét dién khéng qua truc 1a mét tam gidc dinh O ¢ canh day 1a DE . Biét khoang cach tam
ctia ddy dén DE la d. Tinh dién tich S cta thiét dién d6.

A 5=\ a1 +d? . B. S=%\/1‘2—d2\/h2+d2.
C. S=N2+2\n? +d? . D. S=%\/r2+d2\/h2+d2.

Cho cdc ménh dé sau:

(1) Néu f(x0)=0 va f“(xo):&O thi ham s6 y=f(x) dat cuee tri tai x=1x.

(2) Néu f'(xy)=0 va f"(x,)<0 thihams§ y = f(x) dat cuc tidu tai x=x,

(3) Néu f'(x) khong x4c dinh tai x; thi ham s8 y = f(x) khong thé dat cyc tri tai x =x,
(4) Néu f'(x0)= 0 thihams8 y= f(x) dat curc tri tai x=1x,.

C6 bao nhiéu ménh dé diing trong céc ménh dé trén.
A. 1. B. 2. C. 3. D. 4.
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2
27. Biéttichphan I = j(xz —mx+m )dx =am? +bm+c , m 1atham s6 thuc va a,b,c 13 cac héng s6. Tinh
1

28.

29.

30.

31.

32.

33.

S=a+b+c.
L& B. 1. c Z. p.
11 6 6 6

Cho ling tru dimg ABC.A’'B'C’ ¢ ddy tam gidc déu canh . Hoi thé tich khéi lang tru theo a bing

bao nhiéu néu khoang céch tir B dén mit phing (AB'C’) bang % ?
3

3 3 3 3
A.dg—. B. ”‘/g. C.‘“/g. D. 3“‘/5.
1 6 3 20

C6 tat ca bao nhiéu gia tri clia tham s8 thuc m sao cho ham s6 y = x% +3mx+1 nghich bién trén

khoang (a;b) sao cho |a—bl =2.
A. Khong c6 m. B. V6 s6 m. C. 2 D. 1.

Cho cdc ménh dé sau

(I): Tap xac dinh ctia ham s8 y = _2 1a D=R\{64}
log, x-3

(IIy: Him s6 y =log, xvéi a= 1 nghich bién trén tap xac dinh ctia no.

5(v6 -5

(I11): Ham s8 f(x) = xInx xét trong khoang (0;+oo) cb f"(x) = 1
x

Trong cic ménh d@ trén cd t4t ca bao nhiéu ménh dé sai.

A. 1. B. 2. C. 0. D.3.
A . fo1a A N 2 . x+4 y z
Trong khong gian véi hé toa d§ Oxyz, cho mat phang (a) :5x—y+3z-15=0 va d: ==
. Viét phuong trinh dwong thing d' 1a hinh chiéu ctia d trén mit phéng (a)
A g X¥3_y*6 _z+2 B, g.X=3_y-6_z+2
-2 -7 1 7 -1
coa.X3.¥76_ 22 p. 4 X3_ 07y _z-2
-2 -7 1 -2 -7 1
r
« g N U " 32767
Cho sd thue n (n > 1) . Biét rang n 14 gia tri sao cho tich phan I = _[(1+ cos x) sinxdx = T
n+
0
dé gia tri n thudc doan nao sau day ?
A ned. B.ne[15;20]. C. ne[8;14]. D.ne[21;30].
x=3+t
Trong khong gian v6i hé toa d6 Oxyz, cho diém I (1; 1;2), hai duong théng A, :{y=-1+2t va
z=4

X+2 Y272 phiong trinh dudng thing d di qua diém I va cit hai dudng thing Ay, A,

A,
21 1 2
la phuong trinh nao?
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34.

35.

36.

37.

38.

39.

40.

, x=1+4¢
A Xl y-1_ z-2 B. {y=1-2t.
1 -1 2
z=2-t
x=1+2¢ 1
C ly=1+t . p Xt y-l_z-2
1 3 2
z=2+t

C6 tat ca bao nhiéu gia tri nguyén ctia tham s8 thuc m d€ phuong trinh 27* -18% -12 =m8" ¢4

dung hai nghiém trén doan [—1; 5] ?

A. 374. B. 373. C. 1. D. 0.
g
Biét tich phan I = dx =mm+nVJ3+ k,(m, n,ke Q) .Tim n.
ROV
A -1 B. -2 cl D, -+
6 2 2 2

Cho hinh chép tam gidc déu SABC ¢6 mét ddy ABC la tam gidc déu canh 2a , goc gitta médt bén

v6i mat day 1a 60° . Tinh thé tich kh&i nén ngoai tiép khsi chép tam gidc déu S.ABC theo a .

3 3 3 3
A B, 2T c. S D. 2.

3 9 9 18
Cho ham s8 y = %x‘* ~(m~1)x® +1, hoi khi d6 thi ham s8 c6 ba diém cyec tri tao thanh mot tam gidc

¢ qian iy 243 o - . s .
6 dién tich bang E3 thi gia tri cia m thda man phuong trinh nao dudi day?
A, m* -11m+10=0. B. m’—11m+18=0
C. m*-11m+24=0. D. m* ~11m+28=0.
3

Cho bt phuong trinh: log [%] ~log, x.log, (4x) <0.Néu dat ¢ =log, x, ta dugc bat phuong trinh

nao sau day?
A. 2 -t+1>0. B. 4% +5t+1>0. C. #-10t+4>0. D. 2 -10t+8>0.
Goi M, m Ianluot la gia tri 16n nhét va gi4 tri nh nhat cia ham s§ y =2sinx—x trén doan [ -2;2 |

.Tinh P =M?+m>.

2 2

A pe3 2 7 B, pog mV3, 27"
3 9 3 9

C. P=0. D. P=2(2sin2-2) .

Cho cdc ménh dé sau.

(I): Ham s8 y =In(4-x?) c6 tap x4c dinh la D =(-2;2).
(II): Tap xéc dinh ctia ham s8 y = (x~ 1) 1a D = (1;+)

(OI): Ham s6 y = ln(x2 —2mx+4) ,v6i m la tham s8 thuec, ¢6 tp xac dinh D = R khi va chi khi
2<m<2
Trong céc ménh dé trén o tat ca bao nhiéu ménh dé ding?
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41.

42,

43.

44.

45,

46.

47.

A 0. B. 3. C 1. D. 2.
Mot dam vi trung 6 s6 luong thay doi theo thoi gian t (ngay). Néu toc do ting trudng ctia dam vi

5
tring dwoc cho béi ham f (t) b _1% T

va ltc dau ¢6 10.000 con vi trung. Hoi sau 15 ngay thi s8 vi

triing xap xi bao nhiéu? Két qua lam tron dén hang don vi.
A. 693147. B. 693148. C. 793147. D. 703147.
Cho s8 phtic z = 3m 4 2ni (m,n e R). Biét 3m+4n= 5\/; , tim gia tri nho6 nhéat cua ‘z[ .

A 57 B. 35. C.s. D. 5—7*/-;-
Cho phuong trinh log, [xz +(4a+3)x+2a-—l]+log1 (5x——2)=0,(1) v6i a la tham s6 thyc. Biét
3
a=0

phuong trinh (1) ¢6 nghiém duy nhat thi .m trong d6 m,n la hai s§ nguyén dwong va LS P
A< —— n

n

phén s6 t8i gian. Khing dinh nao trong cac khéng dinh sau 13 khéng dinh sai.

A. m?+n? =101. B. n+13m=23.
C. m-n=-8. D. 100¥m +n2 +2=202 .

Tim mdi lién hé gitra cac tham s8 thyre ava b sao cho ham s8 y = 2x +asinx +bcosx ludn dong bién
trén R?

A 40P <4, B. a+2b=243. C.—12~+—12~=1. D. a+2b>5.
a- b
Cho céc khéng dinh sau:

(i).Tap hop cac diém biéu dién s& phitc z théa man %l =114 toan bd mit phing Oxy.
p hop P phang Oxy

z

(ii).T4p hop cac diém bi€u dién s6 phitc z thoa man 1 >11a phan trong hinh tron tdm O, ban kinh

|z
béng 1.
(iii).Tap hop cac diém bifu dién s8 phttc z théa man z = (11”5 ; a)] =1la duong tron tam O, ban
+i)o
kinh béng 1.
C6 tat ca bao nhiéu khang dinh diing trong cic khéng dinh trén?
A. 1. B. 0. C. 3. D. 2.

Goi S 1a dién tich hinh phéng gidi han béi Parabol y = x> va dudng théng y =mx+1(meR) Bist
rfmg tap hop tat ca cac gid tri ctia tham s8 thuc m sao cho S< %% c6 dang [a;b:l . Tinh gia trj biéu

thitcc T=b-a

A T=4. B. T=43. C. T=-4. D. T=—43 .

Mot ho nude c6 dang hinh hop chit nhét véi kich thuwde 10 m x 5 m x 3 m. Ban d4u trong hd da ¢
s&n 200 lit nudc, sau d6 ngudi ta bat dau bom tiép nwde vao hd véi tde dd 10 it/ gidy. Hoi d6 thi

nao dudi ddy mo ta ding nhéit sy thay ddi vé chiéu cao ctia murc nwdce trong ho?
y g
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48.

49,

50.

A. B.

Amuc nwéc (m)
myc nudc (m)

_,,/"’""w’ﬂ -
T OI,— " thel g‘ian (giéyf
O thoi gian (gidy)
C D.
Amu‘c nurée (m)
mirc nudc (m)
O e 0 L
{hoi gian (gidy) thoi gian (gidy)
x=2+t
Trong khéng gian voi hé toa dd Oxyz, cho diém M(1;0;-2), duong théng d:{y =1+t (t € R) va
z=-3~t

mit phing (P):x +2y+3z—-2=0.Biétring diém I thudc dudng thing d, diém | thuéc mit phéng
(P) va MIJH 1a hinh chit nhét c6 dién tich bing V42, véi H 1a hinh chidu vuéng géc ctia M trén
(P) vadiém I c6 hoanh dd duong. Tim toa d6 trung diém K cta I

A.K ~;l-::i;——g{;ml-?1 . K E;—S-;—E . C.K —1—?1;——5—;—E . DK —E;E;E .
42 4 4 2 4 4°2 4

4 2 4
Cho khéi chop S.ABCD c¢6 déy hinh vudéng canh a, SA=a;5A L (ABCD) . Trén SD, SB Ian luot 13y

hai diém M, N sao cho -Sg—lg- =m> 0;%%]— =n>0. Gid tri thé tich 16n nh&t ma khéi chép S.AMN dat
duoc 12 bao nhidu néu nhu 2m? +3n2 =17

3 3 3 3
AL B.”‘/g. c.”‘/g. p. L.

6 72 24 48

Cho ham s6 y=2x° -3(m+1)x” +6mx (1), véi m la tham s& thuc. Biét rang c6 hai gié tri my, 11,

ctia tham s8 m d€ d6 thi ham sd& (1) ¢6 hai diém cyc tri A, B sao cho dudng th:?mg AB cét cac truc

toa d6 Ox,Oy lan luwot tai M,N c6 dién tich tam giac OMN bé“mg % . Tinh m;.m,

A 2. B. 1. C. 2. D. -1.
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Cho diém M( -3; 1) bidu dién cho s8 phitc z trong mit phing (Oxy). Chon khéng dinh diing.

A. S8 phttc z ¢6 phan do la i B. S6 phtic z=1-3i
C. S8 phtic z 6 phan thycla 1. D. S8 phtic z=-3+1.
2. Cho ham s8 y=f(x) lién tuc trén [g;b]. Hinh phéng (H) giéi han boi céc duong
y=f(x),0x, x=a,x=b quay xung quanh truc Ox. Thé tich ctia khdi tron xoay tao thanh béng:
b b b
A V=7"[f(x)ix. B.V-= j;z (x)dx. C.V=z[ f2(x)dx. D. V= f*(x)dx.
a a a
3. Cho cac ménh dé sau day
(I 2* =3 x=log, 2

(1) log, (b.c)=1log, b.log, c v6i a,b,c>0 va a=1.
(1) log, [Z)—leoga b-log,c voi a,b,c>0 va a#1.
c

(IV) log, x* =alog, x véi a,x>0 va azl,acR.
Trong s6 cdc ménh dé trén, tong s6 ménh dé ding la:
Al B. 2 C. 3 D.4
4. Trong khong gian, khi quay hinh chit nhat ABCD mdt vong xung quanh canh AB thi tao thanh mot
khéi tron xoay (H). Khéi tron xoay (H) 12 khoi nao sau day?
A. Khoinén B. Khoi lang tru. C. Khoi tru D. Khéi hép chir nhat.

5. Trong cac ham s sau ddy, ham s6 nao dong bién trén R.

A. y=x4. B. y=-2x+1.
C y=x3+x2+7x+1 . D. y=3€~_~1~.
x+1

6. Trong khdng gian v6i hé toa &6 Oxyz . Phuong trinh mét phing (P) di qua diém A(=1;2;0) vanhan
n(-1;0;2) 1a vec to phép tuyén c6 phuong trinh la:
A -x+2y-3=0. B. —x+2z-1=0.
C. -y+2z-1=0. D. —x+2z+1=0.

7. Tinh mddun ctia s8 phitc z =(a+bi)~(c+di)i véi a,b,c,deR.
A. | =y(a+bi)® +(c+ai)’ . B. | =(a+d) +(b-c) .
C. |z|= (a—-c)2+(b—d)2 . D. ‘z‘: (a—d)2+(b—c)2

8. Choham s8 y = f(x) xac dinh va lién tuc trén R, c6 d9 thi 1a (C). Khing dinh nao dudi déy 1a luén
ding

A. (C) c6 1 tiém can ngang va 1 tiém can déng. B. (C) khong c6 tiém cén ngang.

C. (C) khong c6 tiém can ding. D. (C) chi 6 tiém cén diing.

9. Tim tdp nghiém S ctia bat phuong trinh log 5 [39«1—1) >2
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10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

A. S=(1,~+cc) . B. S=(—m;1). C. S=(-13-;+wj. D. S={—§;1J .

Tim tit ca cac khoang déng bién ctia ham s8 i = x> ~3x +6.
A. («w;O) va (2;+oo). B.(2;+oo). C.(~w;0). D. (0;2).
Goi M, N Ian lugt 12 cic diém trén cac canh SA, SB trong hinh chop S.ABC sao cho M la trung diém

R 1%
SA, NS =-2NB . Tinh ti s6 thé tich —2SMN_

C.MNBA
A 2. B.»l-. C.l. Dl
3 2 5
Biét tich phan [ = J‘ )~a+b\/§+c\/§,(a,b,ce(@),Tinh P=abc.
VX% -1+x
A P=2, B. p=13. c. p=-32 D. p=332
5 5 1125 1125

Tim t4t ca céc gi tri thuc cta tham s8 7 sao cho ham s8 y = x* —2(m—1)x* +m—2 dong bién trén
(1;3)?
A . me [—9; 2) . B. me (—oo; 2] . C. me (2, +00). D. me (~oo;10] .

Trong mét phéng Oxy, tim tap hop diém M biéu dién s8 phic z thoa

z—4+3i|=2

A. Duong tron tam I( 3) béankinh R=+2. B. Puodng tron tdm 1(4; —3), bankinh R=2.

C. Dudng tron tam I (—4; 3) ,ban kinh R=2. D. Duong tron tam [ (~4; 3) ,bankinh R = \/E .
Tinh thé tich ctia kh6i ti dién c6 d6 dai canh day la \/_3_ cm va co goc gitta mdi canh bén va mat day
la 60°.

A. —\gj (c7713 ) B. ¥ (c7713 ) C. —3-? (cn13 ) . D. % (cma) .

Trong khong gian voi hé toa d6 Oxyz, cho hai vecto 0= (1; -2; 0),5 = (—2; 0; 1) Tinh gia tri cua biéu

thitc t(; - E) . (3:1 + l;)} .
A. -14. B. V4. C. 14. D. +14.
Trong khong gian véi hé toa d6 Oxyz, Tinh goc « tao boi hai vecto a= (~2; 1; 2) va b= (\/5 ; —\/E ; 0)

A =135 . B. a=45°. C. a=-45°. D. a=90°.
Biét u=a+bi, a,beR 1a mot cdn bac hai cia z=-1 —26i . Giai phuong trinh % +b%x+2=0
trén tp sO phtc.

3 7. 1\/_ 3 7

A, Vb nghiém. B. x=—+—1. C. x~——+— D. x=~—+———z
4 4 3

Trong khong gian Oxyz , cho hai mét phéng (P) Sx+my+z-5=0 va (Q) inx—3y—-2z+7=0.Tim
m,n && (P)//(Q).

A. m:——%;n=10. B. m=

P w
=
I

-10 C. m=-3;n=5. D. m=5n=-3.
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20.

21.

22.

23.

24,

25.

26.

27.

x=2
Trong khong gian véi hé toa d6 Oxyz, cho hai dwong thing d:{y=-1+t va d': XT_S . % . Xét
z=2-t
vi trf twong d6i gitta hai duong thing d va d'.
A. Song song. B. Chéo nhau. C. Trung nhau. D. Cit nhau.
5
Tinh A= 2,7.(10‘1"0OO )10000 .
AN
A= B. 27.107°. C. 0. D. 277,
10
Cho khéi lap phuong cé thé tich V;, canh bang 44 va tam O. Goi V- thé tich khéi cau tam O tiép
B NI . ~ Ve
xdc voi cac mat ctia hinh lap phuong. Tinh ti s§ —
L
V. V V, V,
A c_7~7 B c_7 C. c_ D _C___%
V. 24 V., 6 V., 3 Vi

Tim toa d6 diém cuec dai ctia d6 thi ham s y=2x—6%/;£ .
A. (0;8). B. (8;-8). C. (0;0). D. (0;-8) .
Db thi bén c6 thé 1a ctia ham s6 nao dudi day ?
A. y:x4 —2x% 41,

B. y=x3 -3x% —x-1.

C. y=x*+2x*-3 .

D. y:x4 —8x% +21x% —20x+5.

Cho phuong trinh 3**%-43*"127-0(1). Néu dit /\
X
£=3%%% £ >0 thi (1) tro thanh phuong trinh nao sau day? 0
A, 3t2-4t427=0. B. #-12t+27=0.
C. 9% -12t+27=0. D. t*-4t+27=0.
Ham s8 y:%\/x~1+2x ¢6 th€1a dao ham clia ham s8 nao dudi day?
A. yz(x—l)\/x—1+x2+5. B. y=—3——+2.
44x~1
C —é(x—l)x/x—1+x2+8 D —E(x—l)%+x2+7
.Y > . .Y ) .

. 2 .
Gia stt F(x) la mot nguyén ham ctia ham s8 y =2% ten khoang (0; +0) . Khi dé Isme dx cé

X

1

gia tri bing
A. F(6)-F(3). B. %[F(6)-F(3)]. C. F(3)-F(2). D. F(2)-F).
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28.

29.

30.

31.

32.

33.

Mt phing (&) duoc goi 1a mit phing céch déu 2 diém A, B néu voi moi diém M thude mit phing
(a) ta déu ¢c6 MA=MB. Viét phuong trinh mat phéng (a) cach déu 2 diém A(—S; 2; 5) ,
B(1;-2;3)

A. 2x-2y-z+15=0 B. 2x-2y-z+6=0 C. 2x-2y~-z-3=0 D. 2x-2y-z-15=0

3
Cho tich phan [ = J _dx 1 ,v6ia, b lasdnguyén duong va 2 1a phén s6 t6i gian. Trong
10 9 b b
1x +10x
céc khang dinh sau, khang dinh nao sau day la diing ?

A. a+b>215215 . B.a—-b<188188. C.a—-2b<168168 . D. a+2b<245245.

T
Cho tich phan I = J()E sin 2x.e"*dx . Mot hoc sinh giai nhu sau:

x=0=>1t=0 .
Buwdc 1: Dit t =sinx => dt = cos xdx . Ddi can: e :>I:2J te'dt.
x==—=t=1 0
2
u=t du=dt 1 1 .1 1
Budc 2: chon P ; :>I t.e'dt:t.e’l —I e'dt:e—e'I =1
dv=¢édt v=e 0 o 70 0

1
Bubc3: [ =2 te'di=2.
0
Hoi bai gial trén diing hay sai? Néu sai thi sai tir bucc ndo ?
A. Sai ¢ bude 1. B. Sai & budc 3. C. Loi giai ding,. D. Sai & budc 2.
5

.

Bidt tich phan I = | V-8—4x—x2dx=mr+m/3+k,(m,n, ke Q). Tinh —-2+k.
m n

-2

A, 6. B. 4. C 4. D. 6.
Khi fim gié tri 16n nhat va gi4 trj nhé nhat ctia ham s6 y = x +V4-x% , mdt hoc sinh 1am nhuw sau:
Va—x* —x

Va-x?

Bu6c2: y'=0 = Ji-x* —x=0 12 =2

Budc 1: Tap xac dinh : D = [—2; 2] vay'=

Buwéc 3: Tinh céc gid tri : y(—2)=-2; y(Z):Z;y(—x/E)=O; y(ﬁ)z%ﬁ

Va kétluan Miny =y (-2)=-2; Maxy =y(\/§) =22,

[-1:2] [-12]

Loi giai trén da dang chua ? Néu sai thi sai tie budce nao ?

A. Sai & budc (2). B. Sai & budc (1). C. Sai & buéc (3). D. Lbi giai duing.
Mot may giat ¢6 khung hinh hdp chit nhat ding c6 day la vudéng canh 4, H

chiu cao 1a b. Biét [ong gidt c6 dang hinh try, c6 hai day cach déu hai day
cta khung may giat va béng d va khi chwa hoat déng thi truc ctia hinh
tru tring véi OO’ nhu hinh vé. Khi gidt thi d6 1éch 16n nhét cta Iong giat
s0 v6i vi tri khi ding yén la k. Tim th€ tich 16n nhét V 6 thé cta Iéng
gidt d€ may hoat déng binh thuong.
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a 2 2
A V=x|2-k| (b-2d). B.V=x|2-k| (b-d)
2 2
1 (a z 2
C V=—3—7r[5—kj (b-4). D.V =z(a-k) (b-2d).
5 x=t
34. Trong khong gian vdi hé toa do Oxyz, x_;—iz% :z;-_Z cho ba duong théng 4, :qy=4-t

35.

36.

37.

38.

z==1+2¢

-2 -1 L
, :-}:y 5 _iS va d, :%”:%:5;—1. Goi A la dwong thing cit d;,d,,d; Tan luot tai cac

diém A, B,C sao cho AB = BC. Phuong trinh dudng thing A 14

x-2 y-2 z B£~y—3_z—1
1 11 1 -1 1
c X _¥y-3_z-1 D X _¥"2_z
1 1 - 1 1 1
b

Cho biét a=log, 3;b=1log, 5. Phéan tich logy 10125 = m+k.—,(m,k € Q) . Tinh gié trj m” 2k .
a

A. 1. B. 2. C. 4. D. 2.
Cho cdc ménh dé sau

(I): Vi s6 thue @ <0 chi c6 hai cin bac hai phtic 1a #ivial.

(I): Goi z;; z, 12 hai nghiém phttc ctia phuong trinh 2% +2z+4=0. Khi d6 P = |Zl IZ +‘z2 ‘2 =8.

(II): Z—‘i 14 s thue khi va chi khi z 1a mdt s§ thue khac —1 .
zZ+
Trong cac ménh dé trén 6 tit ca bao nhiéu ménh dé ding.
A. 1. B. 2. C. 0. D. 3.
N 1A N s A < N o oA . 26t+10
S6 dan ctia mot thi trén sau ¢t ndm k€ tie ndam 1970 dugc wéc tinh boi cong thie f (t) = P =
+

f (t) tinh bang nghin ngudi). Xem f 12 mdt ham s8 xéc dinh trén ntra khoang [0 ; +oo) . Dao ham
ctiaham s8 f biu thi t8c d6 ting dan s8 ctia thi tran ( tinh bang nghin nguwdi/ ndm) . (Két qua tinh
toan 1am tron dén hang phan nghin). Ta xét cic khéng dinh sau:

(I): Dan s8 ctia thi trAn vao ndam 1995 1a 22000 ngudi.

(IT): T8c d6 ting dan s6 vao nam 1996 1a khoang 0,125 nghin ngudi/nam.

(III): Ham s6 f d6ng bién trén khoang (O; +oo) .
Trong cac khéng trén c6 tat c bao nhiéu khing dinh dtng?
A 0. B. 1. C 2. D. 3.
Cho céc khéng dinh sau
(D) : Ham s8 y =log | x~-log, (x + 1) nghich bién trén tap c4c s6 thye duong.

2 2

(II) : Cho ham s6 f(x)=Inx khi d6 f"(e):—l2 .
e

1

V6 -5

X
(I) : Ham s§ y=27% [ } ddng bién trén tap xdc dinh.
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39.

40.

41.

42,

43.

44.

(IV) : Ham s6 y = (V11 -10) .(V11+10) nghich bién trén tap xac dinh.
y=( 8 p

Trong cac khing dinh trén ¢ tat ca bao nhidu khing dinh diing.
A. 2. B. 1. C. 3. D. 4.

Cho khéi lap phuong ABCD.A'B'C’'D’, goi M la diém trong doan BB’ sao cho %’;—A— =k>0.Goi (a)
la méat phéng qua AM va song song vdi BC, (a) cit CC’ tai N. Gié tri ctia k 1a bao nhiéu dé thé tich

kh&i chép A.B'MNC' bang —é- thé tich khdi lap phuong ban dau?

Al B. c i D. >
5 6 5 6
\ ~ ax+b , a1 . N
Cho ham s6 y=— 3 trong d6 3a = be;c # 0, ¢6 d6 thi nhw hinh bén. y
Biét d6 thi ham s6 cé tiém can ngang la y=-2 va cét truc hoanh tai diém
c6 hoanh dd x =—;— va truc tung tal diém c6 tung d6 y= :51— Tinh N
S b ©
=a+0+cC.
5 —
A. 2. B. — -2
2 ﬁ
C. 0. D. 1—5— .
4

Cho biét g = log5 3 . Phan tich log,; 15= —mk—,(m, nkeZ,m> 0) . Chon ménh dé dung.
n+ka

A. m+n>k. B. m+n<k. C. m+n=k. D. m-n<k.

Ti 18 téing dan s8 héng ndm & Viét Nam 1 1,05%. Theo s6 liéu ctia Tong Cuc Théng K&, dan s6 clia
Viét Nam nam 2016 1a 93.421.835 ngudi. Véi toc d6 ting dan s nhu thé thi dan s§ Viét Nam ndm
2040 s€ la bao nhiéu?

A.120038350(ngudi)  B.118791045(ngudi)  C.120038351(ngudi)  D.121298754(ngudi)
1-2x
1+2x

Cho ham s§ y= c6 do thi la (C), duong thing d:2x-my-1=0,meR. Goi

my , 1, (m1 < mz) 1 hai gia tri ctia tham s& m d€ d cit (C) tai hai diém phan biét A, B ném 6 hai
nhanh va tich khoang cach cia A, B dén duong tiém cin ngang ctia d6 thi (C ) la mot s6 nguyén.
Khéng dinh nao sau day la diing ?

A2m; +my? =4 B.m? >5-2m, C.my? >2m; +3 D. m?*+3=2m,
Trong khéng gian Oxyz, cho hai mit phéng song song (a) (2x-y+2z+2m-5=0 va
(B):2x—y+2z+n+8=0 (m,n la tham s8 thyc) lan luot ct mijt cAu (S) :x% +1y% +2° =25 theo hai
duong tron (C1 ), (Cz) sao cho hai dwdng tron nay la hai ddy cia mot hinh tru. Tim gia tri ctia

biéu thizc |2m —-n— 13i Kkhi thé tich ctia khéi tru teong tmg 16n nhat.

A.-l-(-)-‘@l. B. 103. C. 5V3. D.—?—*El.

3 3
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45.

46.

47,

48.

49.

50.

Xét mdt hinh 1ap phuirong va mot mit cau. Gia st hinh 1ap phuong cd tdng dién tich tat ca cac mit
bing S vA mit cau c6 dién tich béng 25. Goi k 14 ti s8 thé tich giita kh&i cau va khéi 1ap phuong d6

v
k=—"%— S8k gn véi s6 ndo sau day nhat ?
Vllzp phuong
Ry B. 2. c 0 p. ¥
39 10 29 10

Tim tat c4 gid tri ctia tham s6 m sao cho d6 thi hAm s6 y = 2x8 —3(m+1) x% +6mx c6 2 didm cuc tri

A vaBsao cho AB=+/2.
A. m=0. B. m=2. C. Khéng c6 m. D. me{O;z}.
Mot cai tréng treong ma mdi mit tréng c6 duong kinh 12 0,8 (mét) va khoang
cach gitta hai mat tréng la k>0 (mét). Biét thiét dién vudng goc véi truc (doan
ndi 2 thm ctia 2 mt tréng) va cach déu hai ddy c6 ban kinh 0,5 (mét) . Biét ring
mit phing chia truc va cat mit xung quanh tréng la cdc dudng Parabol va thé

tich khong khi bén trong tréng 12 @ (*) - Tinh h (am tron dén 1 chie

s0 thap phan sau d4u phéy).
A. 0,5m . B. 3,1m . C. 1,0m . D. 0,7 m.

Cho s6 phitc z =Re(z)+Im(z).i thoa man “z—l{+z—2l=Rez=Imz. Hei iz(1+;)’ c6 thé'la gié tri

nao dudi day?

A. 10 B. V2 C. 5 D. 32

Hién tai em trai anh Lam vira bit d4u hoc ki 1 ctia ndm 16p 12 va anh dy dinh déu théng 11 ndm
2017 s& mé mot tai khodn tiét kiém tai ngén hang A theo hinh thitc 13i kép, ky han mot thang, 1ai
sudt 5,4%/ndm, d€ dén cubi thang 9 ndm 2018 anh chi can gép thém 4 triéu dong 14 cb thé vira vin
dt kha nédng mua cho em trai mét chiéc laptop d€ hoc dai hoc.

Cho biét cac thong tin sau:

1. Chiéc laptop anh Lam dinh mua rét gia hai IJan mét nam, mot lan vao gifta thang 2 va mot lan
vao gitta thang 9, mbi [4n ha gia 5%.

2. Trong sudt thoi gian g tién, anh LAm quy#t dinh khong rat 18i [An ndo, va ngan hang cho anh
biét rédng theo hinh thirc 1&i kép, néu dén cudi mdi ky han ma khéng rat 13i thi s6 tién 1i s& duoc
cdng doén vao von cho ky k& tiép.

Hoéi anh Lam phai giti vao ngén hang s6 tién t8i thi€u la bao nhiéu trong cdc phwrong 4n duwéi day,
biét chiéc laptop anh dinh mua & thoi diém hién tai c6 gia 23.000.000 dong ?

A. 16.000.000 d6ng. B. 15.000.000 dong. C. 14.000.000 dong. D. 17.000.000 dbng.
Nguoi ta thd modt qua béng hinh ciu vao mot cdc nude thi mue nuwde dang 1én tai vi
tri cao nhat clia qua bong, nghia 1a mit nwéc 12 mit phang tiép xic véi qua béng.
Cho biét duong kinh déy c8c 14 14 cm va chiu cao myc nwdc ban dau 1a 4 cm. Tinh
ban kinh qué bong, biét qua bong khéng thé chui lot mdt Sng hinh tru cd thiét dién
12 50 cm? . (Iam tron t6i hang phin trim)

A. 2,13 ¢cm. B. 2,03cm.

C. ca 2,03cm va 16,04cm déu ding. D. ca 2,13cm va 7,31cm déu dlng.
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1. Cho sd phtc z=6~7i. Mbdun ctia s8 phitc z 1a bao nhiéu?

A. J13. B. J/85. C. 55 . D. J43 .

2. Vituyén ctia mit cau la giao ctia mét cau do voi:

A. Mit phang di qua truc cia mét cau. B. Mit phing song song véi truc ctia mdt cau.
C. Mat phéng vudng gdc voi truc clia mit cau.  D. Nira mét phéng ¢é bo 1a truc ctia mét cau.

c6 bang bién thién nao trong cac bang dudi day?
x

3. Hams6 y= 21x

x e 1 oo € -0 1 +00
y - - Y + +
-2 i 0o 420 2
y ~~ T~ Y — —
~ e ~ y — o T
A B.
T —0 1 +oo () — (XD -1 400
i l | v ; +
[Re s -2 |t . -2
Y ///' _— Yy ) /// //
-2 —c0 — —00
C. D.

4. Cho f(x) laham s6 bac 4 tring phuong c6 dao ham la ham s& g(x) .Biét réng f (x) ¢6 duy nhat
mdt cuc tri, ham s8 nao trong cac ham s6 dudi déy cd théla ham g (x) ?
A y=x" -3 +2. B. y=x*-16. C. y:(x—l)s. D. y=5x3.
5. Cho s8 phitc z ¢6 phan thuc 12 2, phan 4o 1a 5. Chon khéng dinh diing.
A. S8 phitc z=2-5i
B. S8 phtic z =—5+2i
C. Trong mit phing (Oxy), diém biéu dién ctia s8 phirc z 1a M(2;-5).
D. Trong mit phing (Oxy), diém biéu dién ctia s8 phtic z 1a M(-5;2).

6. Trong khdng gian véi hé toa dd Oxyz, cho mat phang ():3x~z=0. Tim khang dinh diing.

A. (a)//Ox. B. (a)>0y. C. (@)//0y. D. (a)//(xOz).
. 2x+2017
7. Khéng dinh ndo duwdi day 1a dting vé cac dudng tiém can cua d6 thi ham s§ y = %———%ﬂ ?
-2x
A. D06 thi ham s6 c6 tiém cin ngang la y =1, tiém can dtng la x=2018.
B. D6 thi ham s6 cé tiém cén ngang la y =-1, tiém cén diing 1a x =2018.
C. Db thi ham s6 c6 tiém cén ngang la y =-1, tiém can ditng la x =1009.
D. D6 thi ham s c6 tiém can ngang la y =1, tiém can ding la x=1009.
8. Timtip xdcdinh D ctaham s8 y =log, >
x“ -1
A. D=(L+w) . B.D=(0;0)\{1}. C.  D=[0;+0)\{1}. D.(—o0;~1) U(1;+0).

9. Tim khéng dinh sai trong cac khﬁmg dinh sau ?
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10.

11.

12,

13.

14.

15.

16.

17.

18.

19.

A. log pa<log pb<>a>b. B. log,x<0<0<x<1.
3 3
C. In(x-2)>0<x>3 D. log, a=log; b a=b>0.
2 2

Tim tAt cd cic ham s6 F(X) sao cho F’(x) = —12—+e_x,Vx € R\{O} }
x

A. F(x):~l—e_"+C. B. P(x):l—e_x+C.
x x
J )
C. F(x):——)—c—-l—e +C. D. F(X)z";—e .

Goi z;,z,1a hai nghiém ctia phwong trinh z* —2z+2017 = 0. Tim s8 phitc o = 2z +2,7?

A 0=21. B. w=-2. C. =2017. D. o=2.

Tim t4t ca gid tri ctia tham 58 m sao cho ham s8 y = x® —3mx? +12mx—1 c6 diing 2 diém cyec tri.
A. me(0;4). B. me[0;4].

C. me(—oo;()). D. me(—oo;O)u(4;+oo).

Tinh thé tich ctia khdi chép 1t gide déu cb canh ddy béng a va goc gitta mit bén va day 1a 45°.
3 22 PN

a4 B. C. . D. L.
3 6 3

w

A.
6
Trén khoang (—00; 2) ,ham s§ y =1n(2-x) 12 mdt nguyén ham ctia ham s& sau day ?
1 1
+C. B. y=——r.
x-2 Y

C. y:(x—Z).ln(Z—x)~x+C. D. y:(x—Z).ln(Z—x)—x.

A y=

Cho hinh nén trdn xoay c6 thiét dién qua truc 1a mot tam gidc déu c6 dign tich bing 443 (cr® ) Tinh

thé tich V' kh6i ndn trén.

47[\/5 3 87[\/§ 3 3 3
A. T(cm ) B. —3——(cm ) C. 473 (cm ) D. 873 (cm )
Cho hinh hdp chit nhat ABCD.A'B'C'D' (khéng phai hinh 14p phuong). Cip hinh nao sau day
khéng bang nhau?
A. AA'B'C'D' va C'.ABCD. B. A'ABC va A'ABD.
C. BB'DD'va AA'C'C. D. A'AB.D'DC va A'BB'.D'CC'.
Tlogx
Cho tham s6 thiyec m (m > 1) . Tinh theo m gid tri cia tich phéan [ = _f-~g—~— x
1
2 2 2
=1 B. I=logm. cor-m p. nm
2In10 2In10 2
Trong khéng gian véi hé toa d6 Oxyz, cdp vecto nao sau day nguoc hudng ?
A. a=(L-log100;1) va b=(-e"%4;-2). B. 2=(1,2;1) va b=(3;6;3).
C. :1 = [];logl 4,1] va l; = (2;4;61“2). D. ; = (—1;10g4-}}1j va 52(2,4/2) .
4

Chohams6 y= f (x) xac dinh va lién tuc trén cac khoang (—00; —1) , (—1; +oo) va c6 bang bién thién
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20.

21.

22,

23.

24.

25.

X -0 —4 -1 2 40
y’ + 0 - - 0 +
~11 +00 +0
) -0 1

Trong cac khfmg dinh sau, khéng dinh nao diing.

A. Ham s8 nghich bién trén khoang (-4;2) .

B. Ham s8 dong bién trén khoang (3;6) .

C. Ham s6 nghich bién trén cac khoang («m;—]) va (—1;2) .

D. Ham s8 d6ng bién trén khoang (—oo; —4)u (2;+00).

Trong khong gian véi hé toa d6 Oxyz, cho 5 diém A (1; 2; 3), B(O; -1; 2), C(—2; 3; 1) , D (—1; 6;2) va
E(0;1; 0) . B&n diém nao sau déy trong 5 diém trén dong phing ?

A. A,B,C,D . B. A,B,C,E . C. B,C,D,E . D. A,B,D,E.

Giai phuong trinh 232x% +23/5x ~1+22 =0 trén tap s& phtc thu duoc nghiém z,, z, . Biét z, la

s6 phtic ¢6 phan 4o &m. Tinh P la tich phén thwe va phén do cia z, .

PN B [ e U (e IS SR L 3
8 8 8 2
Toa d6 hinh chiéu ctia diém M(2;3;1) 1én truc Ox la:
A. N2;0;1). B. N(2;3;1). C. N(1;3,2). D. N(2,0,0).
Cho @ thi ham s8 (C):y= 22 _11 va duong thing d:y=x-1. Biét rang
x+

A (xl;y1 ), B(xz;y2 ),(x1 > xz) Tan lugt la 2 giao diém gitra (C) va d . Tinh gia tri x; —2y,.
A. 0. B. 2. C. 4.D. 3.

Ham s6 y =log, (Zx3 357 +1) 6 tap xac dinh 1a gi?

A. D=(L;0). B. D=(-1—;1].
2
C. D=[ ;2 U(1;+00) D. D= 240 \{1}
2 2
12
Rt gon biéu thite A= 3 T véi a,b>0.
a2 +ab?
[ L2 11
A, A==| a2 -p2 B. A=—|a2+b2
a a
p( L 1 11
C. A=—|a2-b2 D. A=—|42+b2
a a
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26.

27.

28.

29.

30.

31.

32.

33.

34.

Trong khéng gian v6i hé toa dd Oxyz, cho mat cau (S) : (x—l)2 +(y—2)2 +(z+1)2 =49. Hobi qua
diém A(B; 5; «8) c6 bao nhiéu tiép tuyén ctia mit cau (S)?
A 1 B. 2. C. vb sb. D. 0.
Tinh dao ham ctia ham s8 y = §tan (kx) véi k 1a tham s8.
, 1 .k 2 5 4
A y=——. B. y'=—{1-tan” kx)Vtan™ kx.
53 tan* kx 5 ( )

‘ k(1+‘ran2 kx)

C y=——". D. y'=]£(1+‘ran2 kx)\lstan4kx.
53tan” kx 5

Cho biét log, b= x. Phin tich log; &= 277 (2;b € N) Tinh a~b
gu b g[b— az x~2 7\ . .

A, 10. B. -2. C. 2. D. 0.

x% —2x ,x<1

véi tham s6 k>0 va
k(x-—l)—l ,x>1

Tinh dién tich S hinh phing gidi han boi cic duong y ={

truc Ox.
2
s ) k1 g s Uk 4
2k 2 3 2k 2 3
c S_(k+1)2_zc_+_ 5 (k1) k4
k 2 k 2 3
. \/; x>0
Goi M, m Tan Lot 14 gid tri 16n nhét va gid tri nho nh&t ctia ham s6 y = f(x)z 2%x+3"" " trén
x2+x, x<0
doan [—1}2]. Tinh P = M2 -m?.
-9 1 -73
=— B. S=—. C. 5= D. S=——.
400 24 2304

[ &JH

Cho tir dién ABCD véi A(3;5;-1),B(7;5;3),C(9;-1;5), D(5;3;-3) . Hoi c6 bao nhiéu mit phing
cach déu bdn dinh cta tk dién doé.

A. 4. B. 6. C. 7. D. 1.

Mt vat chuyén dong voi van téc v (t) = 2500 - 5¢ (m / s) . Quing duong vt di dugc tir Iac bét dau
dén khi dimng lai 1a bao nhiéu ?

A. 500(m). B. 25000(m). C. 62500(m). D. 625000(m)

Biét tich phan I = mneZ,m>0),véi 2 1a phan s8 t6i gian. Chon khing dinh
p —lap g g

2(x +3) n\f
dilng.
A.m-n?=0. B. m-n?>0. C. m>+10n<0. D. m?>-n=0.

\/x2 +2x+3 —mx

Tim t&t ca cc gid tri thue ctiatham s§ » d€do thihamsd ¥ = >
X

¢6 dung hai dudng
tiém cén ngang .
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35.

36.

37.

38.

39.

40.

41.

A. VmeR. B. m=-1. C. m=-Lm=1. D. m=0.
4* . 1 2 2016
Ch X)= .Tinhtong S=f| —— |+ f| ——= |+..... +
° (%) oo, |nhtbng S=f {2017] f (2017) f [ 2017}
A. 1008 . B. 1020 . C. 1012 . D. 1002.

Cho hams6 y= f(x) =x®=3x+1 6 bang bién thién sau:

v| + 0o - 0 o+
2

Tim tap hop cdc gia tri cha tham s& thuc m d€ phuong trinh f (x)—2m+1 =0 c6 2 nghiém thuc

dwong phén biét.
A. me{O;%} . B. me(-L1). c. me[01). D. me(0;1).

Cho khdi ling tru ding ABC.A’B'C’ ¢ day ABC la tam gidc vudng can tai B, A'A= AB=2a.Tinh

ban kinh mit cu ngoai tiép khoi lang tru trén.

A. 3a. B. 2042 C. a7, D. 204/3.
Tinh thé tich khdi 1ap phuwong ABCD.A’B'C'D’ theo a biét khoang cach tir A dén mat phéng (A’CD)
bing a
3
A. %. B. 84°. C. 3°43. D. 24°42.

Cho cdc ménh dé sau:

. S a o \ . b
(1) Néu z;,z, la hai nghiém phttc ctia phwong trinh ax? +bx+c=0,a#0,a,b,ceR thi Zy+2y = -
va zyz, =<

172 =

(2) Hai diém biéu dién nghiém phtic ctia phwong trinh ax® +bx+¢=0,a%0,4,b,c € R ludn d6i xtimg

v6i nhau qua truc Ox.

(3) Phwong trinh ax? +bx+c=0,a#0,4,b,c € R ludn c6 hai nghiém phttc phan biét.

(4) BSn diém bidu dién nghiém phtc ctia phwong trinh x* =1 tao thanh 4 dinh ctia m6t hinh vudng.
Cé6 bao nhiéu ménh dé diing trong cac ménh dé trén?

Al B. 2. C. 3. D. 4.

Trong khong gian véi hé toa dd Oxyz, cho ba diém A (1; -2; ~3), B (4; 2; —3) ,C (1; -1; 3) . Biét

C'(a,b,c) 1atoa dd hinh chiéu vudng géc ciia C 1én dudng thing AB . Tinh a+b-+c.

A 2B B 2L C 3. p. 2.

25 25 25
Gia stt ban mudn mua mét can nha tri gid 5 ty (dong) sau 5 ndm. Vay ngay tir bay gio ban phai gtri
tiét kiém vao ngan hang theo thé thizc 13i kép s tién it nhat 1a bao nhiéu d€ c¢6 thé€ du mua nha, biét
rang 13i suét hang nam trong 3 nam d4u tién 1a 8% va 2 ndm sau d6 1a 9%?
A. 2281ty (dong).  B. 3,43 ty (ddng) C. 3,34 ty (ddng). D. 2,29 tj (ddng).
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42,

43.

44,

45.

46.

47.

48.

Gia st ban giri vao ngan hang Vietbank s8 tién 1a m (triéu d6ng) ky han 1 ndm. Biét rang 13i suét 6
thang dau 1a 0,9%/thang; 6 thang tiép theo la 1,1%/thang. Trong qua trinh g ban khéng rut tién
ra. Hoi sau mot ndm d€ c thé mua mot chiéc xe tri gid 30 triéu duogc giam gia 20% thi so tién ban
dau {t nhat ban can gii vao cd thé la gié tri nao dudi day?
A. 19(triéu dong). B. 22 (triéu dong). C. 21 (triéu dong). D. 6 (triéu dong).
Trong mot quan thé sinh vat, ngudi ta nghién ctru hailoai A va B. Tai thoi di€ém ban dau, s6 luong
ctia A va B lanluwotla N, va 2N, con. Biét ctt sau mét thang thiloai A c6 s6 luong ting 1én gap
d6i con loai B thi ¢ s8 luong ting thém 6N, con. Hoi sau bao nhiéu théng thi s6 lwong ¢ hai loai
12 bdng nhau?
A. 5. B. 4. C. 3. D. 2.
Cho céc s8 phtec z théa méan [z| =4 vasd phtrccw théa w = (3+4i) z+1. Tim gid tri 1én nhét ciia md
dun w.
A M=19. B. M=21. C. M=4. D. M=40.
Ngudi ta tao ra nhitng chiéc nén tir mdt miéng bia hinh tron dudng kinh 32 cm bing médt trong 2
phueong an sau:
Phuwong an 1: Chia miéng bia thanh 3 hinh quat b.%mg nhau ri cudn mdi hinh quat lai thanh mdt
chiéc nén c6 thé€tich v, .
Phuwong an 2: Chia miéng bia thanh 6 hinh quat bﬁng nhau i cudn mbi hinh quat lai thanh mot
chiéc nén ¢6 thé tich v,.
Goi V, V' Ian Iuot la tSng thé tich ctia nhiing chiéc nén tao ra theo phwong 4n 1 va phurong 4n 2. Khing
dinh nao dring trong cac khing dinh sau.

1

1 , '
A V=5V, B. V=V". C V=3V, D.V>V'.

Cho ham s6 y = x°-3x% +m® -m+1 (1), v6i m 1a tham s6 thuc. Biét rﬁmg c6 hai gié tri my,m,
cta tham s8 m d€ d6 thi ham s8 (1) c6 hai di€m cyc tri 1a A va B sao cho dién tich tam gidc ABC
bang 7, v6i diém C(-2;4). Hoi m, +m, bang bao nhiéu?
A, -1. B. -3. C 1. D. 2.

R . 1A A < o 2 2 2 . oA
Trong khong gian vdi hé toa d6 Oxyz, cho mét cau (S):(x—z) +(y+l) +(z—5) =169 va mot
diém A (6; 4; —15) nam ngoai mat cau. Tap hop céc tiép tuyén cua (S) qua A tao thanh mot mat
nén va tap hop tiép diém tuong tng ctia (S) la dudng tron (C ) . Xét hinh nén c6 méat xung quanh
1a mt nén néi trén va ddy 1a dudng tron (C ), tinh th€ tich kh&i nén twong tng (két qud lam tron
dén hang phidm trim).
A. 3716,50. B. 1413,82. C. 11,34. D. 339,09.
Nguoi ta gép mdt miéng bia hinh tam gidc nhu hinh d€ tao thanh mot

16v2

t dién déu. Biét thé tich cita khdi ki dién Ia == (cm3 ) . Tinh chidu

dai canh ctia miéng bia.
A 4dcm. B. 8cm.
C. 4«/}; cm. D. 8\/5 cm.
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49,

50.

smx-L Zcosx)

i
Biét j — = " ix=qaln3-bln2- c%, v6i a,b,c € Q@ . Tim khng dinh nao diing.
0

cos? x
A. abc>10 B. a+b+c>5 C. a?+b*+c*>18 D. a-b-c>2

Cho mét ao ca c6 dic diém cir sau mdi théng thi s8 c4 trong ao ting gap ddi s8 ca trude d6. D& dam
bao diéu kién sdng cho bay c4, cac ki sur cho biét & thoi diém t (tinh theo thang) thi 6 ca trong ao
khdng dugc vuot qué gia tri ctia ham s8 y = 3000t + 1500. Biét rang ¢ d4u thang thit nhat (img v6i t
=0) thi s6 ca trong ao la 300 con. Bi€u d6 nao dudi day md ta chinh xac nhat vé diéu kién séng ctia

béy ca theo thoi gian?

A.
didu kién séng
GAM DO | R
khéng dam bao
0 thoi gian (thang)
B.
didu kién sdng
dam bao }——
khong dam bao
0 théi gian (thang).
C.
diéu kién séng
dam bao
khong dam bao
0 thoi gian (thang)
D.
dibu kien sbng
dam bao
khong dam bao —
¢] thai gian (thang).
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Cho hai s6 phtic z, :(a+b) (c+d)z va z, = (a bz) ( ——di) véi a,b,c,deR.Tim z=2z, +z,
A. z=2a-2di. B. z=(2a+b+c)—(c+b+2d)i.
C. z=(2a+b+c)—(c+b)i. D. z=(2a+b+c)+(c-b)i.
Tim 8 phtic @ =z+1+i biét s8 phtic z thda mén z =~1+i.
A w=2i. B. o=-2. C. o=2+2i. D. o=0.
2
Cho phuong trinh : 5 %8 =252l khij @6 tim tip nghiém ctia phuong trinh.
A. S={1;6}. B. 5=0.

C. s-_~{7“T “133;7“*7 “133} D. 5={-1;-6}.

Cho tam gidc ABC vudng tai A (AB <AC ) . Khi d6 thé tich V ctia kh6i nén tron xoay khi quay tam
gidc CBA quanh truc AC dugc tinh theo c6ng thitc nao?

A. V=§;TAC2.AB. : B. V=rAC2AB.

C. V:%EABZ.AC. D. V=rAB%AC.

Trong khong gian v6i hé toa dd Oxyz, tim toa trong tdm G cha tam gidc ABC, biét rz‘?mg
A(xA;yA;ZA)/ B("B;yB?ZB)rC(xc;yC;ZC)~

A G xA+xB+xC Yat¥p+tyc zA+zB+zC
;
2

(xA +xg +Xc yA+yB+yC zA+zB +2zc
4

B. G J
xA+xB+xC yA+yB+yC zA+zB+zC]

C. G

3

b. G X4 +Xg+Xe Ya+YptYe zA +zB +2e
6 ’ 6

Trong cac ménh dé sau, ménh dé nao la sai?

A. Néu 4,b>1 thi log, b xéc dinh.

B. log ,, b" =—log, b v6imoi a,b>0,a#1 va mneR.
a m

C. log, b.log, a=1 véi moi a,be((); +oo)\{1}.

D. log, (b.c)=logu b+log,c véi a,b,c>0 vaax1.

Trong cic ham s& sau day, ham s5 nao dong bién trén khoang (-1;0)?

~x+2

A y=
x

B. y=x*-22%+3. C. y=—2x>49. D. y=-3x+2017 .
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8.

10.

11.

12.

PESO 15

Ham s8 y = -x° +3x* —3x+2 c6 db thi 1a hinh nao dudi day?

y y

/ : X
e 1 0. © \

Tinh nguyén ham F(x)= I(Z‘x +sin Zx) dx.

o1 27
A. F(x)="—=-=c0s2x+C B. F(x)=>—+cos2x+C
In2 2 In2
C. F(x):—-lz—_%—?lz-costwLC D. F(x):—f;;+2c052x+c
n

Xét cac ménh dé sau.
(I): Cho ham s8 f c6 dao ham trén khoang (4; b) Néu f' (x)>0,vxe (a; b) thi ham s f(x) dong

bién trén (a;b) .

(I): Gia sttham s6 f c6 dao ham trén khoang (a; b) .Néu f’(x) >0,Vxe (a; b) va f’(x) =0 chi tai
mdt s& hitu han diém cia (a; b) thi ham s§ f dong bién trén khoang (4; b).

(IIl) Néuham s8 f lién tuc trén doan [a; b] va cd dao ham f ‘(x) <0 trén khoang (a;b) thi f sé
nghich bién trén doan [u ; b] .

Trong cac ménh dé trén, c6 tét ca bao nhiéu ménh dé diing.

A. 0. B. 1. C 2. D. 3.

Trong khéng gian véi hé toa 6 Oxyz, cho hinh hép ABCD.A’B’'C'D’ 6 toa dd cac dinh A (O; 0; 0) ,
B(1;0;2), D(0;2;0), C'(3;5;2). Tim toa d¢ dinh A".

A. A'(2;30). B. A'(3;2;0).

C. A'(20;3). D. A'(2;2;3).

Trong mit phing Oxy, tim tap hop diém M biéu dién s8 phirc z thoa Iz ~1+1 | = ’;l :

A. Hai s phtic z=—l—li va z:l—lz’.
2 2 2

C. Parabol x=y2 +y+1.

B. Puong thang x~y-1=0.

D. Buong tron tam [ (—1;1) , ban kinh 1.




ON LUYEN DE THI TRAC NGHIEM TOAN 2017 pEsO 15

13.

14.

15.

16.

17.

18.

19.

20.

Trong khong gian voi hé toa do Oxyz, cho OA = 2}—]2;6? =;+}: véi O la gBc toa d6. Tim toa db
vector Zﬁ .

A. AB=(1,1;1). B. AB=(-1,-1,-1).  C. AB=(L,1-1). D. AB=(1,-1;1).

Trong khong gian vdi hé truc toa dd Oxyz , goi (P) la mat phéng chita truc Ox vy vubng goc véi

mit phéng (Q:x+y+22-9=0 Phuong trinh mit phang (P) 1.

A 2y-z=0. B. —-4y+2z+1=0. C y-z-1=0. D. y-2z=0.

Ham s8 y = sin2x +cos2x dat cuc tidu tai cdc difm nao dudi day?

A. x:~_~3—7£+k—7z,keZ. B. x=:§-7—r—+k7r,keZ.
8 2 : 8

C. x:%+kﬂ,kEZ. D. x:w?Tﬂ+k7r,keZ.

Pudng thing x =-1 1a duong tiém can ctia @6 thi ham s8 nao sau déy ?

A y- 3x+4' B. y:x 1‘ C yzx +1' D.y- x+2.
3+x x+1 1—x2 x-1

Trong khong gian véi hé toa d6 Oxyz, cho dudng thang A. Xét cac didu kién sau day:
(1) A diqua A(l; 2;3) va vubng goc voi vec to fi= (3; 2; 1) .

(2) A diquahai diém A(1;2;3),B(3;2;1).

(3) A la duong trung tryc ctia doan AB biét A(l; 2;3), B(S; 2;1) .

(4) A lanim trong mat phfmg (Oyz) va song song vdi truc Oy .

Cé bao nhiéu diéu kién du d€ viét duge phuong trinh duong théng A?

A1 B. 2. C. 3. D. 4.

Cho s8 phitc z=a+bi va s phitc w théa man w’=z. Khéng dinh nao sau day la ding?
A. w=+Ja+bi. B. |w]: |z|

C. w=a”-b"~2abi. D. w=a*+b% .

Véi xe (2; +00) ,hams8 y=1In (x2 - 4) la mét nguyén ham ctia ham s6 nao sau day ?

A y= 2% +C(C>0). B. y:xln(x2—4)—2x+lln 2 ¢,
x? -4 2 \x+2
C.y=xh1(x2—4)—2x+—1—ln x=2) D.y= 2x
2 x+2 % -4
Chohams6 y = f (x) lién tuc trén R va c6 bang bién thién
X —00 -3 1 +o0

[}

+ 0 - 0 +
31 +o0
Y —00 / \ -1
Trong cac khéng dinh sau, khéng dinh nao sai?
A. Ham s& nghich bién trén khoang (2; 5) .

B. Ham s& dong bién trén cac khoang (~00; »3) ;(1; +oo) .
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21.

22.

23,

24.

25.

26.

27.

28.

C. Ham s6 nghich bién trén khoang (-3;1) .

D. Ham s dong bién trén khoang (—10; —1) .

Goi D tép xac dinh ctia ham s6 y = logs (9—3"/; ) .Biét D= [a,b), tinh H=b-a.

A. 1. B. 2. C. 3. D. 4.

Cho hinh lang try dimg ABC.A'B'C' ¢6 day ABC la tam giac vuong tai B, BC=a, dudng thing

A'B tao véi ddy mot gée 30° va tam gide A'BC c6 dién tich bing a? J3 . Tinh thé tich khéi lang
tru ABC.A'B'C'theo a.

3 3 3
a f B. 3:°43. C. # 2“3J§.

D.

Cho hinh lap phuong ABCD.A'B'C'D" . Biét ré“mg thé tich ctia khéi chop ACB'D' b‘éng V . Tinh
thé tich ctia khdi 1ap phuwong ABCD.A'B'C'D".

A 6V, B. 3V. . 2v. D. 2.

33 3 3

2 _p2 2 4p2
Ratgon A= a li R +Ii véi a,b>0.

+(ab)2 +b  a—(ab)2 +b
1 1
A -b. B. -2b2. C. 242, D. a.
N hx)x<b . o e i o . w1
Chohamsd y = f (1) = () x2b ¢6 dd thi nhuw hinh vé. Viét cong thtic tinh thé tinh phan hinh
g(x),x2

phéng t6 d4m khi quay quanh truc Ox. y

y = g(x)

A V= Hh ‘d\fﬂ”g l
B. V=r )dx.

c. v =x(n( )dxMJ( ()" dx .

o
|

D. V= ﬁft[((h(x))z +(g(x))2]dx :

Tinh thé tich khéi tru (T). Biét thiét dién qua truc cta (T) 1a hinh vuéng ABCD c6 duong chéo bang

4[1\/5 .

A. 167a°. B.

3 3
16za” C. 64ra®. p. %77
3 3

Tim dao ham ctia ham s8 y = x.35°%

A, y' =307 4y 350% 13 B. y'=3""% —x3""¥ In3.cosx.

C. y'=3%0% £ £ 350% cogx D. y'=3%"% 1 x3%"" In3.cos x.

Gia st ban ¢6 hop qua hinh nén khéng nép hinh dang va kich thuéc 8 dinh, bén trong chita vira

khit mét &ng tru dung day cac hat phat quang hinh cdu dong chét, kich ¢& nhuit nhau va khéng bi

bién dang khi va cham. Hay wdc lwong thé tich 6ng tru d6 sao cho s8 hat phat quang chita dwoc la
121
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29.

30.

31.

32.

33.

nhiéu nhét d€ ting ngudi ma ban thich. K&t qua lam tron dén chit s§ thit hai sau dau phéy. Biét

ring hdp qua hinh nén dién tich phan vat liéu 1am bé mét 1a 87 (cm2 ) dbng thoi dwong cao nén

bing +/3 Ian bén kinh day.

A. 3,51(cm3). B. 11,17(cm3). C 6,45(cm3). D. 6,os(cm3).
Cho ham s6 f(x):ﬁfi—il.

Tinh tong: S=f(2“1°°)+f(2“99)+...+f(2“2)+f(2°)+f(21)+...+f(298).

A. 5=99. B. 5=100 . C. 5=200 . D. S=198.

Cho ham s6 y = i—ig— c6 d6 thi la (C ) Goi M (a;b) 12 diém nim trén (C ) sao cho tong khoang
cach tir M dén hai tiém can b.%mg tich khoang cach tt M dén hai truc toa do. Tim khéng dinh ding
trong céc khing dinh duéi day cho m&i quan hé ctia 4,b ?

A. 24 -3 =12 B. 32-2b=12 C. 2a-3b=12 D. 3d% -2 =12

2x-1
x+2

Cho ham s§ y = c6 d6 thi1a (H). Chi ra mot phép bién hinh bién (H) thanh (H') c6 tiém

cinngangla y =3 va co tiém can ding x=-3.

A. Ta tinh tién (H ) song song v6i truc Oy 1én trén 1 don vi, sau d6 tinh tién song song véi truc
Ox vébéntrdildonvi.

B. Ta tinh tién (H ) song song véi truc Oy xudng dudi 1 don vi, sau d6 tinh tién song song voi
truc Ox vé bén phai 1 don vi.

C. Ta tinh tién (H ) song song véi truc Oy 1én trén 1 don vi, sau d6 tinh tién song song vdi truc
Ox vébéntrai 5 donvi.

D. Ta tinh tién (H ) song song véi truc Oy xudng dudi 1 don vi, sau d6 tinh tién song song voi

truc Ox vé bén trdi 1 don vi.

20174034 41

20174034 4
Két qua ctia tich phéan [ = j x+15 dx la:

201629823 (x-1)

20164032 1

1 6051 6048 4 6051 6048

A. —5(2017 ~2016 ) B. —5(2017 ~2016 )
C %(20174034 20164032 ) D. ~%(20172017 20162016 )

Trong khong gian Oxyz, cho tit dién déu SABC c6 toa d6 cac dinh la A(S; —3;1),8 (0; 0;1),

C(0;-3;4) va S(3;0;4). Biét ring S.ABC ngoai tiép mit cdu (R). Viét phurong trinh mit cau (R).

N e A N R
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34.

35,

36.

37.

38.

39.

40.

41.

Biét ring s& phitc z thoa man [z +1- Sii = "z' +3- z'l va |z —4-10i| c6 md dun nho nhat. Tim phén ao

ctia s6 phtec lién hop cia w = 522 4z ?

A. 6. B. -1. C. 6. D. 1

Cho hinh ling tru diing ABC.A'B'C' ¢6 ddy ABC la tam gidc vudéng can dinh C , A'C=a . Goi
x la goc gifta hai mat phing (A'CB) va (ABC) dé thé tich khdi chép A'".ABC I1én nhét . Tinh thé
tich 16n nhét cua khéi chép A'.ABC theo a .

PENE] 3 A3 A3

A. . B. C. . D. .
3 9 27 81
. 3x-4 ) \ N 2
Biét f dx =m.In |x - ll +n.1n i2x + 51 +C, m,nlasdhttu ti. Tinh m+n
2x% +3x-5
A. 3 —22 C.~5~ D.2 .
2 14 3 7

Cho khdi bat dién déu ABCDEF canh a nhu hinh vé. Goi G, H lan
lweot 14 trung diém ctia ED va AD. Tinh dién tich § cta thiét dién

ctia mit phang (BGH) véi khdi bt dién.

A S= . B. 5=
48 24
2 2
C.S=7a\/ﬁ. D.S:Z‘L@.
24 48

log | log ax/E%/E .
Tinh gia tri ¢ ‘/E( \/;[ )] , biétrang log, b=>5;log, c=3.
A, 81 B. % C. 9 D. 27

Sy téng truong clia mot loai vi khuan duoc cho boi cong thite f (t) =AM, trong d6 Ala s vi
khudn ban d4u, 412 ty 18 ting trudng (A > 0), t (tinh theo gid) 1a thoi gian téng trwdng. Biét s luong
vi khusn ban d4u 1a 2000 con, sau 15 gid 1a 42000 con. Hoi sao bao nhiéu gio s6 lwong vi khuén lén
dén 1 triéu con?

A. 1486(gid) B. 1487(gid) C. 2464(gid) D .2463(gid)

Trong khong gian v6i hé truc Oxyz, cho hai mét phéng (P) : £+%+E— =1 véi a,b,c 1a céc s8 thuc
a c

duong thay d6i va thoa diéu kién a? +b% +c? =3 ,mit phéng (Q) :1x+% y +1z =0 . Biét khoang
a c
céch gifra hai mat phang (P) va (Q) 16n nhét. Tinh a+b+c

A.—g. B. 2. C 3. D.

Wiy,

C6 tat ca bao nhidu gié tri nguyén ctia tham s& m d€ d6 thi (Cm) ciaham s8 y = 1 -3x2 —9x+m
cit truc hoanh tai ba diém phan biét.
A. 30 . B. 32. C. 33. D. 31.

~ x% —2x+2m ~ o an » ~eoA
Chohams6 y = f(x)=———"—"""_ hodicoé miy gid tri ctia m &€ dd thi ham sd c6 duy nhét mot tiém
Y y gL y

(x—l)(x+m)

can dung?
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A. 4. B. 2. C. 1. D. 3.
N o A e A e N 2 32
43. Mot vat di chuyén trong 5 gidy voi van téc duoc biéu dién dang ham s6 v (t) = 3 2 +2t cm/s
. Trong khoang thoi gian nao thi vat d6 di chuyén cham dan?

A. (1;2). B. (0;1). C. (2;3). D. G;}

44. Tim tap nghiém clia b4t phirong trinh log, 2x +log N x? ~log, xlogg 2x+420.

1
A, §=(—0;-1|U|15;+ B. S=]0;,=|uj 32768; +x
(1] 1574 (073 sz
5485 5+V85 1
C.S=[0;2 2 |U|2 2 ;4w D. S:[—w;z}u[32768;+oo)
-1 2y-1 -
45. Trong khéng gian véi hé toa d6 Oxyz, cho d:x—lzy— :Z—H;A:uz———y——:E(m 20;n+ —1)
-2 2 1 m n+l 1
, cap (m; n) nao dudi day lam cho dsong song A?
A. (-21) B. (-2;0) C (;-2) D. (0;-2)
e
46. Két qua ctia tich phan I = Ix620]7xdx la:
1
— 217 (e~2017) - 20166 | B. ——[27 (2017 -1)- 20160 |
20172 20172
€. —[®7 (2017¢ 1) 20180 | D. —[e®17° (2017616 1) 20167 |
20172 20172
47. Dién tich mat cdu ndi tiép khéi 1ap phuong cb thé tich 64 (cmd) la:
A. 64rx (cm2 ) B. 167r(cm2 ) C. 32z (cm2 ) D. 8z (cm2 )
: x° +2x°
48. Tinh dién tich hinh phang giéi han boi cac duong y = 1 y=0.
x—
A. S=--8~+31n3. B. S=é. C. Szﬁ. D.S=—8——31n3.
3 3 3 3

49. Cho2s8 a,b>0 thoa a* +4b* =12ab . Chon déng thirc diing.

A. 2logyyy a+8logyy, b=12 (logzo17 a+logygy b)

B. logygy a? +1ogy17 (4b2 ) =12 (10g2017 a+logyyy b)
1
C. logypy (a+ 2b) +2logypy 2= Z(Iogzo17 a+10gy417 b)

1
D. logyyyy (a+2b)-2logyy, 2= 5 (logyg17 a+1085617 b)
50. Gia st zq,z, la hai nghiém phtic clia phuong trinh z? ~2z+5=0véi 2z, c6 phan 4o 1258 am va A,
Blanluot la cac diém bidu dién ctia z;,-z, . Tim toa dd trung diém I cia doan thing AB.

A. 1(0;1) B. I(-21) C. 1(1;0) D. 1(0;-2).
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1. Mot miéng bia hinh tron ¢6 ban kinh Ia 20 em. Trén bién ctia
miéng bia, ta xac dinh 8 diém A, B,C,D,E,F,G,H theo thir tw
chia dudng tron thanh 8 phan béng nhau. C4t bo theo cac nét
liétn nhue hinh vé d& <6 dugc hinh ch@r thap
ABNCDPEFQGHM r6i gip lai theo cac nét dut

MN, NP, PQ, QM tao thanh mét khdi hop khong nép. Thé
tich ctia khéi hop thu duoc la: (THPT Chuyén Lam Son,
Thanh Hoa)

4000(2—\/5)\/4_2\5 4000(\/2—\/5 ]3
. B —— 7/

2 J2
C. 4000(2—\/5)\/4—2\/5. D. 4000[\/2—\/5)3.

2. Trong dot chao mitng ngay 26/03/2016, trudng THPT Luwong Tai s6 2 c6 t6 chiic cho hoc sinh cac

A.

16p tham quan da ngoai ngoai trdi, trong s8 do ¢d 16p 12A11. D€ ¢6 thé 6 chd nghi ngoi trong qua
trinh tham quan dé ngoai, 16p 12A11 d& dung trén mit dat bing phéng 1 chiéc Iéu béng bat tir mot
tam bat hinh chit nhat c6 chiéu dai 14 12m va chiéu réng 1a 6m béng céch: Gap d6i tdm bat lai theo
doan néi trung diém hai canh 14 chiéu réng ctia tdm bat sao cho hai mép chigu dai con lai ctia tAm
bat sét d4t va cach nhau x m (xem hinh v&). Tim x d& khoang khong gian phia trong 1éu 12 16n nhét?
(THPT Luong Tai 562, lin 2)

———————————————————————— 6m

A x=4 B. x=3\3 C.x=3 D. x=32
3
3. Gid tri nho nhat cita ham 5§ (C):y =(+7 +7x* ~4)(Vx+x=1) (suu tiim)

A.2 B.3 C. 5 D. 4
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4.

10.

D& dam bao an toan khi luu théng trén dudng, cc xe 6 t6 khi dimg dén d6 phai cach nhau t6i thi€u
1m. M6t 6 td A dang chay véi van t8c 16m /s bdng gép 6 t6 B dang diing dén d6 nén 6 t6 A ham
phanh va chuyén déng chdm dan déu véi van t6c dugce bi€u thi bdi cong thic v, (t) =16-4t (don
vi tinh bang m /s ), thoi gian tinh bing gidy. Hoi ring d€2 6 t6 A va B dat khoang cach an toan khi
ditng lai thi 6 t6 A phai hdm phanh khi cich 6 t6 B mt khoang it nhat la bao nhiéu ? (THPT Hdu
Léc, Thanh Héa)

A.33 B. 31 C.32 D.12

9 3
Cho J.f(x)dx=729, '[f(x+6)=513.Tinh I=j.f(3x)dx (THPT Hdu Loc, Thanh Hoa)
0 0 0

A.414 B.72 C. 342 D. 216

Cho ham s8 y = f(x) xéc dinh va c6 dao ham f'(x) . Biét ring hinh vé& = ]
bén 12 d6 thi ctia ham s6 f'(x) . Khang dinh nao sau déy 1a diing vé cyc . ok
trj ciia ham s8 f(x) ? (THPT Héu Lc, Thanh Héa) \ 5]

A.Ham 8 f(x) dat cyc dai tai x=—1 / I
B.Ham s6 f(x) dat cuc tiéu tai x =1 / /
C.Ham s8 f(x) dat cuc tifu tai x=-2 2

D. Ham s8 f(x) dat cuc dai tai x=-2
Trong khéng gian vdi hé toa d6 Oxyz, cho ba diém A(O; 1;1), B(3;O;—1), C(O;Zl;—19) va mit ciu

(S) : (x—l)2 +(y—1)2 +(z—l)2 =1.Diém M(u;b;c) 134 diém thudc mit cau (S) sao cho biéu thiic

T =3MA? + 2MB? + MC? dat gia tri nho nhét. Tinh t8ng a+b+c (THPT Hau Lc, Thanh Héa)

A . a+b+c=0 B.a+b+c=12 C. a+b+c=% D.u+b+c=%

Cho ba s6 thuc a,b,c thda man a>b>c>1. Khﬁng dinh nao sau day la ding? (THPT Hdu Lic,
Thanh Héa)

A. Phuong trinh 4% +b* =¢* v6 nghiém B. Phuong trinh b* + ¢* = 4" c6 hai nghiém

C. Phuong trinh ¢* +¢* =b* v6 nghiém D. Phuong trinh a* + b* + ¢* =0 ¢6 nghiém duy nhét
Tim tat ca cdc gia tri ctia tham s thye m d€ bat phuwong trinh (x\/; +x+12 ) <mlog, 3 o
nghiém. (THPT Chuyén Thdi Binh )

A m>2\3 B. m>2\3 C. m>12log, 5 D. 243 <m<12log, 5
Trong khong gian v6i hé toa do Oxyz, cho mit phang (P) di qua diém M(9;1;1) cdt tia
Ox, Oy, Oz lanluot tai A,B, C (A, B, C khong tring v6i gbc toa d6). Thé tich t& dién OABC dat
gid tri nho nhat 1a: (THPT Chuyén Thdi Binh )

81 5, 243 81

A — C. 243 D. —
6 2 2
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11.

12.

13.

14.

15.

16.

17.

Cho miéng tén tron tam O béan kinh R. Cét 0
miéng ton mot hinh quat OAB va go phan con lai
thanh mot hinh nén dinh O khoéng day (OA
tring voi OB). Goi S,S" lan luot la dién tich cua

miéng ton hinh tron ban dau va dién tich cta

e a0 S e " 4.B
miéng ton con lai. Tim ti s6 3 dé thé tich khoi
nén 16n nhét . (THPT Chuyén Théi Binh )
A. 1 B. ﬁ C. ﬂ D. 1
4 3 3 3

Mot cong ty du kién lam mot dudng ng thoat nude thai hinh tru dai 1 km, dudng kinh trong cua
8ng (khong k& 16p bé tong) bing 1m; d6 day ctia 16p bé tong bang 10 cm. Biét rang cir mot mét khai
bé téng phai diing 10 bao xi mang. S8 bao xi mang cong ty phai ding dé xay dung duong dng thoat
nuéc gan ding voi s6 nao nhat sau day ? (THPT Chuyén Thdi Binh )

A. 3456 (bao) B. 3450(bao) C. 4000(bao) D. 3000(bao)-

Trong khong gian véi hé toa dd Oxyz, cho hinh lap phuong ABCD.A'B'C'D’, biét A(O; 0;0) ,
B(l;O;O) , D(O;l;()) va A‘(O; 0; 1) . Phuong trinh mit phéng (P) chtta dudng thang CD’ va tao v6i
mit phing (BB'D’D) mot goc 16n nhét la: (56 GD&DT tinh Ha Tinh)

A x-y+z=0 B.x-y+z-2=0 C x+2y+z-3=0 D.x+3y+2z-4=0

1 l+logs(x+3)

Giai bat phuong trinh i1 > ta duoc tdp nghiém la (THPT N, guyén Pinh Chiéu, Binh
x+

Dinh)

A.S=(-3;0\{-1}  B.S=(-1,0) C. §=(-2;-1) D. §=(0;+)

Trong cdc nghiém (x;) théa mén bét phwong trinh log , 22 (2x+y)21.Gid tri 16n nhét ctia biéu
X +2y

thitc 2x + y béng: (THPT Nguyén Pinh Chiéu, Binh Dinh)

A.2 B. 9 C. 2
4 2

f(x)

Cho cdc ham s6 y = f(x), y= g(x), y =ﬁ. Néu cac hé s§ goc ctia cac tiép tuyén ctia cac do thi
g(x

D.

[ecRINe]

cac ham s8 da cho tai diém c6 hoanh d6 x =0 bﬁng nhau vakhac 0 thi: (Todn hoc & Tudi Tré, lin 3)

1 1 1
A f(0)<2 B. £(0)<= C. £(0)>= D. £(0)2=
4 4 4 4
Cho hé toa d6 Oxy va db thi ham s§ y=¢*. Ngudi ta dung \ y
cac hinh ch{t nhat OABC trong g6c phén tw thit nhat ctia hé toa t
d6 nhw hinh vé, vdi A thudc truc hoanh, C thudc truc tung, B 5
thudc dd thi y=e™* . Tim dién tich16n nhat chia hinh chitnhat € l -
¢6 thé vé duoc béng céch trén. (THPT Han Thuyén, Bic Ninh) ‘ i
1 1 (&} A 1
A. —¢? B. e '
2
2 1
C. — D. -
e e
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18.

19.

20.

21.

22,

23.

D?b thi trong hinh bén 14 d6 thi ctia ham s8 nao sau day ? (THPT Han Thuyén, Bdc Ninh)

U IR

1
2/ N 2 x
A y=x*+2x2+1 B. y=‘x2w1‘ C. y=%1x’3~x2+1 D. yz—%x4+2x2+1

Cho ham s8 y = f (x) xac dinh trén D = R\{—Z;Z} , lién tuc trén mbi khoang xéc dinh va cé bang
bién thién sau: (THPT Han Thuyén, Bic Ninh)

€ —00 -2

0
Yy + + “ - -

400

ol %/“\\_m ~_

0

Hoi khéng dinh nao sau day 1a diing ?
A. D6 thi ham s6 ¢6 2 tiém can B. Ham s6 dat gia tri 16n nhét b.:?mg 0
C. Ham s6 ¢é dao ham tai moi diém trén D D. D6 thi ham s6 c6 3 tiém can.
Cho hinh chép déu S.ABC c6 canh ddy bang a, goc gitta dudng thing SA va mit phing ( ABC) bing
60°.Goi A', B!, C' tuong tmg la cac di€m ddi xting ctia A, B,C qua S. Thé tich ctia khdi bét dién
c6 cacmidt ABC, A'B'C', A'BC, B'CA,C'AB,AB'C',CA'B' la (THPT Chuyén DHSP Ha N§i, Tan 1)
3 3 3
A Y3 g, 23 C. 223 p, 42°\3
2 3 3
Trong khong gian véi hé toa d6 Oxyz, cho cc diém A(l; ~1;1), B(O;l; —2) va diém M thay d6i

trén mit phing toa d6 (Oxy) . Gid tri 16n nhét ctia bi€u thite T =|MA - MB| 1a: (THPT Chuyén DHSP
Ha N, lin 1)

A. Jo B. V12 C. J14 D. 242
, —8+4a-2b+c>0 . N . o~
Cho céc s6 thuwc a,b,c théoa min 4 ¢ . 56 giao diém ctia d6 thi ham s6
8+4a+2b+c<0

y= x> +ax? +bx+c va truc hoanh Ox la (THPT Chuyén PHSP Ha N¢i, lin 1)
A.3 B.0 C 1 D.2
2x -1
(mx2 —-2x + 1)(4x2 +4mx + 1)

Tép hop céc gid tri ctia tham s8 thyc m d€ d6 thi ciia ham s& y=

c6 dng 1 tiém cén la : (THPT Chuyén DHSP Ha Néi, lin 1)
A. {O} B. (—oo;—l)u{O}u(l;-i-oo)
C. (~oo;——l)u(1; +oo) D. O
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24,

25.

26.

27.

28.

29.

Trén mét doan duong giao thong c6 2 con dudng vudng goc véi
nhau tai O nhu hinh vé. M6t dia danh lich str ¢6 vi tri dat tai M, vi tri
M céch vi trf duong OE 125 m va cach duong OH 1km. Vily do thue 4
tién, nguoi ta mudn lam mét doan dudng théng AB diquavitri M,
biét ring gia ¢& lam 100m duong 12 150 triéu déng. Chon vi tri A va
B dé hoan thanh con dudng voi chi phi thap nhat. Hoi chi phi thap
nhét dé hoan thanh con dudng la bao nhiéu ? (THPT Luong Thé
Vinh, Ha N¢i, ldn 1)

(o]

A. 1,9603 (ty dong) B.2,3965 (ty dong)  C. 2,0963 (ty dong) D. 3(ty dong)
2016* \ 1 2 2016
Ch X)=———===. Tinh gia tri biéu thttc S= f|{ —— |+ f| —— |+...+ f| —— | (THPT
o /(¥) 2016% 2016 o e e f[zow) f(zow) f(zow} (

Luong Thé Vinh, Ha Noi, lin 1)
A. 5§=2016 B. §=2017 C. §=1008 D. 5=+2016

Mot céi phéu 6 dang hinh nén. Nguoi ta dd mét lugng nude vao phéu sao cho chidu cao ctia luong
I3 x M ]- SA 7 x 2. A . ’ A x M1 A x A
nuoéc trong phéu bang 3 chiéu cao ctia pheu. Hoi néu bit kin miéng phéu rdi 1on nguoc phéu 1én

thi chiéu cao ctia nuéc béng bao nhiéu ? Biét réng chiéu cao ctia phéu 1a 15 ecm. (THPT Luong Thé
Vinh, Ha N6i, ldn 1)

A. 0,188 (cm) B. 0,188 (cm) C. 0,188 (cm) D. 0,188 (cm)
Trong khéng gian v6i hé truc toa dd Oxyz, cho M (1; 2;1) . Viét phuong trinh mat phéng (P)yquaM

+—L 4+ dat gid tri nho nhat. (THPT

cit cdc truc Oz, Oy, Oz lan lwgt tai A, B, C sao cho 3 3
0A* 0B* OC

Luong Thé Vinh, Ha Néi, lan 1)

A.(P):x+2y+3z=8 B.(P):x+y+z=4  C. (P):x+2y+z=6 D.(P):%+~Z—+—i—=1

Cho tit dién déu ABCD c6 canh bang a, G la trong tdm ctia t¢ dién ABCD . Tinh theo a khoang
cach tir G dén cac mét ctia t& dién. (KSCL S¢ GD&PT tinh Vinh Phiic)
A B, 246 ¢ ©e p. &6
9 6 3 12
Cho ham s8 y = f (x) c6 d6 thi nhw hinh v& bén. X4c dinh tat ca cic gid \ y l
tri ctia tham s m d€ phuong trinh ‘ f (x)| =m ¢ 6 nghiém thuc phan "‘1 oL 1 |
biét. (KSCL S6 GD&DT tinh Vinh Phiic)
A O<m<4 B.0<m<3

C.3<m<4 D.m>4
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30.

31.

32.

33.

34.

Cho ham s6 y = ax® +bx? +cx+d 6 db thi nhu hinh bén. Khing dinh nao sau dy diing ? (KSCL S¢
GD&DPT tinh Vinh Phiic)

y

/ »»»»»» VA

A. 4,d>0;b,c<0 B. 4,b,c<0;d>0 C. a,c,d>0;b<0 D. a,b,d>0;c<0
Cho hinh chép S.ABCD c6 déy 1a hinh vudng canh 4, SA vudng géc véi mit phang ddy (ABCD) va

SA = a.Diém M thudc canh SA sao cho % =k . Xéc dinh k sao cho mit phéng (MBC ) chia khéi

chép S.ABCD  thanh hai phan c6 thé tich bang nhau. (KSCL S¢ GD&DT tinh Vinh Phiic)

—1+\/§ k:—1+\/§ 1+x/§ 1+\/§

B. C. k== D. k=
2 2 2 4

Choham s8 y = f(x) x4c dinh trén R\ {0} , lién tuc trén mdi khoang xac dinh va cé bang bién thién

A k=

nhu sau (THPT Pham Vin Déng, Phil Yén)

r |- 0 1 +00
y — -+ 0 -
+eo 2
1|~ o0

Tim tap hop tét ca cac gié tri ciia tham s8 m sao cho phuong trinh f(x) =m c6 ding 2 nghiém thuc?
A. (»—oo; —1)u{2} B. (-—oo; 2) C. (—oo; 2] D. (—oo; ~1]U{2}

S8 nguyén t6 dang M, = 27 1, trong d6 p la mot s nguyén 8 duoc goi 1a s8 nguyén t& Mec-xen
(M.Mersenne, 1588-1648, nguoi Phép). Nam 1876, E.Lucas phét hién ra M;,,. Hoi néu viét M,
trong hé thap phan thi M;,, c6 bao nhiéu chit s6? (THPT Pham Viin Dong, Phii Yén)

A.38 B.39 C. 40 D.41

Cho dudng tron ndi ti€p hinh vudng canh a ( nhue hinh vé bén). a

Goi S lé‘ hinh phing giéi han béi dudng tron va hinh vudng oo e ~Eee
(phan ndm bén ngoai dudng tron va bén trong hinh vudng). s e
Tinh thé tich vat th€ tron xoay khi quay S quanh truc MN. \
(THPT Pham Viin Pong, Phii Yén) M1 M
AV = L2 B.V =”T”23— \;\ e
C. V= =5 D. V=7na
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35.

36.

37.

38.

39.

40.

Trong khéng gian véi hé toa d6 Ouxyz, cho lang tru dung ABC.A'B'C' <6
A(a;O;O), B(—a;O;O), C (0; 1;0), B'(—a;O;b) vGi a,b duong thay d6i thdéa man a+b =4. Khoang
céch 16n nhét giita hai duong thing B'C va AC' la (THPT Pham Vin Déng, Phii Yén)

A1 B. 2 c V2 D. -‘g‘;
My o i e . ~ R o mcosx—4 . VA .
Tim tat ca cac gia tri thuc cta tham s6 m sao cho ham s8 y = ——————— nghich bién trén khoang
cosx—m
T T A~ N .
(5/5] (THPT Xudn Truong, Nam Dinh)
2<m<0
A l<sm<2 B.| 1 C.m=2 D. -2<m<0
—<m<2
2
Cho hinh chép 5.ABCD c6 day ABCD la hinh vudng canh a, SA=av3 , va SA vudng goc voi mét
phéng day. Mt phéng (P) di qua diém A va vudng géc SC chia khéi chép thanh hai khéi da dién.
\? A ’ k3 \ \ A A\ . 7z, 2 ~ V N
Goi V] la thé tich ctia khéi chita dinh S5 va V, 1a khéi con lai. Tinh ti s6 —‘71— (THPT Thanh Ha,
2
Hai Duong)
9 g 11 c o DA Y
V, 7 vV, 9 v, 11 Vv, 53
Cho léng tru ABCD.A’B'C’D’ ¢ ddy la hinh vudng canh a4, hinh chi€u vudng gbc ctia diém A’ 1én
mit phang (ABCD) triing véi tam déy. Biét khoang cach gifta hai duong thing AA’ va BC bang
fl—;@ . Chiéu cao khéi lang tru ABCD.A’B’C'D’ 1a (THPT Thanh Ha, Hdi Duong)
A D2 B. o2 c m2 D.
2 4
2. 2 .
Phuong trinh 4 7l _ 42X Hm2)es2m _ 02 Loy 4m—1. Chen khang dinh diing ? (Thi thi: Off
lan 3, Dodn Tri Diing)
A. Vo nghiém véimoi meR. B. C6 it nhat 1 nghiém thiwc véimoi meR.
C. C6 it nh4t mot nghiém thye véi m<2. D. C6 thé ¢6 nhiéu hon hai nghiém thuc.
Cho hinh 14p phuong ABCD.A'B'C'D' ¢6 thé tich bing 1. Goi (£) 1a mot

hinh nén ¢é tdm duong tron day trung véi tdm chia hinh vuéng ABCD,
dong thoi cac diém A'B'C'D' nam trén céc dudng sinh ctia hinh nén nhw
hinh vé bén. Gié trj nhé nhét thé tich ctia (&) 1a bao nhiéu? (Thi thir Off
14n 3, Podn Tri Diing)

A. o B. Ea
8 16
c D. =
3 3
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41.

42,

43.

44,

45.

46.

47.

48.

Mbt chiéc thiing dung nwdc hinh try c6 ban
kinh day 20cm, bén trong dung mot luong
nudc. Biét rang khi nghiéng thiing sao cho
duong sinh cua hinh tru tao véi mat day goéc

45% cho dén khi nuwdc lang, thi mét nwée cham

vao hai dim A va B ndm trén hai mit ddy nhuw
hinh vé bén. Hai thting dung nwede c6 thé tich 1a bao nhidu cm?®? (Off ldn 3, Dodn Tri Diing)

A. 16000z B. 120007~ C. 8000z D. 6000~

Theo di chiic, bdn ngudi con dwoc huong s6 tién la 1,05 ty dong chia vi ty 16 nhur sau: Nguedi con

dau va ngudi con thi hai 1a % ; Nguoi con thit hai va nguedi con thiz ba la 45- ; Ngudi con thit ba va

. DT R e . N A Tad
ngwdi con thit ti 1a - V6i méi s8 tién nhan dwge, cd bon nguoi con déu ghi tiét kiém ngan hang
trong thoi han 5 ndm v6i mikc 13i sust nhu sau: Nguoi con dau giri 13i sudt 6% mdi nim, nguoi con
thit hai giri 13i sudt 3% mdi 6 thang, ngudi con thit ba givi 14i sudt 1,5% mdi quy va ngudi con thi

tw gt 14i suat 0,5% mdi thang. Téng 8 tién ctia bdn anh em sau 5 ndm 1a bao nhiéu? (Off ldn 3,

Doadn Tri Diing)

A. 1.412.810.079 dong B. 1.174.365.010 ddng

C. 1.405.136.856 dong D. 1.411.112.198 dong

Giastthams3 f(x)= (lzx2 +bx+ c)e_" 1a mdt nguyén ham ctia ham s8 g(x)=x(1-x)e ™. Tinh tong
A=a+2b+3c, ta duoc (THPT Ninh Giang, Hdi Duong)

A6 B. 3 C. 9 D. 4

Cho hai s6 thuc x;y thda man x> +y2 —6x-2y+5=0.Goi M, m Ian luot 1a gia tri 16n nhat va gia

trj nho nhat cia S = x+2y . Khi 6 M? —m? bing: (THPT Ninh Giang, Hai Duong)

A. 10 B. 100 C. 25 D.75
Rit gon biéu thire T = C) %c}i +—;~c§ +...+L1cg, neN" (Todn hoc va Tudi Tré - lin 4)
n+
n n_ n+l _
T=2 B. T=2"" c r-2-1 p.r-2_—t
n+1 n+1 n+1

Cho khéi chép S.ABC ¢6 SA=9, SB=4,5C =8 va d6i mot vudng goc. Cac diém A',B’,C' théa mén
SA=25A", SB=23SB', SC =45C" . Th& tich ctia kh&i chép S.A’B’C’ 1a (Todn hoc va Tudi Tré - [in 4)
A. 24 B. 16 C 2 D. 12

Cho x, y, z la cic s0 thuc duwong théa man xyz=1. Gid tri nhé nhit cua biéu thikc
A=(9x+y)(9y+2)(z~~xz +x) L (THPT Thanh Mién, Hii Duong)

£ p. 31

4 4
Mbt coéng ty bat d6ng san c6 50 c&n ho cho thué. Biét rang néu cho thué mbi cin hod véi gia 2000 000

A. 85 B. 100 C.

ddng mot thang thi moi cin ho déu duoc thué va c mdi lan ting gia cho thué mdi cin hod 100 000
dong mot thang thi ¢ thém 2 cén ho bi bo tréng.

Hoéi mudn c6 thu nhap cao nhat, cdng ty d6 phai cho thué mdi c&n hd véi gid bao nhiéu mot thang?
Khi d6 c6 bao nhiéu cin hd cho thué? (THPT Thanh Mién, Hdi Duong)
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A. Cho thué 40 can hd véi gia mbi can hé 1a 2250 000 dong.
B. Cho thué 5 can hd véi gid mbi can ho 1a 2250 000 dong.

C. Cho thué 45 cin hd véi gid mbi can ho 1a 2250 000 dong.
D. Cho thué 50 cin hé vdi gia mdi cin ho la 2000 000 dong.

2 2
49. Cho a>b>0. Duong elip (E) c6 phuong trinh: % +_1_/7 =1. Tinh dién tich ctia hinh elip (E). (THPT
as b
Thanh Mién, Hai Duong)
A. zab (dvdt) B. 2zab (dvdt) C. 4zab (dvdt) D. %ﬂ (a2 +b? )(dvdt)

sinx—2m

2

50. Tim t&t ca cc gid tri thye ctia tham s8 m thoa ham s6 y =
1-sin“x

déng bién trén khoang (O; Zg—j

(THPT Thach Thanh, Thanh Héa)

m<0

A. msé B. |1 5 C. ——ls;nsl D.m<1
8 —<m< = 2 2
4 8
P
51.  C6 mot hoc sinh 1ap luén tim cac di€m cuc tri cia ham 8 y = f(x) = Y nhuw sau

Buwéce 1: ham s8 ¢6 tip xdc dinh1a D = R

Ta co: y'=x4 -2x°, cho y'=0<

Buéc 2: dong thoi y" = 4x> —6x%2 = f"(0)=0 va f'(2)=8>0
Buéc 3: Vay ham s8 dat cyc tiéu tai di€m x =2 va khéng dat cuc trj tai x =0
Qua céac bude giai ¢ trén, hay cho biét hoc sinh d6 giai ding hay sai, néu sai thi sai & budc nao?
(THPT Thach Thanh, Thanh Héa)
A. Loi giai diing B. sai & budc 3 C. sai & budc 2 D. sai 0 buée 1
52. Ban An c¢6 mét cSc udng nude c6 dang mot hinh nén cut, duweong kinh miéng cdc 1a 8 (cm), duong
kinh ddy c8c 1a 6 (cm), chiéu cao ctia c8c 1a 12 (em). An diing cdc d6 d& dong 10 lit nuwde. Hoi An
phai dong it nh&t bao nhiéu Ian ? (THPT Thach Thanh, Thanh Héa)
A.24Tan B. 26 Ian C. 20Tan D. 22 Tan

53. Chodbdthi (C): y= 22“1 va A(-2;3);C(4;1). Tim m d€ dudng thang (4) y =3x—1 cit db thi (C)
X—m

tai 2 di€m phan biét B, D sao cho tit gidc ABCD 1a hinh thoi. (THPT Luong Ddc Béing, Thanh Hoa)
m=0

A.m:§ B.m=1 C. m=2 D.
3 m=-1

54. Ban A mudn lam mét chiéc thiing hinh try khéng déy tir nguyén liéu 1a manh t6n hinh tam gidc
déu ABC c6 canh bang 90 (cm). Ban mudn cit manh ton hinh chi nhat MNPQ tit manh ton nguyén
liéu (véi M, N thudc canh BC; P va Q trong tng thudc canh AC va AB) d€ tao thanh hinh tru c6
chiéu cao béng MQ. Thé tich 16n nhat cta chiéc thling ma ban A ¢6 thé lam dwoc 1a: (THPT Luong
Ddc Bing, Thanh Héa)
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55.

56.

57.

58.

59.

60.

A
Q P
—
B C
M N
A 5 s B 92125 () C 108000+/3 (e D, 13500+/3 ()
y/a V4 T T

Cho hinh 1ap phuong ABCD.A’B’'C’'D’ ¢ canh bing a, mot mit phing (a ) cdt cac canh AA’;
BB/,CC’; DD 1an luot tai M, N,P,Q. Biét AM= —;:u, cp- %a. Thé tich kh6i da dién ABCD.MNPQ Ia:

(THPT Luong Pdc Bang, Thanh Héa)

3 3
A L3 B. L c &= p. U
30 3 3 15

Sy ting trudng ctia mot loai vi khuén theo cong thikc S = Ae™ trong d6 A 14 s8 lugng vi khuén ban
dau, 7 12 16 ting trwéng (7 >0),t 13 thoi gian ting trudng. Biét ring s8 luong vi khudn ban dau
12 100 con va sau 5 gid ¢6 300 con. Khi d6 sau thoi gian bao lau thi s6 lwong vi khuén tang gép 10
Ian so v6i s8 lugng ban dau (THPT Lang Giang 2, Bic Giang)

3In5

3 5 5In3
A t=—— (git B. t="—" (git C. t=—r (git D. t=—— (git
Iog5 (i0) 10 &) Tog3 (i0) 10 &9

Mot cong ty thoi trang vira tung ra thi tredng mot mau quan 40 méi va ho 8 chitc quang céo trén
truyén hinh mdi ngay. Mot nghién ctru thi truong uy tin cho thdy, néu sau f lan quang cao dwoc

phat trén truyén hinh thi s§ phan tr8m ngudi xem quang cio mua san pham nay la:

P(t)= i—ﬁ—% (%). Hoi can phat quang céo trén truyeén hinh t8i thi€u bao nhiéu lan d& s8 nguoi
xem mua san phdm dat hon 80% ? (THPT Ly Thdi Té6, Biic Ninh)
A. 348 Tan B. 356 lan C. 344 Tan D. 352 lan

mx? —2x+m-1

Choham s8 y = . Puong théng n&i hai diém ciec tri ctia d6 thi ham s8 nay vudng

2x+1
gbc v6i dudng phan gidc ctia gée phan tu thir nhat khi m bang (Chuyén KHTN Ha Nji)
A0 B.1 C -1 D. -2

Tim t4t c& céc giéd trj cta tham s8 m d& phuong trinh (x* ~1)v4—x" +m =0 ¢ nghiém. (THPT Ly
Théi T6, Bic Ninh)

A 0sm<2 B. 2<m<2 C. |m|>2 D. -2<m<0

M6t céng ty san xuét khoai tay chién can san xuét hop dung khoai tay chién hinh tru sao cho tong
chigu dai I ctia hdp khoai tay chién va chu vi duong tron ddy khéng vuot qua 30 cm (d€ phit hop
v6i phurong thite van chuyén va chiéu dai truyén thong ctia dong san phdm). Cong ty dang tim kich
thwdc @€ thiét k& chiéc hop sao cho thé tich dung khoai tay chién la 16m nhat, thé tich d6 la: (THPT
Ly Thdi T6, Béic Ninh)

A. (cm®) D (cm®)

750
(cm®) B. — (cm®) c 120
z z

50 1000
w ’ T
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61.

62.

63.

64.

65.

66.

67.

68.

Néu s6 phtic z thoa man || =1 thi phan thuc clia 1 ! béng (Chuyén KHTN Ha N§i)

-2z

A. B.-— C 2 D. -2

2

N | —

Cho a, b, ¢ 1a cic sb thyc va z = ~%—+i——;— . Gi4 tri ctia biéu thitc T = ((H-bz +cz? )(n+ bz? +cz) bing
(Chuyén KHTN Ha N§i)

A . T=a+b+c . B. T=a>+b* +c* —ab-bc—ac .

C.T=a*+b* +c* +ab+bc+ca D.T=0

Goi z,,2,,24 la cac s8 phic théa man z; +2z, +z, =0va ‘21, = ]zz‘ = ‘231 =1. Khéng dinh nao dwéi

day la khang dinh sai? (Chuyén KHTN Ha N§i)

A. ]z]3 +zg +z§‘:|zlr +1z, ¥ +‘z313. B. ‘213 +z§ +Z§‘S‘Z1|3 +‘2213 +‘Za‘3-

C. \zf +z§ +z§‘2‘z]]3 +]zzt3 +‘z3|3 D. izf +z§ +z§‘¢‘21|3 +|22]3 +!z3‘3

Cho n >1 lamdt s6 nguyén duong. Gia trj ctia + ! ot bang (Chuyén KHTN
log, n! log, n! log, n!

Ha Ngi)

A.0 B. n C. n! D.1

Néu log, (log, x)=log, (log, x) thi (log, x)’ bing(Chuyén KHTN Ha N§i)

A.3 B. 3V3 C. 27 D. 3"

Trong khong gian véi hé toa dd Oxyz, cho ba difm A(2;3;1), B(1;1;0) va M(a;b;0)sao cho
P =[MA - 2ME| dat gid tri nho nhat . Khi d6 a+2b bing : (THPT Quing Xuong, Thanh Héa, lin

2)
A 1. B.-2. c2. D. -1 . _
Khi cit mit cau S(O, R) bdi mot mit kinh, ta dwoc hai nira mit cau va hinh tron 16n ctia mit kinh
dé goi 1a mit day cta mdi nira mit cau. Mot hinh tru goi la ndi tiép nira mit cau S(O, R) néu mot
ddy ctia hinh tru nam trong day clia nira mat cau, con duong tron day kia la giao tuyén ctia hinh
tru voi ntra mét cu . Biét R =1,tinh ban kinh ddy v va chiéu cao /i ctia hinh try ndi tiép nira mit
cau (O, R) d&€ khdi tru ¢ thé tich 16n nhat. (THPT Qudng Xwong, Thanh Héa, lin 2)
=§,h=%. B.r=\—/2§,h=§. C.r:—?,h:—\é—g—. D.r:%, Iz:@.
M&bt manh viedn hinh tron tim O ban kinh 6m. Ngudi ta cn trong ciy trén
dai dat rong 6m nhan O lam tAm ddi xting, biét kinh phi trong cay la 70000

A r

dong/m* . Hoi can bao nhiéu tién d€ trong cay trén dai dat d6 (s8 tién dwoc
lam tron dén hang don vi) (THPT Qudng Xuong, Thanh Héa, lin 2)

A. 8412322 dong . B. 8142232 dong .

C. 4821232 ddng . D. 48213122 dong .

135




ON LUYEN DE THI TRAC NGHIEM TOAN 2017 TUYEN TAP CAU HOI HAY - LA - KHO

69.

70.

71.

72.

73.

74.

75.

Mbt binh dung nuée dang hinh nén (khéng dy) dung day nude. Biét rang ml;
A M/ N

chiéu cao cua binh gdp 3 Ian ban kinh day cia nd. Nguoi ta tha vao dé NN
A e i o 167 g ——
mot khoi tru va do dwoc thé tich nuwdce tran ra ngoai la Tdm . Biétrang !
LYo

mdt mit ctia khdi tru ndm trén mét trén ctia hinh nén, cac diém trén duong

tron déy con lai déu thudc cac duong sinh ciia hinh nén (nhu hinh vé) va
Kkh6i tru c6 chiéu cao bang dudng kinh d4y ctia hinh nén. Dién tich xung
quanh S, , Cia binh nuée la: (THPT Qudng Xuwong, Thanh Hoa, lin 2)

A8, == —dm’ . B. S, =470 dm®.
C. S, =4zdm*. D.qug—ﬁdmz.
Xi X 2

T4t ca cac gid tri clia m d&bat phurong trinh (3m-+1)12* +(2-m)6* +3" <0 cé nghiém diing Vx >0
1&: (THPT Qudng Xuong, Thanh Héa, lin 2).

- oL 5. 1

A. (-2;+0) . B. (—0;-2] . c.[ ; 3] . D.( 2 3}.

Cho ham s6 y=L1(C) va dudng thing (d):y =-x+m . Khi d6 s8 gia tri cia m d€ dudng thing
x—

(d) cit d8 thi (C) tai hai diém phén biét A, B sao cho tam gidc OAB (O la g6c toa d6) c6 ban kinh
duong tron ngoai tiép béng 2\/5 14 (Khdo sdt chdt lwgng, THPT Triéu Son, Thanh Héa)

A0 B. 1 C 2 D.3

Lai suét tién g tiét kiém ctia mdt s6 ngn hang trong thoi gian vira qua lién tuc thay d8i. Ong A
gl tiét kiém vao ngan hang véi s8 tién ban dau 1a 5 triéu dong véi 14 suét 0,7% thang chua day
mot ndm thi 1ai suft ting 1én 1,15% thang trong nira nim tiép theo va 6ng A tiép tuc giti; sau nira
n&m d6 1ai sudt giam xudng con 0,9% théng, 6ng A tiép tuc giri thém mot s8 thang nita, khi rat tién
dng A thu duoc ca von 13n 131 1a 5 747 478,359 dong (chwa 1am tron). Khi d6 t8ng s8 thang ma éng
A givi 12 (Khdo st chit lugng, THPT Triéu Son, Thanh Héa)

A. 13 théng B. 14 thang C. 15 théng D. 16 théng.

MOt tdm dé can hinh chit nhat dwgc cudn tron lai theo chitu dai, dwge mot khéi tru duodng kinh 50
cm. Ngudi ta trai ra 250 vong d€ cit chit va in tranh c8 dong, khéi con lai 1a mot khdi tru cé duong
kinh 45 cm. Hoi phan da trai ra dai bao nhidu mét (lam tron dén hang don vi) ? (Khdo sdt chit
lwong, THPT Triéu Son, Thanh Hoa)

A.373m B.119m C.187m D.9%m

Cho t¢ dién S.ABC trén doan SA,SB,SC lan luot 14y cac diém M,N,P sao cho SM =5MA,

ly

Vernr = 5 VsABC*

SN =2NB va SP =kPC . Ki hiéu V; la th€ tich cia khdi da dién T . Biét rang
Tim k? (THPT Doan Hing, Phii Tho)

A.k=% B. k=9 C k=5. D. k=4 .

Mot ngudi nong dan c6 mot tom cét hinh chir nhét ¢ chiéu dai 1277 (dm ), chiéu rong 1(m). Nguoi
ndéng dan mudn quay tdm c6t thanh mdt chiée bd dung théc khdng c6 ddy, khong cé nép day, cd
chiéu cao bing chitu rong clia tim c6t theo cac hinh dang saw: (THPT Doan Hing Phii Tho)

(I). Hinh try.
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76.

77.

78.

79.

80.

(I). Hinh lang tru tam giac déu.

(II). Hinh hop chit nhéat ¢6 day la hinh chit nhat ¢6 chiéu dai gap d6i chiéu rong.

(IV). Hinh hop chi¥ nhat c6 ddy la hinh vudng.

Hoi theo phuong an nao trong cac phuong an trén thi b dung duoc nhiéu thdc nhét (Bo qua riém,
khdp néi).

i
v '
' '
- ' ‘
i '
v |
'
'
v

Im

Tm

A (1) B. (II) c. (m) D. (IV)

Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a, gbc gitra SA va (ABC) bing 45°. Hinh
chiéu vudng géc ctia S 1én (ABC) 14 diém H thudc BC sao cho BC =3BH . Goi M la trung diém ctia
SC. Tinh khoang céch tir M dén (SAB)? (THPT Doan Hiing Phii Tho)

A 2a\/§. B, NG ‘ . a6l D, W6s1
5 5 62 31

s 2 s ” . W e ” .
Choham sd y = mx —4x® +9mx "3 (1), v6i m la tham sd thure. Goi m, 1a gia tri ctia tham s6 m dé

ham s6 (1) dat cuc tri tai hai diém x;,%, sao cho biéu thitc P = —9—+—9~2——8x1 —-8x, dat gia tri nho
Xy X

nhét. Tim ménh dé dung. (THPT Tran Quéc Tudn)

A . me (O; 1) B.me (—1; 0) C omye (1;3) D. m, (—3;—1)

Xét mot hinh 1ap phuwong va mot mét cau. Gia st mit cau c6 dién tich béng S va hinh 1ap phwong
¢6 tdng dién tich tat ca cac mit bﬁng cling bé”mg S; Goi k la ti s thé tich gifta khéi cau va khéi lap
phuong d6. S8 k gén véi s6 nao sau day nhat? (THPT Trian Qudc Tudn)
A2 B. 22 c . D.2

50 69 5 7
Mot ngdi biét thi nho ¢é 10 cdy cdt nha hinh try tron, tat ca déu cé chidu cao b??mg 4,2m. Trong do,
4 cay cOt truwde dai sanh ¢ dudng kinh bﬁmg 40cm, 6 cay cdt con lai bén than nha ¢é dwong kinh
béng 26¢cm. Chii nha ding loai son gid dd dé son 10 ciy cOt d6. Néu gia ctia mot loai son gia dd 1a
380.0004 / m? (k& ca phén thi cong) thi ngwdi chit phai chi it nhat bao nhiéu tién d& son cdt 10 cay
cot nha d6 (don vi ddng)? (THPT Tran Qudc Tudn)
A. 15.835.000 B. 13.627.000 C. 16.459.000 D. 14.647.000
Hinh hop chit nhat (khéng phai la hinh 1ap phurong) cé bao nhiéu mat phéng ddi xting? (THPT
Chuyén Vinh Phiic)
A3 B. 2 C 1 D. 4
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81.

82.

83.

84.

85.

86.

87.

Mhod oih g T
Tim tat ca gia tri cia tham s6 m d€ ham s6 y =

¢6 gié trj 16n nhat trén doan [2;3] bing > .
x+m 6

(THPT Chuyén Vinh Phiic )

A.m=3 hay m= B.m:Shaym:% C. m=3 D. m=2 hay m=

o] w
SN

Cho ham s8 f(x) lén tuc trén R thoa f(-x)+2f(x)=cosx. Tinh gid tri chia tich phan
2
I= j f(x)dx . (suwu tam group Nhém Todn)

1

AT=2 B.I= 2
3 3

CI= D.I=1
3

2
Cho ham s§ f(x) c6daoham f'(x) liéntuctrén R, £(0)=1, f(2)=3 va [ f(x)dx=3. Tinhtich
0

1
phén I = J' xf '(Zx) dx (suu tim group Nhém Todn)
0

A.I:E B.Izg)— C. I=0 D.I=2
4 2

Trong khong gian voi hé toa dd Oxyz, xét khdi chép tit gide S.ABCD c6 dinh $(1;2;-3), ABCD la
hinh binh hanh c6 AB=b, AD =c, XBAD =30°, d4y ABCD nim trong mit phéng cé phuong trinh
2x-y+2z+3=0 . Tinh thé tich kh&i chép S.ABCD . (Theo Thiy Podn Quynh)

A.be B. ¢ c, b2 p, b3
2 2 2

Ba tia Ox,0y, Oz do6i mdt vudng goc. C la diém ¢8 dinh trén Oz, dit OC =1; A,B thay do6i trén Ox,

Oy sao cho OA +0B =0C . Tim gi4 trj bé nhét clia ban kinh mat cau ngoai tiép t dién O.ABC.
(Theo Thity Poan Quynh)
a Yo 5. o o D. V6
4 3 2

Cho hinh chép tit gide déu S.ABCD ¢6 cac canh ciing béng 1 . Tinh ban kinh mt céu ni ti€p hinh
chop déu dob.
A2 2 RCEE B

4(1++3) 2(1+3) 2(1+3) 4(1++3)
Tt mbt ménh gidy hinh vuéng canh 14 4, ngudi ta gap n6 thanh 4 phan déu nhau r6i dung lén thanh
mot hinh ldng tru tit gidc déu (nhw hinh vé).
T mot manh gidy hinh vudng khac ciing c6 canh 14 4, ngudi ta gdp né thanh 3 phan déu nhau r6i
dung 1én thanh m6t hinh ling tru tam gidc déu (nhur hinh vé&). Goi V., V,lan luot 1a thé tich ctia
lang tru t gidc déu va ling tru tam gidc déu. So sanh V; va V.

Pt

H
.,

AV, >V, B. V=V, C. V, <V, D. khéng so sanh dugc
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88.

89.

90.

91.

92.

93.

94.

Cho ¢ dién déu S.ABC c6 thé tich 1a V, d¢§ dai canh la a. Trén cac canh SA,SB,SC 1dy cac diém

M, N, P sao cho SM =3MA,SN = lSB,—ﬁ-ﬂ 1 .Goi V' 1a thé tich ctia hinh chép S.MNP. Khi
5 25P+PC 3

dé6 gia tri ctia V' tinh theo a la:

3 3 3
A.H\/E B.‘“/E C.£ D.“‘/E
160 12 160 16

Biét thé tich khi CO, nam 1998 I v(m3) .10 ném ti€p theo, thé tich CO, ting m% , 10 ndm tiép

theo nita, thé tich CO, ting n%. Tinh thé tich CO, nam 2016 ?

(100+m)(100+1))"” 100+ m)'* (100+n)*
A Vaore = V( 1)020 ) (") B Vaons = vd )1035 ) ()
C. Vype =V +V.(1+m+n)]8 (nz?’) D. Vo6 = V.(1+ m+ n)lg (mS)

Mot bac tho xay bom nudéce vao bé chita nude. Goi h(t) 1a thé tich nude bom dwoc sau t gidy. Cho
h'(t)= 3at? +bt va ban dau bé khong c6 nude. Sau 5 gidy thi thé tich nude trong bé 1a 150m° . Sau

10 gidy thi thé tich nudc trong b&la 1100m® . Tinh thé tich nudc trong bé sau khi bom dugc 20 giy.
A. 8400 m® B. 2200 m® C. 600 m® D. 4200 m®.

Tl ciing mot tAm kim loai déo hinh quat nhuw hinh vé ¢6 kich thuéce ban kinh R =5 va chu vi ctia
hinh quat1a P =8z +10 , ngudi ta go tdm kim loai thanh nhitng chiéc phéu theo hai cach:
1. Go tdm kim loai ban dau thanh mit xung quanh ctia mét cai phéu

2. Chia d6i tim kim loai thanh hai phéan bang nhau 16i go thanh mit xung quanh ctia hai cai phéu

Goi V| la thé tich ciia cai phéu thtr nhat, V, 1a

7 .7 2 P x 2 ’ V
tong thé tich ctia hai cai phéu 6 cach 2. Tinh —‘—/i ? —
2
a2 p V221 o
V2 \/; V2 7 B
Vl 2 Vl \/g
C. — = D —==——
vV, e v, 2
Thé tich ctia khdi lang tru ditng 7 gide déu c6 cac canh bing a
A. lmz3 cotZ B. »1~na3 cot™ C. l71613 cot - D. ~1~mz3 cot -
4 n 8 n

Nguoi ta thi nghiém do sw phan b8 ctia 1 loai tao ¢6 hai cho ca trong ho rong, va nhén th&y su phan

b6 ctia loai tho nay la theo ham f (h) theo d6 sau tinh tir mt nwéce. Tiec 1a & d6 sdu h (mét), s€ ¢

(1) (kg/m®) tao. Cho f (k)= -’1-4-—2.112 +7 , im d6 sau ma & d6 ndng dd cta tao 1a 16n nhét, bist

ho sdu nhat 1a 4m.

A. 7(kg/m®) B. 3(kg/m®) C. 39(kg / m®) D. 45(kg/ m3)

! +

3+2% 3+27%
1. f'(x)#0 véimoi xeR.
2. f(1)+ f(2)+...+ f(2017) = 2017
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95.

96.

97.

98.

99.

100.

101.

102.

1 1
3. f(x%) = +
3+4% 34477
A. Khing dinh 1 B. Khéng dinh 2 C. Khéng dinh 3 D. Khdng c6

Trong mdt khdi cau c6 bén kinh R ,ngudi ta tién hanh khoét hai phan,méi phan 1a mdt khdi cau sao
cho t8ng bén kinh hai kh&i cau bi khoét diing bang bén kinh khéi cau ban dau.Hoi thé tich phan
con lai 16n nhét béng bao nhiéu

7R3

A. zR? B. 2R® C. 22R3 D. -

Vao ngay tét & Viét Nam,nguwoi ta thuwong chia mot cai banh chung (coi nhu
12 mot hinh hop véi hai mit trén dudi 12 hinh vudng con chidu cao béng

nita canh hinh vudng) thanh § phan bang nhau (bing nhiing lat cit 1a

nhitng mat phing vudng goc véi day va trén mat phang day ching cb vét

c&t nhu hinh vé sau).Hoi tdng dién tich toan phan ctia tat ca 8 phan so véi
dién tich toan phén ctia cai banh tdng 1én bao nhiéu lan?

22 22 23 3442
3 3

A 2+—— B. 3+—— C. 2+—3 D.
3 2

Coi cdi tréng truong 1a vat thé gidi han boi mét mit cdu ban kinh R =
0,5 m va hai mit phing song song cach déu tdm (nhw hinh v&). Biét

chiéu cao cta tréng 1a ki = 0,8 m. Tinh thé tich cta céi tréng.
59 472

A. -é-%-;z(m?’) B.Tﬁ(m?’)
472000 375
X (m?) D. 222 ()
3 59

Tim t4t ca cac gia tri thwc ctia tham s6 m dé€ phuong trinh V4—-x +V2+x =Vm+2x -~ x> +1 c6hai
nghiém phén biét. (Cuc khdo thi vd kiém dinh, Biic Ninh)

A. me[10;13)u{14}  B. me[10;13] C.me(10;13)u{14)  D.me[10;14]

Cho ham s8 f(x)=x" —3x* +1. S8 nghiém ctia phuong trinh f(f(x))=0 13? (Cuc khdo thi va
kiém dinh, Bic Ninh)

A. 3. B. 6. C.9. D.7.

Trong khéng gian v6i hé toa d6 Oxyz, cho ba diém A(a;O;O); B(O;b;O);C (O;O;C) véi a,b,c lanhiing
s8 duong thay di sao cho a2 +b? +c? = 3. Khoang cich d tir O d&n mit phing (ABC) 16n nhat 1a:

A 1. B.l. C.——l—. D. 3.

3 V3
Cho ham s8 f(x) c6 dao ham lién tuc trén [0;1] va thoa man: I;x(f'(x)_2)dx = f(1). Tinh gia
tri cua I =I;f(x)dx.
A 0. B. 1. C. 1. D. khong tinh duogc.
Trong khong gian véi hé toa d6 Oxyz , cho 5 diém A(1;2;3); B(0;0;2); C(l;O;O); D(O;—I;O);
E (2015; 2016;2017 ) . Hoi tt 5 diém nay tao thanh bao nhiéu mat phéng ?
A. 10. B. 5. C. 3. D. 4.
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103.

104.

105.

106.

107.

108.

109.

Mét hinh hép chix nhat 6 kich thude 6x6xh chita mot khdi cau 16n ¢é ban kinh
bang 3 va 8 khéi cdu nho ban kinh bing % . Biét réng cac khéi cau déu tiép xic
nhau va tiép xtic v6i cdc mit ctia hinh hop (nhw hinh v&). Thé tich ctia khéi hép
la (THPT Ninh Giang, Hdi Dyong)

A. 64+327 B. 108+ 3647

C. 108+108v7 D. 324327

Cht mét miéng ton hinh vudng canh 1m thanh 2 hinh

chit nhat, trong d6 1 hinh c¢ chiéu rong la x(m) , goi

miéng tén nay la miéng tén thir nhat. Nguoi ta go :

miéng tdn tr nhat thanh 1 hinh ling try tam giac déu, * Im

miéng con lai go thanh mét hinh tru ( nhu hinh vé). —

Tinh x d& tong thé tich khéi lang tru va khéi tru thu x(m)

dugc la nho nhit. (THPT Nguyén Déing Pao, lin 2)

A x=— B.x=— 1 — C. ox=—2% D, x=—t—
\/§ﬁ+9 3\/§7r+1 97r+\/§ 7r+\/§

Biét r?xng phuong trinh axd +bx® +cx+d=0 (a # 0) c6 ding 2 nghiém thyuc phén biét. Hoi d6 thi
ham s6 sau 6 bao nhiéu diém cyc tri: y = ]ax3 +bx? +cx +d‘ . (THPT Nguyén Ding Dgo, lin 2)
A3 B. 5 D. 4

+2x+2

Goi xy,x, la cdc nghiém ctia phuong trinh: logZ[ ]— x* ~3x-3. Tinh gi4 tri ctia biéu

3x%+x+2
thitc T =x? + x% . (THPT Nguyén Piing Pao, lin 2)

A.T=15 B. T=13 C. T=§ D.TZE

4 4
Cho hinh nén dinh S, day la hinh tron tdm O, géc & dinh nén bang 150° . Trén dwong tron day,
1ay mot diém A cd dinh. Cé bao nhiéu mit phéng chita SA ct nén theo mét thiét dién c6 dién tich
16n nhét. (THPT Chuyén Lam Son, Thanh Héa)
A. c6 3 mit phang B. c6 1 mét phing C. ¢4 2 mit phéng D. ¢6 vb s8 mit phéng
Mot d6i xdy dung can hoan thién mot hé thdng cot tron ctia mot ctra hang kinh doanh g6m 10 chiéc.
Trwde khi hoan thién mdi chiéc cot 1a mét khéi bé tdng ¢St thép hinh ling tru luc gidc déu c6 canh
20 cm; sau khi hoan thién (b‘éng cach trat thém vita tdng hop vao xung quanh) mbi ct 1a mot khéi
tru c6 dwong kinh day béng 42 cm. Chibu cao ctia mbi cdt trude va sau khi hoan thién 1a 4m. Biét
luong xi méng can diing chiém 80% luwong vita va e mdt bao xi ming 50kg thi twong dudng véi
64000 cm® xi mang. Héi cén it nhat bao nhiéu bao xi méing loai 50kg d&€ hoan thién toan bd hé thong
c6t ? (THPT Chuyén Lam Son, Thanh Héa)

A. 25(bao) B. 18(bao) C. 28(bao) D. 22(bao)

Trong khong gian véi hé toa 49 Oxyz, cho bdn diém A(1;0;0), B(0;3;0), C(0;0;2), D(1;3;-2) .
Hoi ¢ tat ca bao nhiéu mat phﬁng cach déu 5 diém O, A, B, C, D (O la g6c toa d6) ? (THPT Hdu
Léc, Thanh Hoa)

A. 5mit phing B. 4 mit phing C. vb 8 mat phing D.7 mjt phang
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110.

111.

112.

113.

114.

115.

Mbt cong ty mudn thiét k&€ hop dun stta voi thé tich 1dm® da giao cho hai nhém thiét ké.

Nhém 1: thidt k& vo hop 1a hinh hop chit nhat véi day 1a hinh vudng.

Nhom 2: thiét k&€ vo hop la hinh tru.
Biét r.%mg d¢€ tiét kiém nguyén vt liéu thi vo hop phai c6 dién tich toan phén nho nhét, do d6 cac
nhém phai im céch thiét k& sao cho dién tich vo hop nho nhét. Ki hiéu S, S, Tan luot la dién tich

5
v6 hop nhé nhat theo phirong an cita nhém 1 va nhém 2. Tinh t s6 S— ? (THPT Hju Loc, Thanh Héa)
2

A,El_=\f£ B._S_l_= r C. El_:si D._Si:\/g

S, b4 S, 4 5, 2z 5, T
e (V2 3 16 f \ , 4

Cho blet‘[0 xf(xz)dx=4:;j2 f(z)dz=2;_[9 —(:/-;-)di=3 . Tinh I=_f0 f(x)dx?

A. 2 B.9 C. u D.16
2 2

Cho 8 phitc thoa mén diéu kién |z = ﬁ =|z-1] . Khi d6 |z +1 bing bao nhiéu ?
Z

A. \z+1|=\/§ B. |z+1|=5 C. |z+1]=1 D.|z+1|=

,/ 2x+1 x+1

Tinh gid tri g(0)+g(1) 1a
A.1+\/g B.2+3J€ C. 3+x/g D_2+\/5
2 2 2 2
Mot hop gidy hinh hop chit nhat c6 thé tich 2dm?®. Néu ting mdi canh ctia hop gidy thém Q/E dm

2" ngudi ta it ¢=g(x) thi nguyén ham tr& thanh [24¢.

thi thé tich ctia hop gidy 1a 16dm® . Hoi néu ting mdi canh ctia hdp gidy ban dau lén 2¥2dm thi
thé tich hop gifdy méi la: (Cuc khdo thi va kiém dinh, Béic Ninh)

A. 32dm’. B. 64dm°. C. 72dm°. D. 54dm°.

Nguwoi ta trong hoa vao phan dat duwoc t6 mau den duoc A B

gi6i han boi canh AB, CD, dudng trung binh MN ctia
manh dat hinh chit nhat ABCD va mét duong cong hinh
sin (nhu hinh v&). Biét AB=2z(m), AD=2(m). Tinh

M N

dién tich phan con lai.
A. 4r-1 B. 4(z-1) C. 47-2 D. 47-3
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1 2 3 4 5 6 7 8 9 10
D C B D A A C B D C
11 12 | 13 14 15 16 17 | 18 19 20
A B | B | A C D | A A c D
21 22 23 24 25 26 27 28 29 30
B A A C C C A D D A
31 32 33 34 35 36 37 | 38 39 40
B B | C C. A D D B D C
41 42 43 44 45 46 47 48 49 50
A B D A C B A D B C

Céc ham trén la cac ham da thirc, du tién ta quan sat hé s6 a d€ biét duoc hudng 1én xudng ctia do
thi ( tinh tir bén trai ctia d6 thi). Va ta dwa vao hinh dang cua d6 thi ham béc 3, bac 4, bic 2. Tir d6

6 cach chon dap an hop ly nhét.

Loai dép an A, B vi duong cong d06 thi theo hudng 1én - xudng - lénnén hé s6 a >0

Loai dap an C vi d6 1a ham trung phwong nhén truc Oy lam truc d6i xéng.

A | Sai vi ham bac 2.

B | Sai vi ham triing phuong.

C | Saivihambdc3 cdhésd a<0.

Céc em ndm chic dinh nghia vé tiém can ding ctia d6 thi:
Cho ham s8y = (x) xac dinh trén mot khoang vo han ¢6 dang (a;+oo) hoac (—w;a) hoac (—oo; +vo) .
Dudng thing y =y, la dudng tiém cin ngang (hay tiém c4n ngang) ctia d6 thi ham s8 y = f (x)

néu it nh4t mot trong cdc didu kién sau dugc théa man: lim y= Yo » Hm y=y,.
X—>+00 X—>—00

Vi lim f (x) =1 va lim (x) =-1 tir d6 suy ra d6 thi ham s& da cho cé hai tiém cén ngang la céc
X400 X0

duodng thang y=1va y=-1.

A | Sai vi két luén db thi ham s6 khong c6 tiém cin ngang.

B | Sai vi két luan {6 thi ham s& ¢6 diing mot tiém cin ngang.

D | Sai vi kétluédn sai thanh x=1 va x=-1.

Bai toan tim khoang dong bién nghich bién.
Budc 1: Tim tap xdc dinh, tim dao ham. Bwdc 2: Lip bang bién thién, tir d6 ta két luan.

Tap xac dinh: D=R, y'=8x3ﬂ>x=0:y(0)=1vé lim y=+0 ; lim y=+cw.
X—>+0

X—y—00
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Véy ham s8 ddng bién trén khoang (0; +o)

Nk vi hidu sai khi 1ap bang bién thién: y=0=>2x*+1=0&x* = % , tlr 6 14p bang

bién thién va két luan sai.

e vi hiéu sai khi 1ap bang bién thién: y=0=2x*+1=0ex* = —-;- , tir d6 14p bang

bién thién va két luén sai.

D | Sai vi két ludn nhdm qua ham s& nghich bién.

4. Chcem cannim chic dinh li sau:
Gia sit ham s8 f lién tuc trén khoang (a;b) chita diém x, va c6 dao ham trén cac khoang (u; xo) va
(xo ;b) va
= Néu f'(x) d6idau tie (+) sang (-) tai x, thifdat cuc dai tai x, .
= Né&u f'(x) d6idau tie (—) sang (+)tai x, thifdat cyc ti€u tai x, .

[Nhan xét: f dat cuc tri tai lxo < f'(x)

Tir bang bién thién ta thdy ngay ham s8 dat circ dai tai x =0 va dat cyc tifu tai x=1.

A | sai vi ham s6 c6 2 diém ciec tri

B | sai vi ham s& 6 gid tri cuc tifu y=-1 khi x=0
C | sai vi ham s8 khong ¢6 GTLN va GTNN trén R. v
5. Buwdc 1: Tim tap xdc dinh, tinh dao ham. Bwéc 2: Lip bang bién thién, tir 46 két luan.

5 4'=0 9 x=1:>y(1):0
Tép xac dinh: D=R, y'=3x*-3—/=53x*-3=0< .Gidi han: lim y=-o;
x=-1= y(~1) =4 x>

lim y=+o.
X—>+o0

& | % -1 1 o

'y' + 0 — 0 +

¥

N

Véy ham s6 dat cpc dai tai x =-1, yop = 4.

B | Nhidm y.p v6i xop dothdy 1>-1.

C | Nhdm yqp v6i yor

D | Nhamy.p véi xqp

6. Thuat todn fim gi tri 16n nh&t va gia tri nho nhat cliaham s8 y = f(x) lién tuc trén doan [a,b]:

s Tinh dao ham y’
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*  Tim cac diém x;, Xy, . € (a,b) la nghiém cia y" =0 hodc khong cé dao ham .
= Tinh céc gia tri 'f(a);f(b);f(xl);f(xz);
# “'So sanh va két luan :

max f(x)= max{f(a);f(x]); f(xz);‘..;f(b)}

x€la,b]

min f(x)= min{f(a);f(x] ); f(xz);...;f(b)}

xela,b]

x?+3
Xéthamsd y=

— lién tuc trén doan [2;4]

x2—2x—3 y'=0 x=3:>f(3)=6

T 5 1y' =
acoy (x—1)2 x=-1 (ktm)

s 19
va f(2)=7, f(4)=—3-
Sosanhcacgiatritacd min y=6<>x=3.

.\'e[z;é}j

2
MODE+7 f(X)-X +3 Start:X=2

Cdch gidi nhanh: st dung may tinh cim tay : = X1 EwiXd, Sip03

Sau khi ta bing thi mdy tinh & cot f(x) S€ co gid tri nho nhit 1a 6.
7. Xét phuong trinh hoanh d9 giao diém ta cé: 2x+2=x>+x+2 = x> +3xr=0 x=0= Y,=2.
8. Ham s8 bac 4 tring phuong y = f(x) =ax* +b.x% +¢ (a#0), Tap xdc dinh: D=R
Dao ham y'= f'(x) = 4a.x® +2b.x (a#0)
= Hams8cd1lcuctri < ab>0 hodc b=0
= Ham s8 cd 3 cuc tri < ab< 0. Khi d6:
» voia>0 ,hams6cd 1 cuic dai va 2 cuc tifu
»> véia<0 ,ham s6 cé 1 cuc tiéu va 2 cuc dai

D6 thi ham s6 c6 3 diém cyec tri A4, B, C tao thanh tam giac can tai diém cuc trj A(0;c) € Oy véi

Ez—‘l?f=2¢,tacé tanz(,/)z—%j«;l~ .

y=x*+2mx® +1. Tép xéc dinh: D=R
x=0

s

Taco: y'=4x> +4mx;y' =0 < 4x> + dmx =0 <:>4x(x2 +m)=0 c{
Ham s6 c6 3 cuee trj khi va chi khi phwong trinh y'=0 6 3 nghiém phén biét nghia 14 phwong trinh
(*) c6 2 nghiém phan biét khac 0 < ~m >0 <> m<0. (loai dap an C va D)

Vay toa d¢ 3 diém lan luot la: A(O;l); B(»xl—m;1—~m2);C(x/—m;1—mz)

Tac6 AB= (~—\/—m;—m2);26 = (\/—m;—mz)

Vi AABCvubng cntai A= AB.AC =0 e m+m* =0 m=-1 do m<0

Cich gidi nhanh: Ap dung k& qua trén ta c6 tam giac ABC vudng cin tai

A= BAC =29 =90° = ¢ = 45°

tan2¢=—-8—§-<::>1:—{——~—]c>m=—1.
b
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(14—1] 1
9. Tacé: lim y= lim ——— x —_

X=»=0 X—>—0 }mx + 1 q/m
m+ 5

X

1+1

va lim y= lim ————== lim ——==

X—>+0 X—>-+00 ’mx + X—>+co 4[

Vay ham s8 ¢6 hai tiém cdn ngangla: y = \/_. ———————:>m>0

=

10. Day 1a bai toén thyuc t& lién quan vén d@ gié tri 16n nhit va nhé nhat ctia ham s6.

Tacd: h=x (cm) >0 la duong cao hinh hop.

Vi t4m nhém dwoc gap lai tao thanh hinh hp nén canh day ctia hinh hop la: 12-2x (cm)
Aor A8 1 PR Ao (1522 . ]x>0 x>0 .

Vay dién tich day hinh hép S= (12 2x) (cm ) . Ta co: {12~2x >0 = {x <6 oS xe (0,6)

Thé tich cita hinh hop 1a: V = S = x.(12-22)°

. =2
Xét ham s3: y=x.(12-2x)", Vre(0;6) = y' = (12-2x)(12 ——6x)-3i{x (i)

; _
o 128 —
Vay the tich 16n nhét cia hinh hop 1a 128 (em® ) khi x=2 (cm).

11. Piat t=tanx, vi xe[O;%j:te(O;l).Xéthém s0 f(t):tt_”% Vte(O 1)

2-m .
(t=m)’

D& ham s8 y dong bién trén khoang (o; —Z) Khi va chi khi: f'(t)>0 vt e(0;1)

Tap xéc dinh: D=R\{m}. Tacé f'(t)=

m<2
=N 2—m2 >0 Vte(O;l)@{i_m>O m<0 e me(-0;0]U[1;2)

(t-m) o) ]

B, C | Sai vi chua xét hét trizong hop.

Sai vi sai diéu kién
mz2

meSOVtE(O;l)Q{ mSO@ m<0em=2.
(t-m) me(01) 7| e

y<0,Vte(0;1) e

12. Giai phuong trinh logarit nhé dét diu kién.

piéu kién: x-1>0<x>1, log4(x~1)=3<:>x~1=43<:>x=65
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13.

14.

15.

16.

Sai vi vi quén d6i ddu -1 khi chuyén v&
A
log, (x-1)=3ex-1=4> & x=64-1cx=63.

Nhéc lai céng thitc dao ham: y = at = y=a* lna,(O <a# 1)

Ta cb: y':(l?)x)‘:lB"'.lnlB

A | Sai vi ap dung nham cong thic (x") =nx"1 .

C | Sai vi ap dung nham cdng thic (e“') =e" .

D | Sai vi nhdm qua c6ng thirc nguyén ham.

Khi giai b4t phwong trinh logarit can chu y dit diéu kién va cht y co s6 16n hon 1 hay nhé hon 1

Diéu kién: 3xw1>0<:>x>% , log, (3x-1)>33x-1>2° ©3x>9 < x>3

B | Sai vi giai sai BPT log2(3x—1)>3<:>3x—1<23<:>3x<9<:>x<3:>—1§<x<3

Sai vi giai sai BPT log, (3x—1)>3 ¢ 3x-1<2° < 3x <9 & x <3 va khong két hop

diéu kién.

D | Sai vi giai sai BPT log2(3x—1)>3<:>3x—1>32 <:>3x>10<:>x>%

x>0
<a=#l

Ham s6 y =log, x xac dinh khi va chi khi {

Ham s8 xdc dinh khi va chi khi x?-2x-3>0 e x<-1 hodcx >3

Vay tap xac dinh: D= (—oo; —1) U(S,' +oo) ;

A | Sai vi 4p dung diéu kién x* -2x-320.

B | Sai vi p dung sai diéu kién va gidi sai x* ~2x-320& -1<x<3.

D | Sai vi giisai ¥* —2x-3>0& -1<x<3.

Bai todn nay yéu ciu céc em can hi€u va ndm chac cdng thiic vé logarit.

log, bc =log, b+log, c;log, b™ =mlog, b véi a,b,c 1a cac s8 nguyén duong va a=1,meR.

Dap an A ding vi
f(x)<1<elog, f(x)<log, 1< log, (2".7*'2 ) <0< log, 2" +log, 7 <0
A
<:>x+x2.10g27<0
| | PapanBaing i f(x)<1e 1nf(x)<1n1<:>ln[2x.7x2]< 0 In2* +1n7" <0

& xIn2+x%.1In7 <0
Dép an C dang

2 2
vi flx)<lelo x)<log, 1< log, | 25.7° |<0 < log, 2" +log, 7* <0
C 87 87 87 &7 &7

<:>x.10g7.’2+x2 <0
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~ PR X x2 X Xz
Véy D sai vi f(x)<1<:>long(x)<log21<:>log2 257 |<0<log, 2" +log, 7" <0
D

<:>x+x210g27<0

17. Taco: 10gu2 (ab) = Ioguz u+logu2 b =»;—.Iogﬂ u+%.logﬂ b =%+%.loga b.

B | HS sai khi bién déi log , (ub) = %logu (ab) = %logu alog,b = %logﬂ b
a

C | HS sai bién déi log , (ab)=2log, (ab) =2(log, a+log,b)=2+2log, b

HS sai bién d8i log , (ab) = (1oga2 u).(logu2 b)
a

- [—;—logu aJ.Gloga bj - log b

(r+1) 4" ~(x+1)(4) 4 ~(x+1).4"In4
S

4°(1-xInd-In4) 1-x2In2-2In2 _1-2In2(x+1)

(4x)2 4 2%

18. y'=

CASIO: Shift- tich phan: _d_(ic.ilj
dx\ 4%

Nhap mét gid tri ctia x bat ky vi du bang 2:

Ta c6: —d—[ﬂJ
dx\ 4%

x=?

trir di mot trong s8 céc dap én . Néu két qua bang 0 thi d4p 4n tuwong tng

x=2
diung.
. L, d{x+1 1—2(+1)h12 _13 A At LN 2 1Y
Odépan A: — ———t——=-2,9410"" sau d6 bam “dd” két qua bang 0.
dx\ 4% Jlx=2 22

(Chiiy gén x =2 chd déng khung)

A . . (u) _wotur
B | HS sai cong thitc dao ham (—] i zuv
v %

< 2
C | HS nham mAu 4° =27 =2 .
D | Két hop nhiéu B va C.
19. Tacd:log, 45 =log, 9+log, 5

1 1 2 2 24
log, 9= = - :._.__z_,,(l)
lo 23) 1 1 1 a+1
832( ) 5‘(log32+log3 3) og, 3+1 —+1
11
log;2 log,3
log, 5= L = 1 = 1 ma 10g52=&= 082 =£=EZ
log; (2.3) logs2+logs3 logs2+b log, 5 1 1 a
logs3 b
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20.

21.

20 a 2d%+2ab+a’+a(a+1)2ab+(a+1)a (a+1)(a+2ab) a1 2ab

e+l ab+b (a+1)(ab+b) - (a+1)(ab+b) —(a+1)(ab+b) T oab+b

log, 45 =

CASIO: Sto\Gan A =log, 3, B =log; 3 béng cach: Nhap log, 3 \shift\Sto\ A tuong tuw B

+2

Thir tieng dap an: —fl—IFAB—Iog6 45=1,34 ( Loai)

A”’ZB ~logg 45=0 (chon)

Thir dép an:

1 1 1
Cach1: Vi b>a>1:>{°gﬂb>1°gn“@{08nb>

=log,a<l<log,b

log, b>log, a 1>log,a

Cach 2: Dat a=2;b=3=log,2<1<log,3=D

A | Sai vinham log,b<log,b =1=log,a<log,a véi b>a>1.

B | Sai vinham log, b < log,a véi b>a>1

C | Saivinham log, a<log,b va log,b<log,b=1.

Cach 1: Cong thiic: Vay s6 tién A 14i sudt r% / thang. Hoi tra s8 tién 4 1a bao nhidu d& n thang hét
Ar(1+r)" 100.0,01.(1+0,01)°

ng:a= 3
(1+r)" -1 (1+0,01)" -1

Cach 2: Theo d@é ta c6: dng A tra hét tién sau 3 théng vay dng A hoan no 3 lan
Véi 1ai sudt 12%/nam suy ra 1ai sudt mot thang 1a 1%

= Hoanng lan 1:

-Téng tién cén tra (gdc va lai) 1a : 100.0,01+100 =100.1,01 (triéu déng)

- 56 tién duw : 100.1,01~m (triéu dong)

s Hoanng [an 2:

- Téng tién can tra (gdc va lai) la:

(100.1,01 - m).0,01+(100.1,01 - ) = (100.1,01~m).1,01 = 100.(1,01)" ~1,0L.m (triéu dong)
- 88 tien du: 100.(1,01)" ~1,0L.m—m (triéu dong)

= Hoanng lan 3:

- Téng tién can tra (gbc va l4i) 1a:

[100.(1,01)2 ~1,01m- mil 1,01=100.(1,01) ~(1,01)* m~1,01m (triéu dong)

- 88 tien du:100.(1,01)° ~(1,01)* m—1,0m—m (triéu dong)

100.(1,01)°

= 100.(1,01)° - (1,01)" m—1,01m~m =0 & m= —— "L
(1,01)"+1,01+1

100.(1,01)° (1,01-1)  (1,01)°

S m= 5 = 3
{(1,01) +1,01+1}.(1,01~1) (1,01)" -1

(triéu d6ng)
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Nham khi 4p dung cong thikc s8 tién ng ngén hang sau 3 thang chia déu cho 3:
Al a(1+r) 100(1,01)
m= = 3 .
. 1+3
C | Ap dung sai cong thizc Iai don sau 3 thang m = a ; ) _100 ><31, 03
Ap dung sai 14i sudt theo ndm r =12% nam
D Ar(1+7)" 100.0,12.(1+0,12)° 120.(1,12)’
a= = = .
(1+r)' -1 (140121 (L12)°-1
22.
B | Quénnhén .
C | Quén binh phuwong ham y=f (x)
Nham céng thiic tinh dién tich hinh phang.
3
1 e
23. [ f(x)dx=[V2x—1dx=[(2x-1)2dx =%.L2%1)—2+c :—;—.%.1/(2x—1)3 +C :%.(Zx—l).\/Zx—l +C
2
a+l
. o ’ a“ _ (ax+Db)
Sai cong thic J.(ax+b) dx 1 +C.
b a
C | sai cong thitc [(ax+b) dx= .};_(“%Rw
D | Sai cong thizc I(ux +b)adx = %.(ax +b)" +C

2
24. Cach 1: Quang duong vat di chuyén s(t) = Iv(t)dt = I(—St +10)dt = %4—

oo 2 j—
Toi thovi diém ¢ =0 thi 5(£)=0 , do d6 C=0va s(t)=2—+10t = (12
Xe dirng hén khi dwoc quang dudng 10 (m) k& tir lac dap phanh
Céch 2: Khi vét dimg lai tht 0=0=>-5t+10=0 £ =2(s)
Quang dwong vt di duoc trong thoi gian nay 1a:
2 2 512 2
s(t)=[o(t)dt = [(-5t+10)it =| ——+10t | =10(m)
0 0 2 0
A HSsaiv:O:>—5t+10=0<:>t=2(s):>i%=0,2mét.
B | HSsai v=0=>-5t+10=0 <t =2 mét.
D | HSsai v=0=-5t+10=0< t=2(s)= 2.10 = 20 mét.
25. D&t t =cosx = dt = —sinxdx < —dt = sinxdx
-1 1 4
P ‘- . A 3 3 t
Poican: véi x=0=t=1;véi x=r=>t=-1. VayI:—J.t dt = jt dt:z

1 ~1
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. T 3 t4ﬂ- 1 4
A HSquéndéicénI:—jfdt:-—~ =——x.
4 4
0 0
Fe T
B | HS quén ddi can va sai cdng thitc nguyén hamv [ = —J- dt = (-t4 )0 =zt
0
¢ Al
D D()’isaicémx:;t:>t=0vésaiviphéndt:sinxdx:I=It3dt=— =—=,
1 1 4
r u=Inx du = -1«dx
26. I=J.xlnxdx. Dat{ x
’ dv = xdx ¥2
1 V= —
2
5 e . 2 2 ¢ 2 2 2 2 2
=1=""lnx —fl.ﬁ—dx=i———l—fxdx=6———;\~— NSNS, r1
2 x 2 2 2 4 2 4 4
o 0 0 0
2 q¢ 2 2 2 2
A | Sai cbng thitc nguyén ham :>I=e—~lj-xdx=£~—3'— =e——e—+l:l.
2 20 2 20 2 2 2 2
2 e 2 2 2 2 2
D Saidﬁul=e——ljxdx=e—-l— =—€-——e——l:€ !
2 2y 2 4 4 4
0
x=0
27. Phuong trinh hoanh d6 giao diém x° -x=x-x? @ 2® +x* ~2x=0¢|x=1
x=-2
Dién tich hinh phing giéi han boi d6 thi ham s8 y = x° —x va d0 thi ham s8 y =x—x> la:

S= Jl. ‘xs —x—(x—xz),d = ]2 (x3 +x° —Zx)dx—j(x3 +x° —Zx)dx
) ) 0

=— }é_g_é‘: — 14_1_1
4 3 4 3

1
Sai cong thitc dién tich S = | (x3 —x—(x-x’ ))d :
2

37

127

28. Phuong trinh hoanh d giao diém 2(x-1)e* =0 x=1

Thé tich ctia khéi tron xoay thu duge khi quay hinh (H ) xung quanh truc Ox la:

1 1 3 2 du:Z(x—l)
V= nJ[Z(x—l) exrdx = ﬁl;zj'(x—l)2 e**dx . Dt w= (x—l) = 2
0 0 do = e**dx v=—-

2x

1

2x1

=V =4r(x-1) &

t e* 2e
w47r£2(x—1)—2—dx =47 (x-1) —-

0 0

u=x—-1=du=dx

2x

1
Goi V; = [(x-1)e¥dx . Dit
! g( ) dv:ezxdx::>0=7
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er 1 1 ) N
::>V1=47r(x—1)— =2r—me* +mw=3r—rme
2 0

1 €2x
- 4ﬁj—dx =27 — e
0 2

0

2x1

Vay vV =47z(x—1)2€— - :—27:—(371'—71'32):7:(32 —5).

0

dx .

1
A | Sai cong thire V =H2(x—1)ex
0

dx .

1
B | Sai cdng thic V =7z”2(x—1)ex
0

C | Sai cdng thitc V = }[Z(X—-l) e* de .
0

29. Cho s6 phttc z =a+bi (a,beR) thi z=a-bi.Dap &nD.
30. Tacd z;+2, = (1+i)+(2-3i) = 3-2i = |z +2,| = V3? +22 = /13

CASIO: Pua vé ché d6 s§ phitc.(mode 2)\ Nhap shift ABS ( 1+i+2-3i)=+/13

B | Sai z; +2, =3-2i= |z, +2,| =32 +(-2i)’ =5.
C | Sai z;+z, =3~2i3|zl+22’=J3+(-2) =1.

D | z+2z, =3—2i:>]zl+22’=32+(_21‘)2 =5.

. . 3 24
31. (1+1)z=3—z<:>za1—+1 El+z;§ l; - 1
A | Nhdm vdi z=-1-2i .
C | NhAm vdi z=1+2i .
D | NhAm véi z=~1+2i .

=1-2i. V4y diém biéu dién cia z1a Q(1;-2).

32. z=24+5i=z=2-5i; w=iz+z=i(2+5i)+(2~5i)=2i+5{* +2~5i=-3-3i. Viy w=-3-3i.

33. z'-2z2-12=0.
Dit t = z* . Phuong trinh trd thanh 2 —t-12=0 & ¢ = 4 hodc ¢ = -3 = 3i%

Véit=4=2" =4z ,=142

Vi t=-3=31 =22 =31 & z,, =+f3i

Vay tong T = Izl| ‘Zzl [23| [z4| \/272 \/— \[“ ﬂ{ —4+2\/—

l A . HS nham phuong trinh 2% = -3 v6 nghiém = T=4.

34. Bubcl:Dat z=a+bi;w=x+yi; (u,b,x,y e]R) 16i im m&i lién hé glusa a,b.

Buéc 2: T w=(3+4i)z+i tim m&i lién hé gitta x,y véi ab.

Dat z=u+bi;w=x+yi;(a,b,x,ye]R).Tac() Iz|=4 suyra a® +b* = 16.

. . . x=3a—4b x=3a—4b
Tte w:(3+4z)z+z ta suy ra

< .
y=3b+4a+1 y—-1=4a+3b
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35.

36.

37.

38.

DAP ANDPESO1

Taco ¥ +(y-1)° =(3a-4b)" +(4a+3)" =250 + 256 = 25(a? + 4% ) = 400..

Vay ban kinh duong tron la r = V400 =20 .

f A i Sai vi nham vdi ban kinh dudng tron bidu dién s6 phtc z. 1

Budc 1: Dat canh khéi 1ap phuong la x> 0.

Budc 2: Tim x dua vao cdc tinh chat vudng gdc caa khéi lap phuong va

AC':n\/g.

w

Dat canh khéi 1ap phuong 1a x. Khi d6 AC' la duong chéo ctia khéi lap

phuong, do d6 AC'=vx? +x% +x? =xrfBeoaB=xrBor=a.
Thé tich cuia khdéi lap phuwong ABCD.A'B'C'D' 1a V =q°.

B | Sai vi hi€u nhdm tam gidc AA'C' vudng cantai A' nénra x =

o3
5.

C | Sai vinham AC' la canh ctia hinh 1ap phuong.

D | Sai vi nham céng thiic tinh thé tich khéi 1ap phuong la V = -;—(canh)3 .

Buwdc 1: Xac dinh va tinh dudng cao va dién tich day cta hinh chop.

Budc 2: Tlr cong thitc tinh thé tich khai chdp.

Tac6 SA L (ABCD) nén SA la dwéng cao ctia hinh chép.

V2

Thé tich khéi chép 1a Vs 4pep =§SA.S D =%ax/§aa2 =2 3

2
A | Sai vi nham cong thtic tinh dién tich hinh vuéng ABCD 1a %.

B > 47

C | Sai vi nham c6ng thitc thé tich khdi chépla V = B .

Budc 1: Tinh thé tich t¢ dién ABCD.
Buéc 2: Tim m&i lién hé gitra thé tich A.MNP va thétich ABCD.

Tacd.V, pep = —;«AB%AD.AC = %612.711.451 =28a°.

N 1 1 1 ,
Tanhan thdy Syp =2 Synpp = 258c0 = Vanne =7 Vasep =74°

A | Saivitinh ra ti 18 thé tich 1a %

B | Sai vi tinh ra i 16 the tich Ia -;- .

o 1A dhg g 1y L
C | Sai vitinh ra ti 1& th& tich & R

Budc 1: Tir the tich ctia khéi chdp, tim ra dudng cao clia khdi chop.

Buwéc 2: Tinh khoang cach tir B d&n mit phing (SCD) thong qua khoang cach tit chan duong cao

t6i (SCD).
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Goi I 1a trung di€m cua AD.
Taco SI L AD =>SI L (ABCD)

3Vs.apcp _ 2.

1
Vs.apcp =§51-5ABCD = 5l= S mco
A

Goi H 1a hinh chiéu vubng goc ctia I 1én SD. Ta c6
CD L AD,CD LSI=CD L(SAD)=CD LIH , mét khac

IH 1 SD nén IH 1 (SCD)= IH =d(I,(SCD)).

IH 1a dudng cao tam gidc vudng SID ta co:
1 1,1 1 4 2a

——— = T o [H="

2 SPE P 4 28 3

Vi AB//CD nén a(B,(SCD)) = d(4,(SCD)) =24(1,(SCD)) = 1.

A | Saivichuanhan2 véi d(,(SCD)).

C | Saivilap luan nhim gay nén khoang cach can tinh gép 4 Iand(I,(SCD))

39. Xac dinh duwong sinh dé 14 BC rdi di tinh BC. B
Pudng sinh ctia hinh nén ciing chinh 12 BC. Tam gidc ABC vuong tai A tac6
BC? = AC? + AB® =4a < BC=2a.

A | Sai vi nham duong sinhla AB.

B | Sai vi hoc sinh st dung dinh ly Pytago sai: BC? = AC* - AB?.

C | Sai vi nham duodng sinh1a AC.

40. Tinh thétich V,;,V, r6ilap tisd. n

A C

Goi R 1aban kinh ddy ctia thing 1am theo cach 1. Thi V = zR?h.

Sau khi cét ra thi ban kinh day ctia mdi thitng 1am theo cach tht hai 1a % . Véy tdng thé tich ldc nay

2 2
v,
12 v, =27 B h="R" vaytacs L=2.
2 2 v,

e Vv, 1
A | Saivildy tilé nguoclai —===—
vV, 2

41. Budc 1: Xéc dinh va tinh ban kinh va chiéu cao ctia hinh try.
Budc 2: Tinh dién tich toan phén ctia hinh tru.

Quay hinh chit nhat ABCD xung quanh MN nén hinh tru c6 ban kinh » = AM = %Q— =1

Vay dién tich toan phén ctia hinh tru Stp =277 AB+272r? = 27+ 27 =4r .

B | Sai vi trong céng thitc khong ¢ s8 2.

C | Sai vinham AB véi AD.

42. Bwdce 1: Xac dinh tAm ctia mit cau ngoal tiép.
Buwéc 2: Tinh ban kinh va thé tich ctia kh&i cau ngoai tiép.
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Goi H la trung difm cua AB. Vi ASAB déu nén
SH1AB Ma (SAB)L(ABC)=SH 1(ABC)=SHIa
duodng cao ctia hinh chép 5. ABC

Qua G la tam ciia AABC ké duong théng d song song
voi SH =d 1 (ABC).

Goi K la trung di€m ctia SC, vi ASHC vudng can tai
H(SH = HC)= HKla duong trung tric tmg véiSC.

IA=IB=1IC

=JA=IB=IC=1IS
IS=1IC

Goi I =dnHK taco{

= I la tdm khéi cau ngoai tiép hinh chép S.ABC

PAP ANDPESO1

~
e N
<
N

1

Fo-—--

®

Xét hai tam gidc déu AABC=ASABcé do dai cic canh bing 1. G la trong tadm
AABC:>CG=—2§CH=§. Xét AHIG vudngtai G tacd IG:HG:%:ICz@

A .o R I ROV . 4 4 [ 15
Vay the tich ctia khdi cau ngoai ti€p hinh chép V = gnIC 3= —3—/{-—6—

B | Sai vinham voi gia tri cuc tiéu.

C | Sai vi nham vdéi diém cuc dai.

D | Sai vi nham véi diém cuyc tiéu.

43. Xac dinh vecto clia mét phéng'

SH\/E

54

Vector phap tuyén ctia mat phéng (P) 13x-z+2=01Ia ;; = (3; 0;—1) .

44. Dua vao phuong trinh tdng quat ctia mét cau xac dinh toa d6 tAm I va tinh ban kinh R cta (S) .

Tam I(~1;2;1),R=9 =3.

B
CD

Sai vi hoc sinh 18y tam sai dau.

Sai vi hoc sinh quén 14y cin bac 2 ctia 9.

45. Ap dung cong thirc tinh khoang céch tir diém dén mit phing d(A,(P )) .

|3x, +4y,+22, +4

Ap dung cong thic d(A,(P)) =

Ji 142122 N9
A | Sai do st dung cong thitc d(4,(P))= s +:Z 2 iizf‘ +4 :g .
B | Sai do sir dung cong thitc d(4,(P))= [P ;?:;jj 4 2—59 :
D | Sai do sit dung cong thirc d(A,(P))= \/|3xA *;ﬁ ‘EZA 4 _ @ '

46. Budc 1: Xac dinh vecto chi phwong ciia A va vecto phdap tuyén ctia (P) .

Budc 2: St dung diéu kién duwong vudng goc v6i mat dé€ tim m.

Vecto chi phuwong ctia A 1a 4= (5; 1;1) va vecto phép tuyén cta (P)
(P)
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vudng goc véi duong thang A thi 4 phai ciing phwong véi i nghia la 5=

:(10 2; m) & mit phing

10 om=2.

_2_m
11
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47.

48.

| C | Sai visirdung dieu kignla aii=0m=-52. |

Buéc 1: Xac dinh diém di qua va vecto phép tuyén caa (P).

Budc 2: Viét phuong trinh mét ph:fmg (P) .

Mit phéng (P) di qua A(O; 1;1) va nhén vecto AB = (1; 1,'2) la vecto phap tuyén

(P):1(x=0)+1(y-1)+2(z-1)=0 = x+y+22-3=0.

B | Sai do tinh toén khi rtat gon (P).

C | Sai do tinh vecto Ez(x3+xA;yB+yA;zB+zA).

Budc 1: St dung cong thiic R? = r* +d* d&€tim R . Budc 2: Viét phuong trinh mét cau.

49.

Goi R,r lan luot 1a ban kinh ctia mét cau (S ) va duong tron giao tuyén. Ta cd

2
R2:72+d1,P 2=1+[MJ =10
U e

Mt cau (S) tam I(2;1;1) béankinh R =101 (x~2)" +(y—1)? +(z~1)* =10. Chon dp 4n 1a D.

| A | Sai tam va tinh sai ban kinh. ] B | Saitam. | C | Sai vi tinh sai ban kinh. 1
Buwéc 1: X4c dinh giao di€m ctia ctia A va d. Budc 2: Viét phuong tinh duong théng A.

50.

Vecto chi phuong ctia dudong théng dlai= (1; 1;2). Goi H(1+t;t; ~1+2t) 1a giao diém ctia A va
d.Tacd AH =(t;t;2t—3) vudng géc v6i i nén AH.ii=0=t=1. Tl d6suy ra AH =(1;1;«1),
Ta ¢6 dudng théng A di qua A va nhin vecto AH = (1; 1 —1) lam chi phuong la

AL Y _z272
11 4

C |Saivigidirat=2. |D Hoc sinh chon vi nhin thdy 4, = (1; —3;1) vudng vdi ii.

Buwde 1: Xé4c dinh vi tri tuong d6i gitta cac diém.

Budc 2: Tim cac trudong hop ¢ mit phang cach déu bon diém do.

Tacé: AB=(-1;1;1),AC =(1;3;-1),AD =(2;3;4) = [E;E] AD=-24%0.Suyra A,B,C va D la
4 dinh ctia mét t¢ dién. Cac mat phéng cach déu 4 dinh cta t¢ dién ABCD gom:

TH1. Mat ph?mg d6 chia khong gian lam hai mién, mot mién chita 1 diém va mién con lai chita 3
diém ctia tiz dién. C6 tat ca Cj trudng hop nhu vay.

TH2. Mit phing d6 chia khéng gian 1am hai mién, mdi mién chita 2 diém ctia tie dién. C6 tat ca
i \ ,
> =3 truwong hop nhu vay.

Vay c6 tat ca 7 mit phéng théa man yéu cau bai toan.

B | Sai vi hoc sinh chi méi xét t6i trieong hop 1.

D | Sai vivd s8 mat phéng xay ra khi 4 diém A,B,C,D la dong phr?mg.
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1 2 3 4 5 6 7 8 9 10
D B D D D D
11 12 13 14 15 16 17 18 19 20
A A C C B} A c A B C
21 22 23 24 25 26 27 28 29 30
D A A B B B D B C D
31 32 33 34 35 | 36 37 38 39 40
A B C D D | A B D A B
41 42 43 44 45 46 47 48 49 50
C C B A C C A A B A

Budce 1: Tim tip xac dinh D=R\ {—1} . Bwéc 2: Tinh cac gidi han mét bén tai di€ém khéng xdc dinh

N ~
ctia ham s0.

TXb: D :]R{\{—]} . Tacd lim y= lim 2x+1 =—00; lim y= lim X+l =+ suy ra duong
x—-1" xo-1t X+ x—>-1" a1 X+1
2 N N A ~ . A s o ~ 2x+1
thang x =~1 la duong tiém cén ding ctia d6 thi ham s6 y = -
x
1 A I Sai vi nham dau. } B 1 Sai vinham x,y . ‘ C ‘ nham véi tiém cin ngang ctia ham sd. ‘

Bwéc 1: Lap phuong trinh hoanh d6 giao di€ém hai d6 thi ham sé.

Buwdrc 2: Gidi phreong trinh, s6 nghiém phén biét chinh 13 s8 giao diém ctia hai db thi.

x=+2
x=—2

Ta ¢6 phuong trinh hoanh dd giao diém: x* —2x* +2=-x? +4 e 2x* -2?-2=0<

Vay hai d6 thi c6 tat ca 2 giao diém.

A | Sai vi chuyén v& hé s6 ti do bi sai.

B | Sai vi khong loai nghiém x? = -1.

C | Sai vi méi tim dwoc nghiém x? =2 hoic giai thi€u nghiém x = 2.

Buwdc 1: Xem diém téi han khi ham s8 di 1én rdi di xudng (t trdi qua phai).
Bude 2: Xac dinh r6 hoanh d6 va tung d6 diém dé.

Nhin db thi ta thdy tai diém (-1;2) thi ¢ thj ham s8 d8i chiéu bién thién tir di 1én sang di xudng.

Do d6 ham s6 dat cuec dai tai diém x=-1.

A | Sai vi nham véi gid tri cyec tiéu.

C | Sai vi nham véi diém cuc tiéu.

D | Sai vi nham v6i gid tri cye dai.

Budc 1: Tim dao ham ctia ham s§ da cho.
Buéc 2: Tim nghiém ctia dao ham, xét ddu dao ham tir 6 tim dwoc khoang don diéu ctia ham s6.
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TXD: D=R.Tacd y' =3x> —4x+1=y =0« x=1 holc x:%.

Bang bién thién:

o (ol =

5. Budc 1: Phuong trinh f (x) =m chinh 13 phuong trinh hoanh d6 giao diém ctia hai d6 thi ham s0
y=f(x)
y=m

Budc 2: Biét d6 thi y = m 1a mdt duwong thing song song vdi truc Ox . Chi ra diéu kién m.

Dua vao bang bién thién, phuong trinh ¢6 3 nghiém phén biét khi va chi khi duong théng y=m
cit @6 thi ham s§ y = f(x) tai 3 di€m phan biét, do d6 ~1<m<2.

6. Buéc1: Tim dao ham c&p 1 va cdp 2 ctia ham s6 d4 cho.
Budc 2: Tim nghiém ctia dao ham, xét ddu dao ham cap 2 tai hai nghiém ctia dao ham va tim gia

tri cuee tiéu cia ham s6.

2 _ =-3

TXD: D=R\{-1}. Ta cé: y =X 23 e P4 2x-3=0 @{x

2 x=1

(x+1)

y'= 8 3 Ta cb y”(l) > O,y"(~3) <0 . Ham s6 dat cuc tiéu tai x =1 va gia tri cuc tiu y(l) =2,

(x+1)
A Sai vi nham véi diém B Sai vi nham véi c Sai vi nham véi gia
cuce dai. diém cyec tiu. tri ciee dai.

7. Buéc 1: Tir phuong trinh chuyén déng suy ra phuong trinh van t8c bing cdch dao ham.
Buwdc 2: Tim gi4 tri 1dn nhat ctia phuong trinh vén t6c trong doan [O ; 10} .

Van t8c tai thoi diém ¢ 13 o(t) =s'(t) = -%tz +18t.Tacod v'(t)=—-3t+18=0<t=6.

Tinh v(0)=0,0(6)=54,0(10) =30 . Do d6 van t5c 16n nh&t ctia v4t dat duoc1a 54(m/s).

A | Sai visaukhi tinh £ =6 thi lai thay vao phuwong trinh chuyén dong nén ra dweoc 216 .
B | Sai vi chon nham gia tri 16n nhat1a 30m/s khi t=10s.
C | Sai vi tinh nhAm quang duwdng 1én nhat di dwocla 400m .

8. Buwéc 1: Tim tap xéc dinh. Bude 2: Tinh cac gi6i han mot bén tai di€m khéng xac dinh cia ham s0.

TXD: D=R\{2;3}.

et T (et (R ered)

lim = lim

2
2t 27 -5x+6 22" (x2 —5x+6)(2x~1+\1x2+x+3)
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10.

— lim (2x 1) (\ +3&+3) - lim (3x+1) =_Z

x-2" (\f «51+6)(2x—1+\/x2+x+3) l'"’f(x—3)(2x—l+\/x2+x+3j 6
2x—1-x% +x+3 7

Twong ti lim ———————=——. Suy ra duodng thér\g x =2 khong la tiém cén dung cua do
1=2" X —=5x+6 6

thi ham s0 da cho.

2x-1-Vx? +x+3 . 2x—1-vx?+x+3

Taco lim —u---"—"—" =4 im ————"—" =~
x—-3" X% -5x+6 >3~ ¥ —5x+6

Suy ra duong théng x =3 1a tiém can ding ctia d6 thi ham s8 da cho.

A | Sai vi tim sai tdp xac dinh va khoéng di tinh gidi han.

B | Sai vi nham khi chuyén tir giéi han qua dudng tiém can.

C | Sai vi khéng di tinh gidi han.

Budc 1: Tim dao ham ctia ham sé da cho.

Budc 2: Tim diéu kién dé& ham s6 dong bién trén khoang (—oo; +oa) . Tir &6 tim diu kién ctia m .

Ta c&: y'= 22l1—m. Ham s6 y:ln(x2+1)—mx+1 dong bién trén khoang (-oo;+c0) <>
x°+

2x ’ ) . 2x —2|x’ —2]x‘

<:>g(x):x +12111,V,\e(—oo;+oo).Mataco g(x)=x2+12x2+12 Z]x[

=-1.cVay m<-1.

B | Sai vi khong xét dau mut.

Sai vi nham véi bai toan tuwong giao tim m d€ d6 thi ham s6 cé nghiém.

D | Sai vi nhdm xét nham la nghich bién trén (—co;+e0).

y(0)=2
y2)=-2

Buwdc 2: Giai céc diéu kién tim a,b,c,d r6i thay vao tim y(—z) .

Buwdc 1: Xac dinh cac diéu kién y(0)=0 va
y'(2)=0

TXD: D=R.Tacé: y' =3ax> +2bx+c.
Vi M(0;2), N(2;-2) 1a cac diém cyec tri ctia d6 thi ham sd nén:

0)=0 = =2 d=2
yl() o )c=0 () va w0) - @
y'(2=0 |12a+4b+c=0 y(2)=-2 " |8a+db+2c+d=-2

Tl (1) va () suyra:a=1b=-3;c=0;d =2 => y = x° —3x* +2 = y(-2) = -18.

A | Sai vi thay nham thémh{ y'(2)=0 va ( )
y'(-2)= y(-2

y(2)=0
y(-2)=2

y'(2)=0
y(2)=0

)-2

B | Sai vi thay nham thanh {

C | Sai vi thay nham thanh {
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11. Nhin déng diéu va cdc vi tri clia diém cyee tri tit 6 suy ra ddu ctia hé sd.
D6 thi 14 dang ctia ham béc 3 ¢6 hé s6 4 <0 . Loai duoc phuwong an C. Hai diém cyc trj nam hai bén

truc tung do @6 ac <0=>c¢>0. Loai dugc phuong én D. Piém uén ctia d6 thi n&m phia trén ctlia
truc hoanh do do6 x; +x, >O:>—3—2ab>0:>b>0.

12. S dung céc cdng thiic ctia logarit d€ ki€m tra, cht y diéu kién xac dinh.
Ta c6 v6i cac s6 thue dwong a,b batki th ln(ab) =Ina+Inb va ln-g~ =Ina-Inb.

13. Giéi phuong trinh bng céch dua vé cliing co s8. Tacd 351 =27 31 =3° @ x-1=3 o x=4.

B | Saivikhongd€y x—1. | D | Saivi giai ki€u 31 =27®x~1:%c>x=10.

14. Buéc 1: Tinh s(0) . Buée 2: Tim ¢ d& s(¢)=10.000.000.

Ta c6 5(3) = 625.000 = 5(0).2 = 625.000 = 5(0) = 6252'3000 .

Thoi diém s§ Iwong vi khuén A la 10 triéu con la nghiém caa: s(t)=10.000.000

10.000.000
0)2f =10.000.000 <> 2/ = ———— =128 = t =7 (phut).
=s(0) <% T 625000 =£=7 (phut)
23
, 10.000.000% 3
A | Saivisktd tac t At t= e =
ai vi str dung quy tac tam sud €25.000
Loy 625.000 10.000.000
D SalVltll’LhS(O)Z =t=1lo 2@=12‘
3
K
15. st dung «cong thiec Vx™ =x" vid Ma"=x"" d€ it gon bifu thic
1
1
3

3 13
T EN > o
P=\xix’Ax® = x{xz.sz =x2¢

16. St dung cong thiic logarit &€ bién doi biéu thirc.

3
log, [2%] =log, (2a3)—10g2 b=log, 2+log, @ —log,b=1+3log,a~log, b.

B | Sai vi st dung cong thitc sai 1a log, 4" = ~1—10gc a.
n

C | Sai vi stt dung cong thiic sai la log, % =log, a+log.b.

D | Sai vi str dung cong thitc sai la log, % =log,a+log b va log a" = }—logc a
n

x>-1

+1>0
o 1= ()

17. DKXD: o
2x-1>0 x>
log; (x+1)<log, (2x-1) <> x+1>2x-1< x-2<0 > x<2. Kéthop (*):»5:(-%;2).
2 2
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Sai chiéu bat phuong trinh log, (x+1) <log; (2x-1) & x+1<2x-1 = x-2>0e ¥ >2.
2 2

A

B | Khong két hop diéu kién x > %

D | Chi dat diéu kién: x> -1.

18. Ap dung cong thc: (ln u)' =L
u

- (1)

=>1/'=(1n(1+\/§1_1)) :W'Mé (1+\/§E)I =

1

1 ,
=Y = .
N 2\/x+1(1+\/x+1)

B | Nham cong thtic (]n x), = l
x

1

X+

C | Nham cong thirc (1+ x/x+1)' =

gE.

D | Nham cong thirc (1 FVx+ 1)' =

Vx+l'

O0<a<l1
19. Tud6thisuyra b>1c>1 khi x>0 nén b>c.Vay a<c<b.

b¥ > "

B | Nhiéu hoan déi vitria, b, c.

HS nhin phan d6 thi bén trai truc Oy d& két luan. b* <c* <a* = b<c<a.

D | Nhiéu hodn d&i vi tri a, b, c.

X X
20. Tacé: 6x+(3-m)2x—m=0, (1)9%2111
2% +1
X X X X X
Xét ham s& f(x)zé*—ﬁ xac dinh trén R, c6 f’(x): 127.In3+67.In6+32%1n2 >0,Vx eR nén
2741 (2*‘+1)2

ham s8 f(x) dongbién trén R
Suyra 0<x <1< f(0)< f(x)< f(1)2<f(x)<4 vi f(0)=2,f(1)=4
Véy phuong trinh (1) c6 nghiém thudc khoang (0;1) khi me (2;4).

B | Nhim 0<x<le f(0)< f(x)< f(1) e 25 f(x)<4.

21. Vi diéu kién dé bai, ta ¢6

2
P= log% (a2)+3logb (%j = {Zloga aT +3log, (%) = 4{10;;,1 [—gbﬂ +3log,, (%} = 4{1+loga bT +3log, [%]
b b b [
3

D4t t=log,b>0 (vi a>b>1),taco P=4(1+t)2+—?=4t2+8t+?+4=f(t).
b

3,02 B 2
Ta cb f'(t)=8t+8—i=8f +87 -3 _ (2t —1)(4¢” +6t+3)
2 #? #2

Vay f’(t):O<:>t=%.Khéoséthémsé', ta co Pmmzf(%jzli
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B | Nhim 0<x<1e f(0)< f(x)< f(1) <2< f(x)<4.

22. Ap dung cong thiic jcos(ax +b)dx = —1—si:n(ax+ b)+C v6i a=0;thay a=2 va b=0 d€ co két qua.
a

2
2. I=[f(x)dx=f)f) = f2)- f1)=2-1=1.
1

2 2
B | Nhiéu I=[f(x)dx = f(1)- f(2). | C | Nhibu I= [ Feodx = £2)+ £
1 1

24, P(x):jf(x)dx:j}%dxzhl‘x——lhc.P(2)=1<:>lnl+C=1®C:1.

Vay F(x)=In|x-1+1.Suy ra F(3)=In2+1.

3
B | Tinh duoc [ f(x)dx=In2 vanham In2=F(3)+F(2)= F(3)=In2-F(2)=In2-1

C | Nham F(3)=f(3)=§%=%.

2
25. I=[f@xdy, Dit t=2x=dt=2dx. PG cn x=0=t=0x=2=t=4 Khi dé
0

14 1%
=2 g f(tydt =-££ f(x)dx =8.

A | Nham = _2ff(2x)dx = ZJZ.f(x)dx = 2Tf(x)dx =32.
0 0 0

C | Nham I= j-f(Zx)dx = Tf(x)dx =16.
0 0

D | Nhim Iz?f(Zx)dx:le(x)dlel.
0 49

26. Ij Tach et 11
367 +x x%+x xx+l) x x+1
Khi dé: I = j j(—m”—de (Inx~In(x+1))l3 =(n4-In5)~(n3-In4)=4In2-In3-In5
Sx +x x x+1

Suy ra: a=4,b=-1,c=-1.Vay S=2.
A | NhAam [=4In2-In3-In5=a=4,b=c=1=5=6.

C | Nham I= j dx ~j[——+——~]dx——41n2+1n3+1n5:>s~—
3x +x x x+1

D | Nham I='2[f(2x)dx :%]L.f(x)dx =4.
0

In4

27. Tacod Sl_j'exdx e 10—6 -1vas,= _[ e*dx =e* =4-¢F.

k

Taco § =25, & " ~1=2(4-¢") & k=In3,
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28.

29.

30.

31.

32.

DAP AN PE SO 2

A

Nham S, =25, = k-0= 2(1114«k):> k =§1n4 . Chi tinh d6 dai truc Ox.

B

Nham 5, =25, e 4-cF :2(ek ~l)<:>k=ln2.

C | Nham §; =25, = k-0=2(In4-k)= k=%1n4=1n(4.-§-]=1n%

2 2
e, Xty
Gia str elip c6 phuong trinh a—z +==1.

Tie gia thi€ttacd 2a=16=>a=8 va 2b=10=b=5
5
y=-2o4-1 ()

5 -
y=g\64-y" (E;)

Khi d6 dién tich dai vuon duoc gi6i han béi cac duong (Ey); (Ey); x =—4; x =4 vadién tich ctia dai

2 2

A N , Loy X y
A" huwong trink lipla —+*¥—=1=
ay phu g1m1cuae1pa64 55

4 4
vuon Ia s:zjg 64—x2dx=gjxl64—x2dx
-4 0

z 3

Tinh tich phan nay béng phép d&i bién x =8sint , ta dugc S =80 [g +———J

4
e z 3 .

Khi d6 s8 tién Ia T =80 o7 100000 = 765289182 = 7.653.000 .

Nhdc lai: Trén mgt phing phitc, sd'phitc z = x+yi duwoc biéu dién béi diém M(x;y) .

Diém M trong hé truc Oxy cd hoanh d6 x=3 vatung dd y=-4.

Véy s phiic z ¢6 phan thyc 1a 3 va phén do 14 4.

A | Nhdm hoanh d 1& phén 4o va tung do la phan thuec.

B | Nham phan 4o trong s phttc z=a+bi 1a bi.
D | Kéthop nhifu A va B.

Ta thdy z:i(3i+1):3i2+i=—3+i,suy ra z=-3-i.

A | NhAdm Z=-z.
B | Nhdim z =z.
D | Nham s6 phtclién hop claaz=a+bi 1a z=—a+bi.

N _1-13i o (-18)(2+d) L oy
z(2~z)+131—1 & z= 5 oz= (2“1,)(2“‘) &z=3 51.]2‘— 3 +( 5) »\/3—4.
B | Nham |z|=u2+b2.

D | Sai z=(1_13,1)(2+_i):3‘5i=3‘5i©|z|:@
(2-i)(2+i) 2-22 3 3

Xét phurong trinh 422 ~16z+17 =0 c6 A'=64-4.17 = —4 = (2i)".

Phuong trinh ¢6 hai nghiém z; = 8 ;21 = 2—%1’, Zy = 8221

=2+—1~i.
2

Do z, 1a nghiém phtic c6 phin 4o dwong nén z; =2 +%i .
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33.

34.

35.

A s A o 1
Ta cé w =iz, =—%+21.Diembleu dién w =iz, la M, [“E; j

- 1, . 1. 1 .. 1
A NhamZO=2—51:W=ZZO=2—51=E+21:>M1(E;2j

Nham cong thitc nghiém z; = 8;? = 1—11', Zy = 8+2i = 1+%i

=iz, :—%+i:>M3 [—%;1}

24 4 24

D | Nham coéng thitc nghiém 21=8‘21=1—li,zz=8+21=1+%i:>121~i+1:>M [}1 )

(1+i)z+2z=3+2i.(1). Tacé: z=a+bi=>z=a-bi.

Thay vao (1) ta duoc (1+i)(a+bi)+2(ﬂ~bi)=3+2i

1
, . , . la-b=2 =3
& (a-b)i+(3a-b)=3+2i < (a—b)i+(3a-b)=3+2i& = =P=-1
3a-b=3 b—~§—
2
1
.. la-b-2=0 u“—E
C | Giai sai hé = = P=1
3a-b-3=0 3
b=—.
s (o R Lo 1=
Bai nay toan cac em luu y cong thire: 27 =—2z.va z; =z, =1z =z, |
z
o 1 -
Tacd z =—>z.

z

Vay (1+2i)l] :%E—zﬂ' & (|2 +2)+(2]4-1)i= {*‘gg—};: (I2]+2)+(2l|-1)i| = [%}2

2V (20217 =| 19 -
(B2 (2) mu »

2__
:>(a+2)2+(2a~—1)2 (12)<:>u4+a —2= O@{ 2_1 ::>a=1:>,z|=1
a 2

Bai toan nay cic em ndm vitng c6ng thic tinh thé tich khéi chop V = ElJ’—h.B v6i B 1a dién tich day,

I 12 chiu cao cta hinh chép.

ORE

4

=a?3.

Do ddy 1a tam gidc déu canh 22 nén S, 4pc =

1 3V
Ma V ==8, peh=>h=""—= © .
3 SAABC 2\/—

{ A ’ Sai vi nhAm cOng thitc tinh dién tich tam giac va thé tich khéi chop.
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(20)' B _4a?3 _

2
Saanc = 5 > 2a \/§,V=SMBC.h:>h:

3V 3

Spyac 2a

Y

N

V3

Vo
6

aq3

2

Sai vi nham cong thie tinh dudng cao tam gidc déu

C

Sai vi nhdm cong thirc thé'tich V =S, ,p-h = h= v =

AABC

PEENCY:

ENIEER

36. Phannay céc em coi lai kién thitc ¢ chuong 1 hinh hoc trong sach gido khoa.

A

Sai vi tir dién déu khong c6 thm ddi xing

B | Diing vi bat dién déu c6 tam d6i xting

C | bing vi hinh 14p phuong ¢6 tam d6i xting.

D | bang vi lang truc luc giac déu c6 tdm doi xng.

37. Bai toan nay cdc em nam viing cong thirc tinh thé tich khéi
. 1 . N . © 4w ,
chop V = gh.B voi B la dién tich day, & la chiéu cao clia

hinh chép. Trong bai todn nay céc em cling chil y mot tinh

chat saw: V, spe = Vi apc -

Ap dung cong thiec ti s8 khoang cich ta c6:

#(G.(4EC)) RS d(G,(ABC)) = wl—d(D,(ABc)) :
d(D,(ABC)) DI 3 3
. 1 1

Nén Vg apc =§d(G,(ABC)).SAABC =3 Voasc =4

38. Bai toan nay tinh thé tich ctia khéi da dién béng phuong phéap
cOng trie.
Tinh thé tich ctia kh&i da dién ABCB'C' béng thé tich khéi
cua lang try ABC.A'B'C' triv di thé€ tich ctia khoi chop
A.A'B'C'. Gia str dwong cao ctia lang tru la C'H .
Khi d6 géc gitta £ AC';(ABC)]=«C' AH =60°

Ta cé:
. . CH - ) 1 1 2
SIn60° =7 = C'H = 2V3;5, 45 =5 AC.AB ~-2—(2\/§) —4
2 1643
Vappce =Vascawe — Vaapce = EVABC.A'B'C’ = T :

B

B | Sai vi nham sin60°=%:3C’H=2, sin60° =

N =

39. Bai nay yéu chu cic em phai ndm viitng cac cong thitc vé tinh dién tich ctia hinh nén va thé tich cia
P g s

kh&i nén.

.
o
4 /," 2\/5
60" * H

Goi I 13 dwong sinh c@ia hinh nén, ta c6 1=vR? +h% .

Dién tich xung quanh ctia hinh nén 12 157, suy ra 157 = 7Rl < 15=33% +h? < h=4

Thé tich khSinénla V = %szh = %;:.32.4 =127 (dvtt).
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l C ; Sai vi nham cong thitc V = zR?h = z.3%4 = 367 1
40. Thé tich cta khdi tru V = zR%h

Khéi tru ngoai tiép lang tru tam giéc déu c6 hinh tron déy 1a hinh tron ngoai ti€p tam gidc ddy ctia

lang try, va chiéu cao b‘%ng chiéu cao lang tru.

4 C
Tam gidc déu canh a ¢6 ban kinh dwong tron ng0a1 tiép béng [ﬂ . | ¢ .
( ; ?: )
B
|

]
1
2 | 1
Vay thétichciakhfitrucantim1a V =hS=hr (\/—a) Tk | |
k
I |
\/— | |
A | Sai vi nham c6ng thtec ban kinh thanh —— | i
Al o o = o - O
-~ \— I IalN
2 | -
D | saiwi cong thikc V——hS-wh (fa) 7u19h \——;,4—/
41. Duing phuong phép ching minh cac dinh clia ti dién cting nhin 1 canh dwéi 1 goc vudng.
ar D
B c
2a
T A 2a D
5 c

Ta c6 AB'C' = ABC' =90° nén mat cdu ngoai tiép ti dién ABB'C’ ¢6 dudng kinh AC'. Do d6 ban
kinh1a R = %—\/ABZ + AD? + AA? = %J;ﬁ +(2a)" +(2a)" = 3—;

A | Sai vinhdm qua R=AC’

B | Sai vi nham R=iAC‘

42. Bai toan nay doi hoi cic em biét cach phan tich 1ap ghép cac khéi, dong thoi ndm viing cong thic
tinh thé tich cia khoi nén va khoi tru.

¥ Y

The tich hinh try duoc tao thanh ti hinh vudng ABCD 1a Vy = 7R?h = 222X
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43,

Thé tich khéi tron xoay duoc tao thanh tir hinh vuéng XEYF 1a V,y = %—/tth = @
.- JURR . . . . 1 125
Thé tich khoi tron xoay duoc tao thanh tir tam gidc XDC la Vi = —?:/'[Rzll =T47[

Thé tich can tim V =V, +V,, -V, =1257

54442
24

Ap dung cong thitc trung diém

Toa d6 trung diém [ caa doan AB voi A(3;,-2;3) va B(-1;2;5) duoc tinh boi

X4 +x
x=2ATTE
2

1

v =242 =05 1(1,0:4)

z; = E’L}Z—B— =4
A,D | Sai s6 thong thuong.
C Sai vi khéng chia doi.
X=Xy +at
44. Duongthing d:{y =y, +bt (tcR) nhan vécto u= (a;b;c) lam VTCP.
z=2zy+ct
x=1
Dudng thing d:{y=2+3t (¢t e R) nhan vécto u=(0;3;-1) lam VTCP.
z=5~t
45. Ap dung cong thirc phuong trinh mét phing theo doan chan

46.

Phuong trinh mét ph:fmg theo doan chén di qua3diém A, B,C la _xl_+.y_ +E =1

-2 3

Bai todn nay cac em nam diéu kién tiép xdc clia mét phang véi mat cau.

47.

Goi mit cu can tim 14 (S) . Ta ¢6 (S) la mét cau ¢6 tAm I(1;2;-1) vabankinh R.
Q) b vt o ; ‘ N [1-22-2.(-1)-§

Vi (S) tiép xtic v6i mit phéng (P):x~2y~2z-8=0néntacé R =d[L;(P) | = -t =3
12 +(-2)% +(-2)*

Vay phuong trinh mét cau can tim la (x —1)2 + (y - 2)2 +(z + 1)2 =9.

A | Saivitoaddtam I.
B | Sai vi quén binh phwrong ban kinh.

D | Saitoaddtam I.

Bai toan lién quan vi trf twong d8i gifta dwong thing va mit phang.

48.

Ta c6 duong théng d di qua M(—l;O ; 5) c6 vtep i2=(1;—3;—1) va mit phéng (P) co vipt
i=(3;-3;2)

B | #,i khodng ciing phuong =>loai dap an B.

C | #.i=10 = 7, khong vudng goc = loai dap an C.

D | Mg(P)= loai d4p 4n D.

Bai toan nay lién quan dén digu kién 3 diém thang hang.
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Me(Oxz)= M(x;0;2),AB=(7;3;1) = AB=+59, AM=(x+2;-3;2-1) .

x+2=7k x=-9
A,B,M thinghang = AM=kAB (keR) <1{-3=3k < {-1=k = M(-9;0;0)
z—1=k z=0

BM =(-14;-6;-2) = BM=+/118 =2.AB

49. Lién quan viét phuong trinh mit phéng.
Ta c:d; di qua diém A(2;0;0) va c6 VICP i =(~1;1;1), d, di qua diém B(0;1;2) va c6 VICP
ii, =(2;-1;-1)
Vi (P) song song vdi hai duong the&mg d, va d, nén VIPT ctia (P) la 7i=[ily,i,]= (0;1;—1) . Khi
dé (P) c6dang y-z+D =0 = loai dapan AvaC.
Lai c6 (P) cach déu d; va d, nén (P) di qua trung diém M[O;—;—;lj ctia AB
Do d6 (P):2y—-2z+1=0

50. Vi bai todn lién quan dén céc yéu t6 ¢ dinh ma c6 tham s6, ta cin tim cdch triét tiéu tham s8, dé€

két qua tao ra la hing 8.

Phuong trinh theo doan chin ctia mijt phémg (ABC) : _jf_+l+ z=1onmx+my+mnz—mn=0
m n
Goi mit cau (S) c6 tAm I(a;b;c) ,ban kinh R
P
—+—+4c-1
o, ‘na+mb+mnc—mn[
Mit khac d(I,(ABC)) = =R =R
m? 41 4w \/1+,14+1
w m?
1 1 11 2 £+E+c—1
Vi m+n=1:>—2+—2+1=(—+——1] .Dodé R={L1____
n° m nom 1+_1_ﬁ1
n m
-‘Z—+P—+c——1
Vi mit cau (S) cd dinhnénR = % =\a ,Véi a la hz‘“mg s khéng ddi
B |
n m

a=«a

Tir d6 suy ra —u—+—b—+c—-1=£+ﬁ—a,¥/m,n:> b=a :>I(a;a';1—oc)
m n n o m 1o g

Mitkhdc, De(S)= ID=R=ID*=R* o a? =(a-1) +(a-1) +a® > a=1=I(L10);R =1
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1 2 3 4 5 6 7 8 9 10
C A D A C
11 12 13 14 15 16 17 18 19 20
C D B B B B B D D A
21 22 23 24 25 26 27 28 29 30
A A A A A C C B A B
31 32 33 34 35 36 37 38 39 40
A A C B B B D D C D
41 42 43 44 45 46 47 48 49 50
A A C D A D B A A C

1 z=(2-i)2i+2=4i+2+2=4+4i=>Z=4-4i.
tuong ty phuong an A biét suy ra s§ phtic lién

sai vi dong o L. T
A " L B | nhung sai thém khi gan D | hop nhung lai gan thém
nhat z va z

thém phan t&r don vi a0 vao phan tir don vi ao vao.

2. Bu6c 1: Tim dao ham ctia ham s8 da cho. Buéc 2: Lap bang bién thién.

TXD: D=R.Tacé: y'=3x> —6x=3x(x-2) suyra y' =0 x=0vx=2.

’
% L1

Dao ham y’ 12 ham s& bac hai do d6 theo quy tic “trong trdi ngoai ciing”, ta dé dang cé duge d&u
ctia dao ham.

Suy ra diém cuc dai la 0 va gia tri cuc dai la y(O) =6,

} B l nham vdi gia tri cyc ti€u. } C ’ nham véi diém cuc dai. | D ) nhim vdi diém cuc tidu.

Cau D sai vi nhitng diém thudc khéi da dién nhung khong thudc hinh da dién thi méi l1a diém trong,.

4.  Céu héi nhan biét vé cac tinh chét ctia hai s§ phite lién hop vdi nhau.

S8 phttc thbaman z=z <> a+bi=a-bi=b=—b= b=0,khing dinh A dang.
Khang dinh B va C ciing dtng theo tinh chat ctia hai s8 phtic lién hop.
Khéng dinh D sai vi (a,b) va (a ; *b) la hai di€m d6i xting nhau qua truc hoanh.

5. PapanD.
6. I<8x3 + sinx)dx =2x* —cosx+C.
N
7. Hinh chi€u ctia SC 1én (ABC) la AC = Géc giita SC va (ABC) la
SCA =30
Vs anc =%.s apc-SA; AB=4a,8 45 =6a° G 5 e

su_5n3 1, 503 1034 Y
=—>—7 Vs.anc =g6a T3 T 3

3
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8. Hai d4p 4n A vé6i D 1a hién nhién sai. Can cht ¥ réng & day dé chi cho a, b>0 chtr a, b chwa chic d&
khéc 1 nén d4p 4n C trong trudng hop nay 1a sai. Suy ra dap an ding 1a B.
9. Bai toan chi yéu cau thudc cdng thitc nguyén ham: j sin(ux + b)dx = —-1—cos(ax + b)+ C.
a
o XD dY i d . a . s a
10. Do6thihamsd y= ad—bc#0,x#—— | ¢ tiém cén diing la x =-—va tiém cdnngangla y =—
X+ c c c
Nira y dau ding va . N
. . Nham tiém can ditng Nham tiém cén ngang
A ntira y sau sai suy ra B . A D . o
. thanh tiém cdn ngang. thanh tiém cén ding.
sai.
11. Dua vao db thi ta thay duoc day 1a ham bac 3 c6 hé s8 2 <0 ¢6 2 diém cyc tri la A(O;l), B(1;2) .
Nham vi thay toa do Thay toa dd A(O;l) kiém tra diing Thda man
A A(O;l) théa nén nhan B nhung nham vi dya vao déu ctia hé D A(O;l) vaa<0
(ma chwa kiém tra d&u 6 a>0 . Néu khong d& y ky HS c6 nhung lai khong
ctia hé s6 a) thé& loai ludn ca dép 4n ding C. qua diém 3(1;2)
12. Chu héi nham trong tam vao khdi niém va tinh chét ctia cyee tri, cu thé 14 cuc dai.
Khing dinh A 12 sai vi gid tri cuc dai thi chua chic 14 gia tri 16n nhat ctia ham s8 f(x) trén [a,b].
thmg ding B 14 sai vi néu ton tai dao ham c4p hai tai x; thi mudn ham s dat cuc dai tai x; thi cin
fl(xg)<0.
Khéng dinh Cla sai vi f'(xy)=0 chila mot diéu kién can d€ ton tai cyec tri ctia ham s8. Ngoai ra
con cé f'(x,) khong xac dinh ciing Ia diéu kién cén.
13. Tac6 logyyy X = 410807 2+71085017 b =108 5017 a* +10g5017 v =1ogygy <a4b7 ) =x=a.
14. Tép xéc dinh: D =[~1;2], tuy nhién d& bai hoi trén doan [-1;0 | chit khong phai trén tap xéc dinh.
Do d6, ta lam nhu sau:
y'=—_2;xjj-———;y'=0:>x=%6|:“l;0:|
2-x® +x+2 5 y(-1)=0,y(0)=v2 = M=+2,m=0.
A . 1
ABC | “quén” loai di x 25.
15. Goc gitta dwong véi mit 1a gbe gitta dudng voi hinh chiéu ctia dudng 1én mét. Bai toan dua vé im

d6 dai canh ddy cling nhw chiéu cao khdi chép.

Goi x>01a do dai canh hinh vudng. Do H 1a hinh chiéu ctia S 1én ddy, C 1a hinh chiéu ctia chinh nd
1én d4y nén HC 1a hinh chiéu ctia SC 1én (ABCD), nén géc giita SC va (ABCD) la goc gitra SC va
HC, chinh 1 géc SCH va bang 45¢. Tam giac SHC vudng tai H c6 mét goc 45 d, va SC =asuy ra

SH=HC=—=.

V2
: y 224 1 1 a 2% a2
Str dung Pytagore cho tam giac HDC ta co x == VS‘ABCD:E'SH'SABCD'_"?:':/—;'—S_: T

khong cha y HD bfmg mdt nira canh hinh vudng va

A | chwanhdn mét phanba | C, D )
sai nhu A.
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16.

17.

M6t difm nim bén trong mét cau khi khoang cach tir né dén tam mat cau nho hon ban kinh.

Vi vy bai toan dua vé so sanh khoang cach gitra tAm ctia mit cau va diém can xét v6i ban kinh mét
cau do.

Goi I,R Ian luot la tm va ban kinh ctia mat cau (S). Ta c6 1(1;-1,0),R=3.

Thoéng qua tinh todn dé dai va so sanh ta di dén diéu sau: IN <R;IM =R;IP=R;IQ>R.Suyra N
ném bén trong mét cau.

Bai toan doi hoi hoc sinh hiéu rd dinh 1i vé diéu kién dt d&€ ham s6 dat cuc dai hodc cuc tiéu tai mot

diém.

18.

19.

20.

21.

Duya vao do thi ham f'(x) ta thdy gié tri f'(x) chi d6i d&u tir 4m sang duong tai diém x=1 nén
ham s6 f(x) dat cuc tiéu tai x=1. Ngoai ra gia tri f'(x) khong d&i déu tai diém nao khéc. Vay

do6 thi ham s6 f (;\) chi c6 1 diém cye ti€u va khong cé diém cuc dai.

AB,C | hocsinh nham db thi hinh bén thanh db thi ctia ham f(x).

Xét cac trueong hop:

TH1. Néu a = 0. Khi ¢6 ham s8 trd thanh y = 2x?. D& thay ham s6 c6 dung 1 cuc tiéu.

TH2. Néu 4 # 0. Khi d6 dao ham ctia ham s8 1: ' =4ax® +2(2 —a —a?)x . Phwong trinh y'=0
c6 nghiém duy nhét khi va chi khi a(2 —a—4a%)<0. Véi diéu kién a = 0, giai bit phwong tinh
trén ta thu duoc: 4 €(—0;-2] (0;1]. P& ham s8 c6 mét cuc tiéu thi a > 0. Do d6 ta cé: a<(0;1].
Vay ae [O; 1] .

Kiém tra cdng thitc bat phuong trinh loga va giai bat phuong trinh don gian.

-1
x2—3x+2s[1J {xz—BxSO
2) &

log, (#* ~3x+2)>-1¢
l( ) x*-3x+2>0

2

{x e[0;3]

xe (~oo;1)u(2;+oo)

X% =3x+2>0

c>xe|:0;1)u(2;3].

A | quén dit digu kién x® -3x+2>0.

B | sai cdng thikc log, b=log, c <:>ch,(0<¢1<1).

b&m may tinh SHIFT SOLVE chi tim dugc 2 nghiém ctia phwong trinh
C log, (x2 -—3x+2) =-1.

Tap xac dinh x3 —3x2 +420<:>xe[—1;+00).

2 x =
Dao ham y'=——3§———6—)—c——-—, ]/‘=O<:>[x

2 —3x% +4

Lép bang xét d&u ta c6 ham s8 dong bién trén (-1;0) va (2;+).

Hai loai ham s& chinh dwoc néu ra 1a ham mii va ham logarit.

1
Ciu A: y'=5-~1x—.1n~;~>0, VxeR.CiuB: y'=-2——5x.1n5.Suyra y'=0cx=In
2

1
52In5"
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22,

CiuC,D: y'= <0,Vx>0.

x]n1

2
Phueong trinh mé dang dang cap, tién hanh chia 2 vé& cho 8*.

Chia 2 v&€ phurong trinh cho 8*:

3x 2x x x x x
{%) ~2.(%j —(—;J +2=0<:>(%] =1 hay (%j =-1 (loai) hay (—;] =2.

Véy phuong trinh ¢6 hai nghiém phéan biét.
b

23. Goi P(x) 1a nguyén ham cia f(x). Ta cé: _[f(x)dx = F(b)—F(a) .
a
2
Goi F(x) languyénham ctia f(x). Taco: F(2)-F(0)=[ f(x)dx =5.
0
4
Tuong tw F(4)-F(2)=[ f(x)dx=9.
2
Trix v€ theo vé:
F(4)-F(2)-F(2)+F(0)=9-5< F(4)+F(0)-2F(2)=4 <« 3F(2)-2F(2)=4=F(2)=4.
o . Sai vi gidi ra thanh
Sai vi giai ra thanh Sai vi giai ra thanh 3F(2)=14 N
B C D F(Z) =14 do cong vé
SF (2) =4. do cdng v€ theo V€. »
theo vé.
24. Ti s8 gitta chiéu cao va ban kinh ddy chinh la gid tri tan ctia goc gita s
duong sinh va day.
Theo hinh v&, géc tao boi duong sinh SE va mét ddy chinh la géc SEO. Goi
oy, @, Tanluotla s8 do cta goéc SEO e dau va lac sau.
tanoy :ﬁzﬁzal =60°
Ta c6: a . Vay ic sau s do goc giam 30°. )
u\/g \/5 o d B8 E
tana, =——=—=a, =30
3a 3
25. Budc 1: Kidm tra dudng thing nao di qua I. Bude 2: Kiém tra toa d6 tAm mit cau.
Néu diém I khong phai tim mit cau thi dudng kinh di qua I s& vudng géc véi duong thang AB.
Néu diém I 13 tAm mit cau thi bai todn két thic ¢ bude 1.
(8):x® +y? +2° —2x+4z-20=0 < (x-1) +y? +(z+2)* =49 . Suy ratam M(1;0,-2), R=5.
Tacé MI = (4; 3;4) nhu vay VTCP ctia dudng théng s& vudng géc véi ML
| B | Pung VICP, sai diém gdc. | C,D | Ding diém gdc, sai VICP. |
AeOy
26. Tacd: {BeOx thi (ABC) chinh 1a mat phéng chén 3 truc toa do.
CeOz

Khidé: (ABC): =+ Lv Z 10X 21 o 8rr6y+22=6=m, =(3;6;2) .
Xg Ya Zc 2 1 3
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27.

28.

. A . Khong st dung kién thic
N . . Hiéu dang cong thuc . :
Nham theo thir tir chiv ) R “mat phang theo doan
nhung lai chon luén . L L

A x Yy z Bl . .. . x . D | chan”, tinh tich c6 huéng
ABC=o—-+=+—-=1 hé sO dudi mau ma . . L
1 2 3 binh thuong (nhung bi sai

chua quy dong. tung d)

Goi H 1a hinh chifu cia A 1¥n <canh A'B

A’ D’

= AH 1(A'BCD")= AH =23
2

Goit AA'=x>0. Ap dung hé thitc vé canh va duong cao trong tam e (o

Hé 4!
gléCAA'B —'1——'2 1 +~—Lc>i:-}—+—1—:x:a\/§ I:] ‘I;» ------------------ 7 ..... D
AH?* AA? AB? 3¢ ¥ 4P L :

' 3
Viscoapcn = AAABAD =a\3.aa=a’\3

B (&

sai d§ dai duong cao AA’ qua Nham hinh chiéu H Tinh ding dudng

cong thic chinh la trung diém AB’ cao nhung nhém
1 _ 1 1 dan dén tinh sai cong thic tinh thé

AA?  AH? AB? AA'=a\2 tich khéi chop.

Cau hoi yéu cau tim gia tri ctia x d€ dién tich miéng d4t la lén nhét. Do d6 ta can thiét 1ap m6i quan

hé gitta dién tich va x.

29.

30.

31.

0- 1 Cosi 1 (60 —x+x)°
Dit § 1a dién tich miéng dat. Khi dé ta cé: 5= E—z—x)x = (60 —x+x)

Z(60-x)x < == —900m? . Ddu
2 2 2

déng thirc xay ra khi 60-x =x, nghiala x=30.

. . x
A | doanlahinh vuébng | D | st dung bat dang thitc va giai ddu bang la 60~x = 5

biéukién > -3>1=xe (—00; -2) U(2; +0) . Phreong trinh teong dwong voi:
logs(x2 -3)<2l e x?-3< Vo322 e xe[—l—\/E;Hx/E].

Két hop véi ditu kién: x [-1—\/5; —2)u(2;1+ \/ﬂ .

o e aem 1n bién ddi nham chiéu ddu chi giai diéu kién
B | quén giai diéukién | C v a2 ) D
bat dang thitc x2-3>0

Ta c6 di€m di qua va vecto chi phuong cia duong thzfmg d 1an lwot 1a B(1;2;-2),0=(2;1;-1). Tk
[4,7]=(-1;5;3) tacd 4 va A khdng song song.
|[i#5].AB |

I[as]l

I 2 2
Tacd AB=(1—a2,3—a,3a~—2).Thayvéocéngthl’rctacé: d(d,A):la +4a+8|:(a+2) +4> 4

35 NN

D6 thi (Cm)cé tiém can dingla x = m va tiém can ngang la y =m . Khi d6 M(m;m) véi m==£l.

Theo cong thirc khoang cach gitta hai dwong théng chéo nhau ta cé: d(d,A) =

Vay tap hop cac di€ém M khi m thay d6i la:duong théng y=x bo di hai diém (~1;*1) va (1;1) .
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32.

33.

34.

Tam gidc ABC vudngcantai A : s
AB? + AC? =BC? = 2AB? = 4% = AB=AC=2V2

Tam giac SAC vubng tai A

nén SA2+ AC? =SC? = SA2 =8=5A =22 :

SB=2+2 = tam gidc SBC 14 tam gidc déu.

Goi I la trung diém BC, G la trong tim tam gidc ABC vi 4 ¢
AB=AC=AS=2V2= AG L (SBC). Ttz d6 suy ra AG la truc cita 1

duodng tron ngoai tiép tam giac SBC. (1)

Goi [ latrung di€ém cia SE, dung duong trung triec Fx chia doan SE
va Fxcit AG tai Q )

T (1) va (2) suy ra Q la tAm mét cAu ngoai tiép hinh chép SBCE va
ban kinh R=5Q.

SF:15E=15A=£;
2 2

i——Z\/——SG— 51~-« AG=vSA?—5G? = 2*/—

— F
bit SAG=FAQ =« . Tam gidc FAQ vudngtai F tacd tana = % .
Tam gidc SAG vudng tai G tacd tana-E-—G- 56 _QF =QF=3.
AG AG AF

2
Vay SQ = / +(3) = J—ss 387 .

nen CO phuong trinh 2x+2y—-z+m=0, (m ;t17)
(S)cé tam 1(1,-—2;3) ,ban kinh R=5 . Duong tron c6 chu vi 67 nén ¢6 ban kinh r=3.
Khoang cach tir T t6i (Q) 1a h=VR*-r* =v5°-3% =4.

m=—7
m =17 (loai)

[21+2(-2)-3+m|
V22 422 4 (-1

Vay (Q) <6 phuong trinh 2x+2y-z-7=0.

:4<:>i——5+ml=12<:{

sinx+cosx
2

Ching ta s& gip khé khin & bai todn nay néu bd qua hai diéu trén. Ta bién d8i tich phan dé bai:

Nhic lai: sinxicosx=\/§sin(xi%]:> sin(xi%j= ; (sinxircosx)2 =1+sin2x

2 n
1 4 1+sin 2. . . 3 1 4 (sinx+cosx)2 . 3
I=4—_[ x(cosx—smx)(smercosx) dxzz—je (cosx—sinx)(smx+cosx) dx.
e
T T
6 6
V2
. ) . 1 2,3
Dat t:smx+cosx:>dt=(Cosx—s1nx)dx.Suyra I=4— _[ e t°dt.
e
13

2
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1 2
Dat h=t* = dh=2tdt . Suyra [ =— J e"hdh .
8e
J3
T+—
2
J3
u=h=du=dh 2 2 ==
DatJ ,tacéI=~1— he|” 5 - j i | =L e Y32
ldv = ghdh = U= gh 8e 14— 8 2
2 1«;—»\/:?i
2

35.

36.

Nhéc]ai: i2 =—1,z=n+bi:>2=a-bi

DAP ANPE SO 3

Bai toan dé cip dén su bang nhau giita hai s8 phtic. Hai s6 phttc dugc xem la béng nhau néu nhu

phan thuc bang phan thue, phan ao béng phan ao.

z=1+3i:>;=1—3i;w=a+(b—1)i:>$=a—(b—])i

2w =(1-3i)(a+(b-1)i) = (a+3b-3)+(-3a+b-1)i; z+w=1+3i+a—(b-1)i =(1+a)+(4-b)i

7
- — a+3b-3=1+a |"779
ZW=Z+W & = .
Ba+b-1=4-b" |, _4
3

}A,C,D

18y sai s8 phtic lién hiép, hay quén mat d6i dau khi cho i* = -1. ‘

Bai toan trén sé duwoc hiéu 1a tim tat ca gid tri cia m d€ phuong trinh hoanh d6 giao diém cua (d) |

va (C) c6 diing hai nghiém phéan biét,va khoang cach gita hai giao di€m nho hon /2017 . Sau d6 ta

dém sd gia tri nguyén ctia m.

Phuong trinh hoanh d6 giao diém ctia (d) va (C):

4x—-2m

x—m+l= @xz—x(m+2)+m+1:0,x¢—l

Dat x)=x>—x(m+2)+m+1, (d) it (C tai  diém han  biét nghia
8 p g

{Ag(x)>0:>{’n2>0:>{n‘l¢0(*)

g(-1)=0  |mz-2 |m=-2

Goi A(xA;yA ),B(xB;yB ) la hai giao diém trong d6 x , , X 1a hai nghiém ctia phuong trinh g(x) =0

Xptxg=m+2

Theo dinh ly Vi-et ta cé: { . Do A, B thudc (d) nén suy ra:

Xpxg =m+1

A(xA;xA —m+1),B(xB;xB ~m+1)
:AB:\/(xB —xA)2 +(xB ~X 4 )2 :\/Z(xB —xA)2 =\/2((xA +xB)2 —4xAxB)

V2017 V2017

~ ——31,7 6 m
\/2 ) < \/2
Ill’ yeu cau béu toan va ( )ta CO me —31;—30;“.;30,'31 \{—2"0} .

:>AB:\/5lm{.Theo gia thiét ta c6 AB <~/2017 = — ~ 31,76

Do d6, c6 61 gia tri nguyén ctia tham s6 m.

quén “cong 1” trong viéc quén viéc m khac 0, e
. N . . o quén ca hai viéc &
A d&m nghiém nguyén C | hodc chua xét diéu D o dn C
ap an C.
trén doan [-31;31]. kién x phéi khéc trir -1. P
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37.

Bai toan tong hop cac kién thitc diéu kién ham s8 dong bién trén khoang va van dung ctia vigc tim

gi4 tri én nhét - gid tri nho nhat ctia ham s6.

38.

Dao ham ' =—cos2x—2(m+2)sinx+4m+9 =2sin’ x—2(m+2)sinx+4m+8.
Ham s8 dng bién trén (—o;+o0) khi va chi khi

Y 20,Vx & (~o0;+00) <> 28in” x—2(m+2)sinx+4m+8>0,Vx & (—o0;+o0)(*)
Dit t =sinx, x & (~o0;-+00) = t [ -1;1].

Tix () taco #* —(m+2)t+2m+420,Vt e[ -1;1]

et -2t +42m(t-2),vte[-1;1] (Cht ¥ vi te[-1;1] nén t-2<0)

2 -2t+4
67

=) Sm,Vte[—l;l](**).

$2-2t+4

Xét ham s6 g(t) =

Vte [—1; 1] .

il

t O(nhdn)

Pao ha "t)=1- .
e amg(t) t=4(l04i)

Vte[—l;l]; g'(t)=0<:>(t——2)2 =4 <

(-2

7
(0)=-2,¢(1)=-3;5(-1) =-3= te—[]\/{ﬁ]g(t) =2 Vay (**)=m> te]\[/lfll?;]g(t) =2&m2-2.

7o >m(t-2),vte[-1;

' 2t+4~m(t ), te[ 1’1] Hoc sinh khong . ana 1an
A -2t +4 - | B . C | Sai diéu kién ctia f.
®— zm,Vte[-1;1] loai t=4.

Bai toan yéu cau hoc sinh biét giai phuong trinh bac 2 hé s6 thuc, nghiém phitc. Dong thoi, nim
duoc y nghia hinh hoc ctia s6 phic.

39.

40.

22 —6z+13=0z=342i=>z =3-2i=(-1+2i).z; =1+8i=>OH=1.

A | Tinhsai OH | B,C | Chon zy =3+2i

4 2 2
Dit x=2t:>dx=2dt:>dt=£l;~:> jf(2t)dt=%jf(x)dxzjf(x)dx=3
> | 4

I =i[f(x)+2]dx :jflf(x)dx+(2x)’: =3+(4+2)=9

1

2 ~ A N \A
h —nhung ph
A | Hoc sinh tinh nhu sau J'2dx=2 B quen e5021 & phan D|CaAvaB

-1

tinh toan sau thi ding.
Goi OI =x(0<x<h)=>OT=h—-x.Goi$ la dién tich hinh tron d4y.

Thé tich khdi non (N1) la: V, :lS.h =lS.x;Thé’ tich khoi non (N2) la: V. :1S.h =lS. h—x}).
173775 27373

Tacd V, =2V, @%S.(h—x):Z%S.x@h-—x:2x<:>x=§.

R tinh nham théﬁh . nhé cdng thike thé tich sang cong thite dién tich xung quanh
do dai Or'. Vi =rly = nrAx® +1%; Vy =xrly =mra(h ~x)2 +7r2 .
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41, Dat z=a+bi (a,be?ﬁ)zgzn—bi:>2+5=2a.
3+2i( -y _ 25 55. 342§ 25 55, 10 11. 25 55.
—_— z+z)=—+——1 o ——2a=—+—i| —+—1|2a="—+"—|
4-1i 17 34 4-—i 17 34 17 17 17 34
,2§ + §.§ i
=17 3 =§<:>n:§.
10 11, 2 4
— + —— Z
17 17
\ B 1 Sai vi khi tim ra 2a thi quén chia 2. I C,D ‘ Sai dau. ]
42. Nhan xét diém (I;-1; —2) ndm trén mat phing (P).
Budc 1: Kiém tra diém (1;~1;-2) c6 nam trén céc duong thing duoc cho hay khong.
Buéc 2: Goi u la VICP ctia duong thing hinh chiéu thi tich ¢6 hudng ctia 1 va VICP cta duong
thing (d) phai vudng géc véi VTPT ctia (P).
Duong théng (d) di qua diém M(l;—l; —2) va cé6 VTCP d
ahdh=(2m—~3;3—m;3m+3). . E
n i
Mt phing (P) chita diém M va ¢6 VIPT n=(2;-1;3). 3
/O
Goi u 1a VTCP ciia dudng thing hinh chiéu. Khi d6 [ 4,4, |1=0. 7 ]
| B | Dling VTCP, sai diém goc. | C,D | Diing diém géc, sai VICP. |
X +1>0 x>-1
43. Diéukién {x+1>0 = 1 (*)
X#E=
(2x-1) 20 2
bpt < log, (x3 + 1) <log, [2x ~1]+log, (x +1) < log, (x3 + 1) <log, [[2x - 1|(x+1)] (1-2x)(x+1)
x<-1 *
xB+1£2x2+x~1<:>x3—2x2—x+2s0<:>{Y L>1ch$2
- 1<x<2 :5:(—1;0]u[:1;2]
P12 —x+le ¥ +2x +x<0 e xsoﬂ»—lmrso
A C6 lam diéu kién, nhung sét B Sai vi khéng b Doi chiéu bat phuong trinh
mot truong hop dan dén sai lam diéu kién sai, dAn dén so diéu kién sai.
44. Bai todn yéu cau hoc sinh biét cach van dyung cong thirc tinh dién tich hinh phéng dé giai tim tham

s6 thoa diéu kién cho trude.

koo x K
Dién tich hinh phz?mg (H) dwoc tinh theo cdng thite: S= J\/?dx = [262 ] = 2{32 —1} .
0
0

k k R2 R2
Theo gia thiét ta c6 S = 7R? < 2| e2 -1 |=7R? < ¢2 =”T+1<:>k=21n[%—+1}

i N r ANL nhim cdng thite dién tich
A | sai [Ve'dx= [%ei] B | sai [Ve dx= [J] C | hinh phéng v thé tich khdi
0 0 0 0 tron xoay.
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45. Goi S, 1a phan dién tich gidi han boi y=x* +k,x=0,x=2 va truc Ox.
2 x3 2 8
Tacé: § = [(* +hx =| —+kx | == +2k.
0 3 0 O

Dién tich hinh chit nhat 13: Spspc = OC.OA=2(2% +k)=8+2k.

8 8+2k 4
—= k==
3

’ B ‘ hoc sinh khong d€y k>0. ‘ C ‘ hiéu sai 1a Parabol di qua goc O. ;

< 2k+

S,
Yéu cau bai toan twong duong S; = _.Qi;EQ

46. Goi x,y lan luot nhu hinh, ta ¢6 diéu kién x? +y? = 4% . Khi quay hinh thoi
quanh truc AC s& tao thanh 2 kh&i nén tron xoay c6 mdi Khéi ¢6 thé tich 1a:
V, :%ﬂny . Do d6 ta c6: V; = %ﬁyzx :%z(az —x%)x :gg(azx—xa) . Xet

ham s V;(x) = gé—[—(azx -x° ) trén khoang (0; a) .

Ta cé: Vl'(x)=—2§”—~(u2—3x2)=0c>x=+-a—:>x=7% vi xe(O,a).

B

a
X 0 »\/—?f a
Vil + 0

4na® V3

Vi(x) / 27

47m3\/§ 27 o 27w 2 |2 Zrm?’\/g V.
vay V; = Khidé V, ==—x"y="=—a /== LTy s8 —L=+2.
¥ 27 VTV NG T Ty T, V2

47. Luuylaban da tra trede 7 triéu, nén s6 tién thuee phai tra con lai 14 13,5 triéu (s& tinh thém 1ai). Tiép
theo, 8 tién “du” ra hang thang hién nhién phai 16n hon hay bang s6 tién phai tra gép mdi thang.
Chiing ta thudong chon sai dap 4n do quén mét hai diéu trén. Ta s€ giai bai todn & dang tong quat
nhw sau:

Goi A 12 s8 tién con no & TGDD vdi 1ai suét r(%) mbi thang, x 14 s& tién phai tra hang thang dén khi
gop xong trong n thang.

Cudi thang thit 1, s6 tién conno la: T, = A(l+r)~x

Cudi thang thit 2, s6 tién con ng la:

, [(1+r)2 -—1]

T, =T, (1+7) -z =[ A(14r)-x ] (1+7)—x= A(L+r) —x[ (1+7)+1] = A(1+7) ~=

. [(1+r)” -1

Tl 46, ta quy nap dén thang thitn, T, = A(1+ r) B —
.

. [(1+r)”~1

DE tra hét no trong n thang thi T, =0 < A(1+r) -y =S =
r [(1+r)”—1}

Ap dung cong thirc trén véi A = 13,5; 1=0,012; n=12. Ta tinh dwgc x =1,215 .

7
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48.

49,

A 1,21 < 1,215, khong da tién dé B C ldy A =20,5 ma quén mét minh da
g6p hang thang. ’ tra trude 7 triéu.

Giai phuong trinh (*) ta dugc: z= 73+%i hay z=—-—i.

2

. . . oa z
Tacod "2 =-1, ¥ =1.Khidd [w[ S
n+2 i4"

=ij=1.

7
Nhan xét: mit phéng (a) sé song song voi dudng thang d, va tir chi tiét (a) vudng goc voi (P) ta

tim duwoc 1 VIPT cta (a).

50.

Vecto phap tuyén ctia (P) lan= (3; ].;—4) la mét vecto chi phuong cuia (a) .
Theo d@ bai, (@) cach déu A va d, nhu véy ta 6 thé két luén duong thing d song song voi ().
Suy ra vecto chi phuong ;; = (2; 3;1) ctia dudng thing d 1a mdt vecto chi phuong cta (a) .
Suy ra mét VTPT cua (a) la E = [ﬁ,rz—d:l = (13;—]1;7) .Do d6 (a) 13x-11y+7z+d=0.
Khoang cach tir d dén (&) ciing la khoang cach tir diém B(1;0;4) nim trén d dén (a).
131-11.0+7.4+d [1382-11.(-1)+74+d|

21272 (12 er?
d+41=d+65 [O.d = 24(loai)

Theo d8é bai :

. Vay (a):13x-11y+7z-53=0.

<:>]d+41\=|d+65[c{ o
~d—41=d+65  |d=-53

C 1w , Sai vi nham VTPT ctia (a) cling

Sai vi nham VTPT ctia (a) Tinh sai & budce

B 7 Clo i D | 1a VIPT ctia (P), sau do sai
ciing la VTPT ctia (P). tim hé s8 d.

thém & budc tim hé sd.

7x% —dx+7

Vi 7x* +7 > 0,Vx nén bpt < 7x* +7 <mx® +4x+m e m > 5
x°+1
4x° -4

2 .
Xét ham g(x):ﬁﬁ%fiﬁx>0 va g'(x):i——z-——?=0<:>x=1
x+1

Lai c6 g(O):7,g(1)=5, lim f(x)=7 nénvoiyéuciu m>g(x),Vx>0=>m>7 .

X+

Quén déi chiéu bat
“quén” xét tai phuong trinh dan Twong ti phweong an B, giai

m=7 dén giai sai suy ra sai va quén xét tai m=>5.

m<5.
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1 2 3 45 6 7 8 9 10

S C B A D A : D

11 12 13 14 15 16 17 18 19 20

A C C B C B A D D B

ot o | s d s e | F o9 B0

31 32 33 34 35 36 37 38 39 40

B A C A B C A C D B

a1 | 42 | 43 | 4 45 | 46 | 47 | 48 | 49 | 50

D b B .| A | D c | b | a | B | C

1. Néuhamsd f (x) dat cyc dai tai x, thi x, goila diém cyc dgi ciia ham s6.

I A ‘thié’u chit “diém” trong “diém cyc tri”. I C 1 c6 thé 13 diém cuc tidu. 1 D ’ CaAvaC

2. Buéc 1: Tim tap xdc dinh. Budc 2: Tinh giéi han v6 ciec ctia ham s0

Tap xac dinh: D =R\ {2}.

\/’*2————“ [x] 4+3+i 44+ —4—
4x° +2x+1 . X xz . X xz -

lim y = lim = lim = lim

X0 x>+ x—2 x—>+0 o 1- E X+ 1- 2
X

2 1 2 1
Jidrael . PWArLr s At

lim y = lim = lim = lim =-2

X0 X0 x—2 X0 o1 z x—>—00 - _2_
X X

Vay db thi ham s8 c6 hai tiém cdnngangla y =2 va y=-2.

B | Sai vi chi tinh & dwong v6 cuc hodc sai vi quén pha gid trj tuyét d6i.

D | Saivi tinh thém tiém cin dung x =2

3. Bud6c 1: Chi y cong thiec log, b =2nlog, |b| véi 1#2a>0,b#0.

Buéic 2: St dung cdng thie trén d€ bién ddi biéu thitc ctia In.

In(a’t*)=Ina’ +Inb* = 2Infa+21Inb* .

A | Sai vi khi &t nhan ttr quén rat thita s6 ctia hang tit phia sau.

B | Saivichua c6 diéu kién a>0 ma quén d3t déu tr tuyét ddi cho a.

D | Sai vi chwa ¢6 digu kién 4,b > 0 ma quén dit ddu tri tuyét d6i cho 2 va b.

2x
4. Taco: J.(ez"+55inx)dx=e7—5cosx+C (CeR).

A | Sai vi hiu nguoc tinh sang dao ham.

k kVC | Sai nguyén ham co ban J.cosxdx=~sinx+C.

D | Sai nguyén ham co ban je"xdx = leﬂ +C.
i k ;
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5.

9.

10.

11.

1
Buéc 1: Ap dung cong thirc tich phan Jf'(x)dx = f(1)- f(0).
0

Budc 2: Thé s6 vao cong thirc va suy ra két qua.

Ap dung cong thitc ta cd j'f’(x)dx:f(])-—f(O):3=f(1)—(—'1):;>f(1):2.

B | nham f(1)=3-(-1). C | nham f(1)=-1-3 D | nham f(1)=3.(-1)

S8 phirc z=a+bi c6 phan thuc la Re(z)=a va phan aola Im(z)=b

. . o . 18y phan thuc va phan nham gitva s8 thuc va
A | nhdm phan ao thanh bi . B R o . (O N
ao khong di kém dau. s6 thuén ao.

Hinh da dién déu 1a hinh c6 tat ca cdc mét la cdc da giac déu bi“mg nhau va cac canh ctia hinh da
dién béng nhau.

Hinh chép tt gide déu ¢ ddy la hinh vudng, cac mat bén la tam gidc cdn nén khong la hinh da dién
déu.

T dién c6 cac canh béng nhau 1a mot da dién déu vi 4 mét déu la tam giac déu.

Hinh hop chit nhét c6 céc canh bang nhau la hinh 1ap phuong. Suy ra 6 mat déu la hinh vudng nén
day la hinh da dién déu.

Hinh bat dién déu ¢ 8 mét déu la tam giac déu.

Nhén xét: khoi lang tru va khéi chdp ¢o cling chiu cao va ciing dién tich day.

Suyra V,=5,,,.h va V. :%SMBC'II' Do dé %zf&.

AABC 2
2

Sai vi hoc sinh nhém khéi chép Ia A".BCC’B.

B | Saivihocsinhnhdm V, pecip va Vi ape

w V.
D | Sai vi tinh nham —2 .

1

x=x +at
. . . |dqua A(xn;ya;za) . 0

Phuong trinh tham s8 ctia d thoa { - 2 Ay =y, +bt (teR).

Lt:(a;b;c)¢0 r=2 4ot

nham phuong trinh thanh

x:a+x0t . . A A7 » 2 hY
A B | Sai dau tung d6 diém gdc. | C | CaAAvaB

y=b+yt.

z=c+2zt

y'=3x"—6x+2 suyray' =0 x=

hay x =

3-43 3443
3 3

. Xét du trén (-3;1) ta thu duoc y' d6i

dé&u 1 Tan.
May tinh bé tdi : Dung chitc ning TABLE: Nhap f(x) la y', START =-3, END =1, STEP =0,3

; quan sat sy thay doi vé ddu ctia dao ham d€ két ludn.

A | Sai vi nhdm don diéu trén khoang (——3;1) véi don diéu trén toan tap xac dinh.

Duwa vao dinh li vé didu kién dtt d€ ham s6 dat cyc tri tai x:
Néu dao ham f '(x) d6i dau ttr am sang duong tai xy thiham f (x) dat cipe tiéu tai x;.
Né&u dao ham f ’(x) d6i d&u tir duong sang am tai Xy thiham f(x) dat cuc dai tai x; .
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Cha y ring ham f(x,) ton tai, va f'(x) c6 thé'xdc dinh (hodc khong xdc dinh) tai x;.

o f’(x) déi d4u tir duong sang dm tai x =-2 nén ham sd f(x) dat cipc dai tai x=-2.

o f’(x) déi d&u tr duwong sang dm tai x =0 nén ham s6 f(x) dat cyc dai tai x=0.

° f'(x) d6i déu tiv dm sang duong tai f'(x) tai x=-1, f’(x) khéng xé4c dinh tai x=-1 va
f(—l) =3, suy ra ham s& f(x) dat cyc tiéu tai x=-1.

e f'(x) khong d8i ddu tai X =1 nén ham s8 f(x) khéng dat cuctritai x =1.

Sai vi nham f '(x) khéng xac dinh tai x=~1 nén f ( x) khong dat cye tri tai x=~1.

Sai vi nham c4 4 diém trén bang xét ddu déu 1a 4 diém cyc tri.

Sai hiy xem lai khéi niém di€m cuc dai ctia d6 thi va ciia ham s§ khac nhau nhu thé nao

D
—xem SGK 12 co ban trang 14.
12. Bude 1: Bién ddi sin® x = 1—“—%&{ . bt &n phu va tim diéu kién ciia &n.

Bwde 2: Tim Min — Max ctia ham s6 theo bién mdi.

sin*x+1  3-cos2x

Bién d6i: y = .Djt t=cos2x, te[-1;1].

cos2x-1 2cos2x—2
3-t
2t -2

Xétham s6 g(t)= trén [ —1;1). Dao ham ')y =- 5 <0,Vte[-11).

Vay M=g(-1)=-1.Vi ltlrrll g(t) =—o, do d6 khong ton tai gid tri nho nhAt.

‘ A ’ Sai vi khong d&y t#1. ‘ B t Sai vi dénh gid nham ham g(f) 1a dong bién.

13. D€ db thi ham s8 cit dudng thing y =—;~ thi ta can duong thing y =% c4t hai nhénh ctia &6 thi
ham s6. T d6 suy ra diéu kién ctia m . Chi y ham s8 xac dinh trén R\ (-2;2]
Ditu kién d€ dudmg thing y = % c&t nhanh thtt nhét 14 -3+ m < % S ms %
M 1A e oa s 2 1 . [ C s 1 13 ... 13 7
Diéu kién dé duong thang y=5 cat nhanh thit hai la 7 +2m >E:> m>—~i- Vay ——4—< mSE.
14. Dung cdng thitc tong quét (x“ )' =ax"".
65 1 51 1
& 1 195 8 1 1
x)=3x"+x? = fx)=——xM"+—-x2
(2 Fia)- 12040 1
A | Ldi sai: (x“ )' =x. C | Léisai: <X‘Z )' =2*1. | D |saivi quén hé s8 3.
15. Bu6c 1: Bién ddi log,, 7 theo log, b va log, a.
Budc 2: Thay s8 vao biéu thic.
2
: 2 2 1 2 1 2
logb2 %/a—"’zlogh2 a® ==log, a == == =
¢ ¢ 3 Cre 3 2 32log b+log c
logﬂ(b c) 8. Bs 3{2108[217"}‘ 1 )
log.a

Thay log,b=2 va log a=3 vao taco: log,, Yot = —1%3—
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Cdch khdc: Giast a=2,b=4=c= 2. Thay vao log,, Ya* = %

A Sai vi hoc sinh mdi bién doi t6i 21
3 2log,b+log,c

ma da thay s0.

B Sai vi hoc sinh nhé nham cdng thic log cua tich.

PRRY ‘ A ~ . x . I
D | Sai vi nhé nham cong thic cin thie Va™ .

N N PP . ny_ n-1 v__L_lL'_
16. Dung cong thitc tong quat (u ) nu' ', (1oga u) e
6 6logs (6x-9)
'(x) =3log? (6x-9). = .
f1(x)=3log ( )(6x~—9)ln5 (2x-3)In5
Dit u(x) =log, (6x—9) va quén 1ay dao ham nham véi dao ham
A ‘ C ; - D | ctia logarit tu nhién.
quén tinh u'(x). cua (6X 9)' & ’
17. Buéc 1: Nhan ra 5" — 4.5 -5 =0 1a phuong trinh mil ¢ dang bac 2 theo bién s6 t =57, dua
vé phuong trinh #* -4t -5=0.
Budc 2: Giai tim t va cht1 y diéu kién # = 5. Suy ra gid tri can tim.
5 4.5 520 (572) 457 -5=0¢ 577 =-1<0 (kim)
572=5>0 (tm)
‘ B l Khéng xét 52 > 0. \'C , l nham 5% =5 x=3. ' D ! khong loai gia tri &m.
18. Diéu kién: x>0.
log ; x.log, x.log,, x.log ,, x° <625 < log , x.log, x.1og,, x.log , x* <625
52
1 1
= (210g5 x).log5 X. Elog5 x| 3.§.log5 x| <625
<:>log§x§625<:>—5slog5x$5c>-l—SxS3125
3125
Vay bét phuong trinh ¢6 3125 nghiém nguyén.
x | giai dénbudc -5 <log, x <5 thi T tw B va qué
a |8t g, bortog p | |58 o
nhém lan thanh ~-5<x<5. xét diéu kién.
1
19. —

(2x - m)e"dx: (xz - mx)e"

I= .lf(xz —mx)exdx = (x2 ~mx)e" .
0

O —y =

:(xz—(m+2)x+m+2)ex;:ewm-—2.T1‘xdéytasuyra m=35.

1
~(2x — x
0(xm)e

1 1
+.|.7_eldx
%

A Khi thay can quén mat e* do d6 tinh ra tich phan 13 —m-1.

I=

© ey

1
(x2 - mx)e”dx = (x2 —111x)e"l -
1]

ot

(2x - m)e"'dx

1
B = (x2 - mx)e"
B 0

—(2x - m)e*

1 L x
R —!26 dx

=-de—m+2=>[m=—te+9]

=(x2 —(m+2)x+m—2)e"
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20. (a+b—i)[a+(b-1)i]=a(a+b)-(-1).(b-1)+[(a+b)(b—-1)-ali=a’ +ab+b~1+(ab+b* ~2a-b)i.

21. Buwéc 1: Dién tich tam gidc vudbng tai A: S, = %.AB.AC .

Bwdc 2: Tinh d6 dai duwong cao SB = \JSC* —-BC? .

Budc 3: The tich khéi chop Vs upe = %.s s SB.

l.AB.AC =64,

AABC:2

Dién tich day S

D6 dai dudmg cao SB =vSC? — BC? =+/SC* — AB® — AC? =5a.

Thé tich kh&i chép V, ;. = %.SMBC SB =104° (dvtt).

Sai cdng thitc thé tich nham duong cao SC: Sai cong thirc nhur sau

B = =304%. | C
Vs.asc = Saasc-5B =302". Vi e = %.SMBC SC=104v2 v,

S.ABC 5.ABC

= %.AB.AC.SC

22. Thiét dién qua truc ctia hinh nén sé la mot tam gidc cin, tir gia
thiét suy ra tam gidc vudng can. Puong cao tit dinh ¢ gbc
vudng ctia thiét dién chinh la duong cao ctia hinh nén va d6
dai canh huyén chinh 14 dwong kinh day ctia hinh nén. Do d6

3 3
tacc'):r:gV‘ah:E.VéyV:—l-;rE AT e,
2 2 3 2 24

Sai vi nhé nham cong thikc tinh : Sai vi tinh &y duong Sai vi ldy
A B rd A 41 A g7 D
thé tich khinon1a V = zr?h. kinh d€ tinh thé tich. r=h=a.

Xe =3xg —x, —x5=32-(-3)-0=9
23, {yc=3yg -y, -yp=36-5-2=11 = C(9%1L9).
7o =325 -2, —25 =32-4-(-7)=9
24. Bwdc 1: Xéc dinh céc diéu kién cua phuong trinh mét cau.
Budc 2: Xem tirng phuong trinh xem cé thoéa man hay khong?

Phuong trinh (1) 1a phuong trinh mét cau vi ddng dang tdng quat.

1y 3y 57 _1
Phuong trinh (2) la phuong trinh mét cau vi pt@(x%ﬂ +(y+§j +[z+—2~j =7

Phuong trinh (3) khong 1 phuong trinh mat cau vi céc hé s8 trude X, Y,z khdng bing nhau.

Phuong trinh (4) 13 phrrong trinh mit cdu vi thoa mén diéu kién a° +b* +¢* —d > 0.

A Sai vi chi thdy phwong trinh (1) hodc (4) 1a phwong trinh mét cau.

B Sai vi chi thdy phuong trinh (1) va (4) 14 phuong trinh mét cau.

D | Sai vi phuong trinh (3) cling c6 th€ bién d6i duoc nhu phuong trinh (2).
25. Bwécl: (P)//(a)=3x-2y—z+m=0(m=5)

Buwéce 2: Mat phéng (P)diqua M (0; —2;1) va ¢6 vecto phéap tuyén ;1; = (3; ~2; ~1) .

Mt phéng (P) song song véi mat phéng (a) :3x -2y —z+5=0 nén mit phing (P) c6 phurong trinh
(P):3x—2y~z+m=0 (m=5).
Lai c6 M(0;-2;1)e(P)= m=-3(tm)= (P):3x-2y-z=3
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B | Sai vi nhdm tinh todn m=3.

nham phuong trinh mat phang di qua M ( X ]/M;ZM) va c6 VIPT
C .
n= (nl;nz;n?,) thanh (P) Xy (x—n] )+yM (y—nz)+zM (2—113) =0.

D | Sai vi chi thé toa dd M thoa phuong trinh mét phing nhung VTPT bj sai.

26. Canluu y ham s8 thé hién quang dudng vat di duoc chinh 1a mdt nguyén ham cta f (t) Nhu vay
néu goi f, la thoi diém vét dat vin t6c 16n nhét thi quang dudng vat di duge tinh dén thoi diém
ot
o 1a [0 £(£)dr.

D& xéc dinh thoi di€m vat dat van t6c 1on nhat sau 5 gidy du tién, ta chi can im gia tri 16n nhét cta

ham s6 f(t) trong doan [O; 5].

Taco f'(t)=6t*-30t+24=6(t—-1)(t—4) suyra f'(t)=0et=1vi=4.
Xét: f(0)=20; f(1)=31; f(4)=4; f(5)=15, dé thay gfggif(t)=31 (m/s) tng véi t =1(s).

Tt day ta c6 quang duong vat di duoc dén thoi diém ¢ = 1(5) la:

1
1 1 1 55
fo £ (£)de = [ {26 =154 + 24¢-+20) e = (Et4 ~563 41262 + ZOtJ -3 (m).
nham quing dudng di nham quéang dudng di nham quéng duong di
A | duocla £(1)-£(0). | duoena [ F(t)a. © | duocta [0 £(e)a.

27. Budc 1: Tim tap xac dinh cta ham s& D = [3; +oo)\{4} .

Budc 2: Tinh cac gidi han chaham s6 lim y =2, limy =2 limy =?;
Tyt x4t

x4

Tép xéc dinh ctia ham s§'1la D= [3;+oo) \ {4} .

lim y =0= y =0 14 tiém c&n ngang.
X0

lim y=+o0; lim y=—-c0= x=4 14 tiém can ding.
x-d* x4

lim y va limy khong ton tai.
X~y—00 x->1

Vay tong s dudng tiém can clia d6 thi ham s8 da cho 1a 2.

% x=1
Sai vi nhdm mau c6 2 nghiém x* —Bx+4=0< { nén suy ra 2 tiém cén diing.
B ¢ =
Va y =0 la tiém can ngang.
Nham x=1, x=4 142 tiém cén ding; va nham khi tinh lim y; lim y suy ra ¢4 2
C X0 X—>+o0

tiém can ngang.

D | Nhdam x=1,x=3,x =4 la cdc tiém cén diing; va ¢ 2 tiém cAn ngang.

)Vé Ox.

m

28. Budc 1: Xét phuong trinh hoanh d6 giao diém ctia (C

Buwéce 2: DSi véi phwrong trinh béc 3, ta thuong nhdm xem phuong trinh ¢6 mét nghiém dep la bao
nhiéu, sau d6 tién hanh phéan tich da thitc thanh nhén tt.
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Budc 3: Tix d6 ta st dung didu kién (C,, ) cit Ox tai 3 diém phéan biét va xi ly ti€p yéu cau ctia bai

toan. Ban doc coi 10i giai phia dudi.

Phwrong trinh hoanh d6 giao diém ctia (Cm ) vaOx:
x=1

13 2 2_ PN
Zyd +m + 0(1
3x mx—x 3 () Lc2+(1~3m)x—3m—2-0 (2)

yebt < (1) ¢6 3 nghiém phén biét < (2) c6 2 nghiém phan biét khac 1.

@{(1—3111)2+4(3m+2)>0©{9m2+6m+9>0©m¢0 "

1+(1-3m)-3m-2%0 —6m =0
Khi d6 (1) c6 3 nghiém x,x, va X3=1trong d6 x;,x, la hai nghiém ctua (2) va
b
S=x1+x2=—E:3m—1
c
P=xl.x2=;=—3m~2

m< -1

12+ 00+ 12 > 150 1% + 1 + 12>15<:>1+SZ—2P>15<:>m2—1>0<:{ :
m>1

N e 1s a1 m<-1
D0oi chiéu lai diéu kién (*) suy ra
m>1

-~ =-2
Cich giai (MTCT): Thir v6i m=0= f(x) = %x3 -x +gﬂ{x (ktm)
X =

3
(loai phuong an A va C)
1 1, 1 7 =1
Thit v6i m === f(x) =§x3 —Exz —x+gﬂ> 14457 = %" +x,” +x,” <15 (ktm)
X =
4
(Loai D).
A Sai do giai sai bat phuong trinh m* -1>0< ~-1<m<1 vakhdngso
didu kién (*)
Sai do ding cong thiec x7 +x7 =S* ~4P va bpt < 9m* +6m—5>0va
C
khéng so digu kién (*)
Sai do dung x7 +x> =S* —4P d&n dén
-1-v6
D. m<
bpt < 1+52 —4P >15 < 9 +6m—5>0 < 3
~1++6
m>
3
29. Timgbudc tinh y’ vay” 161 thay vao kiém chitng.
TXD: D =(-1;+0).
_ - ">0,VxeD
Tacdy=—to 2 =L yro 1 Nhanxét {f *C" 2 loaiB, C.
2 (x+1) xl (x+1) y'<0,veD

x+1
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30.

31.

32.

1 .
y'=—=e =e’ =2y

2
Lai c6: €” =1 . .Suyra 2y"+y'.e’ =0
X+ y.. ZZeZy :ely 24}/”

Budc 1: S8 tién ca gbc va 1ai thu dugc sau 6 théang gui dau tiénla T =a.(1+7 )6 .

, s . 8 1 n en , e s

Budc 2: Lai sudt ting lén r,=——=-—, s0 tién thu duoc sau m thang tiép theo la
© 1200 150

S= a.(l +1, )b .(1+ r, )m .

Budc 3: SO tién thu duoc toi thiéu 11 triéu nén ta cod a.(l +r )6 .(1 +1, )'" >1l=m

Budc 4: Tong s6 thang gui la m+6.

Trong 6 thang dau: giti s6 tién a =10 (triéu), 13i suét r, = IE'(SB .

56 tién gdc va lai sau 6 thang gii dau tiénla T =a.(1+7, )ﬁ .

o 6 1x 8 1 i
Trong m thang tiép theo: giti s6 tiénla T =a.(1+r, ) , l1di suldt 1, = ——=—_. S0 tién gdc va lai sau
& § e Theor gt S0 I (1) 271200~ 150 8
m thang tiép theo la S = T.(l +1, )m = a.(l +1 )6 .(1 +1 )m
S& tién thu dwoc it nhat 1a
se1lea(len) (14n)" 211 (147, )" 2 — >1 15718
211 a(ln) (1+n)" 211 (1) 2——F0 @ m2 O8(141,) - =8,718.
a(1+7) a(l+n)
Chon m=9. Viy gui t&i thi€u 15 thang.
B Sai vi chon m =8 nén c Sai vi két luan sd thang b Sai vi két luan s8 thang gui
Ong s6 thang la 14. guila m=9 thang. khi chon m =8 thang.

Tich phan nay st dung phwong phap d6i bién s8, cu thé nhu sau
Budc 1: Ta thdy d&u hiéu: biéu thic trong ddu tich phan c6 chita cin, ta nghi ngay dén dat
t =1+

Budc 2: Luu y khi tinh tich phan bang phwong phap d6i bién s8 ta nhé ddi can.

Dit t=V1+x =P =1+x* > tdt=xdx. Khi x=1=t=+2, x=y3=>¢t=2

822

2 £ 2
I:jtzdt=(—] = =>a=8b=2

% 3 )4 3

3 \/5 7
Céch gidi bing MTBT: = | x T+ %2 dx = ans —JPRCLEA o 4
1

o _a-bV2 TABLE b=2
Taco A= 3 "—">£Z:3A+b\[i Start:~1, End:5, Step:1 a=8
‘A lSaido b=2<5. }c ISaido 2=8<10. ‘D ISaido a+b=12<15.

x+2 x+2 A B

Buwdc 1: Phan tich = =2 42
2" -7x+5 (x-1)(2x-5) x-1 2x-5

Budc 2: Quy dong. Tim hé s6 A, B thoa A(2x—5)+ B(x—-l) =x+2.

-1
Budc 3: Khi d6, 4p dung cong thitc tinh tich phan ,‘ ( 4 1 + 9 : 5]dx
xX— X =

-3

187




ON LUYEN PE THI TRAC NGHIEM TOAN 2017

Ta cé phéan tich

x+2

x+2 _ A B

2x2—7x+5z(x—l)(Zx—S)_E+2x~5

PAP AN DE SO 4

Timhé s8 A, B théa A(2x—5)+B(x~1)=x+2.Cho x=1=A=-1.Cho x:%:B:S.

-3

x+2
'[2x2—7x+5 _J(x 1 2x-5

-1
jdx = (—lnlx~1|+§—ln12x—5[)
2 -3

=ln2+§1n7——h111:>a=1,b:c=gza+b+c=4.
2 2 2
L 3 3
B Sai vi nham a=1,b=5,c=—5:>a+b+c=1.
Sai cong thitc nguyén ham
C -1
(—1n|x»—1’+31n‘2x—5‘)\ s =In2+3In7-3Inll=a=1,b=c=3=a+b+c=7.
g s N 3 3 3
D Salkh1tmhraketqua~1n2+ln4+~2~1n7—51n11:>a:—l,b=c=—2-:>a+b+c=2

33. Budc 1: Ta bidt réng v(t) = s'().

34.

35.

ty

Do d6 ta ¢6 cong thttc quang dudng di duwong tix £) dén thoi diém £, la Jv(t)dt =5(t,) —s(t,) .

Budc 2: Tinh tich phan va tim ra quang duong di dwoc.

b

Ta cé quing dudng di duoc trong gidy thit hai nghiala tinhtit t=1 dén t=2:

S =}(16t~4t3)dt = (8t2 -t‘*){j =9cm.
1

} A ] Sai vi tinh trong hai gidy d4u tién. ’

Buwéc 1: Gidi phuong trinh (1+2i)z+(i-3) =16-5i =z = 1-6—:-51-_—(1_—3-)2—
1+2i

Budc 2: C6 E:a+bi:>z=u~—bi.Ti1ﬂqs6phﬁc z+iz.

Bue 3: PO dai OM =z+72].

(1+2i)z+(i-3) PSRl ) ML= P

1+2i T 1+2i

2:2~3i:>z=2+3i:z+i£:5+5i:>OM=|Z+[Z']=5&.

B

nham thanh z=2-3i.

C

nhadm OM =5 la phan thuc

hodc phén 4o ctia z+iz

D

Nham cong thitc
OM=x*+1°.

Bai todn lién quan dén didm bidu dién ctia s§ phitc va phép chia hai s6 phitc.

1. S8 phttc z=a+ bi,(ﬂ,b € ]R) duoc bidu dién boi diém M(a;b) hay boi vecto U= (a;b) trong mét

phéng toa d6 Oxy ( mit phang phtc)

2. Phép chia hai s6 phttc:

a+bi (a+bi)(c-di)

c+di (c+di)(c—di)

A(-1;1),B(-1;-1),C(0;2),D(2;-2)

X(E:(l;l):%zl =1+1; Ez(i”;

-3)=

188
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36.

37.

Khi dg 2o L¥i_ (1+1)(3+3i) =liEl:1+31‘:(1+3i)(3+i):i:>i+2_3:éi
z, 3-3i (3-3i)(3+3i) 3z, 3-i (3-i)(3+i) z, z; 3
A l‘\h\ém—]—a 3.i=—31,“—q: 3 =-i::>f_]_+.zi=.‘4i
z, +1 z, 1+3i z, z,

Sai do tinh nham toa dd cac diém A, B,C,D ( tinh nguoc lai)

¢ A(1;-1),B(-1;-1),C(2;0),D(-2;2)

Buwdc 1: Giai phuong trinh bac 4. Xép 4 nghiém theo thir tu tong phan thyc va do tang dan.

Bwoc 2: Tinh T =z, + 2z, +3z, +4z,.

22 =24 23i =14 23i + 3¢ :(1+\/§i)2
22 = 2 —2\[3i =1-2/3i + 3 =(1—J5{)Z

Suy ra phuong trinh ¢ 4 nghiém la: 1+ J3iv=1-/3iv 1-3i v ~1+/3i . X&p theo thit tw t8ng phan

thue va phén 4o tdng dan ta c6: z, =-1-iV3,z, =1-iV3,z, =—1+i\/§,z4 :1+i\/§.

' +42° +16 =0 <

Tinh T =z, +2z, +3z, +4z, = 2+ 4/3i .

’ A, B l xép sai vi tri cdc nghiém. t D i x€p nguoc thi ty cac nghiém 1
Budc 1: Nhan xét CC’ song song (ABB’A’) nén

: : Ay Ve 3V,
d(C,(ABA)):d(C,(ABA)):ﬁ:ﬁ

Buédc 2: Géc gifta canh bén va mit ddy béng goc
£A'AM = 60° . Tinh duoc dudng cao A'M.

Buwde 3: Tinh duweoc thé tich V. 4pc -

Budc 4: Goi H 1a hinh chiéu vubng goc cia M 1én AB.
Chiing minh duoc A’H vudng géc AB. Tinh dién tich 4
SAABA' :

Budc 5: Tinh duoc khoang cach:

a(c',(4BA")) = 3Veapa _ 3Va.anc
Saapa Saapa

Vi CC’// (ABB'A’)
= d(C';(ABB'A"))=d(C;(ABB'A")) va A'M L (ABC)= £(AA';(ABC))=£A'AM = 60°
AA' AM vuéng tai M c6 A'M = AM.tan60° =a+/3.

2
LABNS s

Do d6 Thé'tich V5 = %.SAABC.A’M -+

Goi H 1a hinh chiéu cia M 1én AB: AB L HM = AB1 A'H.
AB1 A'M

2
Sy = —;—.AB.A’H = %.AB.\/A’MZ + HM? = aJ(m@ )2 +(AMsin60°)" = V15

2
_3Veapa _3Vaapc _ 20\/15 .
Saapar Saapa 5

d(C,(ABAY))
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2 Sai cOng thitc thé tich 2 |
, . a3 g , . a3
B | Tinhsai Sy p5- = 5 C Ve ane =Sausc-AM. D | Tinhsai Sy,5- = 4

38. Budc 1: Xac dinh céc khéi tron xoay dwgc tao thanh, tinh cac s6 do.
Budc 2: Tinh thé tich timg khéi ndn, tru tao thanh r6i cdng lai.

Goi D' 1a diém d8i xting cia D qua AC . Thé tich khoi tron xoay
can tim chinh 14 thé tich ctia khéi tron xoay dugc tao thanh khi
quay hinh thang ABD'C quanh truc AC.

Goi V; va V2 Tan luot 1a thé tich khéi tron xoay tao thanh khi quay K D
tam gidc vudng ABK vahinh chi#nhat KBD'H quanh truc AC .

Khidé V =2V, +V, = 2%;;1<BZAK+ #KB?KH .

Xét AABC wvuéng 6 KB 1a dwdng cao nén

111 , 16
= + = KB" =—.

KB* AB* BC? 5 D c

4 25

AK? = AB* —KB? =5 = AK="

va KH = AC -2AK =+2* +4° —Z.d—&z = éﬁ.Thay vaotacd: V = 352745 .

5 5 75
A nhim hinh chit nhéat B Nham hinh chit nhit b chi xét tam gidgc ABC
ABCD quanh truc AB. ABCD quanh truc AD. quay quanh AC.

39. Mt cau bén kinh R, ¢ giao tuy&n v6i mit phing (o) 1a dudng tron bén kinh r thi khoang céch tir

tAm mat cau dén mit phéng (Ol) 1a VR —#% .

Goi r (cm) 12 ban kinh ctia dudng tron ngoai tiép tam gidc ABC.
Tam gidc ABC la déu nén ta tim dwoc d6 dai mot duong trung tuyén ctia né la: §2—3 (cm) .

233
Tt day ta co: r=5.7=\/§ (cm)

Do vy ta c6 khoang cach tir tm I ctia mat cau dén mit phing (Ol) la V5% -3 =422 (cm).

. N 2 a2
A | Tinhthanh V-3 g | gy, 33 (em). | C tioh =122 (cm).
2 3 2
40. St dung kién thtkc v8 sy twong giao clia hai dudng thing, cu thé:
Bed - —
1.dNnA=B& 2.d1lAsuu, =0
BeA
x=34+2t
d qua 1(3;—2;—1) o vicp Ua =(2;1;—1).Phur0ng trinh tham s8 ctia dlad:{y=-2+¢,teR
z=-1-t

Ta cb Amd=3:>Bed:>B(3+2t;—2+t;—1—t) .E=(4+2t;—3+t;—2—t)

Ald@ﬁ.@ﬂ)@8+2t—3+t+2+t=0<:>t=——7—:>ﬁ= E;_EE;_E :>—5~E=(2;—5;~1)
6 3 6 6 6
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41.

42,

43.

x=-1+2t
Aqua A ,cd -Z—E la mét vtep. Vay phuong trinh tham s6 ctia Ala A:qy=1-5t ,teR.
z=1-t
Nham 1an diém ma duong thing di Hoc sinh sai nhu sau: d di qua

A C

qua v6i VICP khi viét phuong trinh. ](2,-1; _1> c6 vicp Ua = (3; -2; _1) .

(pA,\'IAH )mm =MA+MB+ ABM(MA * MB)min

Goi MeA= M(2t-1;1-£2t) = AM+ MB=9¢ +20 +,/(3t—6)" + 20

Trong mit phang toa dd Oxy, xét hai vecto: U= (3t;2x/§), v= (6 - 3t;2\/§)

Khi d6 AM + MB = ]Z;} + |z3} > ‘Z{ + z?] wilAE) | AM + MB > 2429
3t 245

Dang thiec xay ra khi va chi khi 1;,73 cung hudng:

~3t+6:2_\/_75,::1:>t:1:>M(1;0;2)

Suyra a=1b=0,c=2=b+a’ <c’

_ _5_:/51_& =14 (dvdd). (1)

Goi d 1a khoang cach giita hai mat phing (a) va (ﬂ) Tacd: V=dS=d

3x, —6y, +9z, +b| ]3(9(n -2y, + 320)+b‘ _[Ba+1]

Lay M(x,;y,:z,)€(@): d=d(M;(B))=

V3 +6° +92 314 314
3a+b
Thay vao (1), ta c6: a8 =Vt s patb|=02c a+-§ =14.
4
quén chia cho d6 16n VICP khi khi chia 2 v&€ cho 3 thi thay nham d6 1én
A | tinh khoang céch gitta 2 mp. B khong chia 42 cho 3. C ctia VTPT ciia ( 0{) i

CACH 1: (PHUONG PHAP CHIEU BIEN THIEN)

Tap xdc dinh: D=R,y'=3x* +6x—m.

Ham s6 (1) d6ng bién trén khoang (~00;0) <y'20,Vxe (—00;0)
<32 +6x-m20,Vxe (—00;0) 3% +bx2mVre (-—oo;O)

Xét g(x)=3x"+6x véi xe(-0;0). Ta 6 g'(x)=6x+6;g'(x)=0>x=-1

Dra vao bang bién thién ta thdy yéu cau cia bai toan duoc théa man < m< g(-1) < m<-3
Dodétacd 9<m<-3mameZ=>me {~8;-7;~6;-5;~4;«3}
CACH 2: (PHUONG PHAP TAM THUC BAC 2): A’ = 3(m + 3).
= Néum<-3thi A'<0=y'20,VxeR suy raham s6 dong bién trén R = Ham s& (1) d6ng bién
trén khoang (—o0;0) = m < -3 thoi YCBT.
= Néum>-3 thi A'>0= y'=0 cd2nghiém phan biét x;,x, (x; <x,).Khi d6 ham s6 d6ng bién
trén cac khoang (—o0; x,),(x,;+0) .
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44.

45.

46.

Do &6 ham s8 (1) dong bién trén khoang (—oo; 0)

A'>0 m>-3
< PT y'=0 c62nghiém x;,x, (¥; <x,) thoa 0<x; <x, < <P20 « (-m>0 (V6 nghiém)

5>0 -2>0
Vay m < -3 la gid tri can tim.
A [saidoldythém m=—9. [C [ Saidokhéngldy m=-3.
. =1
Dao ham y' =3x" ~6(m+1)x+6m+3—L"— * Lyt > 2m+l2lem#0y
x=2m+1

Dit y =f(x)=x3 *3(m+1)x2 +(6m+3)x—m.

Phuong trinh tiép tuyén tai 2 di€m cyc tri lan luotla y = f (1) vay=f (Zm + 1) .

Vi 2 dudng ti€p tuyén song song véi truc hoanh nén khoang cach giira 2 tiép tuyén dugc tinh theo
1

cong thitc d =|f(1) - f (2m +1)| = 4|m?| .Theo gia thiét d:%©4]m3‘=%<:>‘m}:%c>m=i5.

TXD: D:(—oo;O).Ta 6 y‘:L._—bz m > 0. Véy ham s6 déng bién trén tap xac dinh.
b 2 1
7 lng X° X4
x
1 A ‘ Sai vinham b >0. E B ’ Sai vinhidm 0<a<1,b>0 1 C [ Sai vinhdm 0 <a<1,b<0

Budc 1: Dt didu kién va bién d6iva dit dnphy t =Inx.
Bwdc 2: Quy phuong trinh vé theo &n t

Budc 3: Chuyén diéu kién cip s6 nhan vé thanh cip s6 cdng.

Piéu kién x>0 . Bién d6i phuong trinh twong dwong In® x +31Inx? + (m + 2>lnx+ m=0.

Dt t =Inx khi d6 t € R . Phwong trinh tré thanh: > + 3¢ +(m+2)t+m =0.

Gia str x; <X, < x5 14 3 nghiém ctia phuong trinh ban d4u. Gia stz 1ap thanh mét c4p s8 nhan nghia
1a x5 =x,x;. Ly logarit hai v& ta c6 2Inx, =Inx, +Inx,. Do d6 bai toén trd thanh tim m &

£2+3t* +(m+2)t+m =0 c6 3 nghiém phan biét 1ap thanh mot cip s6 cong.

t=-1
t3+3t2+(m+2)t+m=O<:>(t+1)(t2+2t+m>=0<:> . )
" +2t+m=0
A LA AR s A A rinngs, A =1-m>0
biéu kién dé€ PT ¢6 3 nghiém phan biét la: <m<l.
1-2+m=0

Goi #,t, langhiém ctia #* +2t+m=0. Tacd t,, =—1+1-m , dé thdy t, <-1<t,.
D& 3 nghiém phan biét 1ap thanh mot c&p s6 cong thi ¢, +1; =-2.
Theo dinh 1y Viete thi £; +#; =~2 1a hién nhién ding véi moi m . Két hop diéu kién thi m <1.

giai sai diéu kién
thie 2.

A

nghiém. diéu kién.

quén xét diéu kién 3 ‘ giai nguoc dau l
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47.

48.

Budc 1: {7} =(C)nd y
Budc 2: Tinh dién tich hinh phéng theo c¢bng thic d
Xn
S =L]- F(x)] . !C
I
dnOx=A= A(R:0), (C)nOx ={A;B} = B(-R;0) B P \A
. R R O
C)nd=C=C|—;—=
” &%)
Xét nira duong tron (C ) ném phia trén truc hoanh:
2 2 _ p2 2 _p2 .2
PR el Sy R 20,
yz0 y=0
Dién tich hinh phang: 5=, +85, .
2 ’R' 2 2 R
Véi S, = 7[2{ +L 2yR* —x*dx va S, =(\/§+1)J‘ R (—x+R)dx.
V2
Diat x = Rsinu=dx=Rcosudu ,khi x=0=u=0, x=~§_~—:>u=%
2
R z 2 2 l; 2 2
J.ﬁ\/Rz —xtdx = j*‘ R* cos® udu = B——P (cos2u+1)du = B—[—l-sinZ-LH u] R, 2R
0 0 2 Jo 212 0 8
2
Suy ra S, EE +5—;
8 4
R
- R - x _ 3 1 )
S, =(V2+1)[ (-x+R)dx= (\/§+1)(—-2~+ij = (\/5+1)(Z \/EJR
2
Suyra S=8, +85, ~1,532R".
A Sai vi tinh lubn ca nira dudng . Sai vi chi c Sai vi khi tinh S, quén mat dién tich
tron nam dudi true hoanh. tinh 5, . clia mot phan tw hinh tron.

Budc 1: Dit z = x+ iy,%,y € R=>z=x-iy thay vao phuong trinh ’2—2 ——4i‘ = |z ~2i‘ .
Ap dung cong thitc mdédun ctia s8 phic, bién d8i va rat gon ta dwgc d:x-y—4=0.
Budc 2: S6 phitc z duoc bidu dién b5ng diém M (x; y) trong Oxy. Suy ra ‘E‘ nhoé nhat khi va chi khi

dd dai OM nho nhdt <= M 1a hinh chiéu vudng goc caa O 1én duong thang d.

it z=x+iy,x,y eR=z=x—iy .|z 2-4] = |22 & |(x~2) - (y+ 4)1] =[x~ (y +2)]

<::>\/(x—2)2 +(y+4) =\/x2 +(y+2) @ x-y-4=0,

Goi M 14 diém biéu dién cho s8 phitc 2 cAn tim.

I;‘ nh6 nhét < D6 dai OM nho nhét < M la hinh chiu vudng géc clia O 1én duong thing
d:x—-y—-4=0.

Phiong  trinh  dudng thing OM: x+y=0. Toa d6 difm M thoa hé

x-y-4=0 x=2 - .
[ =>z=2-2].
x+y=0 y=-2
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49.

50.

B | Nham dé yéu chu tim z=2+2i.
z2—-2-4i=2-2i 0z-2-2i=0(wvn) -
z—2—4i =z -2i| < = =z=1-3i.
| i =|=-2i [2—2—41':—(2—21') L=1+3i S
z—2-4i=2z-2i 0z ~2—2i =0(vn)
z=2-4i|=|z-2i| < = =1+3i.
D || i =[=-2i L’~2—4i=—(z~2i) L=1+3i = '

Day 12 bai toan lién quan dén hinh try, hinh nén nén ban doc can luu y:
1. N&m chéc cic cong thirc tinh dién tich xung quanh, dién tich toan phan va thé tich.
2. Bai toan nay lién quan d&n max - min théng thudng tap thiét 1ap ham, tim cic mdi lién hé gitta

céc &n d€ qui thanh ham mot bién, tir d6 tién hanh khao sdt ham s6 tim max — min.

Giai stz hinh nén c6 dinh 14 S, chiéu cao 1a SH, ban kinh day R = HF .

Hinh tru ndi tiép c6 chidu cao la HH', bankinh r=H'E . S
Taco 2L T S T o 4y HH = SH-SH' = 4047

SH R 40 10
Hinh tru ¢dn im c6 ban kinh day 14 r, chiéu cao h'=HH'=40-4r,
duong sinh I'=h'=40-4r
Dién tich toan phan ctia hinh try la:
S, =S, +25, = 2rh'+ 27r* = 27 (-3¢ + 40r)

Tacantim 7 (0<7<10) d& S,, 16n nhét. Khi coi r thay ddi thi

S, =27(-6r+40)=8', =0 r="+

Lap bang bién thién ta suy ra dién tich toan phéan 16n nhét khi r = —239

Sai do 4p dung sai cong thitc dién tich toan phan: S,, =S, +, =2zrh'+ 71 = (80 -7%)
A | Tacantim r (0<r<10) d& 5, 16nnhat. Khi coi r thay d5i thi

. . 40
8, =m(-14r480)= ', =0 ="

Budc 1: Viét phuong trinh dwong thing MN . Tim hinh chi€u H ctia K 1&n MN
Buéc 2: Bién luan khoang cach K(0;0;2) dén (P) dat gid trj 16n nhét khi (P) L KH .

Budc 3: Viét phuong trinh mét phing (P) di qua M vanhén KH 1am vecto phép tuyén.

Tac6 MN =(~1;2;1). Phuong trinh dudng thing MN la: il = .y%l =

z—-2
-

Goi H(t;2t-1;t+2) 1ahinh chiu vudng goc clia K trén dt

MN. T Eﬁlmzt=%2@=[%;%;%).

Goi H' 12 hinh chiéu ctia K 1én (P). Suy ra AKHH' vuéng
tai H'. Do d6 KH'< KH = const .

Vay d& d(K,(P)) 16nnhétthi H'=H, hay (P) LKH.

Phuong trinh m3t phing (P) la: x+y-z+3=0.
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C/BAPAN 335

1 2 3 4 5 6 70 8 9 10
C D B B D A C D B

11 12 13 14 15 16 17 18 19 20
A D A C D D D B B A
21 22 23 24 25 26 27 28 29 30
D A C C B B D C D C
31 32 33 34 35 36 37 38 39 40
D A A B A C A B C B

41 42 43 44 45 46 47 48 49 50
C B A A D D B C B C

1. Budc 1: Can nhd lai dinh nghia vé diém cuc tri (cuc dai va cuc tiéu) ctia ham s6 hodc d6 thi ham s6.

Budc 2: Van dung dinh nghia d€ phan biét cac ménh dé ding, sai.

Ménh dé A sai, phét biéu ding:” Ham s§ dat cuc dai tai x=2".
Cac phuong 4n B, C, D ding theo dinh nghia.
2. Tim s8 phtic Z. Rdi suy ra z va diém biéu dién ctia né.

2 ~
Z=(1+i3) =-2+2V3i = z=-2-2//3i. Vay diém biéu dién cta 2 la P(-2;-2:3).

| A/B | Khong dé&y d&ubinh phuong. | D | Chua Iy lién hop. |

3.  Thé tich khéi lang tru bang tich ctia dién tich ddy va chiéu cao: %h .

Sai vi nham vdéi Sai vi ldy ngay cong s e
N ) . , . i N Sai vi nghi rang dién tich
A | cong thic dién | C | thitc téng quat ma | D e
nén can binh phwong.

tich khoi chép. khéng xem ky dé.

4. Tathay dap 4n A,B,D 14 cdc ddp an dung vi khéi chép va khéi lang try la cac khdi da dién 16i. Tl

d6 chon dap an saila C.

4
5. I=[[1+f()]dr=x, + f(); =4-3+ f(4)- f3)=2.
3

A | afy+ f@)fy =3-4+ £(3)- f(4)

C | afy+ f@)f; =3+4+ £(3)+ f(4)

D | I=[[1+f(x)]dx= f(x).

ax+b
cx+d

6. Chi can ndm viing kién thiec vé hai duong tiém cén ctia &5 thi ham s6 dang
D6 thi ham s8 ¢6 mdt duong TCPD la x = —% va mét duong TCN 1a 4 :% .
13

Vay giao diém hai duong tiém cén la (—E,E] .
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nhim tiém cén nhém tiém cn ngang la x =~§— va nham hoanh dd
A 2 C D
ngangla x==. 3 tune db.
g 3 nhsm hodnh & véi tung &6. va fung 40
7. Ménh dé B sai, cdng thic ding la [COS(IZX + b)]’ = —asin(ax+ b),(u,b eR,a# O) .
Ménh d&é C sai, vi khong c6 tinh chat: Tich phan ctia tich bang tich cc tich phan.
a
Ménh dé D sai, cong thirc diing 1a [ f'(x)dx = f (a)- £(b).
b
8.  Budc 1: Tim vecto chi phuong va di€m di qua. Budc 2: Sir dung cdng thikc r6i viét phuong trinh
dudng thing.
Vecto chi phuong ctia phurong trinh duong théng AB la AB= (2; 0; ~2) .
Ta c6 thé chon (—1; 0; 1) lam vecto chi phuong tir 6 phuong trinh duong théng AB la:
x=3-t
y=2 ,teR.
z=1+t
‘ A ‘ Sai vi thiéu y =2. ‘ B, D } Sai khi tinh vecto chi phuong.
2x-3>0 2
9. Bifu thitc co nghia khi vachikhi {2x-3=1 < 2 -
(4x—7)2>0 X#2 x#
A Sai vi nham r??mg co sd B Sai vi nham x2>0< x>0 va c Sai vi nham
phéi 16n hon 1. khong xét diéu kién co s8 khéc 1. P>0ex>0.
10. Hinh chiéu ctia SC 1én (ABC) 1a AC = £(SC;(ABC)) = £SCA =30°
Vs apc = %.s apc-SA; AB=VAC? ~BC? =44,5 450 = %BA.BC = 6a
tanSCA = sS4 = SA =5a.tan30° = -5—55/:?’«
AC 3 4N S ¢
cvra Ve o o lg2 503 _1034° O
y S.ABC T34 Ty T T B
: TR T
A sai  thé ich o |= dién tich tam D | tinhsai 84 = AC -5 NeR
VS.ABC = SA‘SABC giéc ABC tan 30
11. Buwdc 1: Néu mii o nguyén Am thi ham s§ y = [u(x)]a xéc dinh < u(x)#0.
Buéc 2: Giai bit phuong trinh —x? +2x # 0, suy ra két qua.
N N1 . 2 x#0
Ham s6 xdc dinh —x“ +2x #0 < :D:R\{O;Z}
X#2
Sai vi nham diéu kién Sai yéu cau dé bai tim tap x4c dinh, .
B C R e 1n D | Sai diéu kién ctia x.
—x*+2x>0. khéng phai tim diéu kién cta x.
12. Puong kinh ctia ddy 12 24 suy ra chiéu cao khdi nén 14 6a. Thé tich khdi nén la »;-mzzﬁa =27a°.

|A | CaBvaC. |B|khongnhan 7. | C | nham chiéu cao dai gdp 3 lan ban kinh.
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13.

14.

15.

16.

17.

18.

19.

Buwdc 1: Mat cau da ¢ tAm I(—-2;1;O), CAn tim ban kinh R.
Budc 2: Mit cau tiép xtc mit phing (Oyz) < R =d(1,(O}/z)) =‘x,]. Ap dung cong thirc suy ra

phuong trinh mét cau can tim.

Mt cau ti€p xtic mit phang (Oyz) < R = d(I,(Oyz)) =

Phuong trinh mét cau: (x+ 2)2 +(y 1) +2%=4.

2 2

y
) +(y-b)
)+
+

+(z— c)=

B | Sai vi nham cong thiic (x-a

. . 2 2
C | Sai vi nham cong thic (x+a) +(y+ 7) + z+c) =

D | Sai vi nham cong thirc (x +a)

(

(
yrb) 4 (zrc) =

(

Xem d6 thi ta thdy trén hai khoang (—3; wZ) va 0;2) do thi di lén.

A,D | trén (-2;0) ham s8 khong d&i. | B | Sai khi hoc sinh nhin vao tryuc tung.

Cach 1: Dat phuong trinh mét cau dang khai trién 1a

X+t 42t —2ax-2by-2cz+d=0 (a2 +b? +c? —d>0)
Lan luot thay toa dd ba diém A, B, C vao phuong trinh mit cau ta duwoc mot hé phuong trinh béc
nhat bén n, tuy nhién ldc nay ta mdi chi ¢6 3 phuong trinh.
Thay tiép toa d6 tam mat cau la (a; b;c) vao phuong trinh khoang cach ta dugc phuong trinh thir
4. Tr day ta giai vatimraa, b, ¢, d.
Céch 2: V6i mbi phuong én, xac dinh tim clia mt cau twong tng va kiém tra diéu kién vé khoang
cach. Sau d9 thay toa dd 3 diém A, B, C, vao phuong trinh mét cau d€ tim ra ¢ap an. Luu y nhé

kiém tra diéu kién ctia phuwong trinh mit cau a?+b? +c® -d>0.

A,B | Mit cau qua 3 diém A, B, C nhung khéng thda diéu kién khoang céch.

C Mt cau qua hai diém A, B, c¢6 tAm thoa diéu kién khoang cach nhung khéng di qua C.

Xét phuong trinh hoanh d6 giao diém, giai dwoc phuong trinh twong duong 1a x® —7x+6=0 6 3
nghiém phan biét.

J10

Tac6 y'=4x° ~10x = ?_x(Zx2 —5) tlr day ta tim duogc 2 diém cyee tifu ctia ham s6 14 x = iT va

diém cwc dai la x =0 . Dua vao dic diém ctia ham s6 bac bén trung phuong, ta két luan gia tri nho

-

nhat ctia ham s& trén tAp xac dinh cling 12 gia tri cwc tidu va bang y

==T

B nham giita gid tri cuc dai va c nham gitta gid tri nhé nhat
gia tri lon nhat. véi diém cuee tidu.

Tt phwong trinh (P) :3x+2y~z~5=0ta suy ra mot vecto phap tuyén caa (P) la: n= (3; 2; —1)

Sai vi nhAm hoanh d6 vdi . R Sai vi ddu tung d6 va
A . C | Sai ddu tung d6. | D N
tung dé. cao do .
P 2 . 2 x=1
Tacd: y'=3x"+6x-9.Cho y' =0 3x"+6x-9=0< 3
X=-
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20.

21.

22,

23.

24,

PAP ANPESO 5

-3

1 400

+

0 —

0 +

moo/zn\wl/m

Ham s8 dat cye dai tai x =-3 véi gid tri cye dai la: yop = y(—3) =31.

Cach khdc; y =% +3x% ~9x+4=y' =322 +6x—9—L 2 s x ) =3

a=1>0

A

nham qua gia tri

cuee dai.

C

nham qua diém cyc tifu

ctia ham s8.

D

nhim qua gia tri cyc tifu.

Buwéc 1: Can 6n lai tinh bién thién ciia ham s6 mii va logarit.

Budc 2: Chtt y didu kién co s8 ¢ €(0;1) va a>b>c d&co két ludn diing.

Tir gia thiét suy ra 2° > 2% > 2° = log, 2 <log, 2° <log,2° = A ding.

Phuong an B sai vi a<l
nhung 1-a chuwa biét nho
hon hay lén hon 1.

C

Chua biét co s8 b
nho hon hay lén
hon 1.

Chua biét co s6
D | 1-b nhdé hon
hay lénhon 1.

Nhan xét x>0 do trong biéu thitc c6 log, x . Ngoai ra log, x% =log,, x> =logg, x* =log, x.

Rut gon biéu thikrc dwegc A=0.

A

Saidiu. | C

Sai vi nham thanh log , b" = n? log, b (a,b >0;a# 1)
a

Budc 1: Dé cho ;—i(3~2i) = (i—2)2 = Tinh dwogc 2. Budc 2: Suy ra z, suy ra phén ao.

Tinh duoc z=(i-2)" +i(3-2i)=5-i=z=5+i=Phanaola 1.

{B ' Sai vi nham phian 40 ctia z . { C | Hiéu sai phan 4o. ‘ D ‘ Két hop sai ciaB va C.

Budc 1: Phan tich ham s6 f (x) vé cac hang tlr c6 thé€ 18y nguyén ham.

Budc 2: Ldy nguyén ham cia f(x) va giai diéu kién tim C.

Phan tich f(x)=
Vay ho nguyén ham ctia f(x) la F(x,C):lnlx—3|—1n|x—2l+C:111

Ta cé F(4)=1n%+C=O:>C=h12.Véy F(x):ln

1
x2_5x46 x-3 x-2

1

1

x—3
x—

x-3

+C.

+In2.

A

Sai vi nham

d&u.

B

Sai vi giai

C sai.

D

Sai cong thircla |

~E—~1——dx:]n}x2—5x+6l+c
x“-5x+6

Ménh dé (1) dtng vi 7z >1 nén bat phuong trinh khong di chiéu. Do d6 x<2x-1< x>1.
Ménh dé (2) ding vi v2-1<1 nén

(\/§-1>p 2<\E+1)q @(ﬁ—l)p Z(J—Z_—l)_q Sps—qop+tgs0.
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25.

26.

2 x>1
Ménh dé (3) 1a sai vi Inx? >0 < x* > 1 @{1> x
x<—
Ménh dé (4) 1a dang.

. S a1 . e e s (0<azd
Buwdc 1: Dat diéu kién cho phuong trinh. Cha y: log, x ¢6 nghia khi va chi khi { i .
Budc 2: Bién d6i phuong trinh d€ dua vé cac dang co ban thuong gap.

x=5>0
Pkix’>0 © ¥>5 Taco:
x>0

log ;5 Vx=5-logg 105 x3 =2log, x -1 <> log,(x~5)+log, x =log 2x2 ~log, 2

-2 -2 x=10 (tm)

<:>10g2[x(x—5)]=10g212~ <:>x2~5x=}‘~2- o x* -10x=0s 0 (ktnz)(do x>5)= S={10}

5 | S vi khong so diéu kién dé loai | Sai vi ép dung cong thirc sai
nghiém x=0. log 2x2 ~log, 2 =log, 2x%.

Khi ding trudce bai toan tinh thé tich khéi da dién, ma ta khéng A

st dung tryc tiép cdc cong thitc tinh the'tich da ¢ duoc thi khi d6

cac em chd y mét s6 hudng sau:

Hudéng 1: Phan chia khéi da dién thanh tdng hodc hiéu cac khéi

co ban ( hinh chép hodc hinh ling tru) ma cac khdi nay dé tinh

hon.

Huéng 2: Hodc so sanh thé tich khéi can tinh véi mot khéi da dién "

khéac da biét trude thé tich. ¢

Huéng 3: Cho khdi chép S.ABC , trén cac doan thing SA,SB,SC lan luot 18y cac diém M, N, K khac
Vsamk _SM SN SK

diém S . Chitng minh réng: =
Ve sc SA SB'SC

(Cong thiee 1) (CT1)
Ap dung céng thitc (1) ta cb
Vspom _SB SC SM _SM _ 1 1

S.BCM ~ LSBCA
Vs pca TSB'SC'SA  SB 2 2

Vsomy _SC SM SN _1_ ~ V
S.CMN ~— 7, YS.CAD
Veeap SC SA'SD 4

1 1
Suy ra Vs genm = Vs pem tVsomn = 'Z‘VS.BCA + ZVS.CAD (*)

Ngoai ra ta ¢6

(AD+BC)AB 342

1 >
Saasc = ~2—BA.BC = 7'SABCD = 5 T

A D
1 2
= Vsapc = 3 Vs.apcp = Vs.acp = 3 Vs aBcD
1 3a 3
Thé tich kh&i chép Vg,pep =-SA Sapcp = 3211 T—u -
B” C
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27.

28.

1 1 2 24°

Do dd Vg genm =:g $.ABCD +'é‘Vs.ABCD = EVS.ABCD = 3

Sai vi nhAm tinh thé tich ctia S.BCNM :
A | Vspcnm _SB SC SM SN _1 a®

= Vsponm = VS‘BCDA =
Vs Bepa "SB'SC'SA'SD 4 4 4

Sai vi tinh nham c6ng thitc thé tich khéi chop:

C 3u2 3
VSABCD = SA'SABCD = 211—-2— =3a

Sai vi tinh nham c6ng thitc thé tich khéi chop:

3[1 3
Vsapcp =SAS gpcp =24 5 T =3a
DVva i the tich cta SBCNM  nhu  sau
Vspenm _SB SC SM SN _ 1 3a3

VS BCNM ~ VS BCDA = 7 °
Vegeps SB SC SA 'SD 4 4 4

2
A= (mz + 1) >0,Vm . Tk day tim duwoc 4 nghiém cta phuong trinh [ z=tm;z==4i .

t B l Hoc sinh nham phuong trinh béc 4 thi sé ludn cé 4 nghiém thyec.

Budc 1. Thiét 14p m6i quan hé ting dén s8 theo ting ndm. Budc 2. Di dén cong thitc tdng quat.

29.

30.

Ti 1& téng dan s8 hang ndm la 7% thi dan s6 sau ndm s& tinh theo cong thie: P, = P, (1 +T(%] .

1 05 n-2014
Do d6 ta cé: Sau n~2014 nam thi dan s6 sé 1a: P, =90.725. 500[1+ 100 j .

Khi cudn tdm bia doc theo mét canh ctia hinh chi® nhat thi d6 dai canh d6 chinh 1a chu vi ddy cta
hinh try tao thanh. T chu vi ddy, ta tim nguoc lai ban kinh ddy.

Déi vé6i hinh hop chit nhat c6 d4y 1a hinh vuéng canh a, chiéu cao b thi thé tich 13 4?b . P8i v6i
_C
e

hinh tru c6 chu vi ddy 1a C =277 (rla dwong tron day, chiéu cao 1a b thi thé tich 12 V = h.r r?

Do dai déylalem, | | Do dai déy 122 cm, | | CPU Vi dédy la 4 em
A | chiéu cao 1a 8 cm. | B | chiéu cao 1a 4 cm. | C chiéu cao la 8 cm. Thé

32
Thé tich 1a 8 cm® Thé tich 1a 16 cm® tich13 —=~1019 cm®

Budc 1. Cong thite tdng quat phurrong trinh mat phang chita duong théng.
Buérc 2. Tix didu kién cach déu A, B tir d6 suy ra phuwong trinh mit phing.

x-2 y-1
, R —y-3=0
Dubng thing d duwocvidtlaithanh] 1 2 )2 7¥73=0
y=1 z+3 y+z+2=0
2 2

Phuwong trinh chitm mit phéng chita d 1a: m(y +z+ 2)+n(2x—y~—3) =0,m* +n* #0.

=2
Mait phang can tim cch déu A, B ta co: ‘m+n| —311m 4n; { 4m
=4m

Ttz day suy ra hai treong hop:
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31.

32.

33.

TH1. n=2m= 71; = (4; -1; 1) .

= 4[(«); Ox] = arcsin—— = 70°31"

Xét sin [(a);Ox]:‘cos(E;f) 71—;3— \/fé

TH2. 11=4m=>n, =(8;-3;1).
Xét sin [(a);Ox:l = lcos(@;f)' = —\;:4 = z.([(cz); Ox} = arcsin % ~62017".

Tt 2 treong hop ta ¢ max £ [(a) ; Ox} ~70%31".

l A ' Nhém vi tinh theo cosin } B r Nhém vi chon TH2 ‘ D ] Sai theoy AvaB

Giai phuwong trinh hoanh d6 giao diém duoc x=1; x=2; x=3.

szﬂﬁ —6x2 +1]x——6‘dx :ﬁx’ —6x? +1]x—6’dx+f3’x3—6x2 +llx—6|dx:—1~ .
1 1 2 >

A | Hocsinh giaira S = %

Hoc sinh khéng chia thanh 2 khoang, do véy tinhra S=0.

Hodc hoc sinh giaira S =% nhung lai tinh Sz =27

Buéc 1: Lap phuong trinh hoanh d6 giao diém ctia d va (C): x° ~3x+2= k(x—Z) +4
) x=2= A(2;4)
Buwdc 2: Phén tich va tich thanh phwong trinh (x— 2)(x +2x+1- k) =0,
x4+ 2x+1-k=0(*)
Buoc 3: x5,x- 1a 2 nghiém phéan biét ctia pt(*).

- Xp+Xe
Toa d6 trung diém M tinh theo cdng thic M= .
Yu =k(xp —2)+4

Xét phuong trinh hoanh d6 giao diém
¥ -3x+2=k(x-2)+4 & (x—z)(xz +2x+1—k) =0 [x: 2= A(24)
2%+ 2x+1-k=0(*)
Toa o B(xB;yB ),C(xc;yc) c6 xp, % 1a2 nghiém phéan biét ctia pt(*).
Xg+xc =22 xy =-1=yy =k(x)y -2)+4=-3k+4= M(-1;-3k+4).
Chi y: D@ bai yéu cau tim trung diém M nén cac em khong can tim diéu kién ctia k.

B | Nhadm xszB+xC:—2:>yM=k(xM—2)+4=—4k+4:>M(—2;—4k+4)

Sai cong thite t6ng 2 nghiém xp +x- = —-ZE =-l=xy, =
a

5

= Yy =k(xy —2)+4 =~—k+4:>M[—— —Zk+ 4]

dx 2 2x+1 dx

.Dit t= /2“ = =
(2x+1)(x+1 2x+1 (x+1)
x+1
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2tdt 21 |8 (0)=

1
Vay jm ——_,.Zdt Vay g(x)= — = g(l):l/z—g—:}g(o)ﬂg

34. Dung cac phép todn vé cong trir nhéan chia vé s6 phitc ta thu gon s6 phitc thanh z =a+bi (a,beR)

-2,

. Ttr d6 suy ra duwoc a+b.

Tac6 %: Pm =B 48 (1-i) = —2i = (1-1)'" =(-2i) =324 = -32i;
-1

(2+3i)(2-3i)=13.
Vay z=13-31i=a=13,b=-31=P=a+b=-18
A | Hocsinhchon a=13,b=31=P=44

C | Hocsinh tinh i =—i=z=13-33i = P =-20

D | Hocsinhtinh i° =—i=>z=13+33i= P =46

i—-m

35. Buwdc 1: Bién d6i sd phitc z = -
-m (m - 21)

dwavé dang z=a+bi.

Buwdc 2: Gidi phuong trinh zz= % =>m.

. 2 .
i-m (z——m)(l—m —2mz) m 1 ., - m 1,
= 2 T 2 . 2 N 2+ 212}2: 2 21.
1-m"+2mi (1—m +2m1)(1—m —2m1) 1+m® 1+m 1+m* 1+m
_ 2
Tacd z.z=l<:>»l+—m-—-2—=l<31+m2=2©m:i1.
(1+m2)
. Hoc sinh doadn phuon
Hoc sinh doan phuong Gidi sai phuong ) 1 P &
B| . -1 C | trinh D | trinh zz == c6 4 nghiém
trinh z.z=— v0 nghiém m. ) 2
2 m-=1<m=1. A 1A
m phén biét.

36. Buéc 1. Goi toa dd difm H e A . Buwdc 2. Tinh MH va bién ludn d€ MH 1a nhé nhét.

Tacdé HeA nén H(2~t;2+2t;~1+t).

Doan thing MH = \/2 £ +at? 4 (- 6 =6t —16t+40—f - §§>\/—'

4 214 1
Dé4u b a khi t=—. toadd H| =;—;=| .S aS~——
ang xay ra 3 Vay (3 3 3} uy r 3
Luuy:
) max f =—
Obude im min MH £ (¢) = 6t2 — 16t + 40— vINACAL —HEEE, £(x) = .
on'g

Hodc ghi nhé y = ax? +bx +¢ (2 # 0)—=2— miny = f( b)

2a

A Giéirat:%ji. B Giéirat=§3§. D Giéiratzi—.

37. Buoc1: Goi H(B + 2t;t;t) 1a hinh chiéu vudng goc ctia A lén d.
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38.

39.

40.

Giai phuong trinh XF{;{; =0=Toa d6 diém H.

Budc 2: Viét phuong trinh duong thing qua A va c6 VICP AH .

Goi H(3+2t;t)ed 1a hinh chi€u vudng géc cua A lén d. Khi d6 AH =(3+2t;t-2;t+2), duong
thing d co VTCP u, =(2;1;1).

Taco AHuy =0 2(3+2)+ Lt + 14 =0t =-1= AH =(1;-3;1).

x=t
Phuong trinh duong théng di qua A(O; 2; —2) va 6 VICP AH = (1; —3;1): y=2-3t.
z=-2+1

Cich khdc: Stv dung “phuong phép logi suy”. Do dudng thang di qua diém A (0; 2; —2) nén x=0

(loaiBvaDdo x=1,x=3).Laic6 A Ld= ;;;4; =0 (kiém tra phuong an C khong thoa (loai).

Nham khi dua vao phuong trinh
Nham cdng thic . i
X=3_Y Két hop sai

z PR
B | phuong trinh dudong | C | 4 S Tt toa do hinh | p

chiéu H(B,' O;O) = AH= (3; ——2,'2) .

. . cuaBvaC.
thang, thé s6 nguoc.

Tiém cin dimg cua d6 thi (C) la: x=2<¢>x-2=0. Tiém cin ngang cla d6 thi (C) la:
y=3ey-3=0.
Goi M(x;y) e (C) va cach déu 2 tiém cin ctia d6 thi (C) .

|
<=
It
[y
~—

3x-24_2|®|x_2|= e

x—-2

Ta co: lx—2|:|y~3[<:>|x—~2|=
X

x X =
o ——=%(x-2)
x—2 X =

Vay c6 2 diém thoa mén d@ bai la: M, (1;1),M, (4;6).Suy ra x; —x, =1-4=-3

Lwu : inh ¥ x; <x, = S=x; %, <0 (loai phuong 4n nhiéu A va D). j

A Sai vinham chon x; =4,x, =1=>5=4-1=3

C Sai vinham chon x; =1,x, =6=5=1-6=-5

Ta chting minh duwong ludn ¢6 mot mét cau di qua hai
duong tron d6. Tim moi lién hé. Sau d6 tinh R.

Goi I,] Tan lwot la tdm cta hai dudng tron va d;,d, 1a
truc duong tron ngoai tiép ctia hai dwong tron do. E la
trung diéfm AB. TAm clia mit cau chinh la giao diém
cia d;nd,=0. Vi hai duong tron ném trén 2 mit
phéng vudng géc nén d; Ld,Suy ra IEJO 1a hinh chi
nhét.

R=0A=JA2+]JO? = {2 + EI? = 2 + 1A%~ EA?

_[ 2.2 2
=B +1 —a

Céch 1: Chon hé s& C hop ly.
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u=1n(4x2+8x+3) du=
bat 1
dv= de o=
(x+1)
2
=4x+—8x;31n(4x2 +8x+3)’
2(x+1)
15 3

=—In15-=In3-4Inix+1!
8 2

Nhin xét:

ON LUYEN BE THI TRAC NGHIEM TOAN 2017

8x+8
4x* +8x+3

-1 4x% +8x+3

[+2] =

2(x+1)

4x* +8x+3

2(x+1)*

8x+8

o day chon C=2

;1
0 'g 2(x+ 1)2
15 3

. dx=15—1n15——?1h13—
4x* +8x+3 8 2

PAP ANPESO 5

1
.——4__dx
x+1

=§ln15~-—1n3 4In2=4=15,b=3,c=4=>S=a+b+c=22

1. Khi tinh tich phan 1, ta chon C =2. Nhung tai sao ta biét chon C =2 ,thi & ddy ta phéan tich nhw

sau: dv = dx=>p= -1 _ 2Cx% +4Cx+2C -1
(x+1) 2(x+1)° 2(x+1)
va ,Udu_.xz+4Cx+2C 1 8x+8
2(x+1) [ak? +8x+3

dx nén ta sé& chon C sao cho phén s6 nay t6i gian dugc,

nghialachon 2C=4<C=2
Céach 2: Giai bai nay bang phuong phép thong thudng nhw sau

u:ln(4x2+8x+3) du=28x—+8dx
. 4x°+8x+3 Y an
Dat 1 = 1 (& day chon C=0)
dv = dx 0=
(x+1) 2(x+1)
1 1
I=-—_}—zln(4x2+8x+3)1~« -1 5 28x+8 clx=-lln15+lln3+4j 1 dx
2(x+1) 02(x+1)" 4x” +8x+3 8 2 0(x+1)(4x2+8x+3)
1
Tinh tich phan K = | dx .
o(x+1) (4x +8x+3)
1 1 A B C

Dit: (X+1)(4x2+8x+3)_(x+1)(2x+1)(2x+3) Tr+l 241 2x43
=1=A(2x+1)(2x+3)+B(x+1)(2x+3)+C(x+1)(2x+1) (*)

Chon x Ian lwot 12 x:-—l;x:-%;x:——i— thay vao (*) ta duoc: A=-1,B=C=1

1 _ 1 -1 1 1

Khi do: (x+1)(4x2 +8x+3) ~(x+1)(20+1)(22+3) T%rl 2041 2x+3

:ll E*1112
3

1
K= J'[ ! + dx_( Inlx+11+= 1n|2x+1|+ 1ni2x+3|
0 x+1 2x+1 2x+3

Vay 1=21n15-31n3-41n2
8 2
Qua céc lam théng thuong nay , ta thdy duoc viéc chon C =2 thi cach lam don gian va dé dang hon
rat nhiéu.
| A | Sai vinham chon a=15,b=-3,c=—4=5=8
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41.

Budc 1. Binh phuong biéu thitc ham s&, dat &n phu va tim diéu kién an phu. Buéde 2. Tim Min -

Max ro6i két luan.

42,

43,

Tacd f(x)20,vxeR do d6 binh phuong hai 1én ta c6:

fz(x) =2+8inx +cosx +2v1+sinxy/1+cosx =2 +sinx +cosx +2v/1+Sin x + cos x + Sin xcos x

2
o . . -1 .,
Dat t=sinx+cosx = sinxcosx = 2 va co te[—x/Z;x}Z].

2_
Xét ham sd F(f)=2+t+21{1+f 5 1+t=2+t+\/5[t+1[. Ta c6 bang bién thién sau:

1 -2 -1 vz
F() - +
4-2V2 _ 4+2V2
Fl1) T _—
\\ l //

A | Sai khi kétluan M =4+2v2,m=4-22 . | B | Sai vi chua khai cén.

Luu y mot s§ phuong phap giai phuong trinh , bat phuong trinh logarit:
1. Phuong phép bién d8i dua vé cing co s6.

2.Phuong phap dat 4n phu.

3. Phuong phap logarit hoa.

Trong bai toan nay ta sir dung phuong phap logarit hod.

Khi x>1:

(log,s x)k’ggx <le ln[(log25 x)bggx} <Inl < logg x.ln(log25 x) 0« 111(10g25 x) <0
< logyx<1le1<x<25

Téng cac nghiém nguyén 1a: S=2+3+4+.....+25=324

Sai vi nham tinh o » Sai vi khéng tinh nghiém
R n Sai vi khong tinh nghiém . .
A | thém nghiém | C D | x=25, va du nghiém
x=25=5=299
x=1=5=325 x=1=5=300

Budc 1: tinh dao ham va dling phuong phép ¢6 1ap m d€ khao sat ham két hop d6i bién

Budc 2: dua vao diéu kién ctia bién méi, bién lun max — min suy ra gia tri m thich hop.

TXD: D=R, y'=m—3+(2m+1)sinx=(25inx+1)m+sinx—3.

Dat t=sinxe[—1;1] ta co y'=(2t+1)m+t—3.

s Khi 2t+1:0:t=——;—:>y'=—%£0:> HS nghich bién trén R.

s Khi —1st<-1, tacd ycbt < y'<0,Vte —1,-—l Somz -t .
2 2 2t+1
< 3t , -7
Dit gl(t)ziﬁggl (t):—————2<0:>mZmaxgl(t):gl(t)=g(—1)=~4-
+ (2t+1)
.1 . . 1 3t
= Khi-=<ft<ltacod yobt < y'<0,Vte|-L;~~ | m< .
2 2 2t+1
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3-t 2
bat g (t)=——=g;'(t)= <0=>mzming (t)=gt)=g(1)==.
it &1 (t) = 7= a'(t) ety silt)=8(t)=3(1)=3

Do d6 tit cac trieong hop trén ta két ludn —4 < ms—é.

44, Buw6c1l: Tacod thétich V=Vg, +2V, . =V, +V , = 7f7‘2h+§ﬂ1’3 (bi€u thikc cho ta quan hé gitta
2Dbién 7,h thong qua thé tich V. Bubc 2: yéu cau bai toan < S, =St T Sxgeau =27th+4xr? (tinh
h theo r) va xét ham tim min cta S. (Luuy h20)

4 3
V——nr
VeV 42V, =Vy 4V, =arthe s ap-—3 V4
3 mr? z* 3
) 2V 4,
yebht < S, =quml +S qeau =2nrh+4nr :27rr(h+2r)=-;-~§7rr .
Xét ham s6 f(r):ﬂ~ém'2 :>f'(r)::2l—§7rrﬂto—~>r=3§—z .
t 3 rz 3 4z

45.

46.

47,

48.

Lap bang bién thién ta suy ra minS = minf(r) = f[?/i—v] .Khido h=0.
7

B | Sai vi nham cdng thirc tinh thé tich khéi tru thanh tinh dién tich xung quanh.
C | Sai vi nham cdng thitc tinh dién tich xung quanh khdi cau thanh khéi nén.

y'=25"-4.15" +3.9%, phuong trinh y'=0 c6 2 nghiém phan biét.

139 21 7

Giao diém ctia dudng cao va mit phing () 1a dinh cta hinh chop, c6 toa d6 (;8—% i

] .VICP

cia dudong cao ciing la VIPT cta mit day, tx d6 viét duoc phuong trinh mét ddy la
4x—-3y+3z-15=0.
Tinh thé€ tich khéng chia cho 46 Tinh thé tich khong Tinh thé tich

B C
16n VTPT, va cling khdng chia 3. chia cho d616n VTPT. khéng chia 3.

A

Budc 1: Goi s8 phttc z=x+yi,(x,y €R) c6 diém biéu diénla M (x;y)
Budc 2: Tl hinh vé& d& bai cho, ta xac dinh duoc phan gach chéo trén hinh gi6i han boi hai dudng

tron va dudng thang. Tir d6 ta suy ra duoc diéu kién ctia s8 phiic z.

Goi s6 phttc z=x+ yi,(x,y €R) c6 diém biéu dién1a M (x;y). Tt hinh vé ta thdy phan gach chéo

gi6i han xung quanh boi hai dudng tron ¢6 tam 1a O , ban kinh Tan lwot la va& 2 va dudng théng

-1
y=-7-

A, C | Saivi 1<|z]<4 suy ra gi6i han boi dudng tron c6 ban kinh 1a 16

D Sai vi ph#n 40 ctia z nho hon hogc béng -—%

Budc 1. Tim diéu kién gifta m va c. Bwéc 2. Giai phuong trinh toa d6 giao diém. Buéc 3. Ap dung
cong thitc tinh tich dién tich béng tich phan.

D6 thj ham s6 y =mx+c di qua diém (-1;0) nén O=-m+c=>m=c.

x=-1

Phwong trinh hoanh d6 giao diém la: mx+m = 2 +2x+3 { 3
x=3-m
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49,

Hoanh dé giao diém thu hai ctia hai d6 thila x=3-m.

Do dién tich phan t& ddm bing % nén ta c6 phuong trinh:’

3 9 - @2-m)x? o 9
'[ [—xz+(2—m)x+3~m]dx=—® e e (3= )X ==
v 2 3 2 , 2
= (3 m) + (2=m)(3-m) +(3—m)2 - l+ (2=m) +m=-3|= 2
3 2 3 2 2
b= %(—7113 +12m% —45m + 54)—(:}9%%] = % o - +12m% —48m+37 =0 m=1

Budc 1. Tinh dao ham y' cho y'=0. Budc 2. Tim diéu kién d€ d6 thi ham s6 ¢ 3 cuc tri va tim toa

dd cac diém cuc tri ctia d6 thi ham s8. Bwédc 3. Xt ly yéu ciu bai toan.

50.

x, =0
Tap xac dinh: D=R. y'=4x3—4(m2—m+l)x;y'=0<:> x3=\/nzz—m+1 (% <x,<x3)
X = —Nm?—m+1

Vihés6 a=1>0 nénham sd dat cuc tiéu tai x;,x; (hodclap BBT)

2
Khoang céch gitta céc diém cuc tidu: d=2vm? —m+1=2 (m _—;jj +%

1
= mind=\/§¢:> m-—%:O@ m:%.Véy §=32 +2017+2.—;—=2019,732051z2020.

Budc 1. Dién tich 14 beo ting theo thoi gian. Budc 2. Dién tich ca mét ho. Bwdc 3. Tinh thoi gian khi

dién tich béo bing ntra dién tich mit ho.

Goi a>0 la dién tich 1a béo dau tién. Khi d6 ctt sau 50 phut thi dién tich béo ting 8 Ian. Do dé dién
t
tich béo ¢ thoi diém ¢ (phit) chinh la ham mi: 2.850 .
15%60
Vay sau 15 gio thi dién tich12: 2.8 50 =78'8.

Thoi diém khi dién tich béo bang ntra dién tich mat ho 1 nghiém ctia phuong trinh:

t £ q18
2.850 = la.818 < 850 = L ot= 2650 phut. Vay la 265 gio.
2 3 18
A Sai vi chwa d6i B Sai * vi chua D Sai vi tinh sai dién tich
ra gio. nhan 50 phdat. camathd 4.8%°
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C DAP AN BE 6

1 2 3 4 5 6 7 8 9 10
A D B C D A C B A C
11 12 13 14 15 | 16 17 18 19 20
C A B B D C A A A D
21 222 | 23 24 25 | 26 27 28 29 | 30
B A D C D A B D D A
31 32 33 34 35 36 37 38 39 | .40
B A C C B C D D A C
41 42 43 5 44 45 46 47 48 49 | 50
B B D B C B A C D A
1. X&Twy =geR=y=a la1ldudng tiém can ngang.

lim y =+ nén ta khong két luén duoc vé tiém can ngang va ding.
X—>=00

lim y =400 => x = x, la tiém can ding.
X=Xy

MX+1

2
2. 2nguyén ham co ban: J. g gy = 2 va .fbxdx = b% .

mlna
A Sai nguyén ham B Tinh toan sai & c Sai nguyén ham ham mfi
ham mii. cén 0. va tinh todn sai & can 0.

3. Mot vecto chi phuong ctia 4 la 1-4_; = (3; L 1) .

‘ A t chon nham vi tri diém di qua. ‘ C,D ’ nhin nham vi tri.
(-1)=0 (1)=0
4. Dua vao bang xét ddu ta c6: A va £ .
f'-1<0 f'@=0
Do d6 x=-1 14 cyc dai ctia ham s6 va x =1 13 cyee tiéu ctia ham s6.
Sai vi hoc sinh nhin f"(x) Sai vi nhén biét
. R 0 Nham gia tri nho nhat
A | c6m6tsS 0 khi d6sénhan | B | nham f'(xg)<0 | p | 5 &
, . . o voi gia tri cuc tieu.
thay c6 1 cuee tri. thi x, la cyec ti€u.

5. A sai vi kh&i ch6ép S.ABCD sé duoc chia thanh 1 khoi chép nhé hon va 1 khéi chép cut. B 1a phan

vi du ctia C va ngroc lai.

A Chia thanh 1 kh&i chdp - C6 thé chia thanh 2 c C6 thé chia thanh 2
cyt va 1 khéi chop. khéi chép tam gidc. khéi chop tt giac.
6. Dua vao cdng thiic tinh thé tich khdi lang try, suy ra A ding.
23x
X+ — 3x
3In2  3xIn2+2

7. Flx)= x)dx = =

()= [ £ =— 6in2

Cich khic: Cc em c6 thé ding MTCT d@ tinh dao ham F'(xy) so sanh véi f(x ). O day ta c6 thé

chon x, =2

Wi

: | Y A A N
A | Sai vi nhé nham cong thitc ctia ¢*. | B | Sai vi quén hé s8
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8. z=5-4i.Vay phan thuc béng 5 va phan ao bé‘mg -4.

i A | nhém phan éola ~4i . ] C i nham phan ao la 47 ; D i nham phan thirc va phan ao.

9. Cong thirc ménh dé A sai vi a* =b<>x=log,b.
10. (5) (x-1)" +(y-2)° +(z=3)* =4 O bankinh 1a 2.

\2 52 2
Q (2x—3)2+(2y+5)2+(7—22)2:léo(x—gj +(y+§} +[;~-ZJ —4 cobankinhla2,

(R) x* +y? +2% ~2x+4y—62+10=0 c6 ban kinh V12 +22+32-10=2.

(T) x* +y* +2* ~2x+8y+4z+5=0 cd bankinh V1> +42 +22 -5 =4

Sai vi xem cac phuong Sai vi xem (2) khong Sai vi tinh ban kinh

A | trinh con lai khéng phai | B | phai la phuong trinh | D | ra4 ma tudng chua

1a PT mét cau. mét cau. khai can.

! ! 7 7 A re z ] A -
11. Budc 1: Van dung cong thiic (uv) =u'v+uv’ va (e”) =u'e" d€tinh dao ham. Budc 2: Tinh xy' r6i

xem m&i quan hé.

2 2 2

Ta céd y':e_7 ~x% 2 :(1»-,\‘2){7 :>xy‘=(1—x2)y.

Cach khac: Dung MTCT thtr tai x=1 loai duwoc A, B. Thur ti€p tai x =-1 taloai duoc A, D. Suy ra
con C.

A | Nham c6ng thtic (uv)l =u'v—uv' D | Nham cong thiic (uv)’ =u'v'.

12. Budc 1: Nhén xét khi ham s8 y = f(x) xdc dinh va lién tuc trén [4;b] thi ham s8 y = f(x) c6 gia
tri 16n nhat va gid tri nhoé nhat trén [a; b] .

Budc 2: Chu ¥ ring 4 két ludn A, B, C, D chi két luén trén tap [4;h).

Ham y = f(x) lién tuc va dong bién trén [a;b) nén ta cé f(zz) < f(x) < f(b),‘v’x € [a;b) . Suy ra trén
nira doan [4;b): ham s3 c6 gid tri nho nhét 1a f(a), nhung khéng c6 gi4 tri 16n nhat.

13. Tacd ].I(Zx - 6)dx = (x2 -—6x)
1

" :(mz —6171)»(1—6)=m2 —6m+5.
1

43
my =—
Theo bai ra, 6 m* —6m+5= _23 o 10 Do do ta c6 2my ~3m, = 7
100 17 2
My = —
10
14. Khi giai bat phwong trinh logarit chti y d#t diéu kién va co s8 16n hon hay nhé hon 1. |
Diéu kién: 3x-1>0 < x>%; log (3x-1)>3<:>3x—1<%<:> x<—§. |
2 |
|

Két hop diéu kién suy ra nghiém ctia bat phuong trinh 1a —;— <x< % .

Céch khdc: Cé th€ st dung MTCT d€ giai nhanh bai toan nay. Nhap MODE + 7 (TABLE)
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15.

16.

Sturt:X:1
3
. 5 13
Nhap £(X)=logy (3X ~1)-3——>¢End: X =2 = f(x)>0,vxe 38 )"
2
Step:X:—l— 5 1
15(8 3
A | UERKEEROP | o (3x-1)>363x-1> S x>0, | p | Nhicuddpdnnéy
digu kién, 2 8 8 thir d4p 4n 1én

y' =x* +mx—2m?, A=9m* >0 (‘v’m;tO) suy ra ham s§ cé cuc dai va cuc tiu. Ngoai ra

c N . o
£ = _2m? <0 nén hai diém cuyec tri trai d&u.
a

(A | nham m? >0 m<0. [ B nham m? >0 m>0. | C | sai khi ding dinh 1 Viette.

Pua z, vé s8 phiic lién hop roi tién hanh tinh toén.

17.

18.

19.

20.

21.

Tacb 2, =—3+2i . T d6 tinh w=i(2+3i)+(1+i)(-3+2i) =-8+i. Vay Juw| =65 .

A dua z, vé s8 phuc B Chuwa khai cén khi - quén dua z, vés6
liénhop la 3-2i. tinh modun phtic lién hop.

log ; b ~3log 5 b° = 4log, b—%Sloga b=-log,b=-m

Cich khdc: C6 thé thit lai véi a=b=2=>m=1. Khi 46 10g& b2 —-3log 4 b® =-1=-m. Ta chon
a

dugc dap an A.

B log 1 v? —C’ylogu3 I =-;—.210gab—§.5loga b=-4log,b=-4m.

Buéc 1: Khéi non 6 bén kinh day 7 =a, dudng cao h=av3 .

Buéc 2: Ap dung cong thic tinh thé tich khai nén V = é—.ﬁ.rz 5.

3
Tinh nhanh V = Lzs? = L3 = 273
3 3 3
| sai cong thieth | _ Sai 4 dai duong . Sai cong thite
1
tich V =72 h cao h :u—@ V==xr2l
2 3
Dua vio db thi nhan ra disu kien | ™ 1= e |70,
m+1>2 m>1
chi thdy diéu kién: . . |m=1
B C nhim m+1=3<m=2. | D |nham .
m+l>2<m>1 m>2

VTCP ctia dudng théng phai vudng goéc véi VIPT ctia mét phéng (ki€m tra béng tich v6 huéng),
dong thoi mot diém bat ki nam trén dudng thang (chon diém gdc) phai nam trén mit phing.
Diém gdc thoa, VICP 14y VTCP thoa, diém Diém gdc thoa,

. B C
nham 1& VTPT ctia méat phang. gOc khong théa. VTCP khéng thoa.

A

y=-2x* +2017 . Tap xacdinh: D=R.Taco: y'=-8x> ; y' =0 -8x° =0 x=0
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x —0 0 +0
y' + 0 -
¥

Vay ham s6 nghich bién trén khoang (0;+00).

lA ‘Saivinh”élm y'<0,VxeR . ’D

Sai vi chon nham qua dong bién. ]

22. Buéc 1: Goi toa d0 tam I(O; a;O). Budc 2: Giai phuong trinh [A=IB=a=1.
IA=1B & (-1-0) +(-4-a)’ +(2-0)" = (-1-0)* +(0-a)’ +(-2-0)* = -20=4 & 1(0,-2,0).
5 Nham I 13 trung c Hiéu sai tAm I thudc truc bl 2mcaeacre I(O; 2;0).
diém AB. Oy, suy ra I(O; 1;0) .
23.

24.

@2“/3]“« 3 i2-0e(2443) —3(2+43) +2=0
no[3] et

<

(2+\/§)2x =1 [xl =0
(2+\/§)2x:1

Suy ra (2+\/§)x1 +(2+\/§)x2 =1+42.

x, =log, N 2

L 2
A | Tinh sai (2+x/§)7- 8243 =2,

B | Hocsinh nham (2—\@)xl .(2+x/§)x2 =(2—\/§)(2+\/§)=1.

1
C | Tinh sai (2+\/§)510g2+\/§2 :%.

St dung cac kién thitc vé tap xdc dinh ctia ham liy thira ¢€ tim nhanh tap xdc dinh ctia ham s6.

Céc ham s6 (1) (3) (5) ¢6 tap xdc dinh 1a D= (2; +00); cdc ham s8 (2) (4) ¢6 tap xac dinh la R\{2};
ham s6 (6) co tip xac dinh 1a R.

3
25, AC=a=A0="4B="2 o502 vy-Laprs0-2
2 2 2 3 12
3
A | Nhim canh AB:u;ACza\/E;SO=%/2;V=%.AB2.SO=a f
9 L'l3
B | Sai cong thitc thé tich V = AB2.SO -
M o FaND)
C | Nham canh AB=a va sai cdng thtic thé tich V = AB*>.50 = 5
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26.

27.

28.

29.

30.

x>0 x>0
PKXD: {  log,x¥>0 { x>1 ox>%2.
log, (log2 x81) >0 xB1>2
Ta co }:ap’t<:>log3(log2 xSl)<4<::>log2 B gleo2<x<2.
Xét bai todn t6ng quat, dit ban kinh ctia miéng ton 12 a=>50cm s

Goi ban kinh d4y va chiéu cao ciia hinh nén lan Iuot 1a x,y(x,y >0).Ta

c6 SA=SH? + AH? =% +12
Khi d6 dién tich toan phan ctia hinh nén la Stp = x>+ nx\/xz + y2

4
Theo gié thiét ta c6 x* + ﬁx\/xz +y2 = 0% & x\x* +y2 +x?2 =4°

4

@xw/x2+y2=a2~x2<:>x2<x2+y2)=a4+x4—2u2x2,(DK:x<a)©x2= 2a2 5
y*+2a
. 1 a* 1 4y
Khi d6 thé tich khéi nénla V =—z. Yy=gma .
3 y2+2427 3 424248

y2+2a2
V  dat gid tri 16n nhdt khi va chi khi Z———dat gid trf nho nhét Ta cd
Y

2 2 2 { 2
y_+2a :y+2ﬂ—22 y.2L=2x/—2_a
Y y y

2
Vay V dat gi4 tri 16n nhét khi va chi khi y =2, ticlay =ay2 = £ =2 = 250m .
y

z=(V3 +1)4 -(v3 +1)4L 1+(14)° =i, ma 2017 chia 4 dw 1 nén iV =i.

A Nham véi truong B Nham véi treong hop c
hop chia hét cho 4. chia 4 du 2. hop chia 4 du 3.

Nham véi trudong

mx2_(m2 +2)x+2m ~ (x—m)(mx—Z) _mx~-2

7 X —m?  (x-m)(x+m)  x+m

. Tinh céc gidi han va suy ra d6 thi ham s6 c6 1

tiém can dimg la x =-m valtiém cdnngangla y=m.

Suy ra giao di€m 2 duong tiém cén [ (~m; m) .

A Hoc sinh xem dwong thang x = m c Sai phuong trinh duong thang
ciing 1a 1 tiém can dieng. chita giao diém 2 tiém cén.

Budc 1: Goi M la trung diém day cung BC. Ching minh duoc BCJ_(SMO). Suy ra
BC 1 SM => S, gpc =—;-SM.BC.

Buwéc 2: Chiing minh duoc géc gitta mét (SBC) va day bing géc SMO=60". Suy ra do dai
SO SO

;OM = .
sin60° tan 60°

SM=
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31.

Buéc 3: Tinh duoc SASB(f:l' 50 2MC = 50 NP -OM? = 5 5
2 sin60" sin 60° sin60 V tan? 60

Thiét dién qua truc la tam gidc vudng can canh huyén bang 202 . Suy

2032
NA

BC 1 OM
BC L SM

ra hinh nén ¢6 duong sinh | = =2a,dudngcao h=r= u\/—Z-.

Goi M la trung diém BC. Ta cé: { = BC1 (SMO) = BC LSM.
Goéc gita mat (SBC) va didy bang goc SMO =60°. Suy ra
sM=—" _om=-—"__

sin60° tan 60°

Dién tich can tinh:

1

M T

1 SO SO

1 2 2
Sasnc =5 SMBC =35 2MC = —— 5. r* ~OM c
__So_ 7,2_[ S0 JZZ W e W 42
sin 60° tan 60° sin 60° tan? 60° 3
Sai ban cong thirc dién tich Nham dién tich ctia tam gidc thiét dién
? Syspc = SM.BC = 8“23‘/5 : © | quatruc Sype :%(za\/i)z =24%\2

Goi Ila trung diém cta AB .Tacd SI L (ABCD)

Hinh chép SABC c6 mét bén (SAB) vudng goc véi mat day
(ABC).

Goi R la ban kinh mét cau ngoai tiép hinh chép SABC, khi

2
doétacd R= Rg‘ay +R,,7 —(g—j véi Rday la ban kinh duong

tron ngoai ti€p tam gidc ABC . Vitam gidc ABC vudng tai B

AC a\/i

2 2
d 1a doan giao tuyén ctia hai mit phéng (SAB) va (ABC) néntacd d=AB=a

nén Rdaj

R, laban kinh dwong tron ngoai tiép tam gidc SAB. Tatinh R, dwa vao cdng thirc sau:

Soup = ASBAB iy Jar? ¢ AD? = “\/— SD?-ID? =24.
4Rmb
SsaB =—21—SI.AB =—21~2a.a =a%;SA =5B=SI* +IA* =ga
Tacd Sgup = SASB.AB of=-2 2 R, = Ea .
4R, 4R, 16

2 2 2 2
. ) d 17a NoY: a)  a353
vay = Rd”ﬁR"’bZ*[EJ :\/(F] +[T) _(EJ “T16
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32. Budc 1: Cong thiec nghiém cuia z;,z, . Budc 2: Tinh 212 -2, = Phin 4o la tung d6 diém M.

33.

A ey = (i) (i) = -me1-(142m)1

22 —2mz+m? +1=0< .y
Zy =M+1

Phian &o: —(1+2m)

B | Nham 1+2m | C | Nham —(1+2m)i D | Nham (1+2m)i

Budc 1: Tinh tich phan bing phwong phép timg phan. Bwdc 2: Tinh tich S.

34.

Lo ju=x du =dx
bat = L
dv=(1+cosx)dx  |v=x+sinx

4 2 « 2
Ta duogc I=[x(x+smx)]g—j(x+sinx)dx=7rz-[%——cosx]o =~7£2——2 . Vay a:%,b=—2. Suy ra

0
S=-1.
T A-b
Crich Khic: Stt dung MTCT tinh [ x(1+cos x)dx ~2,9348 —HRAA 5 A= ar? 4 b= 0= -
0 a
Start : X =-8 X=-2=}b
. A-X
Xét a:f(Xzb)z —>End:X=8 = ) 1
4 Step: X =1 f(2)=7=a
2 o2
A Sai vi sai nguyén ham ctia sin, tir d6 =77 - reosx| =—-+2.
0

Budc 1: Diza vao bidu thikc im z . Bwdc 2: Thay vao tim w. Réi tinh lw| .

35.

36.

2 3»~2' . _ . .
(2+i)z+—(—~2:3i+2<::>z=9+81.Suyrai:g 8 Tinh w=—2 =212 vay [u]= Y2
2+3i 5 5 2i+z 9 9 9
[ A [Saivitnhmodunciaz. | B | Sai vi chuyén vé quén ddi ddu. |

Gia st dndy =N = N(2-3t;3+242+5t) = MN =(-3;2+2t;1+5t)

—_— - —_— >
did < MN Lu (voi U = (3; 1;1) la vtcp cia dp) = MN .u; =0

<:>—9t+2+2t+1+5t=0<:>t:%

9
xX=2-=m
— (9 _17 2
d qua M vacovtepla MN =|~2;5—- | = d:iy=1+5m (meR)
17
z=1+—m
2
Sai vi méi di qua diém va Phuong an nhiéu théng thudng méi
A vudng goc voi d; ¢ chi vudng géc d; va qua diém.

Buéc 1: Tim diéu kién d& d6 thi ham s6 cit duong thang tai 3 diém phén biét.

Budc 2: Tim didu kién d& x> +x2 +x2 <1.
1 2 3

Phuong trinh hoanh d6 giao diém la: x® 2% +dmx+3=x+3.
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3 52 2 1 =0
< x7 -2x +4mx~x=0<:>x(x ~2x+4m—1)=0<:> )
x —2x+4m-—1:0(*)

D& db thi ham s6 cit duong théng tai 3 diém phan biét (*) 6 hai nghiém phéan biét khac 0, nghia

. JA'>O m<§ .y R |y txy =2
a p== . Khi do theo dinh li Viete ta co: .
l4m—1¢0 [m;&l Xyxy =4m—1

Tac 17 +x3 +25 <1 (x, +x3)2 —2%,%, £1<:>4—2(4m—1)sl<:>n'12§.

So sanh diéu kién trén thi khong c6 gia tri m nao thda man.

37. I(e”xz )dx S| X2 2 , ngoai ra ¢™x* >0,¥x >0 nén nguyén ham cta né dong bién
a P
trén (0,'+00) .
Xét sai tinh tdng giam ctia nguyén Xét sai tinh ting gidm Quén trir
Ao B C
ham va quén trir cho F (0) . ctia nguyén ham. cho F (0) .
38. B'C'=BC=va*+4a® =a\/§:>A'D=%@.
AR O —60? :
(BA(A'B'C"))=£BAD=60 BD = a15
6
3
Sapc =%.a.2a —a® =V =BDS, 5 =”—*6/1—_5".
A | Tinhra BC=5a.
B | Hocsinh nhAm AB =2a, AC =4a
C | Nham sang cdng thirc thé tich khoi chép.
39. Budc 1: Theo gia thiét, xe ding han sau 20s : 0(20) =0=>v, =-20a . D€ tinh v4n t6c ban d4u ta
20
phai di tim gia t6c a. Budc 2: Dya theo y nghia vat Iy ciia dao ham thitacé S = -‘.0 v(t)dt , tinh duoc
S theo a. Bu6e 3: Sit dung gia thiét quang dudng dé bai cho tir d6 tinh dugc a va suy ra v,
v(20)=0=> v, =—20a.
N
" . 20 20 20 t
Dong thoi S = .[o o(t)dt= Jo (v, +at)dt =aj0 (~20+¢)dt m[—ZOHE} =-200a
o
Tacd S=120=a :—0,6<m/sz) =7, :12(711/5)
‘ B ‘ Sai do 1dy quang duong chia thoi gian ’
40. Buwéc 1: Tim M . Bwde 2: Tim vecto chi phwong. R6i viét phwong trinh duong thang.

Xét phuong trinh 2(2+t)+(1-t)+(2-3t)-1=0<>t =3. Vay M(5,-2;-7) Dudng thing A vudng
goc v6i d va ndm trong (@) nén a, Ldy,d, L7i,. Do d6 ay =[d,,7, |=(2-7;3). Vay phuong

x=5 y+2 z+47

trinh duong thing A 1a

2 -7 3
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41.

42,

43.

44.

‘ D ‘ LAn 16n gitta vecto chi phuong va diém di qua. i

(I) : Tap x4c dinh D =(0;+00). Tac y'= LR = ! <0,Vx &(0;+w)

1 1 1
x1n~2~ (x+1)1n§ x(x+1)1n§

Vay ham s6 nghich bién trén tap cac s thye duong.

- e 0

1 ]x:[\/€+\/§ "

Jo_5 2 ] dong bién trén tip xac dinh vi

V)y:y= (\/— \/—) (\/ﬁ+\/ﬁ)x=1 suy ra (IV) sai.

n=(111) 1amot VIPT ctia (). Goi I la trung diém cua AB=1(5;2;5)

>1

V6++5
2

(III): Hams6 y = 2"".[

Tac6 MA-+MB=2MI = [MA+ MB|=2MI
[MA -+ MB| dat gié tri nho nhdt <Ml nhonhét <>M la hinh chiéu cia I lén (a)
Goi A la dudng thing di qua I va vudng géc (a)

x=5+t
= A diqua I vanhin n=(1,11) m VICP = (A):{y=2+¢
z=5+t

Goi M lahinh chiéu ctia I 1én (a) = M=An(a)

Toadd M théa: 5+t+2+t+5+t +3 =0=>t =-5=>M (0;-3;,0)=P=0

‘ A l Sai vi chon nham x,;, 2y j C ] Sai vi chon nhim qua diém 1. ‘

D& dang kiém chting ham s ¢6 3 cuc tri va ham s luén duong trén R.
x=0
y' =8x° —18m*x;y' =0 = » 9m

2
Ham s8 c6 2 diém cuctri < y'=0 c6 3 nghiém phan biét <:>x2=—9—%>0c>m¢0.

2
2
Mit khac: y =2x* —9m?x? +11m* +1= 2[x2 ——9-2‘-] —7-3;-?—-+ 1>0,Vm . Suy ra db thi nim phia trén

truc hoanh.
\ A \ Xét sai tinh don diéu. ] B,C \ Xét sai d&u ctia ham s8.

(I): Néu log3=p,log5=¢ thi log3=—" +q
prq

log 30 1+log3 _1+p .Suyra khang dinh (I) sai.
log15 log3+log5 p+gq

Ta co log,; 30 =
(IT) : D6 thi cfia hai ham s8 y=a" va y=-log, (—x) d8i xtmg nhau qua duong thing y=—
Goi (Gl) va (G2 ) Tan luot 1a &6 thi clia cacham s8 y =a" va y =-log, (—x) . M, (xo; Yo ) lamot diém
bt ki. Khi d6 diém d6i xing cia M qua duong thing y=-x1a M'(~yy;=%, ). Ta c6
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45.

46.

Me(G,) = yy=a"0 < x; =log, y, < —x, =-log, [—(—yo)]: M'e(G,)
Diéu dd ching to (Gl) va (Gz)d()’i xtmg nhau qua duong thang i =-x. Khang dinh (1) dang.

X -X

() : Ham s@ y = 2 dong bién trén R.

Téap xac dinh D=R. Ta c6 y':%Z"‘ 1112+%2““' In2>0,vxeR

X —-X

Vay ham s6 y =

déng bién trén R . Khang dinh (1) dting.
(IV): Hams8 f(x)=¢"+e"c6 f(2017) (x)=e"+e™ .

Taco f'(x)=e =™, f'(x)=e"+e", f"(x)=¢" —e'x,,.“,f(zom (x)=e"—e"
Vay khéng dinh (IV) sai.
Budc 1: Tim diéu kién d&€ ham s& nghich bién trén (0,' 1).

Buwdc 2: Tim diéu kién d& ham s& dong bién trén (3;4) .

Pao ham y'= 3x% —6mx -2 . D& ham s6 nghich bién trén (0;1) khi va chi khi y'<0,Vxe (0;1)

3x2 -2
<=

<m,Vxe (0;1) &m —é— .
D¢ ham s8 dong bién trén (3;4) khi va chi khi y'>0,Vx &(3;4)

2__
o3 ZZTTI,VxE(3;4)<:>mS%§.Véy 1Sm£%§ i

6x 6

| A | khong déy cac dau mat khi giai. | B | sai digu kién ther hai. |

Phwong trinh ctia duwong tron cd dan %%+ =8 . Nira dwdng tron phia trén truc hoanh cé phuon
g g g Y g 1% P &

trinh 1&: y=V8-x% . Dién tich hinh tron 1 S=7R? =87
Ta tinh dién tich S; ( Phan gach chéo trén hinh vé).
Phuong trinh hoanh d6 giao di€m cta Parabol va ntra

duwong tron phia trén  truc  hoanh  la

2
8- x? =%—:>x=i2

2 2 2 2 ,
Sy = [|V8-22 - |ax=2f| V8 -2* - |dx — ' —
A 2 0 2 3 6 A4 i 8
2 2
2
Ta cé I—x—dx=~~1—x3 __4 41
172 6 o 3

bat x= 2\/£sint =dx= 2\/§costdt.

w

2 n
j\/8~x2dx= j\/8—85in2 t2x/£costdt=8
0 0

cos? tdt

O [y

T

4 T
=8j1—+593%5dt=8 L Y anot [T =242

172 2 4 0
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Vay S, :2(n+2—§}=zﬂ+-§-.n 6 S, =5-5, =87r—27r—§=6f:—%,vﬁ 5, _97-2

Wy S, 3m+2
2 2
1 52 _
A Saiv‘ltl’mlr\sai.[—E—ulxz——x2 =~1;51:27r+2:>52=675-—2:>~s~3-=3” 1
. 2 4" o S, m+l

47. Buwoc 1: Gia st im dugc mét phé’mg (a) thoa dé. Goi K 14 hinh chiéu vudng géc ctia diém M 1én

48.

mét phing (a) . Goi H 12 hinh chiéu vudng goc ctia diém M 1én dudng thang d . Chiing minh dugc
MH > MK . Suy ra mit phang (Oz) can tim chita d va vudng goc véi MH.
Buwdc 2: Tim toa d6 diém H. Tinh d6 dai MH 14 khoang cach 16n nhét can tim.

Véi2 diém M, K nhu trén ta ¢6 tam gidc MHK vudng tai K.
= MH > MK = d(M,())< MH = d(M,(a))  =MH.

Goi toa d6 H(2t;5+3t-3-2t) e d = MH = (2t -2;5+3t;~4-2t)
FM‘H.Z:OQ2.(2t—2)+3(5+3t)—2(—4ﬂ2t)=0¢i>t:—g :>X/H§=(ﬂ;§;f-§9].
17 1717717
2 2 2
-72)" (28" (=30 101
d(M’(“))max‘\[[FJ {55

B | HS chon t=0= H(0;5-3)= MH=3J5. | C | HS chon t=1=> MH=10.

Buéc 1: Tinh ban kinh ddy ctia thap nudc. Budce 2: Thiét 14p cong thitc tinh dién tich cai bong cua
thap tlr s6 suy ra chiéu cao. Budc 3: Tinh thé tich.

49,

D

<
7

Goi h 1a chidu cao ctia thap nuiede. Khi d6 AD =hcota va AB=— . Xem hinh bén ta th&y khi thém

b6t hinh ban nguyét thi dién tich cai béng clia thap nuéce chinh 1a dién tich hinh chit nhat ABCD.

. Sm
Vaytacd: S=ABAD=h= .
.cota
2

C CS
Suy ra: V=nr*h=n| = T _ .

2z ) C.cota 4.cota
M=i+i? 48+t 4 42018 2042007 2018 =1,
N=i-i?+i%—i* .. =208 = 0442007 ;2018 ;11

‘A 1Nhamthanh M+N. ‘B‘Tinhth:‘arm N=-i-1. ;c]frinhsaithanh M=1N=-1.
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50. Budc 1: Nhan ra phuong trinh bac 2 d6i vdi bién 6 t=1log; (x-2). Bién d&i phuong trinh theo t,

2
tim diéu kién &n phu f >—1. Budc 2: Bai toan trd thanh tim gia tri m nhé nhét sao cho phuong trinh

(m—l)t2 —(m—5)t+m—l =0,t e(—1;+oo) c6 nghiém t>-1. Budc 3: Bién d6i phuong trinh thanh

2 -5t+1 P t* =5t +1
m=—t—2——:—;:—i—-:f(t),te(—1;+co).Khaosatham f(f):m,te(—1;+w).
Dit t=log; (x-2),do 2<x<4=0<x-2<2=>t>-1.

2

2
Ta c6 phuong trinh (m~1)t2 —-(171-5)t+m—1 =0,te (—1;+00) S m= Fooirl f(t),t € (-—1,'+w) .

P2t
4% -4 t=-1
f’(t)=7:0<:{ ~ - lim f() =1
(t2~t+1)2 t=1 to+w
t -1 1 +00
£1(1) - 0

+

z 1
-3
Dua vao bang bién thién suy ra diéu kién d€ phuong trinh (1) c6 2 nghiém x,x, (2 4) thi

-3<m<1=Gidtrinhdénhitla m=-3e [—5;—Ej .

B

Sai ditukiénctiat: 2<x<4=0<x-2<2=>t<-1

C | Nham m= f(-1) 4

=3
D | Nham m = lim f(t)=1.
t—>+o0
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1 2 3 4 5 6 7 8 9 10
D D A D A
o oz 1e | oo | | a8 | 19 | 20
e A s s B o x L BB LA
21 2 23 24 25 26 27 28 29 30
A B C C C B D A A D
T 2 | » | | 3 | 3 | % | % | s | 4
e ST s e S
41 42 43 44 45 46 47 48 49 50
C A A C A D C D B B

XI:xA;pr -1

Ta cé toa d6 diém I la: {y, =y~4—?—2‘—-y——5«=3 :>I(~1;3;6).

_Zatzp _

6
1 2

| A | Sai cong thitc trung diém ( khéng chia d6i). | B | Sai vi nham tinh toén sai hoanh do.

Ap dung céng thirc tinh thé tich.

Tinh z r6i x4c dinh tinh dting sai cAc phuwong én. Ta cd z=-1-2i=> 2% ~2z+5%0.

Ham s8 mii c6 dang y:ax(u>0,a;t1,xe R,yeR+>

’ A ‘ ham luong giac. ‘ B ’ ham logarit. ‘ C 1 ham da thtec.

Toa d6 O théa phurong trinh (P): x -3y +2z =0 nén (T) ding.

(P) va (Q) song song vi cling vec to phap tuyén va khac hé s8 tu do.

g =(1,-3;2);1mg =(L,1,0) = ngng =(1,1;0) =2 = (III) sai.

Mt phéng (R) khong chita gdc toa d6 O nén (IV) sai.

Tim nghiém ctia dao ham rbi 1ap bang bién thién d€ tim Min - Max.

x=-2¢€ [—3; 5]

Tacod y'=3x ~6x-24.Xét y' =0 = .
Y / x=4e[-35]

Tinh y(-3)=25,y(-2)=35,y(4)=-73,y(5)=-63. Vay paxy = 35.

Céch 1: Lap bang bién thién. Cach 2: Dung dao ham c4p 2.
Céch 3 (st dung dang d0 thi)

Ta cé: y=x3~3x2+33y'=3x2—6x-;f;—']3>90->x” =22 Yor =-1

A | Saivinhdm qua Xcp. | B | Sai vi nham qua cuc dai. | C | Sai s8 vi nham qua cuec dai.

b
Cong thikc dién tich hinh phing (H) 1a S = [|f(x)|dx = Ménh d& (1) sai.
a
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b
Cong thirc thé tich kh6i tron xoay V =7 [ f(x)dx = Ménh dé

a

s
(II) sai.
9. Dua vao cong thitc tinh thé tich khéi chop.
SAL (ABCD) = SA lachiéu cao cta hinh chép SABCD
3 D
Ta c6 Sppen =a°, Vs ancn = %SABCD.SA =~1§.a2.a 3-1 f
1 A I Sai vi chon nham cdng thire thé tich } B c
10. Ménh dé (I) sai vi néu f”(xo) <0 thiham y= f(A) dat cuc dai tai x.
Ménh dé (II) sai vi néu f "(xo) =0 thi ham s6 c6 thé dat cuc trj tai x; hoac khéng dat cuc tri tai x,
.(l8y vidula y=x* dat cuc tibu tai x =0 nhung y'(0)=0, y"(0)=0
Ménh dé (III) ding theo dinh Ii.
11. Budc 1: Xac dinh hinh chiéu ctia n6 trén 3 truc toa d6. Budc 2: Viét phuong trinh mét phéng chin.
Céc hinh chiéu cia A lan luot trén Ox,Oy,0z 1a B(l;O;O),C(O;«],;O),D(O,’O;3) Phuong trinh mét
2 S an XYz
phang chan di qua (BCD) la T+—I+§: 1 3x-3y+z-3=0.
‘ A 1 Quénsd 1. ‘ B ‘ Str dung cong thitc sai ax+by+cz=1. l D ‘ Bién déi sai. ‘
12. Buéc 1: Tim tap xac dinh: x°-2[x|-320<|x#3< x»43. Budc 2: Tinh cdc gidi han
lim y; lim y; lim y; lim y; lim y.Suy ra cac duong tiém céan.
X=E0 -y 537 33T x-3T xo-3t
lim y=0=y=0 latiém cin ngang.
X—>too
lim y=-ow; lim y=+0 = x=3 latiém cdn ding. lim y=—o0; lim y =+ = x=-3 la tiém can
x—37 x—o3" x—>-3" x—>-3"
dung.
cre cie 2 ’x'¢3 x#13
B | Giaisai ‘xi=3©x=3. C | Giadisai x —2|xl—3¢0c> .
‘x‘ # -1 x#+xl
o~ 1A 1 1
13. Dbieukién: 1-3x>0< x <§::> D= —00;5 .
s e . 1 Sai diéu kién va
A | Saivigidisai 1-3x>0< x>~ C | Sai ditukién. | D
3 giai sai BPT
14. Tap xéc dinh clia y = x%,« € R phu thudc vao gid tri ctia y =x%,a e R. Cu thé,

»  geZ' (nguyén duong) thi tap xac dinh D=R .

@€ f (nguyén 4m hoic bing 0) thi tap xdc dinh D=R\{0} .
o=

= o ¢Z(khdng nguyén) thi tdp xac dinh D=R" = (O;+oo) .

-1
Ham s8 xéc dinh khi x? ~2x-3>0 & [x ) 5 - Vay thp xéc dinh: D =(-0;-1)u(3;+0)
x>
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15.

16.

17.

18.

. Sai v giai sai b4t phwong trinh Sai vi x4c dinh sai diéu
A | Saividuddubang. | C ) D »
x°—2x-3>0<-1<x<3. kién: x°—-2x—-3=0.

P A . N . A o 1-cos2
Dé€ tinh tich phan nay ta st dung cong thitc ha bac sin?y ==t

2

z z z 7

6 61 6 r
I:J‘sin2 xdxzj.u)—s—gidx=—l—_[(1~c032x)dx:—1— x—lsin2x

2 2 2 2

0 0 0 0
LE LlgnZ =—”——£ =a=12,b=8

206 2 3 12

a

SHIFT+RCL+A A

6
Céch khéc (Stt dung MTCT) BAm [ = j sin” xdx ~ 0,0452
0

Start : X =-8
3 T P X=8=b
Khi d6 Aw——— Pita=f(X=b)=——=——{End:X=8 =
X)=12=
A+ib_?i A+~\§ Step: X =1 f( ) ?

Ta co: log\/;(ab) =log 1 a+log lb =2log,a+2.log,b=2+2log,b
a2 a2

A | sai cdng thirc log, bc=log, b+log,c. | C | sai cdng thirc log ,, b= llog‘Z b
a m

Hai duong thing d;,d, c6 VICP lan Tuot1a u; =(2;3;1),1, =(3;2;2), [1,; | =(4-1,-5) = 0. Mt
Khic, d;,d, Tan luot di qua A(1;-1;5),B(1;-2;-1) , AB=(0;-1,-6). [uy,u, | AB=31#0=>d,d,

chéo nhau.
Ta thdy toa d6 diém M (1;-1;5) théa phuong trinh d; va (P) nén (II) ding.

Duong thang d, di qua gdc toa dd O va c6 VICP u= (~3; -2; —2) cung phuong véi Z; = (3; 2;2)
nén A// d,.

Duing phuong phap dat &n phu dang: Phwrong trinh aluzf (x) +a{2af (1) p/2) a3b2f =) _g (3)

f(x) RTINS
Chia 2 v& ctia phuong trinh (3) cho b’'"/, ta c6: oy [Ej +a, [Ej +a;=0 .

(=)
Dt t= (gj ,t>0, phuong trinh tré thanh ayt? +ast +a, =0.

0 5 7 2x v x
3.25% +2.49% =535% < 3.(5") +2.(7") =5557% & 3”'[5] =53

X
7V t:l(nhan):[zj =1=x=0
Détt=[g) ,(t>0). Ta c6 phuong trinh 2£* —5t+3=0 < 5

3
t= E(nhan)

x
Véi t=2 | L :§©x=log7§:>E=E:>a=3,b=2:>u—b:1.
2 5 2 Z2 b 2
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19.

A Saivia-b=2-3=-1 c Sai vichon a=b=1=a-b=0 ( chon nghiém
(nhin nham s8) x=0)

Phén nay yéu cau cac em doc ky 1y thuyét trong sach gido khoa hinh hoc 12 chuong 1.
Khéi tdm mat déu cd s6 canh la 12.

2 2
20. Budc 1: Tinh ban kinh R = %g = «—}E;ﬁ . Budc 2: Tinh thé tich khéi cau V = §ER3 .
3
[pe2  ap2
The tich khéi cau V = 2| YBC ZAB” | _ 327
3 2 3
Sai vi nha
atvinham Nham duong Nham duodng
B 4 5 2567 |C| | D .
R=AC=4=V :§er =—3— kinh BC kinh AB

21.

Buwdc 1: Tinh s6 phuc z = Z— z% =24 -19i. Bwdc 2: Tinh m6 dun ,zl =0OM.

22,

23.

24.

25.

Tinh duoc z =7, - 23 = 24-19i = OM = [¢| = /242 +(~19)" = /937 .

B | Sai cong thixc OM = }z; = W =215

C | Nham z=z -2} =24-21i =|z| =3.113

D | Nham z=zl—z§ =24—21i:>lz|=3\/ﬁ.

2 2 2

in? 2 1 1
Jf(x)dxz.[ ! 3 dx:]sm X1CO0S X =j( + )dx:tanx—cotx+C .
sin“ x.cos“ x sin” x.cos“ x cos“x sin“x

1 4
3 5 dxzf dx =-2cot2x+C

sin” x.cos“ x sin? 2x

Cch khéc: [ f(x)dx = |

A | Sai vil&y sai nguyén ham cua C | Sai vi thi€u d&u trie trudc —2cot2x .

sin” x

Xac dinh y, =1 va yz =5 tit d6 cin ctr d€ im s8 giao diém ctia dudng thang y =m véi d6 thi
ham s6.

Ta c6 céc truong hop sau tuong ting véi s6 giao diém clia duong thing  véi d6 thi ham s6.

TH1. m <0 this8 giao diém 14 0. TH2. m=0 thi s0 giao diém la 1.
TH3. m>5 hodc 0<m<1 this@ giao diém la2. TH4. m=1 hodic m=5 thi s6 giao
diém la 3.

TH5. 1<m <5 thisd giao diém 1a 4.

TXD: D=R.Bién déi y =2sin’ x=/5x =1-cos2x—/5x . Ta c6 y' =2sin2x—/5<0,VxeR.
V4ay ham s6 nghich bién trén R.

| B [ Saivi danh gi4 nham d&u ctia dgo ham. |

~2x2 +Xx »2,\'2 +x -1
Taco |2 3402 (2] o2 rx<-le 22 +x+1<0.
3 2 3 3

-1
Gidiratacd < x<7.Véy Sz[—oo;—?lju(l;-i—oo).
x>1

’ B ’ Giai nguoc ddu. ’ D ‘ Hai dau mut théa man bat phuwong ¢rinh.
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3+15i (3+15i)(2-1) 21 27, - 21 27,
&z= = .

26. z(2+z)—151=3 Sz= 71 z= (24)(2”) c>z=~3~ 5t z-5 s

A | Saivitinhsai z= 2+1,<:>z:l—iz va khong doc ki de.
3+151 38 26
2+i 7 3. -

g=t 2 =

P D z=—t—1.
3+15i 38 26 38 26
D | Sai vi khong doc ky deé.

C | Saivitinhsai z=

27. y'=2(4a” ~(3m+1)x-m-2); A=9m® +22m+33>0,Vm e R
Suy ra y'=0 ludn c6 2 nghiém phan biét x,x,.

2(-7m+12)>0
p=4 oSm<—=1,27.
3m+1<4 7

4

y'(2)>0
X +x, <4

Xq, %y <2<:>{

Do dé: —5<m<172ﬂ>me{—4 -3;-2;-1;0;1} . Do d6 c6 6 gid tri thoa mén.

Céch giai khac: Dat x =#+2, chuyén vé phuong trinh theo 4n ¢ va dinh diéu kién dé€ phuwong trinh
¢4 2 nghiém phan biét déu duong,.

s2&m<5. | B <2 m<5. L&y ludén m=-5.

3m +1 Ly 3m8+ 1 c

A | Lay

28. Buw6c 1: D6i sang dang dai s6 zy =ay +byi; 2, =a, +byi;a;,by,a,,b, €R.
Bubc 2: |z| =|z,| =1=> 8] +bf = a5+ =1;
’z1+z2|=x/§:>(u1+a2)2+(bl+b2)2 =3=2(ayby +ayb, ) =1

Budce 3: |z1 —zz‘ = \/(“1 ~a2)2 +(by —bz)z

Dt z; =a; +byi;z, = a, +byi;a,b,a,,b, eR.

u12+b%=u§+b§=1 2( . . ) ,
=2(a,b, +a =
|z1] Ta c6 (a1 +a2)2+(b1+b2)2 =3 e .

:(al—a2)2+(b1—b2)2 :1:>‘zl—zz‘:1
Cdch khdc ta ¢6 th€ st dung hinh hoc d€ giai.

Ta céd |zl~zz|:;z]‘=1zz|=l

o _ 2,.2 _ _
HS hiéu sai lzl+22{ —x/gzzl +25 +222, = 3= 2212, = 1

B
|z1 —zz|2 :(zl —22)2 = 212 +z§ ~22,2, 2121‘2 +[zzlz ~22z2, =0
2 2
I= d.
£x2~2x+4 o '[ 3
Dit x-1=+3tant, te [J—’- f—]:dx~ dt =/3(1+ tan® £)dt .
22 cos? t

Péicin: x=1=t=0;x= 2375*?
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py z/
% %
Vay 1= j——f(luan f)dt = J—l—\/?:(l+tan2 tydt

0 (\f—t'mt) +3 0 3( an°t+1)

/

N
<

/6
1 2
= =dt=—==k=1l,n=6=>n-k"=5.
! 3 6\/—
2 ~
Ciich khdc: str dung MTCT ta co: 1= | -5-1———dx ~0,30229 —SHIETHRCLAA 4
1x°-2x+4
Khi d6 A*—Iﬁm—»k—l.—»kzl,nzé
3 6
x=1+2t
30. Tim ra dugc giao tuyén cua (a), (ﬂ) la (d) Py =2-3t.
z=3+t
(123)<(7) =3
AlL2;3)ely ml1-42+(n+1).3-2m-n=0 -m+2n=>5 =75
(d)c(r)e{—— N (1) o RSN 5
Ugn, =0 1;7.2—4.(—~3)+(11+1).1=O 2m+n=-13 ;z:—g
Khi thay toa d6 diém (1; 2;3) vao mat phéng ( 7/) thi quén mat “ 2m~-n":
R -
=5 =T
m+3n = 5 . Sau d6 sai tinh toan: —éé ——2—22 =-18
2m+n=-13 n—gi 5
5
Khi thay toa d§ diém (1; 2;3) vao mét phang ( 7) thi quén méat “ -2m—
44
B m+3n=5 "1——“5"
<
2m+n=-13 n—g
5
C | Nhdm thanh n+2m.
—m?+4
31. Buwdc 1: Tim tdp xac dinh va tinh dao ham y' = 5
x—m)
. T T -m?+4<0 .. . .
Bwoc 2: Diéu kién bai toan dan dén y'<0,vx e (2; +oo) [ 5 . Giai fim tham s6 m.
m<

2
Tap xéc dinh D =R\ {m}. Dao ham y' = 12

(x—m)’

5 m<-2
-m~ +4<0
=

m>2 om<-2.
m ¢ (2;+0)

Ham s6 nghich bién trén (2;+0) <>y’ <0, Vx € (2; +0) <> {
m<2

2
B | Sai & d&u béng y'<0,Vxe(2;+oo)<:>{ mA<0 <o

m<2
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32,

m< -2

C Saiédétdi”éukiény’<0,Vxe(2;+oo)<:>~—m2+4<O<:>[ )
m>

m<~2

'<0,Vx e(2;+ o -m*+4<0e
D1y e( Oo) [mZZ

Khi xit 1y bai to4n nay, cic em doc ki dé va dimng céc kién thitc vé bai toan 13i don d& xtz 1y.

33.

1n&m 2 thang =4 qui 2 thang.

4
) =209,7741865 triéu dong

S& tién anh Ninh ¢6 duoc sau 1 ndmla P, = 200.[1+ 4’2 %

Con 2 thang con lai, khéng du ki han 3 thdng nén s6 tién sau 1 ndm dugce tinh véi 13i suét khong ky
han 1a 0,2% mgt nam.

0,
Vay s8 tién thu duoc sau 1 ndm 2 thang la 2()9,7741865+209,7741865><9’-2é =209,8441113 triéu

dong.
Buéc 1: Xac dinh hinh chiéu ctia n6 trén 3 mét phfmg toa d6. Budc 2: Viét phuong trinh mét cau.

34.

Cac hinh chiéu cia A Tan luot trén Oyz,Oxz,Oxy la B(0;4;5),C(3;0;5),D(3;4;0). Goi phuong

trinh mit cau 1a: %% +y* + 2% —2ax~2by —2cz+d =0..

~6a—8h-10c+d=-50 |*%

3
2
AB,C,De(S) e ~8b—10c+d =4l PEN b=2. Suyra R=va? +b* +c% ~ :§~[2~
—-6a—10c+d =-34 5 2
2
0

—6a—8b+d=-25

2 2
Véy phuong trinh mét cau la: [x _%) +(y _.2)2 +[z—%) =22

| A | Saiddu. [ B D [ Saiddu va Chua binh phuong R. |

fl(x)=0<:>x=~6 v x=1%2, tacd: 51=J::’fl(x)sderJ-_Zz’fl(x)‘dx.

X -0 -6 -2 2 +00
f1(x) - 0 +0 - 0 +

S = I:;(xa +6x% —4x— 24)dx + j_22<~x3 -x% +dx+ 4u)dx

-2 2
x* 3 2
+ ————4—:~—2X +2x°+24x || =128

4
= z—+2x3 —2x% —24x

-2

fz(x)=0<:>x:—6 v x=0, taco: 52=f6)f2(x)'dx.

X - -6 0 +00
f(x) *0 -0+

S, = Ji(—xz —6x)dx = (~§—3x2j

Nham véi dién tich hinh phéng gidi han béi 2 dudng cong.
phang g g cong
fi (x)~f2 (x) = x> +5x% ~10x-24 .

0
=36.Suyra S; -5, =128-36=92.
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A(x)= fi(x) = A (x)-A(x) =0 (x+6)(x x-4)=0.

x 1-417 1+417
-0 -6 + 0
2 2
Alx)-£(x) -0+ 0 -0
Hoc sinh giéi nhu sau:
14@
s, sz_j If] ‘dx+flﬂj\/?lf1(x)—f2(x)|dx
2
]-\,/1_ ]+\/“
=2 (¥®+5x?-10x- 24)dx+j s (-0 =597 10w+ 24 )
-6\ 117
4 4 2
=[i—+§x3—5x2—24x) ’ +[—:‘m—§x3+5x2+24x ~168
4 3 . 4 3 117
2

Nham véi dién tich hinh phéing gidi han béi 2 dudng cong nhung tinh sai.

1417 17
B 4 2 4 2
~JE~+Ex3—5x2~24x —{—+ x® —5x% —24x ~17
4 3 . 4 3 1-J17

2

C Tinhra §; =0.

35. Budc 1: Tim hing s6 k. Buéc 2: Tim t;.

Nhiét d6 ban dau 219°¢C tng véi t=0. Ta co: ke® —6=219 & k=225
Thoi difm nhiét dd giam téi 0°C chinh 1a nghiém cta phwong trinh:

2 100In—
22570 =0 e = L oty =t
75 17
) . . ; 2i-4 , ) . a=0
36. (2+5i-3)(-i+1)=2i-4 e 2+45i-3="— & z+5i-3=-i-3 & |z=—6i]= p_ = b-a=-6.

37. Budc 1: Xac dinh géc gitta MN va (ABCD) . Budc 2: Tinh chiéu cao SO va thé tich.

Tac6 SO L (ABCD);SO < (SAC)=> (SAC) L(ABCD).
Ké MH L AC = MH 1 (ACBD).

Do dé MN va (ABCD) 1a MNH =60°.

Tam gidc SAO 6 MH la dwong trung binh. Nén

\/— 3a\/§
4

HO= —OA =CH=

Trong tam gidc CNH ap dung dinh li cosin ta ¢

a10
4

a30
7

NH? =CN? +CH? —2CN.CH.cos45° = NH =

ay/30
4

Suy ra MH = NH.tan60° = . SO=2MH =
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3
Vay y Lzl 230
3 2 6
\/_ HS i Hoc sinh sai
a2 Am sang
A|HSraCH=—~. |B D
r 4 V ling tru MH:NH.cot600=—u—i\/-§—_Q—.
38. Dlng phuong phdp nguyén ham titng phan.
3
Détu:lnxzdu:é)ﬁ,dv:xzdx::vzi.
X 3
3 ¢ e 3 (.3Y 3
B= X Inx —lszdx A =2e—+1:>a=2,b=1
3 . 31 3 9 )

e
Céch khic st dung MTCT: gidi tim a,b B= sz In xdy —SHETHRCLEA o 4
1

Start:a=-8 s
Khi d6 9A=ae® +b=b=9A—ae® —2E 5 End:a=8 :{Z:l
step:1 -
. 2
M(2a-b;a,0)e(a 2(2a-b)-3a-6=0 =T
39. dc(a)e M( — )<l )¢:> ( ) & 3,
a; Ln, 2(a—3b)+3(a—b)+8b=0 po_10
3
| A] Nnamgidtjcaaavab. | BC | Saiddu
40. Yéu cAu cic em phai ndm vitng khai niém vé tiém cn ding va tiém cén ngang.
lim—xj—-2————=0:>y:0 ludn la tiém can ngang cta (C)
X—>0 2_~
X" —4x+m
N=4- 4
Phuong trinh 22 —4x+m =0 c6 2 nghiém phan biét x;,x, khdc -2 m>0  ym<s
4+8+m=0 m#~12
Suy ra (C) c6 2 tiém cén dtmg. Vay B 1a k&t lun sai.
41. Bwéc 1: Xéac dinh tdm va ban kinh mat cau ngoai tiép t& dién. Budc 2. Tinh ban kinh va dién tich

mit cau.

Goi O 14 thm dudng tron ngoai tiép cta tam gidc ABC. Goil
Ia trung difm ctia SA. Truc dudng tron ngoai ti€p tam gidc
ABC giao v6i mit trung triee clia SA tai W. Khi d6 W chinh
14 tAm mit cAu ngoai tiép tt dién S.ABC.

R:SJE_

, b
Tinh S, 4pc =%=\/P(P”“)(P‘b)(?7'c) <= 15

Dién tich mit ciu ngoai tiép 1a: S = 47WA? = %65’5 .
Tinh s Tinh thanh dié
| Tinhnhdmqua ) g ki cong thite S== 712, | D | e
thé tich. 3 tich hinh tron.
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42,

43,

44,

(22.33]

log,| ==

1086(21,6)2 10g2(21,6) = ° = 2+3log, 3-log, 5 = 2+3a-b =Sm+n-k=6.
- log, 6 log, (2.3) 1+log, 3 1+a

Budc1: d Ld, :nz.(—%j:—lzm=3:>d:y=3x+71.

Budc 2: Lap phuong trinh hoanh d¢ giao diém cua d va (C):
2x-1
x—

=3x+n<:>3x2+(n—5)x—n+1=0 (*)

Budc 3: Hai giao diém A(x,;3x, +n),B(xy;3x5 +n) d6i ximg nhau qua d; khi va chi khi trung

diém I ctia AB thudc d, . Chaiy x4, xp 1a 2 nghiém ctia (*).

Theo gia thiétsuyra d Ld; = m.[—%) ==l=m=3=d:y=3x+n.

5x-1
-

Phuong trinh  hoanh d§ giao diéfm cia d va (C)

=3x+n, (x¢1)
<:>3x2+(n—5)x~n+1=0 (*)
Toa dd giao di€ém A(xA;3xA +n),B(xB,'3xB +n) véi x4,xp la 2 nghiém cia (*)

=xA+xB =5—n
2 6

x
Trung diém ctia AB 1a I véi

Y =2 (xy +ap) e =220
2 2

5-n 5+n

5-n.Stn +3 207 =00 n=-1.

Diém I[—————«, ) ed; =
6 2

Tht lai n=-1 vao pt(*) ta 6 3x*°—6x+2=0 <6 2 nghiém phan biét. Vay
m=3,n=-1=m*+n*=10.

Budc 1: Tim phuong trinh hé qua khéng con chita m.

Budc 2: Giai phwong trinh hé qua d€ im nghiém.

Buwodc 3. Tim m va mbédun ctia no.

L4y hai phuong trinh trit nhau ta thu duoc Z4z+1=02=

~1+iV3
>

22 +z+1=0 1a PT hé qua do d6 nghiém chung ctia hai phuong trinh chi ndm trong cac nghiém

1+iV3

y

-1+i3

THI1. Nghiém chung la z= >

3-i3

2

. Khi d6 thay vao mot trong hai phuong trinh ban déu ta thu

. Vay ‘m[zx/g

1-iy3
2

duwoc m=

TH2. Nghiém chungla z=

3+iV3

2
‘ A I Tinh nham médun ctia nghiém chung,. ‘ D ‘ Quén chia 2.

. Khi d6 thay vao mot trong hai phuong trinh ban dau ta thu

duwoc m= . Vay ‘ml = \/g
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45.

46.

PAP ANDPE SO 7

Buoc 1: Lap luan cach AC va C'D":

d(C'D',A'C)=d[C'D',(CA'B')]=d[ D',(CA'B")]

khoang gita 2  duong

Budc 2: Tinh khoang cach d [D ',(CA 'B ‘)] béng phuong phép thé tich:
3Vpican
d[D',(CA'B') | = —2CAE ().
cA'B'
Budc 3: Dat AB=a.Tinh V45 va Sc4:p theo a. Thay vao cong thire giai tim a. Ttt d6 suy ra
thé tich hinh 14p phuong.

D#& tim khoang céach gifta A’C va C'D’, ta dung mot mit phéng
chtra A’C va song song v6i C'DY’. D& thiy d6 1a mit phéng (CA'B).
Goi ala do dai canh ctia khéi lap phwong, lac nay ta cé:
d(C'D',A'C)=d[C'D',(CA'B")|=d[ D',(CA'B")]
D¢ tinh khoang cach tir di€ém D’ dén mit phgmg (CA’B’), ta xét
khoi tie dién D’CA’B’.
2 3

a _ Ll_ 3

A= (cm )

W=

1 .,
Vpean :§-CC Sgap =

Scarp :l.CB'.B'A' =l.a 2a= Qaz (cmz) (do tam giac CA'B’
2 2 2
vudng tai B')
3

T
2 2

Suy ra: d[D',(CA'B')]:f’ZQ.’.C.éiﬁ;z -

a (cm):a:x/f(cm).Dodé V=0 =22 cm®.

Scap _\/:az 2
2
Viyean
Nham céng thitc khoang céch d[ D',(CA'B') | = —2C4E = 4= V2 .
Scap 3
’ 2
Suy ra thé tich V =a° _2V2
27
Sai cong thire thé tich V, =CC'S —aﬁ—i (cma)
C g D'CA'B' PpAD ThTSTES
=a=32=V =0 =542

Goi x (nguoi) la sd hdi vién ctia cdu lac bd (x eN ) .

Téng doanh thu ctia cdu lac bd duoc cho boi ham s6 y = 107 x.0,992* 1 .

In0,992
Ta dé dang kiém tra duoc doanh thu ctia cau lac bo 1a 16n nhét khi cdu lac bd ¢6 124 hodc 125 hoi
vién (trong ca 2 tredong hop, t6ng doanh thu 1a nhw nhau va bing 461.697.326,9 (d6ng)).

Tacé y'=107.0,992" (1+x1n0,992) suyra y'=0 < x= ~124,5.

Hoc sinh nham thanh c mdi ngwdi méi vao thi s& giam thém 0,8% so véi
gia ban dau.
A | Ham s8 hoc sinh 1ap ra: y = x.(107 - SD.OOOX) =-8.10%x% +107x .

Ham s nay dat gid tri I6n nh&t khi x = 62,5 va cu thé trong bai toan nay thi

hoc sinh sé tim ra s8 thanh vién thoa mén yéu cau la 62 hodc 63.
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Khi d¢ tong doanh thu la 312.480.000 dong.
B | Nhiéu théng thudng theo A.

C | Nham thanh ham s6 y =10 x.0,992*

47. Budc 1: Tim giao diém do thi ham s6 voi truc hoanh. Bude 2: Dua vao diéu kién S=4 dé€tim a.
Budc 3. Goi A va viét phuong trinh OA . Budc 4. Dua vao diéu kién OA chia phéan t6 dam thanh

hai phan c6 dién tich bang nhau giai ra x4 .

Ham s6 y = ax(x—2) cét truc hoanh tai hai diém cé hoanh d6 x=0 va x=2.

Dién tich phan t5 mau xanh ¢4 dién tich la 4 ta ¢6 phuong trinh

2 3 2
J(axz—?_ax)dx:4<:>[%~—ax2] —4<:>8—3a—4a 4@—4?—4c>a~~3

0
Goi A(xA;—BxA(xA —2)) . Ta c6 phuong trinh OA la: L SN y==3(x, -2)x.

Ya  Ya
Dién tich hinh phéng phén gi¢i han boi d6 thi ham s6 va duong thing OA béng 2 nén ta c6 phurong
trinh:

X

4 A 3x,x° A
(-3x(x~2)=(-3(x, ~20))dx =2 [ Brpx-3x")dr=2¢| A 23| =2=x, =34
0 0 2 0

48. Goi R 1a ban kinh day phéu.

Lic dau: Chiéu cao ctia khdi nwdc hinh nén la %20 =12 (cm) .

Ban kinh day ctia khdi nudc bang 3/5 ban kinh day clia cai phéu (theo hé qua dinh ly Thales), suy

2 p2
ra thé tich nudc 1a l;r S 12= 36 #R? (cn13) .
3 25

55
Liic sau: Thé tich phan khéng gian con tréng bang hiéu thé tich khdi nén va thé tich nudc:
2 6 2
07 Z2R?- 3 DT R2 = 39 22 2R? (cr113)
3 25 75

Goi h(cm) va R' (cm) Tan luot la chiéu cao va bén kinh day ctia phén khong gian tréng. Ta cé:

£=£3 R':i.R (cm).

20 R 20

Suy ra th€ tich phan khong gian tréng la: lﬂ L —R?|h= L —— ah’R? (cma)
3 | 400 1200

3
Ta cb: L .R? =%
1200 75

Suy ra chiéu cao khoi nwée Ian sau 1a 20 ~4% ~1,558 (cm) .

7R? & 13 =6272 < h=4398 (cm).

A | Ly nham chiéu cao phan khong gian tréng.

Tinh sai & chd: Ban kinh day ctia kh8i nudc bang 3/5 ban kinh dy ctia cai phéu (theo

B | hé qua dinh ly Thales), suy ra thé tich nwéc 1a —n3—§—~ 12= 152 ZR? (cm3) . Tt d6 hoc

sinh giai ti€p nhu sau
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Lic sau; Thé tich phan khong gian con tréng béng hidu thé tich khdi nén va thé tich
nuoc: 29-751{2 —E-Z-ER2 = éfl-7:R2 (cm?’) .

3 5 15
Goi h(cm) va R' (cm) Ian luot 1a chiéu cao va ban kinh ddy ctia phan khéng gian

tréng. Ta co: zh—oz%: R’ =2h—O.R (cm).

2
Suy ra th€ tich phan khong gian trong la: %ﬂ(-—h-—- R? ] h= —-—L.7Z'h3R2 (cmS) .

400 1200
3
Taco: 2o R2 =84 /R2 13 = 5120 & 1 =4380 (cm).
1200 15

Suy ra chiéu cao khoi nuée lan sau la 20 ~4%80 ~ 2,765 (cm) .

Tuwong tu B nhung suy ra thé tich phan khong gian tréng la:

lﬂ(—]z—Rz)}z =~L.7zh2R2 (cms) .

37120 60

¢ W2 64
Taco: 2 R? == 2R? & h? =256 < h=16 (cm).

60 15

Suy ra chiéu cao khdi nuéc lan sau 1a 20-16~ 4 (cm) .

A>0
B>0
49. Trong bai toan nay ta st dung mot cdng thiee saw: A.B>0 < A <0
<
{B<O
' x(x+2)>0 x(x+2)<0
2x+5
(1)<:>x(x+2) log, >0 2% +5 (1) hay 2%+5 (2)
4- log, >0 log, <0
4-x 4-x
x<-2 hay x>0 x<=2 hayx>1 x<-2 hay x>0
() e=42x+5 =N <41 =S0<x<4
>1 (4-x)(3x+1)>0 ——<x<4
4-x 3
Hx+2)<0 _25<x<0 .
(2) = @x+5)(4-2)>0e {——<x<4 <:>~2<x<~§

(4-x)(Bx+1) <0 1
x<——3— hay x>4

Vay S=[~2;~%Ju(0;4):>a=~—2,b=4.

50. Bai ton nay lién quan dén goc gitta hai mit phing va bai toan tim gid tri nho nhat.

5
Giastt (B): Ax+By+Cz+D=0 (dk: A>+B?+C?>0), (B) c6 viptla n =(A;B;C)

Ae(P) 3A-2B+D=0 D=-A+2C2
dC(ﬁ)c) - = < &>
n.a=0 A-B+CV2=0 B=A+C\2
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4]
JA2 1 (A+C2)r +C?

cos((4),(0yz)) =

cos(n i I

TH1: A = 0 (khong thoa db hodc (4),(Oyz) khéng nhé nhat)
TH2: A#0,taco:
1 1 1

cos((/8),(Oyz) = - —" N
\/1+(1+~—\/—) +( \/(i\f +2,,,J§+(Wz 2 \/(i\/gdr;)z%lé%

a J6

(m) nho nhit < cos((ﬂﬂ‘)ﬂ,‘ZOT/i)) 16n nhat < (%\/g + —3—)2 nho nhit %\[5 +—3— =0

A =1 (chon) B= 1
o A
co _ﬁ nén .
3 D==2

Vay:(B): 3x+y-2z-7=0 .
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1 2 3 4 5 6 7 8 9 10
A D C C B C B C D B
11 12 13 14 15 16 17 18 19 20
D A A D C D C A A C
21 22 23 24 25 26 27 28 29 30
A B C B C B D B D A
31 32 33 34 35 36 37 38 39 40
A A B C B D D A C D
41 42 43 44 45 46 47 48 49 50
B A D D B D B B C A

Buéc 1: Tim dao ham cia ham s8. Bude 2: Tim nghiém ctia dao ham, vé bang xét dau dao ham va

nhén xét.

TXD: D=R. Ta cé: y'=3x2—6x+3=3(x~1)2 suyra y'=0< x=1.

L vy + 0 ¥ |

Suy ra ham s dong bién trén R.
[B,C,D [Saivinkimdduy. |

Budc 1. Tap xac dinh D = R\{0}. Buéc 2. Tinh gii han ctia ham s8 khi x tién dén v6 cuc ta duoc

tiém can ngang, va khi tién dén 0 ta duoc tiém can dung.

lim ———=0=>y =0 la tiém c4n ngang; lim ———=-w = x=0 la tiém cén dtng.
w0 2017 x 0~ 2017

n 2n
= 2
Tacd: A= [(xm )m} =",

Nhéc lai céc cdng thitc tich vd hudng clia 2 vecto, tong hiéu vecto, vecto nhén vdi 1 s8, hai vecto

cting phuitong, 2 vecto b?ang nhau.

Nhic lai dinh nghfa phan thuec, phan 4o, s6 phic lién hop, toa d6 diém biéu dién ctia s8 phtic z.

S8 phtic z=3-4i ¢6 phén thuc 1a 3, phan 4o 14 -4, s8 phtic lién hop z=3+4i, diém bidu dién ctia
zla M(3;-4).

] A ‘ HS nham phén thuc va ao. ! C ‘ HS nhém s6 phttc lién hop. ) D ] HS sai diém biéu dién.

Xét g(x)= x(x2 *a2> =x3 —a%x, nhu véy c6 thé thdy hé s& ctia x* ctia ham s8 f(x) la s6 duong.
Ngodi ra, két hop véi ditu kién a #0 ta thdy ngay g(x) =0 c6 3 nghiém phén biét, nhu vay ham s6

f(x) dat cuc tiu tai x =+a va dat cuc dai tai x=0.

| A,D | Sai vi khong déy digu ki¢n a#0. | B | Sai vi khéng xét dfu ciia h¢ s8 béc cao nhat.

Phurong trinh duong théng dang chinh tic la Y _byo =25
a ¢
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Sai vi thdy (2) ¢6 dang 3 phén s6 Sai vi tim phuong trinh duong thing

C D
nén nham. HE@:.
) b
8. Ap dung dinh nghia tich phan ta c6 [ f(x)dx = F(b)~F(a).
a
‘ A,B ‘ Sai vi nham can ' D ‘ Sai vi nhdm céng thic }
9. Xac dinh cac dinh qua d6i xing qua tdm O tir d6 xac dinh duoc t dién.
Ta co cac cép dinh d8i xing quaOla A« J,B< [,C« H,D < G,E«- F.
\ AC ‘ Sai vi nham d8i xting truc hodc mat phéng. I B ‘ Sai vi nham d&i ximg mat.
10. A, C, D ding. Cong thitc B sai, stra lai ding log, (EJ =log,b~log,c.
c
11. Budc 1: Suy ra cdng thirc z= 38 +21} . Budc 2: Tinh ra dang dai s6, suy ra s6 phitc z, suy ra phan ao.
+2i
- - 1 8+i)(3~2i
Ta co (3+2i)z=8+i¢;>z= 8+l_: ( )( ) =2-i=>z=2+i.Suyraphandociazlal.
3+2i (3+2i)(3-2i)
A nhiam phin 40 cta z va 6 B nh&m phén ao C nham phén
chtra i. ctia z chira i. 4o ctia z
12. TXD: D= (0;+00) .Ngoairatacd lim y=+w.
X—>+00
quén tap xac dinh ctia ham liay . . khéng xét ding dau
B e C | KéthopBvaD. |D ,
thira s6 mii khong nguyén. cua y.
13. Xét cac vi tri tirong d6i gitta mit phéng qua dinh voi hinh nén.
Xét tam giac OBH wvubng tai H cd duong cao HK ta b
. —1—+~1- = HK = I Do d6 ta ¢ cac vi tr tong ddi gitia
HIC i Jren '
mat phr?mg qua dinh va hinh nén 1a:
Néu d(H,(a)) < T thi (a)m(N) la tam gidc can.
Vr? +1?
Néu d(H,(a)) = W—Lh—— thi (a)m(N) la doan théng.
Vr? + 2
Néu d(H,())> LY (@)(N) 1a mdt diém 1a O.
r? +h?
4. z=ai+bi+a+bi=a+(a+2b)i.Suyra z=a-(a+2b)i
A | Saivinhdm z=ai+bi+a-bi=a+ai.
B | Saivinham z=ai—bi+a-bi=a+(a—2b)i
C | Saivinham z=ai+bi—a+bi=-a—(a-2b)i
15.

Budc 1: Dt z =x+y.i;x,yeR:;=x—y.i.Thayvéo I;—Z+i‘s1

Buéc 2: Nhic lai dinh nghia md dun ctia 8 phtic, khai trién b4t phwong trinh va két lun.

béat z=x+yi;x,yeR=>z=x+y.i.Taco:
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16.

17.

18.

19.

20.

21.

22,

PAP ANDESO 8
-2+ <1 x-yi-24 210 |(x-2)+(1-y)] < 1o |(x-2)" +(1-y) <1

o (x-2) +(y-1)’ <1.

A | pr2ssierryi-2si] g1 o (x-2)+ (Ley)]<1e (x-2) + (1+y) <1

B | Nham b4t phuong trinh thanh phuong trinh
Ling tru t& gidc déu ABCD.A'B'C'D'1a lang try déng va cé day 1a hinh vudng.
Géc gitta A'C va déy (ABCD)1a A'CA =45 4 o

Tach S, =La?, AC=av2, AA' = AC.tan A'CA = a2
ABC 2

2

2
| C | Nham qua thé tich ABCD.A'B'C'D’ |
Tt gidc ABCD 1a hinh binh hanh néu AB=DC.

2
N ! a
Vay Vapcapc =AA Sypc = “*/5-72

m-n+1=3m+2 m:.s,
Tacé: AB=DC < {0=0 o 313

=

3
[A | Tinhthanh <m-n. [B | Tinhthanh m+n. | D | Tinhthanh n-m. |
Bai todn nay cac em cht y dinh 1y sau: Néu f’(x)ZO,VxeK(hoéc f’(x)SO,VxeK)Vé f’(x):O

suyra m-n==6.
2-m+2n=n-4

chi tai mot s6 diém hitu han ca K thi ham s6 dong bién trén khoang K ( hodc nghich bién trén
khoang K).
Buwdc 1: Tim dao hdm ctia ham s8 da cho.

Buwde 2: Ham s8 ¢6 2 diém cyc tri < y' =0 c6 2 nghiém phan biét, giai tim m.

TXD: D=R.Taco: y’=x2—2x+2m—m2=(x—m)(x+m"2);y1:0c{x:? m
x=2—

Ham s8 ¢6 2 diém cuc tri < y'=0 cb 2 nghiém phanbiét<>m#2-mom=1.

B | HSgidisai A'=(m-1)’ >0 meR.

C | HS sai dieu kién: y'>0,VxeR e A'=(m-1 <0 m=1.

D | HS thay tity ¥ gid tri m e (—0;1) thoa diéu kién bai toan nén chon.

Budc 1: Pinh nghia diém d6i xting qua mit phing: “ Difm M, goila ddi xtmg véi diém M qua mat
phéng (a) néu (a) di qua trung diém I cta MM, va (a) vudng goc MM, .

Budc 2: Ghi cong thirc diém ddi xting qua mat phang dic biét (Oxz).

Piém d8i xting v6i di€ém M(l; —2;3) qua mat phéng (Oxz)la M, (l; 2;3) .

dx
t=Inx=>dt=— 4 4
s [Pt ez
4

3
Ta cé: j]n Y dx +C (theo 4 phurong an ta chon A).
X

Tim diéu kién ctia ham s8 trén tirmg mién cho trude.

Xét x>0 tacod ditukiénla x> -1>0 x>1va<-1 vay x>1.
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23.

DAP ANDESO 8
Xét x<0 ta c6 diéu kién 1a 2-x20<=22x.

D :(1;+3o)u(~oo;0) .

Vay x<0. Do do tdp xac dinh cta ham s&

| ACD } Sai vi khdng xét cc truong hop.

Budc 1: Dé cho thé tich V = %ﬂ'R3 suy ra ban kinh R. Bwgc 2: Tinh dién tich khi biét ban kinh R.

24.

Goi R 1 ban kinh mit cau (S). Ta c6 thé tich khéi cau V = i;rR3 = R= 3{ iv =—]24 .
T

2
Dién tich mit caula S=47R* = 4;{%} =

2
A | HS nham ssszzﬁ[lJ -7
2) 4
v 2
B | HSnham V = 47zR3:>R—‘3f =—:>S 47;R2—47;[M] =T
2 B) P
1% 1 2
D | HSnham V = 4er3:>R—3} =——:>s 7R? = { ]:JL
4z 2¥3 ¥3) Yo

Vi bai todn gidi phuong trinh logarit, nhung cic em cht y c¢ong thiic sau log, b= 2log, Ibl voi

O<a=1,b=0.

25.

Diéu kién: x#2. Ta c6 -;-logs(x—Z)z—1=0<:>10g3lx——2l=l©‘x-2|=3<:>{x_zzs c{x:S

x-2=-3  |x=-1

Dung phuong phép tiing phén.

26.

27.

Dat u=x=du=dx dv—cos[x+4]dx:v—s1n[x+4j

0 /s . Vs o . V4 . (57 V3
Ixcos x+— |dx =| xsin| x+— —jsm Xx+— |dx = zrsin| — |+| cos| x +—
o 4 4/, 0 4 4 4

2 5m T (r+2)\2 1
=~ —+cos| = |-cos| 7 =~———~—«.:>a=—§,b=7-

4 2
Budc 1: Dt ditu kién x>0 , Kiém tra co s6 cua bat phuong trinh log tir d6 bién déi.

/4

0

Buwoc 2: Giai bat phuong trinh (xét d&u tam thitc bac hai).

Budc 3: So diéu kién dau bai va két luan tap nghiém.

2
1 2 16) > 1oe(8 10-1 _Jx“+16>8x
og(x + )> og( x)(—a{x>0

©{<x—4>2
x>0

>0 {x¢4
L=y .
x>0

Vay S=(0;4)u(4+) .

A

khéng dat diéu kién (dan

dén chwa so diéu kién).

C

nham (x—4)2

(ludn dang)

>0

D

nhim (x-4)’ >0 & x-4>0

Bude 1: Giadi phueong trinh hoanh df giao diém f (x) =

g(x)

Budc 2: Tim céc giao diém c6 tung d6 dwong (do ndm phia trén truc hoanh).

x=0=>y=1>0
Xét phreong trinh P -3x=-3+re P +3x —4x=0&|x=1=y=-1<0
x=-4=y=-51<0
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28,

29.

Nhu véy c6 1 giao di€m c6 tung d6 duwong nén nim phia trén truc hoanh.

Sai vi chi gidi dung phuong trinh Sai vi bAm may tinh

Sai vi hi€u nham
ao A B | sang c6 hoanh C | . .
giao diém nam phia trén truc bac2vasuyra2

ma khong chu y dén diéu kién theo phwrong trinh

. dd duong. e
hoanh. tung do déu am.

2 3 4
TXD: D=(0;+00).Tacc’) y'=x3va y":-—%x 3 suyra yy"=-2x 3 =~2(y')2.

2
: = ops C ot — a3 o
o Hoc sinh da tinh nhw sau: y'=x° va Sai nhu C
A | Saidau. | C 1 D .
P va sai dau.
y" :‘3*3(: 3.

Bué6c 1: Mt phing (a) can tim 1a mét phéng trung truc ctia doan thing AB, titc1a (a ) di qua trung
diém I cha AB va (a) L AB. Bwéc 2: Tim toa do trung diém I ciia AB, AB lavecto phap tuyén cta

mat (a) . Suy ra phuong trinh mét phing (a) .

30.

31.

Mit phéng (a) di qua trung diém 1(3; 4; —-1) , va c6 vecto phap tuyén AB= (4; 4; —2).
Phuong trinh mit phing (a): 4(x-3)+4(y—4)-2(z+1)=0 < 2x+2y-2z-15=0.

M3t phéng di qua A va VTPT M3t phéng di qua B va VTPT

A AB=(44;-2). B AB=(44;-2).

Buéc 1: Dinh nghia khoang cach gitta 2 mit phéng song song: “La khoang cach tlr di€m M tuy y
thude mat phing (P) d&n mit phing (Q)”.

Bu6e 2: Goi diém M(xM;yM;zM) e (P) = Xy —2Y g +32y + M7 =0.

Budc 3: Viét cong thire khoang cach d(M,(Q)), chiry xy; ~2y,; +32zp0 + m? =0.

Budc 4: Lap luén khoang cach nhé nhét.

Goi diém M(xp; Y231 ) € (P) = xpg =2y +32) +m* =0=> 2y — 2y, +32) =-m?.

N

2
_|xM—2yM+3zM+2m—5|_‘—m2+2m—5|_‘(’”—1) +4‘ (m-1f+4 4

= >

\/12 +(-2)+3? V14 J14 J14 14

Tacé d(M,(Q))
Khoang cach d(M,(Q)) nhé nhat < (m—1)? +4 nho nhét < m=1.

Vay khoang cach nho nhat gifta 2 mit phing la 4 dat dwockhi m=1.
4

J14

J A ‘ HS chon s8 nho nhAt. !

Bai toan lién quan dén nguyén ham ctia ham phén thitc hitu . Cac em chi y cdng thitc “tach” nhw

sau:
P(x) A N A, N Azx+ Ay . Ay
(ax+b)2(cx2+dx+e)(mx+n) (ax+b)2 ax+b oy pdrse mMx+n
A
v.NO

238



ON LUYEN DE THI TRAC NGHIEM TOAN 2017 DAP ANDESO 8

32.

f(x)= X2 +2x-1 _ X2 42x-1 _ A, B _C :A(x—2)2+B(x—1)+C(x—1)(x_2)
(e ) (ren)(r-2f B (x-2) F02 (x-1)(x-2)

= 22 +2x-1= A(x=2)" +B(x=1)+C(x=1)(x-2),(*)

J =B 7=B
Thay x=2,x=1,x=0 vao (*)tacd 12=A <92=A
l 9A-B+2C |C=-6
Knigo 42l 2, 7 6
(x-1)(x-2)" *1 (x-2)® *-2
2 -
I—L-ﬁt—l——dx=[ —2—+—7—~—~6~—« dx=21n!x—1|— —6Inix—2‘+C
(x—l)(x2~4x+4) x-1 (x_2)2 x-2 (x-2)2

= 2111|x—1| +(—7) 1 3 +(—6)1n]x— 2|+ Co>m=2,n=-7,k=-6
(52
Hai khéi tru ¢6 chung duong cao nén can xac dinh ban kinh dudng tron ndi tiép va ngoai tiép hai

day.

33.

34.

Ban kinh duong tron ndi ti€p day la r = ézﬁ .

c ABf

Ban kinh duong tron ngoai tiép day la R =

Vv 2
Vay ti 16 thé tich 1a k= —8% = 7R’ (EJ =2,
noi 71'72’1 r

Ta cé jcosxdx =sinx+C.

Bai toan nay lién quan dén ham bac 3 nghich bién trén khoang (a; b) .

Tép xac dinh D =R, y'=mx® +14mx+14
Ham s8 nghich bién trén nira khoang [1;+w) <> y' <0,V x € [1;+)

& ma® +14mx +14 <0,V x € [1; 400) m(x2 +14x)+14 <0,V x e [1;+)

@g(x):z"—M-Zm,vXe[l;m) *
x“ +14x
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. 14 14(2x+14) L
Xétham s8 g(x) = ————,x €[L;+w),g'{x)=——%>0,Vx e[L;+w), suy raham sd y = g(x
8 & y
X% +14x 2 2
(+* +142)
S n oA AA A . . 14
1a ham s6 d6ng bién trén ntta khoang [1; +00) , suy ra ml? gx)y=g(l)= 5
Xz

Vay (*) = n;zi{lg(x) >me —%2 m . So diéu kién ban dau suy ra ~10 <m < u .

b b

+...

35. ]z|=\/a2+2b2=\/a2+b2+b2 22 8\3{-6- ding thirc xay rakhi a= 2b——é§.
3
i

A | Sai vi diing bat dang thitc BCS bang céch 1dy a+b chia cho v 12+1%.
C | Sai vinghi |z| djt gid tri nhé nhatkhi a=b=4.

D | Sai nhu C, ngoai ra khong 18y cén béc hai khi tim module.
36. Xac dinh thiét dién va tinh dién tich ctia thiét dién d6.
Goi E 1a trung diém cia A'D'. Khi d6 MN//AE//BP . Do d6

B
thiét dién can tim 14 hinh thang MNPB. Dua vao cac tam giac N ¢
e als 5 a0
vudng thi BP = vBB'?+ B'P? :% va M :»AE—»«—~ T K D
1 AY
1 \
7
u\f uz aN17 MmENe
mNP“ = ; Tx=aR o JC
"6 1 A
va “\E
MP =\PA?+ A'M? =JA'B2+ B'P? + A'M? :ﬁ. AN D

2
a*\21
s

Str dung cong thirc Hé-réng d€ tinh Sy pp =————

21

2— 2
25 N h(MN +BP J
Ta 6 chidu cao hinh thang 1a h = ~-AMBL g _avloo .Vay S = ( ):341 21 .
BP w5 10 2 16
2
A nham NP la dudng cao B nham MB la c quén hé s8 % trong
hinh { . on, .
hang duong cao cong thikc.

37. Goi M(x,y,z).Ta co:

A(M,(P))=d(M,(Q)) [2ry+az 3 |xr2y-2249 Q{x_e’y“lz—g:o,

\/22 1) 422 \/22+12+(—2)2 Sr+y+2=0
38. Budc 1: Tim dao ham cia ham s ¢4 cho. Giai phuong trinh y' =0 tim nghiém.

Bwdc 2: Tim toa d6 2 diém cuee tri A va B.

Budc 3: Viét phurong trinh duong thing di qua 2 diém A va B.

x=1

Tinh y':3x2~12x+9;y’=0<:>3x2-12x+9=0<:>[ .
X =

Ta c6 toa d6 2 diém cuc tri A(1;0), B(3;-4).
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. x—x -
Phuong trinh duong thang di qua 2 diém A, Bla —}—-“—’3— =YY

& y=-2x+2.
Xp=Xa Yp~—Ya

‘ B | HSsaikhi tinh y" =6x+12.

39. Bai todn lién quan ing dung ctia mi - logarit.

40.

Bai todn: Mot nguoi vay s6 tién la a dong, ki han 1 thang vdéi 13i suat cho s8 tién chua tra la 1% mét
thang (hinh thtic nay goi la tinh 13i trén du no giam dan nghia 14 tinh 14i trén s6 tién ma nguoi vay
con ng 6 thoi di€m hién tai) , s6 thang vay 1a n thdng, s6 tién déu dan tra vao ngan hangla x dong.
Tim cong thic tinh x ? Biét réng lai suat ngan hang khong thay d6i trong thoi gian vay.

Sau thang thir 71,56 tién con lai dau thang thir n 1a:

n_ 1+r)" =1
Fug =ad" —x= 11 &P,y =a(l+r) -x————( ) (50) v6i d=1+r.
— .
a(1+r)"r
S6 tién déu diin tra vao ngAn hang la  x = uw (5b)
(1+r)" -1

Trudc hét ta goi x la s6 tién ma 6ng Ninh phai tra hang thang.
Ong B phai tra trudc 30% s6 tién nén s6 tien ong B can phai vay la: 69 -69x30% = 48,3 triéu déng.
Ap dung cdng thirc 5b: Ta tinh duwoc s8 tién héng thang 6ng B phai tra 1a:
a(1+7)"r 48,3(1+1,5%)° x1,5%
x= S == A
(147)" -1 (1+1,5%) -1

=8,477867867 ( triéu dong)

Sau thang thtt 2, 8 tién con no lai vao dau thang tha 3 1a:

2
1,5%) -

P, =48,3(1+1,5%)’ »8,477867867gj1—5£/)-—1-

s 70

Do dau thang thit 3, 6ng Ninh trd hét s6 tién no, nén theo qui dinh éng Ninh phai tra thém 2% trén

=32,67696375 triéu dong

s tién vay ban dau tir d6 suy ra s tién 6ng Ninh phai tra thém la: 48,3x2% = 0,966 triéu dong.
Vay tong s0 tién 6ng Ninh phai tré vao dau thang thit 3 1a: 32,67696375 40,966 = 33,642963375 triéu
dong.

Day la bai toan lién quan dén phuong trinh md, giai bang phwong phép dit 4n phu. Ngoai ra cac

em phai ndm ving cach tim giao ctia hai tap hop.

41.

2

Nhén xét: [3/—55_—1]‘\‘[\/5+1]x 1 =1 [_‘/ET =[\/g+l]—x

(V5-1) +(J§+1)x =521 & [%}\ +(\/g+1]x =2(1).

2 2 2

o (VE-1) 15
Datt:[T >O,(1)<::>t+¥:5:>x1=logl/éz,x2:logﬁ;1
2 2

N | =

y'=-sinx++/3 cosx suy ra y':O@tanx:ﬁ©x=%+k7z.

Xét 30 < %+ kr <45 9,22 <k <13,99 & ke {10;11;12;13} . Lai c6 f(30)~-1,557, f(45)~1,999.
s V3 ya T

—+107 |= f| —=+127x |=2, —+1lz |=f| =+137 |=-2.

A5 rrfesfgrn)ea g ene)=s(5oe
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42,

43,

< | Sai vinham thanh 45 nénhocsinhnhanxét | - | Sai vi hoc sinh chon f(45) 1a
diém cuyc tri khong nam trong khoang dang xét. gi4 tri 16m nhét.

e e e
]:jex (%—i]dx :Jex.l«(l-gjdx:jex"zmx (L—gjdx
A C SN 1 x
22

Dit t:e’f-““x:>dt:(l—zje"*”“mx,tfchphantrmhanh I= [ dt=e—e=a=e-2b=1.
X

e

Dua vao tinh chét ctia tAm hinh thoi d€ tim I .

44.

45,

t=-1
Ied=>I(-1-t;—;2+t). ABCD lahinh thoi nén IA L IB= 3t* +9t+6:0:>L_ , Vay ta cé hai

diém 11(0;1;1) va 12(1;2;0). Vi >0 nén nhin I,. Trung diém AB la N[% g,%] suy ra
M E;é,—é .Do dé a+b+cmg
272 2 2

} A ' nham trung diém ctia AB . ’ C ’ nham téng toa do caa L. ‘ D 1 18y nham diém I,. t
TXD: D = [0;+0).

Chua: y<0,Vx20.

1 56—0,015X
Caub: y'=————->0,Yx20 suy raham s& déng bién trén (O;+00) .
(l i e—o,owx)
1 50-0015%
Cauc y'=—————>0,Vx2>0 suy ra ham s6 ddng bién trén (0;+00) .

(1 _ 0015 )2

| o (4BY _1 )
SABC:EAB BC (2] :=§.6.4=12(cm ).

Goi r 1a ban kinh dudng tron ngoai tiép tam giac ABC = r = ABBCCA 2 (cm) .

S 8
Goi d 1 khoéng cach tir O dén (ABC) thi d=VR? 7 = w%r’ .

Thé tich khéi chép S.ABC 16n nhét khi S, O va hinh chiéu ctia O 1én (ABC) thang hang, dong thoi S,
O ndm cting mét phia v6i mét phéng (ABC).

3125
et i e ) 3V, 5 125
Khi d6 chiéu cao h cia khéichdépla h=R+d =R+ ,[R" —— Suyra h=— & =
6 Spe 128
125
R<==2 R<125/8
Xet R+\)R2 66245 %?@ 225 15625 125 T 1r=% QR:%'
g2 9B 15625 g2 125 | R=F
64 64 4
A | Sai vinham h=2R.
R<£§£ R<125/8 5
Giai phwong trinh sai. & & R=—
C | S Phong RS | 65 15625 ., 125 |12R-1%02 OB 2
e 1 4 64 64
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46.

47.

48.

| D | Saivinghi R=h.
Phuong an 1: Chia hinh tron thanh 3 phan.

D¢ dai duong sinh ctia mdi chiéc nén ciing 1a ban kinh hinh tron ban dau, tirc 16 cm.

Béan kinh ctia méi chiéc nén sé bﬁmg 1/3 ban kinh ban dau, ttc %Q(cm) .

(em).
EJZJ,EZ_@:S”N—Z_

2
Ta tim duoc chiéu cao ctia mdi chiée nén: ,|16° —{%{)—] = 325/5

Thé'tich V; ctia mbi chiéc nén: V, =—]§[/r[

3 3 a1 V4 (01713) x 449,33(cr113)

Tong thé'tich V cia 3 chiée nén: V =3V, =1348,00 (enr®).
Phwong én 2: Chia hinh tron thanh 6 phan.

’ 7 ) X Y ’ ~ M I3 ’ A ’ 8
Ban kinh ctia mdi chiéc nén sé bang 1/6 ban kinh ban dau, tirc g(cm) .

2
Ta tim duoc chidu cao ctia mdi chiéc nén: , 162 —[%) = @(CW!).

Thé tich V, cia mdi chiéc nén: V,=—|m (cn13) ~ 117,48(0113) |
3 3 81

1_[ (_8_]2}@:_5.;2,_@7,

A | Sai vi cho rang cting la m6t miéng bia thi t6ng thé tich cdc ndn tao ra 1a nhu nhau.

C | Sai vi cho rdng thé tich ¢6 twong quan véi s& phan ma miéng bia dugc chia ra.

i

M(m'zm—lJe(C). Tiém cén dung cua (C) la  dj:x=-2. Suy ra d(M,dl)=|m+2

" m+2 |
~ [m —3‘
d(M'A)w|m+21 ;
) ’ , 'm~3’
Téng khoang cach: f(m)=|m+2|+ Im+2|
Lap Bang xét ddu:
m —® -2 2 -
m-3 ) ‘ - : .
m+2 ) 0 ' ‘ i

Khao sat ham trén (—00; —2);(~2;3);[4;+oo) ta duoc minf(m) =1+2/5khi my = -2-5.

Nham m, =2+5 va Nham rmy =2++/5 va tinh

A | Quénloai di m=-2 C D

tinh sai s§ gia tri nguyén sai s0 gid tri nguyén

Tac6 w=z+z=2a+2i . Nhan xét sd phitc z=a+bi c6 ae[—l;?;] nén 2ae[~2;6:|.

Nhu vay tap hop diém biéu dién ctia w 1a doan théng o 2 mut la (—2;2) va (6;2) .

o Sai vi minh thdy tép hop Sai vi
Sai vi khong e e o . "
. ] diém biéu dién s6 phtc thi nham
A | tim khoang D . . . C , .
Y \ minh chon duong tron tedng a la
gidi han ctia a. N . .
thoi. hang s6.
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49. Buéc1: Dit f=+/x , bién d6i tich phan theo bién t, dua vé dang tich phan timg phan.
Buwéc 2: Bién ddi tich phén ting phén.

V4
Dat t=\/;c—:>t2:x:dx=2tdt.96’icén: x=0=t=0;x=7°=t=x.Taco: I:thzsintdt.
0

=042 du = 4tdt T i
Dat u=2t = “ .Tacé I=-2t*cos t‘ﬁ + J.4t costdt =27% + J’4t costdt .
dv = sintdt v =—cost 0y 0

L |lu=4t du = 4dt , 2 .o T 2
bat = o .Tacd I=2x +4tsmt| ~4J'smtdt=27r ~-8=>n=-8.
dv = costdt v=sinx 0 0

50. Bwéc 1. Tim d thi ham s§ y = |f(x) bing cich 18y d8i xting phan bén dwdi truc Ox qua truc Ox.
g y gPp q

Buwdc 2. Tte d6 suy ra gid tri caa m .

Tie d6 thi ham s8 y = f (x) ta 18y dé&i xtimg qua truc Ox ta thu
duwoc d6 thi hinh bén. Tt d6 s6 nghiém chia phuong trinh
}f(x)] =m 14 s8 giao di€m ctia d6 thi yzlf(x)‘ va y=m.Taco

m=0vm= %2— thi ¢6 bon giao diém.

B Sai vi khong d& § déu gid tri tuyét d6i |f (x)| =m

X
C Sai vi 14y nham tung d6 .
D Sai vi nham v6i ¢ nghiém.
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C/BAP ANDE9

1 2 3 4 5 6 7 8 9 10
B A D B C D C B C C
11 12 13 14 15 16 17 18 19 20
C C A A B A C C D C
21 22 23 24 25 26 27 28 29 30
D A D A B D B A B A
31 32 33 34 35 36 37 38 39 40
C B D D A A B D B A
41 42 43 44 45 46 47 48 49 50
C D B B A D B D C D

1. Tacd: zy=a+bi =a+b; zy =—ai® +bi=a+bi=z - 2, =b-bi .

A | Saivitinh i%=1. C | Saivitinh thanh z; +z,. D | Saivitinh i* =-1.
2. Phuong trinh mét phéng chén cdc truc toa d6 tai cac diém A, B, C 1a (a) X +i+E =1.0 day («)
a c

cht céc truc toa db tai cac diém (a;O;O), (O;b;O), (O;O;c) véi abc #0.

-

y

+5t

Ap dung cong thirc phuong trinh mit phing theo doan chén ta c6 (ABC ) :—; 3 ;} =1

3. Hamsdxdcdinh ©x-2>0x>2.

C Sai vi nham voi diu kién ctia ham y=+vx-2.

4. Budc 1: D4u hiéu nhén biét sy ddng bién, nghich bién clia ham s6 thong qua db thi. Néu d6 thi dang
“di 1én” trong khoang nao thi ham s6 dong bién trén khoang &y. Nguoc lai, néu d6 thi dang “di
xudng trong khoang nao thi ham s8 nghich bién trén khoang ay.

Budc 2: Dira vao d6 thi va nhéan xét.

Dua vao d6 thi nhan xét ham s8 y = f(x) dong bién trén cic khoang (-3;-1) va (3;5); ham s§

nghich bién trén khoang (—1 ; 1) .

A | Sai vi khong thé két luan ham s§ dong bién trén tép (~3;-1)u(3;5).

C | Sai vi két Iuan nghich bién trén khoang gié tri clia y e (3 ; —2) .

D | Sai vi trén khoang (1;3) ham s6 khéng d6i.

5. Haihamsd y= log,x va y= a* v6i a>0,a%1 1a hai ham nguoc nhau.

6. TXD: D=R\ {2} .Tacéd y'= >0 . Ham s6 dong bién trén tiing khoang xéc dinh nén loai D.

2
(2-%)
Ta c6 x=2 la tiém can dGng nam bén phai truc tung, y=-2 1a tiém cin ngang ndm duwdi truc
hoanh, suy ra loai dap an A.

ATy Cae o A A i e
Mat khdc, d6 thi ham s6 giao v6i Ox tai di€m cd hoanh dd am x = — glaovoi Oy tai diém co tung
A 1 ) A .
do dwong vy = ) nén loai C. Vay chon dap an B.
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7. Bwéc 1: Nhic lai c6ng thitc nguyén ham J dx va J‘ dx . Budc 2: Van dung va nhan ra
cos® x ax
dap an dang.
F(x):f( 12 + }dx tanx+ln|3x 1|+C
cos’x 3x-
[AD [HSsaihess. | B | HSsai ddu trj tuydt doi.
8. Nhic lai cdng thiic tinh d6 dai vecto.
i = (-8)" +2% +0? =13.
A | = (8 +22 407 =13,
9. Trong bai ta thiy xut hién cia ham da thitc bdc 3 va ham béc 4 trung phwong.
Ta da biét ham s8 béc 3 chi c6 thé ¢ 2 cuc tri hodc khdng ¢6 cuc tri nao, do vy nhitng cau cd sy
xudt hién ctia ham s bac 3 déu bi loai bo. Nhu véy liic nay con lai hai phwong an B va C.
O phuong anB: y =x* —3x2+7 —a=lb=3 g < 0 1 rang ham s8 nay c6 3 diém cuc tri.
O phwong 4n C: y =15-5x% —2x* —=28=5 4y 5 0, ham s8 nay c6 1 cye tri.
Ngoai ra h(x) = (x2 -x)(x2 +x)+x2 +6=x*—x? +x* +6=x*+6 ciing c6 duy nhét 1 cye tri.
10. Khoi tt dién déu cb 4 dinh, 6 canh va 4 mat.
} A } Nham qua s8 canh va mit. } B ‘ Nham qua s6 canh ctia mot mat.
a, < 0
11. Chohams8 y = ax® +bx? +cx+d,(a #0) . Ham s§ nghichbién trén R < y'<0, VxeR < A <0
y <
Téap xac dinh: D=R.Ta c6 y' =—x* —2mx+2m-3.
Ham s8 nghich bién trén R
5 a,<0 -1<0 (1d)
< y'<0,VxeR & —x* - 2mx+2m~3<0,VxeRo 1/ 9, o -3<m<1
A'<0 m-+2m-3<0
a, < 0 .
A | Sai vi thiéu diéu kién ¥’ <0, VxeR < A < thiéu d4u bang ctia A
"
a, < 0
D | Saivisaiditukién y'<0, VxeR << 7
Ay 20
4x -2 dx -2
12. | flxpx= dx = = [ ]dx
J. ( )d jx?’+2x2+x+2 J~(x +1) x+2 J. 2?41 Cx+2
= F(x)=In|x* +1|-2Infe+2]+C, F(-1)=-In2&In2+C=-In2=C=-2In2
Lai c6: F(3)=In10-2In5-2In2=-In10.
3
Ciich khic: Ding MTCT bam tich phan [ f(xJbx =k =F(3)-F(-1)= F(3)=k+F(-1)=k-In2, d6i
-1
chiéu v6i cac dap 4an, ta chon C.
13. Bai toan nay lién quan phuong phap dat &n phu khi giai phwong trinh. Céc em chii y mot cong thikc

trong bai toan nay 1a: log," b= (log, b)"

246



ON LUYEN DE THI TRAC NGHIEM TOAN 2017 DAP ANDE SO 9

Piéu kién: x>0.

2
Ta co 10g% x—logzx—S:OQ[%llogzx) ~10g2x—3=0c>%(10g2x)2 -log,x-3=0
4

Dit t =log, x, thi phuong trinh da cho tr6 thanh %tz -t=-3=0.

p | Sai vi nham log? x~log, x~3=0 2(log, x)* ~log, x~3=0 22 ~1-3=0
i

¢ | Sai vi nhém log% x—logzx~3=0<:>(—210g2x)2~10g2x—3:0<:>4t2—t—3=0
4

14. Xac dinh céc hinh (H) va (H') trong ting tinh hudng.

Tinh huéng 1. Hai hinh (H),(H") d&i xting qua mét phang guong,

Tinh huéng 2. Hai hinh (H),(H') khéng d6i xtimg qua mdt nudc vi phan hinh lap phuong b
nhung trong nudc khong thu duoc anh.

Tinh hudng 3. Hai hinh (H),(H') d8i xting qua mt chéo ctia hinh 1ap phuong. Chon A.

15. Ta cé tap hop di€ém biéu dién s6 phtic z 1a duong tron (3;-4) va R=1

\ ]
2| =[3-4i+1=V3% +42 +1=6 S - N

~

max

Do dé .Dap an B 0 N,
min|z| =[3-4i|-1= 3% +4% ~1=4
Cdch khdc: T \\
[F-3-a =122 3 (y+4)i =1 (x-3) +(y+4)" =1 . AN
—OM, =OM, + M,M, =4+2=6 | N MM
Khi d¢ ta vé hinh ta sé duoc: ‘Z max ! 2 MM =5 o \1
!Zlmin = OMZ =4 o

1 A l Sai vi nhaAm khai can M—m = \/g -2 }

16. Buwdc 1: Bién doi ln:ll- va ln% dwra vé duoc In2. Buwdc 2: Rt gon thanh dang k+ 2.
n

——1§1n—1—+llni=Ell12—21112=£h12:>771=11,11=2:>Chonda'pa’nA.
4 4 2 16 2 2

15 In1 1 Inl
B | ———+=—.——=0.
4 In4 2 Inl6

In2.

17. Khdi lap phreong 12 mot khéi da dién déu nén tAm mit ciu ngoai tiép va ndi tiép trung nhau, vala
giao diém cac duong chéo ctia khdi lap phuong.
Dé thdy khoang céch tit tAm m3t cdu dén mdt canh s& bang mot nira d6 dai mot dwong chéo nao dé

a2

ctia mét mét khéi 1ap phuong. Nghiala d = -

B | Hoc sinh nham véi khoang cach dén mbi mit.

D | Hoc sinh tim dwoc moi lién hé véi duwong chéo mot mat nhung lai quén chia 2.
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18.

19.

20.

21.

22.

23.

3V,
Ta c6 cong thirc V) = lm’zh =h="""0. N
3 zr
3V, 3V,
Tir d6 dién tich thiét dién qua truc S =~ ABOH = ~2r. 220 - %0
2 2 ”rz a8
A Sai vi sai cong thikc tinh thé tich kh&i nén. .
B Sai vi chua rit gon 7. A
D Sai vi chuyén v& nham bén.
limy =+ =>x=0 la tiém cdn ding. lim y =0, suy ra tiém cAnnganglay =0.
x—0 X0

Budc 1: Dinh nghia hinh chidu vuéng géc ctia diém 1én mit phang: “ Pi€ém H goi 12 hinh chidu
vudng goc cta diém M 1én mit phang (o) néu MH 1 () tai giao diém H.

Budc 2: Cong thitc diém hinh chidu vudng géc ctia M 1én mit phing dic biét (Oyz).

Hinh chiéu vudng géc ctia diém M (3;-2;5) 1én mit phéng (Oyz) 1a H (0;-2;5).

n

=2 du=—d z 3

Dit " .x = * .Véyl:—(Z-x)cosx](;"—jcosxdx.
dv = sin xdx V=-CosX 0

1 A

Do mit cau tiép xtic véi mit phéng (Oxy) va cé ban kinh bing 13 nén ta d& dang suy ra duoc tim

18y du=dx,v=cosx ’ B } 18y du =—dx,v=cosx F C l 1ay du=dx,v=-cosx

ctia mit cau c6 dang I = (u;b;l?)) hodc I=(a;b;~13).

Nhén xét: vi mét cau tiép xtc mat phz%mg (Oxy) nén né chi c6 thé ndm tron ven vé cung mot phia
ctia mit phéng nay, do vy tat ca cac difm ndm trén va ndm trong m3t chu déu s& ¢6 cao d cling
d&u véinhau (trir ti€p diém cé cao d6 bang 0). Vay 16 rang nhin vao hai diém A va B, ta c6 thé chon
ngay I(a;b;lS).
Thay toa dd A, B, ta co hé sau:
(6-a) +b? +144 =169 (6-a) +b? +144=169 a=10 [a=3
= 13 Vpea

(7-af +(b+1)7 +144=169  |(7-a) +(b+1)" +144=169
Xét diéu kién tung do cta tAm 13 s§ am, ta c6: (x~3)2 +(y+4)2 +(z——13)2 =169 . Mit ciu nay di

qua diém M(lS; ~1;9).

B Sai vi chon 1(10;3;13) .

Dua vao bang bién thién dé& xac dinh cyce dai va cuc tiéu.

24,

25.

TXD: D =R.Tacéham s6 dat cuc dai tai x=-1, gid tri cwe dai 14 2; va ham s6 dat cuc tiéu tai x =2

, gia tri cpc ti€u la -1 .

A nham gitra cyc dai va B Sai vi hoc sinh thay dao ham c Sai vi nham gitra cyc dai
gia tri cuc dai. khéng xac dinh tai x=2. va gia tri cuc tiéu.
20t 2o (7 +2) (26 +1) (26 +1)1. (2 +2) e
= = =y = =—
2e% +eF 207 +1 (2 o274 1)2 (Zsz N 1)2

Giai phurong trinh mii bang phuong phap d4t &n phu

sinx sinx sinx 3 Zoin 3 ein
647" -13.6>"" +6.9 =06 > -13 > +6=0
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3>sinx 3
{EJ 2
3'5inx 2
i
26. 2 =-(2-V2)i, 7, =~(8+2)i= 7.2, = 14-62.

A | Sai vi nhim véi l:(S—\/E)is—3i}[(5+\/_2_)i3—3i]
B | Sai vi nham véi [(5—\/5),'3 —31}[(54-6)#’ +3iJ ,

sinx=1 s .
= <cosx=0=x==—+kr,kek .
sinx =~1 2

C | Sai vi nham v6i z;.z, hodc z.z,

27. Buwdc 1: Gidi nghiém ctia phuong trinh. Budc 2: X4c dinh cdc cdp nghiém lién hop ctia nhau.

3

77 =
2 +72°-8=0 2{ 5 . Ttr phuong trinh z®=1ez=1vz= —%i??)i va phuong trinh
2" =-8

B =B8oz=2vz=1% \/gi . Véay phuong trinh ¢6 hai cdp nghiém lién hop ctia nhau.

A Sai vi khong hiéu rd khai c Sai v1 tudng ra 6 nghiém D
niém nghiém lién hop. thi ¢6 3 cép lién hop. ctia phuong trinh.

Sai vi tudng hoi s& nghiém

28. Budc1:Dit z=x+y.i;x,y e R. Thay vao |z—i|=[(1+z')z|

Budc 2: Nhic lai dinh nghia md dun cta s6 phic, khai trién phiong trinh va két luan.

Dit z=x+yix,yeR.

Tacd [z—i|=|(1+i)z] = e+ yi—i] = |(1+7) (x+yi)| =[x+ (y = 1)i] = [(x=y) + (x+ y)d]

<:>\/x2 +_(y~1)2 =\/(x—y)2+(x+y)2 <:>x2+(y+1)2 =2.

Vay tap hop diém M (x;y) 1a duong tron tim 1(0;-1), ban kinh R=+12.

HS sai HS sai , , z-i=(1+i)z |27
B , C | . D ]z—z[=|(l+z)z‘<: . R 1 2.
ban kinh. tam z—1=—(1+z)z z=—5-+§z

m

29. Budc1: Tir a=10""8®  bieu dién logb theo loga .

n

Budc 2: b=10""6°, biéu dién logb theo logc.

Buwéc 3: So sanh 2 bidu thitc bude 1 va 2, suy ra loge theo loga .

m

a=10""180 loga = o n-logb= Mmoo logb = nloga—m

n—logb loga loga

m

b=10""8 & Jogh = —""

n—logc

m nloga—m loga (ﬂz —m)logu—~nm
Ta c6 logh = = < n-loge= e R o —
n-logc loga nloga—m nloga-m

30. Buwdc 1: Kiém tra 4 di€ém A, B, C, D tao thanh t dién.
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31.

32.

Budc 2: Mt phéng (&) song song véi ca 2 dudng thing AB va CD, suy ra mit phang (a) c6 vecto
phép tuyén la n= [@,Eﬁ} . Viét phurong trinh mét phéng (a)
Bwéc 3: Vi mit phang (a) cich deu 4 diém A, B, C, D nén

(4 () =4(8.(a))=a(c.(@)) =a(D(«)

Buérc 4: Lap phuong trinh, giai va suy ra phuong trinh ().

AB = (1;-1;1), AC = (~1,-3;-1), AD = (-2;-3;4),CD = (-1,0;5).

[ 4B, AC|=(4;0;-4) = [ AB, AC | AD =24 %0 = A, B, C, D tqo thanh ttt dién.

Phuong trinh mit phing (a) <o vecto phap tuyen n=[AB,CD|=(-5-6;-1) I
(@):5x+6y+z+m=0

i(aa))=d(c () =

5.(-1)+6.2+0+m| [5.(-2)+6.(~1)-1+m]

V52 462 +12 B V52 + 6% +12
m+7:m—17(vn)

<:>‘m+7’=’m~17[<:>
m+7=-m+17

m=5=(a):5x+6y+z+5=0.

5 . , Mit phang song song Mait phang song song
Mat phang chi song o s oia s ‘s s oca aa
A . . C | véi (ABC)vacich déu | D | véi (ACD) va cach déu
song v&i AB va CD. o o
4 diém A, B,C, D. 4diém A, B, C, D.
2 dx

2
Buéc 1: Bién d6i 1~j —
Sx+2x+4 4(x+1) +3

Pit x+1=+3tant,t e(—%;%}, tinh dx va ddi can.

Buwéc 2: Thay bi€u thite mdi, cén mdi, bién d6i va tinh toan.

2

2
I dx

2 2
% Y2x4d Si(x+1)+3

V3

cos” t

T

Dat x+1:\/§tant,te(—-72£;EJ:>dx=

dt . Doi can: x=——1:>t:0;x:2:>t=%.

s

1 f

dt =——
3tan? t+3 cos? t \/—'[ 3\/_

Bue6e 1: Tim dao ham y’ ctia ham s8 da cho. Nham dugc 2 nghiém x;;x, cia y'=0

=>m=1n= 3=>m?-2n<0.

N
‘—-.N
O —_ |y

x+1 +3

Buéc 2: Nhan xét hé s8 trude x? ctia bidu thire y' 1a a=3m. V& bang xét ddu y' trong 2 truong
hop 2>0 va a<0. Tredong hop 4>0 bi loai. Trudng hop 2<0 nhén ra ham s& dong bién trén
khoang (x;x, ).

Buwéce 3: Theo yéu cau bai toan ta giai phuong trinh |x2 - xll =2 timm.

x =0
TXD: D=R.Tacéd: y' =3mx’ +6x; y' =0 < 3mx> +6x =0 o .Ditukién m=0.

Xy =——
2 m
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33.

34.

35.

PAP ANDPESO9

Vé bang xét ddu dao ham y' ta can biét ddu cuia hé s6 a=3m. Ta ¢6 nhan xét sau:

Néu a=3m>0= X, < x; thi ta cé bang xét dau

X —0 Xy X1

+o0

'

¥ + 0 - 0

+

Khi d6, ham s8 dong bién trén céc khoang (-w»;x,) va (x;;+»). Khong thoa dé nén loai truong

hop a=3m>0.

Néu a=3m <0< m<0= x; <x,, ta c6 bang xét dau

X —0 Xq Xy

y' - 0 + 0

Dua vao bang xét ddu ta nhan thdy ham s chi luén dong bién trén khoang (x;;x, ).

Yéu cAu bai todn <:>|x2~x1|=2<:> 2 et alemant
m m
“ 2 1
A | HS nham Ixz—x4[l=2<:> ~— =2 —=1om=1.
m m
\ 2 1
C | HS nham ‘xz—x1|22<:> ——-0z2e —21leom=21.
m -1

D | HS giai khong loai m: lxz -—x]\ =2 & ‘wg—0§ =2 |m’ =1l m==1.
m

Buéc 1: Tim giao diém néu ¢6 ctia d va (a).
Buéc 2: Tim vecto chi phuong ctia duong thang hinh chiéu.
(—2t)+f—(—1—2t)+1 =0=t=-2.Toadd giao diém la M(4;~2;3) .
Vecto chi phuong ctia d' 1a ;c; = H:E,ﬁjl,ﬁ} = (7; —2;5) .

A \ x-4 y+2 z-3
Vay phuong trinh d': ——=>—="—

Y PALONS 7 =2 5

A |nhamla d//d. | B |nhamla ug=[usii]. | C | nham cong thit.
Budc 1: D@ bai hdi quang duong di dugc trong 5 gidy, can biét quing dudng la nguyén ham cia
vén toc xe chay.
Budc 2: D€ tinh quang dudng di duoc trong khoang thoi gian nao ta sé tinh tich phan ctia ham vén
toc trong khoang thoi gian do.
Quéng duong xe may di duoc trong khoang thoi gian 5 gidy k€ tiv khi hét den do (t = 0) la:
5 5

=[(- _20

E[v(t)dt - g( £ 101}t = =2 (m)

A Nham U(S) =25m.

b b
Tich phan khéng phu thudc vao bién sd nghia la [ f(x)dx = [ f(t)dt
a a

10 16 6
Dt t=x+6=>dt=dx , | f(x+6)dx= [ f(t)dt=123= [ f(t)dt =504~123 =381
0 6 0
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36.

2 at_ '
I=[f(3a)t— s jf {?21:%:127.
0

2 6
B | Saivinhamvi I=|f(3z)dz=[f(t)dt

0 0
16 10 2
C | [f(t)at+ [ f(x+6)dx=[f(3z)dz =504+123 =627
0 0 0

2 6
D | Saivinham I=|[f(3z)dz =3[ f(t)dt =381.3=1143
0 0

Budc 1: Lap ludn goc gitta mat bén va mét ddy, dueea vao d6 dai canh bén suy ra canh day va do dai
dudng cao SO. Budc 2: Xéc dinh cic yéu t8 va Tinh thé tich khéi nén.

37.

38.

Goi M 1a trung diém BC. Ta chiing minh dugc goc gitta
miit bén (SBC) va d4y (ABCD) bing géc SMO = 60° .

6]
o

Dit AB=x.Do dai SO = OM.tan60° =

w3 (w2) wb
(2] (] e

5

Khéi nén 6 chitu cao thO—u , ban kinh day

= SB=+S0%+0B? =

R=OM=2
2

2 3
lﬂRZ.h=%7r[aj &— 4 ”\/5.

: 1
Thétich V =15, h=t a) a3
! 37y =g 2) T2 T ;a

a3 a3

B HthﬁmV:dey.h:ﬂRZ.h:n(g] =

A x _y+5 -z : x  _y+5 z

m2+1 n?+1 m2+n2 m?+1 n®+1 —(m2+n2)

D& d song song A thi i 1+ = = =m=

AD | Tinhsai VICP |
Budc 1: Goi O 1a tAm tam giac déu. Tinh d6 dai duong cao SO.

Buwéc 2: Tinh thé tich Vg ,pc =%.so.sAABC.
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39.

Goi I la trung diém BC, O la tam tam gidc déu ABC.
2 2a\/§ _ Za\/g

AOngI:—.
3 3 2 3

(2a)2 _[Za\/g]z _ Za\/g
3 3

’

SO =+SA% - AO? =

1 211\/8.(2a)2 3 _ 22

1
V. ==.50.5 =-.
S.ABC ~ 3 AABC T3 T 4 3

A2
12

2(1\/6 _—_(za)2 \/3 = 2[13\/5.

B | sai cong thirc Vs apc =SOSpapc = 5 1

A | HS nham it dién déu canh bé“mg a. Vg apc =

Buwéc 1: Tim dao ham cip 1 va 2 ctia ham s6 da cho. Bwdc 2: Tim moi lién hé gitta cac dai luong.

40.

41.

Ta ¢ y = Sinx 2 sinx

SN va " =cos” x.e®"Y —sinxe

=siny=Iny.Xét y'=cosx.e S

2
Suy ra y":y——y111y:>y”.y=y'2—y2 Iny.
¥

2 sinx

A | Saivitinh y"=cos® x.e5™¥ +sinx.e5"¥,

Sai vi tinh y" = cos? x.e5"*

D | Sai vi khong st dung cong thirc (e” )' =u'e".

Tacod: y'= P —4(7712 —2)x = x{x2 -4(m2 ~2)]. D6 thi ham s8 c6 3 diém cuec tri khi m>\/§ hoéc
m<—2.

2 2
Khi d6 3 diém cuc tri la A(O;Z), B[Z 1112~2;2—~4(m2——2) ], C[~2 mz~2;2~4(m2~2) ]
e 2 2 V) o= 2 2 Y
Tacod: AB=|2Vm —2;~4(m —-2) JAC =| -2ym* -2;-4|m -2 .

—— 4
Tam gidc ABC vubng can tai A khi ABAC =0 & —4(m” ~2)+16(m” -2} =0
& m?-2=0 (loai) hay m? -2 :—1—<:> m? = 2+—1—.
N N

Cach khac: 4p dung cong thitc giai nhanh phan cyec trj hinh hoc cia ham trung phuong nhu sau:

— 3 3
c0s BAC = cos90° :—Z:—i-;—a—<:>b3+8a=0<:>—8(m2 —2) +81=O<:>mz-—2=~1—~©mz =2+—L
b3 —8a 4 Ya Ya

Sai vi giai thanh

B | Saividwarakétquala m. | C D | KéthopBvaC

1112-—2=1<:>m2 =2
4 4

TXD: D =[1;151]. V' =20x> —2440x? +87900x — 837000 = 20 (x ~ 62 ) (x ~45)(x - 15).
Ta cé: V(1) =24.206.141,67; V (15)=19.841.575; V (45) =22.721.875; V (62)=22.091.373,33 .
V(151) = 699.878.141,7 .
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42,

43.

44.

Nhin &6 thi ta ¢6 d6 thi giao nhau tai x=-1,5=2 va ham y=a* ndm trén d6 thi ham y = cx+d
khi x <-1; ndm duwéi khix>-1.

| A | Saivikhéngdéydaumat. [B,C | Saivinhim tung d6 giao diém.

Buwdc 1: Ta xudt phat tie cdu hoi dinh hudng lam sao d€ tn it nguyén vt liéu nhét ?

Budc 2: Ta nhén thdy dé€ it t6n nguyén vat liéu nhét thi dién tich xung quanh ctia phan vo bao bén
ngoai bon chita nwdc cling véi dién tich clia ddy va nap phai nhé nhét. Hay chinh x4c hon ta can
tim dién tich xung quanh nhdé nhét Gng véi thé€ tich ma d& bai cho. Ma ta da biét
Stp = qu + ZSdﬂy = 27rh + 277> (v6i 1, h Ian lugt ban kinh ddy va chiéu cao ctia bon nuéce hinh try).
Ta nhan th&y dién tich phu thudc theo 2 bién r va h. Va dén day ta hidu vi sao dé bai lai cho sdn

dung tich V = 7r?h = const titc 1a dang cho méi lién hé giita ban kinh d4y r va chiéu cao h ctia hinh

tru. Tt V=7zr2h:>h=l2.
T

Nhu vy ta c6 thé im min Sy phu thudc theo 1 trong 2 bién r hodc h. Khi d6, ta ¢6 th€ tinh dugc

chi phi thdp nhét d€ xay dung bon nuéce khi biét dién tich cia mdi mat bon.

Goi 7,hiTan luot 1a ban kinh ddy va chiéu cao ctia binh chita hinh tru (r,h > 0).

Khi d6: V = 7r%h = 100m® = h 2192.

zr
Tong chi phi xdy dung la P(r) =100.544, pip +90S,, +120.5

nap binh

= P(r) = 2205, +90S,, =22077” +90(27rh) = 22071 +@

Bai toan trd thanh tim minP(r) =? vdi r>0

18000 ./ _ 4450
> ,P(1)—0©70~311”

Lap bang bién thién, ta duoc:

Tacé P'(r)=4407r -
0 7 +00
- 0 +
\ P /

min

Dura vao bang bién thién ta thdy yéu cau bai todn < 7, = 3{% va h=
z

Chi phi thap nhét d& xay bon nuéc 1a P(r, ) ~11.476.438 .

t A { HS chon s6 nho nhéat. 1

x+1 x x 5
- - - 0<t<1 0
Ta cé —2 s H 22 sy Pat=2 o f0<i<T[x<
45 9% o 4% 0% _9 2 19 i>2 1
=5 = (~oo,0)U(1,+oo)
Mit khéc
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=l log, 2<lex>2 _
log,2<1< : =S5, =(0;1)u(2+%) = 5, NS, =(2+=) .
O<x<] *
————log, 2<lex<2=0<x<1

Sai vi nham xét dau tam thitc ddi vdi bpt
x+1 X X o 2, 2 1i—250
,2 - >—1<:>4'+2. 2>O =20 t2+t 2>0<:> <t>2ax>1

4% 2" -2 4" 2% -2 #—t-2 2 -t-2>0

A =5 :(1;+90)
L)log\_2<l<:>x>2
Va dong thoi log, 2 <1< : =5, =(2;+»)
R O<x<1 R .
< ¥<2=>0<x<1
S, NS, =(2;+%) =S5,
Sai vi quy dong bo mau ddi véi bat phuong trinh
x+1

C —\_2—\,—————>—1<:>2.2"'>—22“'+2“’+2<:>22"'+2"'—2>0<:>2"'>1®x>0:>51=(0;+oo)

45 _2¥ 2

=5 U85, =5,

Sai vi st truong hop

2.\'4-1 ! ! ) : )

— > -1:22" >0 12742627 42" =250 2" > 1o 1> 0= 5 =(0;+0)

4¥ 2% 2
D x>1

——log, 2<lex>2
log, . 2<1l¢ 0 z52=(2;+oo)
<x<d - ¥<2Z=>0<x<1
= 5\S, =(0;2)

45. Budc 1: Tim thé tich ctia chop tit gidc theo d,a, trong d6 « 1a gdc gitta mit bén véi day.

Budc 2: Bién luan d€ thé tich khdi chop 1a nho nhat.

Goi O la tam ctua ddy, H 1a hinh chiéu ctia O 1én trung
tuyén SM  cia tam gidc SCD. Ta <6

d(O,(SDC)) =0H =d = const va gbc gitta mat bén voi ddy
1a SMO = . Tam giac SOM vudng tai O, duong cao OH

,OH = _d ; SO=0M.tana = .
sina sina cosa

dS

sin’ a.cosa

tacd: OM =

Vay Vs azep =-;—SO.BC2 =%SO.4.OM2 -2

Xét ham s6 y= sin? a.cosa = cosa(l— cos? a), dat

t=cosa:>te(0;1).

Ham s8 tré thanh g(t):t—t3 ¢6 dao ham g'(t):1—3t2 :O:>t:»l~

NG
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T
= 1
! 0 7
g + 0 -
()
g(t) I\ —
0o T~y

Vay Vs 4pcp nho nhat khi chi khi y(a) 16n nhét < g(t) 16n nhat <:>t=~1—.8uy ra sina, =\/—§‘

75

B | nham d&u trix khi khai cin sin® o, =§ . | C | chwakhaican. | D | 18y gia tri ctia cosq.

46. (i). Ding 12 hién nhién, c6 thé kiém tra bang cch duing dinh nghia s8 phitc lién hop.
(i). ;+E+E:O:>M+@+E£=O:>-1«+—1-+~]1=O:>M=0:>ab+bc+ca:0
a b ¢ a b c abc
Mt khéc, a+b+c=0< a> +b°+c* +2(ab+bc+ca)=0= a” +b* +c* =0. Nén (ii) diing.
(iii). Ta c6 LS e VSN ML Y, DR S, SN B
a b c at+b a+b
Twong tu cho b va c. Suy ra (iii) dung.
47. Day labai toan lién quan dén cuc tri ctia ¢6 thi ham béac 3.
x=0(y=2
y=x>-3x2+2=y' =3 -6x=y' =0 (v=2) .
x=2(y=—2)
Toa d6 2 diém cyec tri ctia (C) la A(O;Z), B(Z;—Z).
Xét biéu thite P=3x—-y-2.
Thay toa d diém A(0;2) vao P=3x~y-2=P=-4<0, thay toa d diém B(2;-2)=>P=6>0
Vay 2 diém cye dai va cuc tidu ndm vé hai phia ctia duong théng Ary=3x-2
Ta c6 MA+MB2 ABsuy ra MA+MB nhénhat < 3 diém A, M, B thang hang
Phurong trinh dwong thing AB: y=-2x+2
‘= 4
=3x-2 =z
Toa d6 diém M la nghiém ctia hé: y=ox S M é,g
y=-2x+2 2 5'5
5
48. Budc 1: T phuong trinh v3x% -3 =v—2% +m (*)biéh ddi sao cho ¢ 1 v&1a ham s8 y =x° +3x2.

St dung digu kién vé s8 giao diém ctia (C) d€ bién luan s6 nghiém ctia phiong trinh (*)
Buc 2: Chii § diéu kién moi phét sinh 1a 3(x” ~1)>0, ta bét budc x6a di phian 5 thj khong thoa.

Budc 3: Dya vao bang bién thién méi (d6 thi méi) bién luén sd nghiém phuwong trinh.

x<=Ivxz=1

2_
\/3x2~3=\/-x3+m®{2x2 320 . S8l me3 (%)

X =3=—x"dm (€)  d(a//Ox hay d=Ox)
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Xem phuong trinh (*) la phuong trinh hoanh d6 giao diém gitra ¥l j )
(C') va duong thang d. f 4] .
Lueu y phan do thi tuong ing v6i x e (~1;1) ta phai xéa di. Két hop /\ ‘ y=m+3
v6i yéu ciu bai todn phuon trinh 6 2 nghiém thiec phéi dm. __.2‘ "i
Tasuyra 2<m+3<d e -1<m<l=me[-11). § ‘ ':
Sai vi git nguyén d6 thi ban dau, khéng xda phan § i x
A | -l<x<1 BERERC R

Khi do 0<m+3<4<:>—3<m<4:$1116(-—3;4)

Sai vi khong xét tai x=-1.Khi d6
2<m+3<4=me(-1;1)

Sai vi doc khong k§ dé ¢ 2 nghiém thuc “Am” chi

=0 =-3
c nhan tai Y B " =>me {—3;1}
y=4 m=1

49. Mit cau (S) c6 thm I=(1;0;2) va ban kinh R=3.

Nhan xét: S, I, §” thing hang va SS' L (ABCD).
V(H) =Vs aBcD + Vs agep = S'SS"SABCD =25 4p5cp -

Goi a 1a d6 dai canh hinh vudng ABCD thi 2\2/—5 chinh Ia ban kinh

r' duwdng tron ngoai tiép hinh vuéng.

r =R —d? = 32_[§) =—\/—?- véi d(I;(P))=%
a\/— V17 e \f— 34 68

2
Suy ra =5 3 = Sapco = =5 Vay Vi) =25 4pcp =5
. o || 8 o
A | Saivilay a=r". B | Saivitinh d'=—"—r—=—, D | Saica A vaB.
22422412 9

b
50. Tim dién tich S(x) clia thiét dién va tinh the tich theo cong thite [S(x)dx

a

Thiét dién tai xe [—2;2] la hinh vudng c6 canh la AB. y

2 2
Trong dé A(x,y) voi y =3, 1—— Khi d6 AB= 61/1—I

2
Dién tich thiét diénla S (x) = 36[1 -%L—] =36-9x2.

N

Vay V = _f dx-—_[(36—9x2)dx=96.
-2

AB Sai quay quanh truc Oy.
C Sai vi quén nhén 2 khi tinh AB.
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1 2 3 4 5 6 7 8 9 10
B B C C C
a6 e 7] B 19 | 0
D Db A lbAa D D | ¢ AL el A
21 22 23 24 25 26 27 28 29 30
C C A C B B B B A A
31 | s | 3 | 34 | 3 | 3 | 3 | 38 | 39 | 4
B B | C A A | ol al|l b | c | b
41 4 43 44 45 46 47 48 49 50
D B D B A B D B D D

y‘=:4ax3-&2bx::2x(2ax2—+b). )

Ham s6 ¢6 3 diém cuc tri < (1) ¢6 3 nghiém phan biét <> ab<0.

Céc cau A, C, D déu 12 nhitng didu kién d€ ham s6 c¢6 duy nh&t mét diém cyc tri.

Bwde 1: Ndm ving cdc bude tim gia tri 16n nhat va gia tri nho nhat ctia ham s6 trén doan, khoang.
N&m dinh li diéu kién dt d€ ton tai gia tri 16n nhat, gia tri nho nhét ctia ham s6.

Buwdc 2: Dua vao cac kién thikc trén va nhan xét.

Phuong &n A la phét biéu dting theo phuong phap xéc dinh Max ctia ham s6 trén doan

B | Sai vi khong chti y gia tri nho nhét trén tdp nao ?

C | Sai vinham a<x; <x, <b nén gid tri nho nhat1a f(a).

D | Sai vi nham dinh li trén khoang (a; b) .

N w

23 3
Ta cé: A:{(xa) j :(x24)2=x36.

Mbt: Nhé lai cong thie tinh thé tich khéi chép va khéi lang tru. Hai: Quan sat hinh vé va nhén ra

cong thitc dlng.

Céng thitc A va C sai vi AA” va CC’ khong chéc1a dwong cao.

Céng thize D sai vi cong thitc thé tich khéi lang tru khéng ¢ hé s6 %
Tim diéu kién ctia ham s6 trén timg mién cho trude.
y=f(x)
Ham s8 y=f (x) duong trén doan [b,c] nén dién tich hinh phéng gi6i han béi {y =0 la
x=bx=c
c
S= .[ f (x)dx .
b
A Sai vi nhin khong ki giao - Sai vi khong chu y gisi - Sai vi khéng d€'y
hinh vé. han ctia hinh t6 dam. can cta tich phan.

Bai toan vé phuong trinh logarit co ban.
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3
3x+2>0 [x zTs
logs,(3x+2) = { 2 2498

(=4 <~ X
3x+2 =502 lngy_s 3

7. Xem lai I thuyét trong sach gido khoa.

A z=3-di o= 32442 =5 B | z=3-4ie—z=-3+4i

C 2=3—4i >z =3+4i D | biém biéu dién ciia z 1a M(3;-4)

8. Budc 1: Nhic lai cdc cong thire tich v6 hudng ctia 2 vecto, tong hiéu vecto, vecto nhan véi 1 so.

Budc 2: Nhan ra dap an dung.

Khéng dinh (1), (III) ding ; va (1) sai.

9. Budcl.hamsé y= f( )xac dinh va lién tuc trén R nén d6 thi ham s6 khong thé ¢ tiém cén ding.
Loai hai phuong an C va D. Do xlirf\m f (x) =1, Y112100 f (1) =-1nén d6 thi ham s6 cd hai tiém cin
ngang.

10. Phuong trinh x% +y® +2% +2ax+2by+2cz+d=0 13 phuong trinh chia mdt mat cau khi
b+ >d.

(x+ a)2 +(y +l7)2 +(z +c)2 =R? (R > O) la phuong trinh mét cau ¢6 tam I(—a,' -b; ~c), ban kinh R.

’ A, D ' Sai diéu kién phuong trinh khai trién ‘ B l Sai cach xac dinh tAm. ‘

1. Tacé: z= (l+13+ +12°15) +(—i2 =i = =i 216Y 2007 i (do 2015 =4 (mod 3) va 2016:4).

o . (—i)2017 1 'Z.(l.)2016 1
C6 thé ding tong ctia cdp s6 nhan S =i 1 T T
—i- i+

12, Budc 1: Tinh ban kinh R clia dwong tron day. Suy ra d6 dai duodng cao vi —1;«: 1
h

Buwdc 2: Tinh thé tich khdi tru.

&1

AB

Goi O la trong tadm tam gidc ABC déu. Ta c6 AO=

=2a\/§
3

()JH\J
Ni

Khéi tru (T) ¢6 bdn kinh R= AO = 2a\/§ , chidu cao 1 = 3R = 2a+/3 .

2a\/_] \/—_sz \/—

Thé tich khéi try V =S, h=7R*h = n[

HS nham nham canh tam HS nham
A 1 87za°\3 |B|gldcdéubinga | C| R 2.3 8033
V=28, h= } X h===20 Ly )
3y 3 =V =ra®3 39 27

13. TXD: D= (0;+00) va 1 rang ta thay d0 thi c6 cat truc hoanh, do vay khéng thé nao 1a cau B.

B Sai vi bo s6t yéu t6 do thi cd cD Sai vi khéng ndm viing kién thirc vé
giao voi truc hoanh. ’ tap xac dinh ctia ham liiy thira.

14. Buéc1: Onlai ?1=(xﬂ,yﬂ,zn) suy ra |E|=\/xf +y ezt
I = \/1+m (-2m)” +(4m? -80) =\om? +2m-79

259




ON LUYEN DE THI TRAC NGHIEM TOAN 2017 PAP AN PE 5O 10

15.

B,D | Nhifu théng thuong. | C | Sai vi tinh (=2m)" = —4m?

Dao ham cac ham s8 d€ biét tinh don diéu, tir d6 tim dwgc ham sd tuong tng.

16.
17.

Ta ¢6 ham s8 cua @6 thi (C) nghich bién, loai dwoc hai phuwong én A va B. Phuong an C

y -_—ix >0,Vx € R nén loai.
5

AB Sai vi nhAm vé6i tinh tién 46 c Sai vi nham véi diém di qua va tinh
" | thi ham s6. don diéu.

1y thuyét tinh don diéu ctia ham s&
On lai cic phurong phap tinh tich phan.

18.

I=

222 -1 +2dx:J5-a\/2x—1+2

dx dit t=v2x-1=* =2x-1=> tdt =dx.
14x% —4x+1 1 (Qx_1)2

3 3 3
2
Pican x=1-t=1x=5->t=3.Viy I=jﬂtzztdtzj[iz+%jdt=[~ﬂmé—j _2.8
1t AV t ) 3 9

A Sai vi khi tht a=1 thi B Sai vi chwa d&i can D Sai vi khi tinh #df =dx
dung két qua. tich phén. bi thi€u mat chit t.

Bai todn nay cac em coi lai bai vi tri twong d8i gitta mit phang va mét cau.

19.

20.

Tac d(I;(P))=VR? -r* =a5
B | Sai vi nhdm d([;(P)):\/R2+r2 =al7 .

2
Tap xéc dinh ctia ham s8 y = ﬂ(x ~1)2 la R, trong khi d6 tap xéc dinh ctia ham s6 y = (x—1)§ la

D= (1;+00) . Nhu vy ban hoc sinh nay sai tir budce 2.
Cong thikc tinh thé tich khéi tron xoay quay quanh truc Ox.

21.

Quan s&t d6 thi ta thdy phan hinh phing gi6i han béi cac dudng x=0 ; x=4, y=f (x) va truc

4 2
Ox.Suy ra V=7zj.(f(x)) dx.
0

o nham véi cdng thike tinh nhin theo truc tung
B |Saivithifu~. |C| = | D o
dién tich. thay can tit 0—» 2.

Xéc dinh céc truc d8i ximg dwa vio dinh nghia: “Néu phép d6i xtng truc d bién hinh (H) thanh

hinh (H) thi d 1a truc d8i xting cta hinh (H).

22,

Truong hop ABCD.EFGH khéng c6 méit nao 1a hinh vuéng thi ABCD.EFGH khéng c6 truc dx.
Trudng hop ABCD.EFGH ¢6 duy nhat 1 cdp miét 1a hinh vudng thi ABCD.EFGH c¢6 mot truc d6i
xang (dwong thing di qua tim cila hai mgt hinh vudng).

Truong hop ABCD.EFGH ¢6 hai hodc ba mit 14 hinh vudng thi suy ABCD.EFGH la hinh lap

phwrong do d6 ¢6 ba tryc d6i xting.

A Sai vi nham véi hai mit vudng va 3 méat vudng la khac nhau.

B,D | Sai vi nham khi 14 hinh 14p phuong thi duong chéo ciing 1 truc dx.

Diém M (%1, Y12y ) €6 khoang cch d(M;(Oxy)) =z

, tzong tir cAc mét phé’mg con lai khac.
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Téng khoang cach tir M dén |xy|+|yy|+]z| =1+2+3=6.

A | Sai vi nham voi cong thirc /12 +(—2)2 +32

B | Sai vi nham khong c6 gia tri tuyét doi 1+ (——2)+ 3=2.

D | Sai vinham 1% +(-2)* +32.

23. Ham s6 nghich bién trén (1;2) <> y'<0,Vxe(1;2).

24,

25.

26.

Tap xécdinh D=R . Taco y'=—4x" +2(2m-3)x = 2x(-24? + 2m-3).
Ham s& nghich bién trén (1;2)
< Y'<0,Vxe (1;2) & 2x<—2x2 +2m ~3) <0,Vxe (1,'2) & -2x% +2m-3<0,Vxe (1;2)
o m<a? +% =g(x),Vxe (1;2)
Lap bang bién thién ctia g(x) trén (1,2). g'(x)=2x=0 x=0.
X 1 2

11

8(x) g /

sy . in e w1 5
Dura vao bang bién thién, ta suy ra gia tri m cantimla m < 5 .

Ta c6 phuong trinh hoanh d6 giao diém (C) va d la:

DAP AN PE SO 10

1 .
>
V3x+1l=2x-1< g 2 <4|x=0 ®x=£:1=—i—.
3x+1=4x? —4x+1 7
4
Sai vi khong dat diéu Sai vi khong dat o e
. - - % aw Sai vi nham gitta hoanh
A | kienvabinhdmsang | B | ditukiéndandén | D . i
. R R d6 va tung do.
hoanh d0. chon tung d9.
—i=-2+2i =-243i
(z—i) +4(z—i)+8=0 = et "
z—i=~2-2i z=-2—1
Hodc thay nghiém tit cdc phuong an d€ kiém tra.
t=-2+2i

A | Sai vi nham do déi bién t:z~i3t2+4t+8=0©{ Ny (chwa chuyén vé z)
i

Giai phuong trinh, im z, va tinh gi tri biéu thitc A.

—142i
zz+22+5=omrl L Knidotaco A=[zyf +22 =5 (-1-2i) =244
Z, ==1-2i .

Sai vi nhiam 14n gitta modun va tr tuyét di |z, |* =z, dén dén
A
A=22+2,>=5*-2P=4-25=-6
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27.

28.

29.

30.

PAP AN PE SO 10

C | Sai vi xac dinh nham gitta z, va z, din dén A= |zli2 +222 = 5+(~1+2i)2 =2—-4i

Sai vi hiéu sai c4ch tinh médun ctia s6 phikc z,

D 2
A=lg[ 2% = [(—1)2 +(2i)2} +(-1-2i) =2+ 4i

Budc 1: Bién d6i log, Jb; logl72 c*;log a* Tan lugt vé log, b;log, c;log, a.
c

Budc 2: Ding cong thikc log, b.log; c.log, a=1 ta dua vé dugc két qua dang ij/%— .
n

1
log, \/l_z.logbz c”.logcﬁ a* = [loga b2 ].(g.logb c).(%logc aj = [%logﬁ bj.(%.logb c).[%logc aj

.%.%(loga b)(logb c)(logc a) =f/—§— =>m=1n=2.

Buwdc 1: Dya vao khoang cach d(M, (SAQ)), tinh khoang cach d(B, (SAC)).

Bwéce 2: Tinh d0 dai duong cao SB. Bwdc 3: Tinh thé tich Vg 4p-.

AC 1 AB

Tinh AB=+vBC?-AC? =34.Tacd
AC 1 SB

Goi H 12 hinh chiéu vudng géc ctia B 1én SA, va 114 hinh chiéu

vudng goc ctia M 1én SA.

{BH LA BHl (SAC)=d(B,(SAC))=BH .
BH L AC
Mit khac:
{MI L84 MI 1 (SAC) = d(M,(SAC))= M1 - 32
MI 1 AC 4
Suy ra d(B,(SAC))=BH =2MI = %‘Q
, 1 1 1 __BHBA _
Ta co E—}—{—z—— B +Bs2 = BS ———m 3a.
Vay Vs apc =-§.SAABC.SB =—;-.%—AB.AC.SB =6a°.

= AC 1 (SAB)

A | HSnham Vg ,pc =S,upc-SB =

W=
N | =

AB.AC.SB=184°.

C | HSnham V 45 = %.SMBC.MI =34°V2.

D | HSnham Vg upe = Sppe-MI =94°2 .

IR

2

I_%.zx_lgl P 1% d_7r27r
_J-o x.sin”| = —Ejo x.(1-cosx) x=" MEJ.O x.cosxdx =T

o
St dung diéu kién d€ xac dinh a.

%:Mz=16;b=4.;c=2

P& tap x4c dinh 13 R thi 2% —ax+1>0,VxeR & A=a* -4<0e-2<a<2.

2x—a

y =
x? —ax+1

262
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31.

Do dé ta ¢6 A'=(1+a)2—2(2+a)§0<:>— 3<a<3.

§ B,D ] Sai vi chua giai diéu kién y'>1,vxeR. } C ; Sai vi giai A'<0.

Bai toan lién quan dén ting dung ctia ham s& md.

32,

33.

34.

Giai phuong trinh: 50.000x ¢™>*"

Ta tim dugc 1~ 14,025 suy ra 2015 + 14,025 = 2029,025 la mét thoi diém nao do trong ndm 2029.

Chiing thuc lai, ta xét hai ndm 2029 va 2030 ¢ng v6i n [an luot la 14 va 15 thi ta c6:

=60.000 trong d6 n la s& nam.

Dau nam 2029, dan s6 thanh phé xap xi 59.981 nguoi.

Béau nam 2030, dan s6 thanh phd x&p xi 60.765 nguoi.

Nhur vy thoi diém ma dan s8 vuot ngudng cho phép chic chan nam trong nam 2029.
Buéc 1: Tim tap xac dinh va tinh dao ham y'.

Budc 2: Ham s8 nghich bién trén timng khoang xac dinh <> y'<0,Vx e D . Giai tim m.

232 +4x+2m-3
(x-1)°

Ham s6 nghich bién trén TKXD < ' <0,Vx e D <> —2x% +4x+2m-3<0,Vxe D

TXD: D=R\({1}.Dao ham y'=

=-2<0
@{a ) @4—(—2)(2711—3)S0<:>4m—2$0<:>mS%.

Ay <0
HS nham HS nham 3 =0 c62 HS nham
A , 1 C D 1
¥ <0,\7xeD<:>m<—2«. nghiém phén biét. y ZO,VxeDc>1112—2—.

log,5 log,5 log,5

a=log,, 5=
827 log,27 3log,3 3¢

= log, 5 =3ac

1 7 1 7
b:10g87:&:$2_:>10g27:3b
log, 8 3

log, 35 log,5+log,7 3ac+3b

log, 35 = = =
log, 6 log,2+log,3  1+c

>m=n=3;k=p=1.

Thu gon phuong trinh roi gidi phwong trinh bac hai hé s8 thuec.

35.

36.

522 +(5+2i\/§)x—(l+\/§i)g =(x/§+i)2x<:>5x2+4x+8=0<:>x=:5gigi. Khi d6 p:(-%}z -4

25
e e Sai vi nham tinh tich hai Sai vi nham tinh tich hai
B | Saivinham diu. | C “ D .
phan ao. nghiém.
, (x-1)° (-1 e A AL A A A e
Tacéd: f (x) = = , vay khi m =1 thl d6 thi ham s6 khong ¢ tiém can diing nao,
(x——l)(x—m) x—m

néu m=1 thi d6 thi ham s8 ¢6 duy nh&t mot tiém cin dtng x=m.
| BC,D | Sai vi khong bién d6i tir thiee. |
Str dung hai thé tich bang nhau d€ tim &, .

Thé tich nudc trong li nudc thit hai khi duoc d6 day la V, = 77, h, . Khi d6 qua li thie nhat thi ta c6

2
Vy = mrhy =V, &y = 122
i
B [Saiviquénritgon z. |C | Saivid8 nham li nudc thiv nhét qua li thir 2.
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37.

Bai todn lién quan dén khoang cach tix 1 di€m dén mét phéng.

38.

M e Oy = M(0;14;0) . Vay tacs d(M,(P))= [0 +1 d(M,(P)) s

V3 V3
Ta cé d(M,(P))=d(M,(Q)) <> |y +1| =]y —5|= yo = -3 = M(0;-3;0)

Tim hinh chiéu ctia C 1én AB rditim C'.

39.

40.

_ 1 z-
Phuong trinh AB:}—i—%=y—§~=E—2—3.H‘mh chiéu 1a H(g;—%;Z].Tﬁ’ dé ta cod C'(6;~4;9).

Suyra a+b+c=11.

A Sai vi tinh nham téng cac toa B Sai vi nham véi tim diém d&i xing

dd cha H. ctia B qua AC.

Goi d 1a dudng théng can im. Goi A=dnd;,B=dnd,
Aed, = A(2a;1—a;-2+u)

Bed, = B(-1+2b;1+b;3)
AB=(-2a+2b-1;a+b;~a+5)

(P) c6 vecto phap tuyén np, =(7;1;-4)

dl (P) < AB,n, cling phuong

—2a+2b-1=7k —2a+2b-7k=1 a=1
= Zézkﬁ;,ke]R <lat+b=k <<da+b-k=0 <b=-2
—-a+5=-4k —-a+4k=-5 k=-1

d di qua diém A(Z;O;—l) va ¢4 vecto chi phuirong ;; = ”_1; = (7;1—4). Vay phuong trinh cia 4 1a

x—2 ¥y z+1
7 1 -4
1 B l Sai vi thé sai diém di qua.

x=0

2

Buédc 1: Tim dao ham y' va giai tim nghiém y' = —4x° —4mx;y' =0 < —4x(x2 + m) =0 {
x° =-m

Buwdc 2: Xét 2 truong hop x? =—m <0 v x* = —m > 0. Chi nh4n trudng hop ham s8 dong bién trén

khoang hiru han (a;b) . Budc 3: Theo yéu cau bai todn ta giai phuong trinh [u - b| =2 timm.

x=0

x2 =~

TXD: D=R.Tacb: y’=—4x3—4mx;y':0<:>—4x(x2+m)=0<:>[

Néu 2 =-m<0em=>0 thi vé bang xét d4u ta suy ra dwgc ham s& nghich bién trén khoang

(O; +oo) , va déng bién trén (—oo;O) . Tredng hop nay khong thoa dé bai.

X —00 0 +00
y' + 0 -
~ 2 X =-—-m ~ 12 ; ~ \ ’
Néu x" =-m>0< , vé bang xét dau dao ham ta c6

x=\-m
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Dura vao bang bién thién, suy ra ham s& dong bién trén cac khoang (»m;—d—m) va (O;\/—-m) . Khi

d6 yéu cau bai todn < ’\./-—m —O‘ =2 V-m=2<m=-4.

A HS nham I\I—m —0’ 22« N-m22@m<-4 | C | H4s gidi sai x> +m=0 vo nghiém.

41. Bai toan lién quan dén nguyén ham ctia ham phén thiec hitu t.
Céc em chil y ¢6ng thire “tach” nhu sau:

P(x) Ay A A AxrA A

= +
(ax+b)3(cx2+dx+e)(mx+n) (ax+b)3 (ax+b)2 ax+b  ex? 4dx+e mX+n
{4 )
v.NO
x4l A B C D
C a Il A= = ——
Ta phan tich f(x) + ot

(x-1(x+3) (x-1) (x-1)
A(x+3)+B(x-1)(x+3)+C(x-1) (x+3)+ D(x-1)’
(x-1)°(x+3)

:>x2+1:A(x+3)+B(x—l)(x+3)+C(x—1)2(x+3)+D(x—1)3(*)

x:1:>2=4£A:>A=l
Thay x =1;x=-3 vao (*) ta dwoc: 2

x=-3:>10:—64D:>D=—»§—
32

Thay x=0, x=-1vao (*) ta duoc

02+1=%(oJr3)+B(0—1)(0+3)+c(0—1)2(0+3)+§(0—1)3

(-1 +1= %(-1+ 3)+ B(-1-1)(~1+43)+ C(-1-1)*(<1+3)+ -37-2(-1--1)3

3B+3C=-2% |p=3
o 2.) 8
~4B+8C="1 c=2>
4 32
1 3 5 5
= f(x)= + + -
2(x-1)° 8(x-1) 32(x-1) 32(x+3)
2+1 1 3 5 5
Véy i dx = + + — dx
(x-1)(x+3) Jz(x_lf g(x-1)° 32(x-1) 32(x+3)
:“—;—“—L+~§—ln‘x—1l——§—lr\|x+3[+c=— 1 3 +__5_1nlx"1&+c
a(x-17 8(x-1) 32 32 a(x-1) 8(x-1) 32 |x+3]
1 3.5
>m=-—,n=—k=—
8" 32

42. Budc 1: Tim giao di€m cta d6 thi véi truc Ox .

Buwdc 2. Thiét 1ap cong thite tich phan d€ tinh dién tich.
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Giao diém véi truc Ox 1a x? +(1—a)x~a =0« x=-1vx=a.Vay dién tich hinh phéng can tim la

max{—l a} T 3 ( )xz a
S= ‘x+1 a)x— atd x+1 ux a :[-———-x— 1wu~—~—ux]
min{J-—l,a} -1 ( )d 3 2 _1
@ a* a1 |ﬂ+1’3
=t — =t —| = ——
6 2 2 6 6
[acC | D [ Sai vi nham défu. |

43, Diéu kién: x> 0. Xét phuong trinh: y =0< x=0 (1) hay cosx = —2% 2).

Nhén xét: Nghiém ctia (2) phai ndm trong khoang (0;25) do % =cosx<l=>x<25.
Goi xy =0;%;;..;%,, 1a cdc nghiém ctia (2). Do ham s8 y = f(x) 1a ham s6 lién tuc nén sy thay doi

véedducua y=f (x) chi c6 th€1a mot trong 2 truedng hop sau:

X I 0 Xy b X3 Xy X, +00
O
hoéc
x 0 Xq Xy X3 Xy X, +o
f( x) + - + - + . ? ?
Lai cé: lim f(x) <0, lim f(x) =+ nhw vAy ta ¢ bang xét ddu:
x0T X—>+00
x 0 X4 Xy X3 X X, +00
f ( x) - + - + - - +

Goi F(x) 1a nguyén ham ctia f(x)
= [ F () [0 F () [26 £ (2) dx+...r £(2)d(x)
=—F (3 )+ F (%)= F(x; )+ F(xy) = ~F (%, )+ F (1)

5, 2_":1[ £(x) ]dxﬂ.xs[ x)]dx+ +r€2k+1[ f(x)]dx+...+‘|.;;11[~—f(x)}dx
=F(0)- (x1)+F() Flxg) .t (n-l) F(x,)

Ta théy ngay S, -5, = F(O) J' f

t 2
h_r(_:_c___ 253inx]dx
0 2
0

2
j' x— 25cosx dx = x?—255mx

3
[— —25¢ smt] - [,._ +25cos x]
3

3
=[£2——25tsmt] {-2—+25008t—25]=%~25(tsint+cost—1)

t

0

44. Goi M(x,y) 12 diém biu dién s8 phtic z=x+yi,(x,yeR)
Tacod z+1-i=x+1+(y—1)i
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Taco: [z+1-i=1e (x+1) +(y-1)" =1 (x+1)° +(y-1)? = 1. Vay tap hop diém bicu dién s&
phtrc 1a dudng tron tam 1(-1,1), R =1 nhu hinh vé ( B6 sung hinh vé)

Ta cd |z| =OM

D€ max|z| < max(OM)

Ta chuyén thanh bai todn sau : Trong mit phing Oxy , cho duong tron (x+1) +(y-1)° =1,(C).

Tim diém M e (C) sao cho OM 16n nhét.

aL

Buéc 1: Lap phuong trinh dudng théng OI la: y =—x . Bwéc 2: Goi M la giao diém cta OI va (C )

Lo2-2 22

2 2 y
M thoahe: 1) +(=1)=1_ 5 42 4 2 2
- o { Y=-x - (x+ ) - Y= \[§+2 y_\[i+2
2 7T 2

Véy 6 2 diém

’

OM, =2-+2,0M, =2+2 = OM, > OM, :MEMZ[—‘E”-‘E*Z}

2 2

45. Bankinhr clia qua cau: r = .

Ban kinh R cua dédy cdc: R =3 (cm)

Xay dung md hinh qua cau la khéi cau tAm O, ban kinh r.

Tam ctia miéng cc la diém B. Lay M la mét diém trén vanh miéng cbe,
ta d& dang c6 dwoc OM =r = 4cm; BM = R = 3cm. .
Xét tam gidc OMB vudng tai B, khoang céch tir O dén mit phing miéng |~ .
cBc ciing chinh 12 d6 dai doan OB: OB =vOM? - MB? =+/7 (cm) —
Nhu vay chiu cao ctia qua cau nhd ra khoi miéng c8c 1a téng clia ban kinh qua cau va d6 dai OB:
R+O0B=4+/7 (cm)~6,65 (cm).
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46.

47.

. . - . L Y Sai vi thay dudng kinh qua cu bé
B Sai vi cho rang qua cau sé c Sai vi chi 1ay

. o L D | hon chiéu cao c¢8c nén cho rang
nhd mot nira ra khoi cbe. do dai OB.

qua cau sé lot tron trong cdc.

Biéu thitc P ¢6 mot dai luwong kha déc biét d6 la dai luong -9x, dic biét vi né dimg ddc 1ap v6i 2
bién y,z chinh diéu nay d4 tao ra su bat ddi xtng gitta 3 bién x,y,z. Tuy nhién quan s4t k¥ thi ban
doc sé nhén ra khi thay y =2z vao bai todn thi tit ca cdc bi€u thic déu khdng thay doi. Do d6 bai
nay c6 tinh d6i xtng gitta 2 bién y,z , dw doan dau tién y =z.

Véi dip doan trén ta cbd: x+y+z=3x+2y=3 < x=3-2y. Thay vao bifu thic ta co:
P= 2(2]/2 +(3—2y)2)—4y2 (3-2y)-9(3-2y)+2027

=12y% — 24y +18 +8y° —12y? + 18y + 2000 = 8y — 6y + 2018,

Xétham s8 f(y)=8y° —6y+2018, f‘(t)=24y2—6,f’(y):0<:>y=%.

Vi dao ham d6i ddu tir 4m sang dwong tai difm y =— nén gia tri nho nhit cta biu thic dat tai

N =

1 .. T P VY A el .
Yy=z= > Pa tim duoc diém roi ctia bai toan r6i thi dit mudn hay khéng cic danh gia trung gian

phai dam bao d&u bang tai x =4y = 4z =2. Vi c6 lugng ~9x nén ta sé tim cach dbn vé bién x.

Ta cé: P =2x +2(y2 +22)—4xyz~9x+2027.

2
Theo bét déng thite Cauchy - Schwarz ta c6: y* +z* > Lyjz—z-l— = 2(y2 + 22) > (y +z)2 = (3~ x)z (1)
Theo bat dang thitc AM ~GM ta cé: 4yz < (y+z)2 < —4xyz > —4x(y+z)2 = —4x(3—x)2 , (2)
Tie (1),(2) suy ra P22x +(3-x)* ~4x(3-x)" ~9x+2027 = 2> + 922 ~24x + 2036.

Xétham 8 f(x)=—2"+9x* ~24x+2036, f'(x)=-32"+18x-24, f'(x)=0<:{x

Vi dao ham f ‘(x) d6i d4u tir Am sang duong tai di€m x =2 nén gia tri nhé nhét clia biéu thire dat

tai x =2, khi d6 gia tri ctia P 1a 2016.

x=2
Vay gi4 tri nho nhét ctia biéu thiic P 13 2016, déng thikc xay ra khi 1.
=z =—
Y 2
A | Saividu dodn di€émroi x=y=z=1 B | Sai vi nham x=y=%,z=2

Toa do 3 giao difm clla mit ph?mg (P) vdi cac truc toa d6 lan lwot la:
A(2m;0;0), B(0;4;0), C(0;0;4n-2).
Goi I (u;b;c) va R Ian luot la tdm va ban kinh ctia mét ciu ngoai tiép t& dién OABC.

Ta 6 bdn diém O, A, B, C déu ndm trén mit cau, do vay thay toa d6 vao phuong trinh ta ¢ két qua

sau ciing nhw sau: a=m; b=2; ¢c=2n-1; R=va® +b* +¢? =,/m2+4+(2n—1)2 .
. ) d+2.1+(2n-1).1
Ap dung bét ding thitc B.CS: R=|m? +4+(2n-1)" > \/Ef n-1) =2.3.

268




ON LUYEN DE THI TRAC NGHIEM TOAN 2017 DAP AN DE SO 10

Dang thiic xay ra c>—nl—1 2=211{—1<:>m:2;n=%.

]

A | SaicaBvaC.

Hoc sinh thay vi tinhra m.1+2.1+(2n- 1).1 =m+2n+1 thilai d€ nguyén m+2n
B

dé thay s6.

C | Sai vi khéng nhd chinh xac bat ddng thite nén khdng chia cho V3.

48. Thiét 1ap bat phuong trinh giai ra nghiém t.
Ta ¢6 bat phuong trinh sau: 50(1—¢ %) <40 < 0% > % & -0,2t2-In5< t<5In5~8,04.

Két hgp voi diéu kién £ >0 thi ta cd 9 gia tri nguyén caa t. Vay chon dap an B.

A Sai vi hoc sinh gidira f = 8,04 va thdy khong nguyén.
C Sai vi sinh giai ra t ~ 8,04 valdy phan nguyén thiséra8.
D Sai vi hoc sinh khong xét diéu kién ¢ 20 thi sé ra v6 s6.

y

X
49.
2 dd dai x va y trén hinh Ian lugt cho ta biét c6 thé xép duogc bao nhiéu ciy but chi theo chiéu ngang

va chiéu doc. D€ tim dwoc x va y, ta ¢an xac dinh d dai canh cta luc giac déu.

Goi a (mm) la d6 dai canh cta luc gidc déu. Xét théy dién tich luc gidc déu canh a b‘éng dién tich

clia 6 tam giac déu canh a va bang 6.

EZZ;/E = é—\z/é-ﬂz {71’17712) .

33

Thé tich ctia mot cay bat chi: V = -—2——a2.100 = 150\/§a2 (mn13) .
Theo d2 bai ta c6: 150v3a” = 24003 & a® =16 < a=4 (mm).

Ta co: {x =2a= S(mm)

y= a3 =43 (mm)
N g 1 5 60 Ay 12 413 7 A T
S6 cay but chi xép dwogc theo 1 hang ngang: — =7.5 nhu vay t6i da la 7 cay but.
x

S8 cay but chi x&p dwoc theo 1 hang doc: LY = 5\/—3~ ~ 8,66 nhu vay t8i da chi cé 8 cay but.
y

K&t lugn: S6 cay but chi t8i da dung dugc trong hop la 7.8 =56 (ciy but).

Sai vi 18y céc canh ctia hop

chia cho canh cta lyc giac déu. 60 , [ 60 :
A €0 60 B |Saivildy |—|. |C |Saivildy |—| .
& 2152 —15= 225 cay bu. * Y

x y

50. Dudng thingd qua gdc toa d6 c6 hé s8 géc k: y = kx . Giao diém ctia d véi tiém cén ding la: A(L;k)
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Giao diém ctia d véi tiém cin ngang la: B(—lk-;lJ . Tam d6i xtng ctia (C)la: 1(1;1)

D& d cit hai tiém can tao véi tAm d6i xtng tam gidc thi k= 0;k=1.

2
k-1
Dién tich tam gidc IAB vudng tai I la: S:%( |k]) =2=k=3+2V2;k=-1. Suy ra c6 3 duong
théng thoa.
| A | Quénphdtrituyétdsi | C | Quén mot phuong trinh co nghiém kép khi pha tri.
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1 2 3 4 5 6 7 8 9 10
B C D B A C D B C C
11 120 13 14 1 15 16 17 18 19 20
A ¢ | C A | D A D | A B B
21 22 23 24 25 26 27 28 29 30
A D C C C C D D A D
31 32 33 34 35. 36 37 38 39 40
A A B D A D B c C B
41 42 43 44 45 46 47 48 49 50
A B D B C B B D D A
‘ D ] Sai vi khong ndm viing tap xac dinh ctia ham s6 lity thira. ‘

Budc 1: Ném lai dinh nghia ham s8 d6ng bién va nghich bién trén (a;b). Pinh li vé diéu kién da dé
ham s8 don diéu trén khoang (a;b). Budc 2: Dya vao cac kién thirc trén, nhén ra sy ding sai ciia 3

phat biéu trén.

Phat biéu (1) sai vi can b8 sung day d: Vx,x, € (a;b): Xy <Xy = f(xl ) < f(xz) .

Phét bi€u (1) sai & d&u “=” vi f'(x)<0,Vxe(a;b) thi chua thé khing dinh ham y = f(x) nghich
bién trén khoang (a;b).

Phat biéu (IIl) ding vi f ’(;L) =x?+1>0,Vx € R nén theo dinh li suy ra ham y = f (x) dong bién

trén R.

Vay chi ¢ 1 phat biéu ding.

nham c6 1 phat b nham ca 3 phat

A | nham ca (I), (), (1II) déu dang. |B | . . o .
biéu sai. biéu déu sai.

Buéc 1: Nhic lai phuong trinh ctia 3 duong thing dic biét Ox, Oy, Oz. Bude 2: Nhan ra dap én
dung.

x=t
Duong thang Ox qua diém O(0 ;0 ;0) va c6 vecto chi phuong i= (1; O;O) néntacod (Ox): {¥=0.
z=0
D& tim mit phéng d6i xtng d6i voi cac hinh lang tru déu, chép déu, 1ap phuong. Ta tim phép ddi
xting bién céc dinh, cdc canh cta khoi da dién thanh cac dinh va céc canh ctia chinh khéi da dién
dé. Nhw vay mat phéng trung truc ciia mot canh ddi v6i tk dién déu sé 1ap thanh 1 mét phing d6i
xting bién tt dién dé thanh chinh né. Do tit dién c6 6 canh nén cé 6 phép d6i xting nhu véy.

271




ON LUYEN BE THI TRAC NGHIEM TOAN 2017 DAP AN PE SO 11

Cé 6 treong hop, nhu vay chon dap an la B.

Sai vi hi€u nham thanh doan ndi 2 trung diém

C | Sai vi khéng d€'y “bién t dién déu thanh chinh n6”

Sai vi nham qua mit phéng cach déu

0
5. Chiy tich chit: | °8/ (x)>logﬂg(x)—g(ax>)1>o (x)>2(x)
log, £ (x) > Tog, 8(x) 427> £(x) < ()

Tacd 4> +1>1,va>0 nén logazﬂ g(x) >logu2+1 f(x) < g(x)> f(x) .

X ) chwra biét a e (O ;1) hay Sai vi khong xac dinh
B | khong chac g(x) >0 | C D
ae (1; +oo) tai a= iﬁ

6. Ham s6 truing phuong ludn ¢6 it nhat mot diém cyec tri va it nhat mot gia tri cye tri; ngoai ra ham

80 ¢6 t6i da 3 diém cuc tri va t8i da 2 gid tri cuc tri.
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x=x,+at
7. Phuong trinh duong thang dang tham s§ 1a {y = Yo +bt . Chicé (1) la phuong trinh tham sg cua

zZ=2zq+ct
duong thing.
A Sai vi thdy (1) c6 x=2 3 Sai vi théy (2) c6 tham s8 c Sai vi timyphu’omg trinh
khong c6 tham s6 t. nhung khong dé y 2 duong thang (1) (3) (4).

8. Nhin bang bién thién thdy tap xac dinh 1a D = R\(-2;2).

Phuong an A ¢6 tdp xac dinhla D =R\[-2;2]. Phuong an B c¢ tap xac dinh 1a D= R\(—Z;Z)
Phuong én C c6 tap xac dinhla D =R . Phuong D c6 tap xdc dinh la D =[-2;2].

A Sai vi xac dinh khéng ky tap xac dinh ctia bang bién D Sai vi giai diéu kién nguoc

thién. dau.

9.  Budc 1: Nhic lai dinh nghia phan thuc, phan 4o, toa dd diém biéu dién ctia s6 phtic z.

Budc 2: Nhan ra ménh dé ding.

S8 phtic z=2-3i 6 phan thuc la 2, phén o 1a -3. Diém biéu dién 1a M(2;-3).

| A | HSsaiphandola ~3i. | B | HS sai tung d6 143, | D | HS sai phian a0 1a 3.

10. Ap dung dinh nghia nguyén ham ta cé J-f'(x)dx =f(X)+C

nham giita dao ham va . két hop 2 phuong
A RN B | thifuhésotwdoC | D | | .
nguyén ham an AvaB

11. Nhitng cach phéan chia dtang 1a (i) va (ii).

A c'
B|
Ao\
c
B
®

Céch phan chia (iii) sai vi 2 khoi BPACC’ va B’AA’C ¢6 phan chung.

12. (x—m+1)2 +(y~2)2+(z+n~3)2 =m?+le [x—(m—l)]z+(y—2)2+[z~(—n+3)]2 =m?+1

‘ AB ‘ Sai vi nham dAu ctia tAm. ‘ D l Sai vi nham d4u ctia tAm va sai ban kinh. i

13. Nhé cong thite nguyén ham ctia cdc ham thuong gép.

6 .
@«%~cosx+C .

A | Saiviquéndé€y I(QX+b))Z dx = (ax+b)n+1
a(n+1)

Ta cé j((2x+1)5 -3 +sinx)dx =F(x)=

+C.
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14.

ax

+C.
In3

B | Saiviquénd€y J'a”dx =

D | Saivi quén dé'y [sinxdr=—cosx+C.

2t -v =1

Goi w=ﬂ+bi,(ll,b€R) cén bac hai ctia » thita b w? =z < .
2ab=—4«/§

2 _ 2: 2 _ 2___ 2=
a-b" =1 - a“—b 1‘::> a 4.VéyS=7.
2ab=—43  |a2% =12  |p? =3

. 1.a x>0
15. Diéu kién: <>x>1.
x=1>0
3
1 % (1 1
A= [(x—l)EJ — 22 1| 22 +1 |+Vr +2=(x-1) - (x-1)+Vx +2=1x +2>0.
‘ A ‘ Sai diéu kién. ‘ B 1 Sai diéu kién va xét d&u sai. ‘ C * Xét diu sai. l
16 2,2, = (a~bi)(av2 ~b2i) = V2 (- bi)(abi) = V2 (a? =5 | ~2/2abi .
e . — Sai vi nhdm thanh 7, .z,
B | Saivinhdm thanh z,z,. | C | Sai vi nham thanh %.z,. | D
va tinh sai.
17. Buéc 1: Tim dao ham ctia ham s8 da cho.
Budc 2: Tim nghidm ctia dao ham, cht y hé s8 di v6i x? trong bi€u thic dao ham y' . Theo yéu
cau bdi toén ta can y'>0,Vx e R, suy ra chi cdn y' =0 c6 nghiém kép.
. ’ 2 ' x=0
TXD: D=R.Taco: y' =3x"—-6mx;y' =0 .
x=2m
Ham s8 déng bién trén R < y'20,VxeR.
Nhén thay hé s8 3 >0 nén chi can diéu kién y' =0 c6 nghiém kép, suy ra 2m=0<m=0.
A HS giai sai bat phuong trinh B HS du doéan b4t phuwong trinh chita tham
chita tham s6 m. s8 m phai c6 v s6 nghiém.
18. log, (9(12 JE) =log;9+log; a +log, Jb=2+ 2log, tz+%log3 b
B HS nham log, (9&2 \/E) =log;9.log, (a2 ).log3 (\/E_?) =2logsa.logsb .
1
D HS nham log, (9a2\/5) =log; 9+log, @+ log, Vo= 3+—2—10g3 a+2logsb.
. XatXptac
¢ 3
19. St dung cong thikc Ly = ﬂ.i.ygﬁiy_g_ .
L, ZatZtic
¢ 3

V139

Ta 6 G(1;3;%j Tirds 06 -2
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20.

21.

A Sai vi nham déu tr d6 c Sai vi chua khai b Sai vi quén chia 3 trong céng
giaira 6(1;3} —3). can cua OG. thtrc tinh trong tam.

1 1 \
Theo gia thiét ta ¢6 canh hinh vudng la Z(Cm). Suy ra chiéu cao h =Z(cnz), ban kinh r = %(cm) .

Suyra V = xr*h =L.
256

o Chua chia 2 d€ Binh phuong h chi
A Nham gia thiét dién tich | C | | L, D . B
tim ban kinh khéng phair.

Giai bing phuong phép d6i bién.

22.

23.

24.

Dat t=3x:>dt=3dx:>%dt=dx;d6i can

x1 a/S‘ b/3
t } a ( b

b/3

b
Vay | fex)dx= lj f(tydt ===
af3 3 a

Budc 1: Tim dao ham ctia ham s8 da cho.

Budc 2: Ham s8 ¢6 2 diém cuc tri < y' =0 ¢6 2 nghiém phan biét, giai tim m.

x=0

TXD: D=R. Ta c6: y’=3x2—3nzx;y'=0¢:{ :
X=m

Ham s8 ¢6 2 difm cuc tri < y'=0 ¢6 2 nghiém phan biét < m = 0.

A | HS th&€gid tri m=-1 thdy y'=0 c6 2 nghiém phan biét.

B | HSsai ditukién: y'>0,VxeRe m? <0 m=0.

C | HSgidisai m2 >0 m>0.

Budc 1: Nhan biét do thi nay 1a ctia ham s8 chin. Xac dinh d&u ctia hé s6 cao nhit.
Budc 2: Xéac dinh ham s8 c6 bao nhiéu cuc tri, tir d6 chon dap 4n.

Db thi ddi xting qua truc Oy nén 14 cia ham s6 chin va c6 a >0 . Loai phuong an A va B.

Paoham ctia y=x* —2x% +1= y' = 4x® —4x c6 3 nghiém phan biét nén ta chon dap anla C.

| A | Saivikhéngd€y 22° [B [ Saikhixétduciaa. |D | Saivinhim déu ciab.

Bai toan lién quan dén twong giao gitta mat phing véi mit cau.

25.

Béan kinh cia dwong tron ddy: AB=2 cm
Chiéu cao khdinén: OA = \/032 —-AB* = \/52 -22 =21

ThetlchV—gm‘zh 72221 = £314 1919( )

A | Nhiéu théng thuong

Sai vi nhdm c6ng thic va thé sai ban kinh ctia mt cau.

B V=nr’h= 7:.52‘\/—2’_ ~ 114,56 (cm?’)

Sai vi nham cdng thitc
D
V = 2r2h = 22221 = 44/21.3,14 ~ 57,56 (cm3)

Goi z :x+yi,(x,y ER) )
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Ta o6 |+ yi—2—4i] =[x+ yi— 2] <|r—2+(y~4)i =+ (y—2)

e -2 +(y-af = (P +(y-2) & ~4x—4y+16=0 x+y—4=0

Do d6 tap hop cac diém biéu dién s6 phiec z 1a dudng thing 6 phuong trinh x+y—~4=0

Mitkhdc |2 = x* +y2 =V2x? -8x+16 = /2(x~2)* +8 2242

Vay |2| dat gié tri nho nhdt < x-2=0 & x=2=y =2 Vay2=2+2 ="+ + 9y =4
y g y y

26. Tim dao ham ctia ham s da cho.

O Budc 3 hoc sinh thiéu hé s6 2 ¢ miu khi dao ham x> -1.

'

3‘/"_2:.1n3.(\/x—2—_1j 1n3-g:“1)”

Do dé 7' = __ 2yx*-1 _xlogs3
y '\xz_l In5 2 '
3 In5 x -1

27. Ghinh¢ diéu kién ctia ham s 16garit.

-2x% +x+1>0 2% +x+1>0
Piéu kién xac dinh

) L= <::>—2x2+x>0¢:>xe(o;l .
]_11(~2x +x+1)>0 2

2% +x+1>1

. 1
Céch giai bang MTCT: chon x = "1 => MATHERROR chon dap an D.

e w227 X410
A | chigiai —2x>+x+1>0 |B | gidinham thanh xz e C Samglaj
2x“+x+1<1 nguoc dau.

28. Hinh quat ¢6 ban kinh 7 cm va d6 dai cung la %ﬂ cm .
D6 dai cung ctia hinh quat ciing la chu vi ddy ctia hinh nén, nhw vay goi 1a r (cm) 1a ban kinh day
. . 7 7
ctila non, ta ¢d: 2zr = Eir Sr= g (cm) .

Bén kinh ctia hinh quat ciing 1a do dai duwong sinh ctia hinh nén. Goi h (em) la chiéu cao hinh nén,

2
tacd: h=+72 -+ = 72—[%j =-7———\/6iOE (cm)

Viy thé tich cia khéinén la: V = %.(nrz).h =

3434/35
48

5 7 =~9,84 (cm3).

Quén chia 3 trong cong thikc thé

A | SaicaBvaC. | B | Saivinhdm h=7cm. | C| o
tich khoi non.

29, Buéc 1: Bién d5i 125=5°;81 = 3¢ Diing cong thikc log, 2 = log, b-log, .
c

2
Buwéc 2: Chiry logi % = (loga gj = (loga b-log, c)z . Bién d6i dua vé dang d8é yéu cau.

2 2
,125 ) 5° 3 2 (3 4 3 9., o
1084E:108451:(10g45 ~log, 3 ) = -2—10g25-510g23 = —Z«b—Za :Zb +4a” —6ab
9

:)m:zln:4,k=—6:>4m~1’l+2k=—7.
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2125 ,5° 3,5 31 5 2 ) »
log; P :1034?=Z10g45=1.—2—10g§§=~—(b—a) =—=b"+=a" -=ab
B 3 3 3
Sm=—n=—k=-==4dm-n+2k=-=.
8 4 8
2125 5 3, .5 3 25 3 2 3 3
log4-é-]—=log§?::1-log4—§=z.210g2§=E(b~a) =—2—b2+5:12-—3ab
¢ 3 3 3
>m==n=—k=-3=4m-n+2k=—=.
2 2 2

30. Can biét cac cong thirc vé dau ctia tam thirc bac 2.
2_ . 2
Hams6 y = In _Y__:l’_l..té c6 tap xac dinh 1a R khivachikhi 2 ="¥*3 4 o\ p
T+ x+1 x“+x+1
1V 3
Tirdétacod X +x+1= (x+5] +7 >0,/ ¥xeR nén diéu kién la x> —mx+3>0,VxeR.
Vi déy la tam thitcb4c 2 hé s6 a>0 nén A= m?—12<0e 23 <m< 243 .
| A |Saivigiai A>0. |B |Saivigiai A<0. [C [Saivigiai A>0. |
. . w F 1
31. Dbat w=x+zy,(x,y € R)::>z =—=y-xi. Tl lz—l[:‘z| :>y=5.
i
‘ B 1 Sai dau ‘ C l Nham thanh tap hop z va sai dau ‘ D | Nham thanh tap hop z.
32. Nhén dang d6 thi ctia ham s8 trting phuong.
Tir d6 thi ta c6 nhanh v6 cling quay 1én nén a>0. Ham s8 tring phuong ¢6 3 diém cyc tri nén
ab < 0= b<0.D5 thi ham s6 cit truc tung tai diém c6 tung d6 duwongnén ¢ >0.
p | Saivixdcdinh | | Saivikhéng xéc dinh duoe | Sai vi khong nhan ra dugc do thi
sai d&u ctia a. didu kién ¢6 3 cuc tri. cat tryc tung tai diém (O;C) .
Y i - =2
33. Budc 1: Ta cd cong thic (u —b) =a —2ab+b ,thay thé€sd va tinh dugc (a—b) .
Buéc 2: Suy ra do dai ’;"El'
e 2 =D e D 2 e 2 -2 oy 2
(a—b) =aq —2ab+b =la‘ —2a.b+|b‘ =‘a} —2‘a|.lbl.cos(a,b)+lb‘
=22 ~2.23.00860° +32 =7 = [a- b =7 .
A | Khéng léy canbac2. | C | HSnhim [a-b|=|2-3|=1.
34. Nhan xét: duong thing (d) vubng gbc véi 2 mit phing (05),(,5).

Cach1: Goi A=dn(a)= A= 55, 101,37 ) B=dn(p)=B= 61, 103, 23 )
124" 62 124 124" 62 124
Do AB vuéng géc v6i (),(B) Tan luot tai A va B nén miit cau (S) chinh 1a mat ciu duong kinh AB,

tlr day ta c6 tdm mét cau 14 trung diém AB va ¢6 toa dd [—2—9— 51 15) .

62 31 62
Cach 2: quan sat phuong trinh 2 mat phéng (a),(ﬂ) ta c6 thé suy luén duoc r??mg tAm mét cau sé
nam trén mat phang c6 phuong trinh: 6x—4y+14z—6=0. Tim giao diém ctia dwong thing d va

mét phéng vita dung, ta tim duoc tAm mit cau.
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Céch 3: Goi tim mit cau 1a I(a;b;c) vabénkinhla R.Tacd: I =(1+3t;-2-2t1+7t).(do Ied)
M3t cau tiép xtic hai mit phing (a),(,B) khi va chi khi d[[;(a)]:d[[;(ﬂﬂ:R.

Thay toa diém I vao phuong trinh, ta giai va tim dwoc t va R.

A | Tim ra ding toa d6 tam la 32, n.[_sl, ~=2 | nhung sai d4u khi tinh toan.
62 31 62
x=1+3¢t
Viét sai phuong trinh tham s8 ctia dudng thdng d thanh {y =2-2¢.
B z=1+7t
Khi d6 hoc sinh tim ra tAim mat cAu ¢6 toa d0 la 33 65 41
6231762

Mbt phuong én nhiéu khéc, HS c6 thé mic sai Iam ti cich 1am ctia phurong an C
Ted=1(1+34-2-2147¢) . Theo yebt < d(L;(a))=d(I;(5))

j6(1+3t)-4(-2-2¢)+14(1+7t) _[-6(1+3¢)+4(-2-21)-14(1+7t)

C
V62 +42 142 V62 +42 4142
c>28+124t=~28~124t:>t=~l:>1 E ~é§,~—1§ :>u+h+c~~~—5—9
31 31" 317 31 31
(do khuyét hé s6 d)

35. Vi5va4chimdilagia tri cyc dai va gia tri cwe ti€u. Tuy nhién do déc di€ém ham trung phuwong véi
hé s8 a > 0 nén gid tri cuc tiéu cling chinh 1a gia tri nho nhat. Nhung gid tri cuc dai trong trueong
hop nay khong 14 gia tri 16n nhét nén Budc 3 sai. K&t luan ding 1a: Gia tri nho nhét 1a 4 va khéng
6 gia tri 16n nhét.

C | Hoc sinh tinh sai gi4 tri din dén két luan sai.

D | Hoc sinh nham 14n gitra gié tri cyee dai/ gié tri cye tifu véi max/min.

36. Budc1:Dit x = /3sint,te [W% %} tinh dx va d&i can.

Buwdc 2: Thay vao, bién d6i va tinh ra két qua.

. o 3
Dit x=«/§sint,te[~% E}:dx V3 costdt . D8i can: x=0:>t=0;x=~\~/2::>t:%-

z z

6
(1+c052t)dt = g t+lsin2t
2 2 0

w

6 3
I= j 3-3sin’¢ 3costdt—3jcos tdt =—

0

5 2

]

O |y

—im— x/_:>m~ =§,k=0:>m2—n2+k2<0.

iy

4’
2 1 1

37. Dit x=2t=dx=2dt; [f(x)dx=2[f(2t)it=4= [f(2t)it=2
0 0 0

_ du=dx
Pt NI B .
" |do=f'(2x)dx z;:Ef(Zx)

1 1

L) 2r(a)-3a-

Dodé I= }xf(Zx)dx = x%f(Zx)
0

0
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. u=x du=dx x n
Sai vi do=f' (21) 12} 2f( ) dan dén
A
I=}xf'(Zx)dx=x2.f(2x)tz)—.I[f(Zx)dx=2f(2)~2=4
0 0
2 1 1
Saivi [ f(x)dx=2[ f(2t}it=4= [ f(2t )t =4, d&n dén
0 0 0
C

1

= Jaf (2x)dx =2 £ (2x)

0

D Sai kéthgp2y AvaC

DAP AN PE SO 11

38. Bai toan nay yéu cau cdc em phai 6n lai cach tim khoang céch tir mdt diém dén mét phéng.
Goi M 1a trung diém ctia BC,
BC L AM
5 =BCL(AA'M
faco {BC LAA' (a4'M)
Trong (A'AM) ké OH 1L A'M,(H e A'M).
OH 1BC
. =OH L(A'BC)
OHL1LA'M
a
Suy ra: d(O,(A'BC))=0H =—.
uy ra: d(0,(4'BC)) 3
2
Tacd S, ,pc =f’~71‘/-3_l,AM =i’—‘/—— ,OM —gAM miﬁ.
Xét hai tam gidc vudng A' AM va OHM c6 gbc 1\71 chung nén ta cé.
a
. ..~ OH AA' g AA' 1
Suyra: sin M = —~= = -
oM AM \/EJ,_ Jaatiam? B
6 A'A? +[
2 2
:>-l—: ad VOl x = AA :>—2—x2=-~:>x—AA—u\/—
3 > 3a 3
P
4
Sai vi nhm c6ng thic
A 1 , B | Saivinham AA'=d(O;(A'BC))==
Vapc.apc ZESAABC'A A. °
10
39. Tac6 v(10)-v(0)= [ a(t)dt = v(10)=25200.
0
40.

TXD: D=(0;16]. L'=6x*(x* ~27%+180) = 6x* (x~12) (x~15).
L(0)=200, L(12)=522747,2, L(15)=455825, L(16)=498273,6.

Vay loi nhuan nhiéu nh&t ma éng thu dwgcla  max L(x)=L(12)=522747,2

xe(0;16 ]

\A lNhiéusé’. ’C \Saivilé'y x=15. ‘D

Sai vildy x=16.
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41. Buéc 1: Tim giao di€m néu c6 ctia d va (a).

Budc 2: Tim vecto chi phitong ctia dudng théng hinh chiéu.

(1-3t)+3(2~t)-2(1+t)-13=0=>t =—1 Toa d6 giao diém1a M (4;3;0).

Vecto chi phuong ctia d' 1a 1y =|[1,,7], 7| = (34-10,2) = 2(17,-5:1)..

Véy phuong trinh d‘;x"‘]‘ :lf;.

z
17 1’

C s N , L XX + z42z
B | Saivi stt dung cong thitc sai la 0o_Y* ¥ _ 0

a b c

C | Sai vi d8i chd vecto chi phuong va diém di qua.

D | Sai vi nhin sai vecto chi phwong.
42. Diéukién: x#-1.

x+2 x+2
= — x; = 0(nhan
Ta cé 2*3%+1 =9 < log,| 2*.3x+1 :2<:>xlog32+f—i%=2<:> 1 =0(nhan)
x+1 x, =log23~1(nhun)

Suy ra trén (O ; 2017) phuong trinh ¢6 1 nghiém.

43. Day la bai toan sit dung phuong phép d6i bién d€ tim tich phéan.

Pt x=—t =>dx=-dt , d6i can x:—7—z~:>t=~~75,x=~£:>t=:ZE
2 2 2 2
;3 S
I= [ fedx= | f-t(-dt)= | f(-tdt= | f(-x)ix
T T
SR :
=21= [ fydr+ | fl=dx= [ [f(x)+ f(-x)]Jdx = | cos® xdx

2
2
Ta cé cos4x=(coszx) = M =l+lcos2x+lcos?‘2x=§-+1c082x+lcos4x.
4 2 4 8 2 8

2
T w
> K
=2l = _f [§+1C052x+lcos4xjdx:(Ex+lsin2x+—1—sin4x] 2 =—3£:>I:3—7r
r 8 2 8 8 4 32 T 8 16
By 2

| C | Sai vi khong chia 2 khi tinh tich phan. |
4. Bude 1: Goi I1a trung diém doan AB. Bién d6i [MA + ME| = [2MI| = 2M1 .

Buc 2: [MA + ME| nho nhat < MI niho nhat < M 1a hinh chiéu vudng goc ciiaIlén (a).

Budc 3: Tim toa d6 diém M 1a hinh chidu vudng géc ctia trung diém I ctia AB 1én mit phing (a) .

Suy ra xp; +Y +2y-

Goi I1a trung diém doan AB = 1(5; 2;5) . Ta cod ‘m+ m} = JZW’ =2MI .
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45,

46.

47,

Vay ’m +X/1“1§] nho nhét < MI nho nhét <> M la hinh chiéu vuéng goc cta I 1én mét phang («).
Toa d6 cua M(x;y;z) langhiém ctia hé

x=5+t

y=2+t ‘

s =t=-5= M(0;-3;0)= xp +yy +2y =-3.

Lquy +z+3=0

Dt +=2" >0, thi bat phuong trinh thanh

mt? +4(m-Dt+m-120 < m(tz +4t+1)24t+] om2 at+l
F+4f+1
N 4t+1 . R , R,
Dat g(z‘) =, t> 0, bat phuong trinh dang khi va chi khi m > g(f), Vte (O;+oo)
o +4t+1

Dé thay ham g (t) 1a nghich bién (O; +oo) néntacé mzmaxg(t)=g(0)=1

A | Sai vi suy nguoc max thanh min

{m>0 m>0

B Sai vi 2 < 4

A=a{m-1) —=m(m-1)<0 m<lvmz—
(m ) nz(m ) 3

{m>0 m>0 |
D Saivi 2 < 4 |
A=4(m-1) ~m(m-1)<0 1<m<=

(m ) m(m ) 3

Budc 1: tinh s8 mol Natri ltic ban dau, tir &6 sit dung dinh luét phdng xa dé giai tim s& mol sau 11
gio.
Budc 2: Tl s6 mol tim duoc sau thoi gian phén rf, ta twong tmg véi ti 16 mau 18y dwgc dé€ suy ra sd

|
lit mau trong co thé va tir d6 suy ra trong luong ciia co thé. }

S8 mol Na24 tiém vao méu ltic ban dau: n, =C,;.V = 1072.10.107 =10~ (mol)

t
n _ 7 t=kT=k=— 7] _
Theo dinh nghia chu ki bén ra: t=T=n =225y 0 T T 5 — "0y ok
2? 2k
i u
56 mol Na24 con lai sau 6 gidr 1 _y; =1,2 19 = 1072 15 %0,602.10" (rmol)

15
Sau 6 gio, ta nhan thdy, 10 em® méu ctia bénh nhan thi cé 1,12.1078 (mol) Na
Véy goi V thé tich mdu clia bénh nhén ta 6 sé 0,602.107° (mol ) Na
0,60210°,(10107?)
1,12.1078

Theo gia thiét ctia bai todn, ta ¢6 cin ndng clia ngwdi nay 1a 69,875 kg ~ 70kg

Do xét cing thoi diém va két hop tam sudt, suyra V = ~5,375(lit )

N&m r5 tinh chat ctia &6 thi ham gia tri tuyét d&i.

48.

Ta biét néu do thi y = f(x) cd nhdnh x 20 1a () thi d6 thi ham y = f(]x|) séla (S;) vaphan dsi

xtng ctia (51) qua truc Oy .

{ A D ‘ Sai vi nham ddi xting qua truc Ox. l C ‘ Sai vi nham d6i xing qua gdc toa do. ]

Tacd w=z-z+m=m+2bi. Nhan xét s§ phtic z=a+bi c6 be[-2;2] nén 2be[-4;4].
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49,

50.

Tap hop diém bi€u dién cia w 12 hinh chit nhat c6 4 dinh 12:(3;-4), (3;4), (5;—4), (5:4)

A Sai vi cho réng tap hop diém bigu dién w c6 cting hinh dang véi tap
hop diém biéu dién ctia z .

B | Saivicho rdng 2b va m 1 cic hing s8.

C | Sai vi nham twong b hodc m 1a hing s6.

Bude 1: Dau tién ta can dung dwong cao clia hinh hop. Nhan xét tam gidc A’BD cén tai A’, ta chidng
minh dugc BD L (A'AO).

Budc2: Vé A'H L AC tai H. Chitng minh duwoc A’H 1a dudng cao hinh hop.

Buéc 3: Tinh d6 dai dwong cao A’H béng cach xét tam gidc A’AH vudng tai H. Ta can tinh cosin
ctia goc A'AH theo goc o va a.

Buwdc 4: Tinh thé tich V yp0p 4oy -

Vé A'H L AC tai H. Do A'B= A'D nén tam
gidc A'BD cantai A’

=BD L AO.

Mit khac:

BD L AC=>BD L (A'AO)=>BD L AH

Do d6 A'H L(ABCD).

pit AAH=¢. Ha AK L AD=HK | AK.

£
_AH AK _AK cosa
COS(pcos — =——=(C08Q = COSQ =
2 AA AH A'A a
cos—
2
cos? o a f a
A'H=agsinp=a. l1-——= AJcos? =~ cos? o
2 o 2
cos” — cos—
2 2

Visepagep = ABAD.sina.A'H =4 sina.

a 2 2 a
1fcos Z—cos“a =24° sm cos’ Z—cos’ a .
a 2 2 2

oS —
2

Tanhén thdy d€ it ton nguyén vat liéu nhat thi dién tich xung quanh ctia phan

v6 bao bén ngoai bon chita nudc ciing véi dién tich clia day va nap phai nhd ‘v
nhat. Hay chinh x4c hon ta can tim dién tich xung quanh nhé nhit ting véi

thé tich ma dé bai cho. Ma ta da biét Sy =Sxq + 2544y = 27rh+27r? (véit h

lan Iwot ban kinh ddy va chiéu cao ctia bn niede hinh try). Ta nhén thiy dién

tich phu thudc theo 2 bién r va h. Va dén day ta hiéu vi sao dé bai lai cho sin

dung tich V = zr?h = const tic 1a dang cho mdi lién hé gitta ban kinh day r c
va chidu cao h ctia hinh try. T V= 2r?h = h= —ZZ— .
nr

Nhu vay ta c6 thé tim mmSip phu thudc theo 1 trong 2 bién r hodc h.
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Goi ",h(i’, h> 0) Tan lugt ban kinh ddy va chiéu cao ctia khéi tru. Khi do tacd V = rth=h= 4

7;'7'2

DE it ton nguyén vat liéu nhét, ta can tim r sao cho dién tich toan phan ctia khéi tru nho nhét.

Do dé S,p =271 + 27rh = 2702 + 2;rr—V—2 = 27:(7'2 + —V-—J .
ar nr

v Voo . .
XéthamsG f(r) = r? + — . Bai toan tro thanh fim min f(r) =
r>0

Ta cd: f() 2;__f 0¢>7=3, = h= 3’?‘.!.
z

Lap bang bién thién, ta co:

|4
Dura vao bang bién thién, ta ¢6 min f( ) f{?’f—} .Khidé h= 3}@!« = f4'500 ~8,6(dm)=0,86m
>0 27 pis T
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1 2 3 4 5 6 7 8 9 10
C B B D D D D
11 12 13 14 15 16 17 | 18 | 19 20
C C A | D | A | B B | B | D | A
21 22 23 24 25 26 27 28 29 30
A B C C A A B D D B
31 | 32 33 34 35 36 37 38 | 39 40
c ¢ |ec | D D B A ¢ | B D
41 42 43 44 45 46 47 48 49 50
D C C A A B A B B D

1. Buwéc 1: Nhéclai dinh li vé diéu kién dtt &€ ham y = f(x) don diéu trén (4;b).

Budc 2: Ap dung dinh li, quan sat bang bién thién ta c6 két luén chinh xac.

Phuong 4n A sai vi khong th€ két lusn ham s§ y=f (x) dbéng bién trén khoang ndi lién

91 3807 1 199
—o0;=1)U(0;1) vi f| —={=—— | = e
( Jo(01) v f( 8) 4096>f(10j 10000
Phuong an B sai véi li do twong te phurong an A.
Phuong an C la dung vi f’(x) >0 trén cac khoang (—-00; —1) va (0;1).

Phuong an D sai vi f’(x) >0 trén (0;1).

A | HS nham khi thdy f'(x)>0,Vx e(—0;-1)(0;1)

B | HS nham khi thiy f'(x)<0,Vx e(~1;0)u(1;+0)

D | HSkhéngchay f'(x)>0,Vxe(0;1).

2. Cac em xem lai kién thitc trong sach gido khoa.

. Céc em xem sach gido khoa Hinh hoc 12 co ban, trang 44.
4. Cichl: zl+g=\/'5"~(2+\/§)i+[—2\/5+(2—\/§)i}=—J§—2J§i.
Cach 2: Chuyén may tinh sang ché& d0 st dung s6 phuc: .

Bam: \/g—(2+\/§)i+ @(Chon conjugate) —2\/5—(2—\/3_;)1'.

A |Saivitinh z-z, | B | Saivitinh z +2, C | Saivitinh 2 +z,

5. Ham s8 bac 4 tring phuong y =ax* +bx® +¢ (u # 0) 6 3 diém cyc tri khi ab<0.

6. Budc 1: Nhéc lai cong thitc nguyén ham J.xadx va JCOS (ax+ b) dx . Bwdc 2: Van dung va nhéan ra

dap an dang.

I= _[(xz —cost)dx :g—%sinbﬁc .

7. Cht y dao ham ham s6 nay phai ding cdng thitrc dao ham ham hop 2% .
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2x~1 1

! 2x-1 2x-
...... _ il b puniatiti
TXD: y'=2x+ an.(?‘x ]j =7 x+1 _9.19“_2:21'4-1 11‘18’7 )
x+1 (x+1) (x+1)
khong st dung dao . u .
Al g‘ & B | nham cong thixc (2”) =2 . lc quén In2.
ham ham hop. In2

8. Cacem coi lai phan ly thuyét vé sd phitc. Ta 6z =8+9i e z=8-9i

I A ‘ Sai vi d6i dau phan thuc. l B ‘ Sai vi d6i dau ca phan thyc va ao. 1

A Ao 2 ,
B,D | HésOcta x”,yz,z2 khac nhau.

Khéng thoa man dang khai trién cua phuong trinh mét cau

¢ X+ y? 2%+ 200+ 2by +2cz+d =0 (a2+172+c2—d20)

10. Budce 1: Nhic lai dinh nghia gia tri 16n nhat va gia tri nho nhéit cia ham y = f(x) trén tap cho trude.
Va dinh i vé diéu kién da d€ham y=f (Y) ton tai Max - Min trén D .

Budc 2: Dua vao dinh nghia va dinh Ii vira néu, xac dinh tinh dang sai cuaa (I), (II), (III).

Khéng dinh (I) sai vi f(x))< f(x),vxe(a;b)\{x,} tachisuyra f(x)) la gid tri nhé nhat cia ham
f(x) trén (4;b) = D, khdng th& két luan 16n nhat trén toan bé tap D .

Kh?mg dinh (II) sai vi can ton tai diém x,eD: f (xo) =M thi méi két luén dwoc M la gia tri 16n
nhat ctia ham y = f(x) trén D.

Khing dinh (III) sai vi cin diéu kién tap D c6 dang la doan [a;b] .

" " HS th4y (I) sai hodc 1 HS chi thay duoc 1
A | HSnham ca 3 déu ding. | B B . . D . . ,
trong 3 khang dinh sai. khédng dinh ding.

11 z=5+4i=Z=5-4i=(5-4).

Biét s& phuc lién hop Sai do khong doc ky dé
A | Sai do khdng docky dé! | B | nhung chua hiéu biét D | va chwa hiéu biét “phan

“phan a0” 1a phan nao? 40” 1a phan nao ?

12 4B =(-2-3;-5)= AB= (-2 +(-3)" +(-5)* =38 , tuong tu BC =17, CA=+99 .
. - o w . Sai vi tinh dd dai ctia doan OA (O la
Sai vl nham Sai vi nham thanh N . " e
A . . B .. ... D | gbc toa dd) do thay 3 toa dd ctia diém
thanh d6 dai AB. do dai BC. L, .
A ¢6 vé 16n nhat.

13. Buwéc 1: Tinh vecto AC = AB+BC v d6 dai AB=?,AC=2,BC=?

AB®>+AC* BC?

Buéc 2: Ap dung cong thirc AM = 5 2

AC=AB+BC=(0;2,-1)= AC=+/5 2 2 2
Tacé:{ +BC=(02-1)>AC=\B_ 4B ac’ BC 3

AB=+17,BC =14 2 4 2

AB? + AC? . BC?
2 4

C | Nhidu s8 théng thuong AM =+ AB? + BC?
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| D | Nhitu s6 thong thuong AM = AB? - BC?

14.
4) log z 25+8log ;- a*
A | HSnham 1og£[zf“ J: 85 - 8 :4:81"35‘1,
\/E long \/E ElOgS b
. 254* 1
B | HSnham log & [-—%7_2-]—«} =log\E 25+10g\/g at -log\/g i =4+2logs a—glogs b

HS i 1o 2544 _log\/§25+log\/§a4 _4+4.%log\/ga4 _4+2logga
C B o - lo, (%) B 1 1 .
85 .Zlog5 (b) ~8~10g5 b

1
2

15. Bai toan vé phuong trinh logarit.

) ) x=0
logs (25x )+logElg (25x )—3=0<:> 1og5(25x2)+10g5.2(25x2)—3=0

x#0

At 2, 1 2
log (25x )—Elogs(ZSx )-3=0
x#0 x#0

= XE ) S )
510g5(25x )—-3=0 logs(25x°) =6

x#0 x#0 oy
< <= S X =1
25x% =50 7 |x? =5%

Sai vi logs (25x2 )+Iog 1 (25x2)—3 =0« 2logs (5x)+210g 1 (5x)—3 =0
B 2 25

suy ra c6 1 nghiém.

16. Bai toan nay lién quan dén thé tich khéi lang tru tam giac déu.

Gécgitta A'C va (ABC)1a A'CA=> A'CA =45

(211)2 \/5
4

Ta cb Sype = =a?\3 , AA'= AC.tan45° = AC=2a

Vay Vige aper = AA'S 150 =2a823 =243
A | Nham qua ddy tam giac déu canh bing 4.

\A 1,.,,
C | Nham qua Vi pe 4ipc =§AA S anc

23

D | Saivinh8m S,p- =——

, AA'= AC.tan45° = AC =24

17. Giai phuong trinh 18y nghiém phic.

=1+2i
2 -2745=0e |1 l,.Dodélz%le%l:lO.
Zy =1-2i
Sai vi tinh nham Sai vi quén ddu modun, Sai vi tinh
A C o, 2 9 D "
|21’+[ZZI- nghia la tinh z] +2;. nham z; +2z,

18. (C)n(P)——2*-3x-2=x*-3x-2 -1’ =0 x=0x=1=m=2
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19.

20.

(C)md——>x3 —3x-2=y-ler’-4x-1=0<3 nghiém phan biét = n=3
dm(P)——-—-—>x2 ~3x-2=x-1le x> -4x-1=0= p=2.

Phuong trinh mét cau cé dang x2+y2+22—2ax~2by—262+d=0 ta dé dang xac dinh duoc
a=-5; bzg; c=-3; d=-5.Suy ratam I:[-—S;%;-S] va R:\/a2+b2+c2—d=~—l§§.

A | Sai toa dd tAm (do quén chia 2) va sai ban kinh (do 18y —d la R? )
B | Sai bén kinh (do 1dy —d 1a R?)
C | Sai toa do tam (do quén chia 2).

Bai todn lién quan dén hai mit phing song song va cong thitc khoang cach tir diém dén mit phéng.

21.

22,

23.

Vi (P)//(Q):(P):Zx—4y+4z+m=O (m:t—14)

Gia thiét c6 d(A,(P))=3 < [32-+m] PN Lo ~14(Loai)
m= —SO(Nhan)

Vay(P):x—2y+2z-25=0

, D } Sai vi khong loai truong hop hai mat phéng tring nhau.

f(x):s.imZx+3x2 = If(x)dxz—%c052x+x3 .

Cdch khac: Tt 4 phuong an ta kiém tra [P(x)]’ = f(x) .

- . quén cong thitc nguyén » .
B | nhdm sang daoham | C D | kéthopBvaC

ham ctia luong giac

Mot: Bay la tam gidac déu canh 24 nén ta tinh duoc dién tich day.
Hai: Lap luén géc gifta 2 mit phéng suy ra d6 dai duong cao.
Ba: Lap cbng thitc tinh thé tich khdoi chop.

Goi M la trung diém BC. Vi tam gidc ABC déunén AM LBC. s
Mt khac vi SA L (ABC)=>SA L BC.

Suy ra goc gifta (SBC) va (ABC) 1a SMA =60°.

D6 dai SA = AM.tan60° = 3‘12—@\/3 =3a.

2
223
Thé tich Vs 4zc =%.SAABC.SA =%.£~%—\C.3a=a3\/§ :

HS nham
A

3

SA = AM. tan 60° :i\z/f_’.f =—5;_—”:> Vsapc =—5—

2
(20)" 3

C | HSnhm Vj 4pc =S,apc-SA = S das 3433

HS nham tam gidc déu canh a
D 1 1423 3a _ a

=V ==5 SA=—.
S.ABC = 37AABC 377 2 3

&

Bwéc 1. Ham s6 xac dinh va lién tuc trén R. Suy ra d6 thi ham sd khong c6 tiém cén ding.
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24,

25.

Budc2. lim y=0.Suy ra d6 thi ham s8 chi cé 1 tiém cén nganglay=0.
x—>too

A | Nham lan ham s8 khong xéc dinh tai x = 1 va quén mét trj ciia x*van1a x2.

B Quén mat trj ciia x* vAnla x?

Budc 1: Dua vé co s 2 va phan tich 6 1000, ta 6 log, 1000 =1log , 10%.

Buéc 2: Diing cdng thite bién d8i loga phén tich.

= m?+n®+k> =22,

log,, 1000 = 10g22 10% = %(log2 5+log, 2) = %(LH-I) = 3“;'3

LA S S BT

A | log, 1000 = log22 10° = %(log2 5.log, 2) = —Z—(a.l)

B | log,1000=log , 10° = —g-(logz 2.5)= %.2(Iog2 5)=8a=m”+n* +k* =10

D | Nhiéu thong thuong 1% +22 +3% = 14.

Tim canh day va duong cao cua thiét dién.

26.

Goi ki hiéu nhw hinh. Ta ¢4 DF =+r?> —d> = DE= 2\/1'2 —-d% . Or= \/h2 +d?
Tam gidc ODE 6 day DE va duong cao OF nén cb

S =%2\/r2 R TN

Nam viing cac diéu kién can va dd d€ ham s8 ¢6 cyec tri.

27.

Ménh dé (1) 1a ding theo diéu kién cin d€ ham s6 cd cuc tri (xem Dinh 1y 2 - SGK Toan 12/tr16).
Ménh d@ (2) 12 sai (xem Dinh Iy 2 - SGK Toan 12/tr16).

Ménh deé (3) 1a sai vi f'(x) c6 thé khong xéc dinh tai x, nhung vin c6 thé cé cuec trj tai ¥, (xem
hams6é y=x ~6€'/-J;E & Bai giai 1.10 — SBT Toan 12/tr36).

Meénh dé (4) 1a sai vi cin thém diéu kién dao ham d6i dau khi qua x = Xp -

Tim nguyén ham ri tinh tich phan.

28.

29.

2

=m? ~%m+%.8uy ra S:a+b+c:%.ChonB.

I~T(x2—mx+m2)dx— is___ﬂ}_iff_+m2x
- 13 2

| A | Saivinhinnguoc. | C | Saiddu. | D [ Sai vi khi bo déu ngodc khi tinh tich phan,
Goi H, ITan luot 1a trung di€m AB va B'C’. A’ r '
Suy ra CH vudng goc (ABB') va Al vudng goc B'C’. b

Dit A'A=h>0.
V342 +4n?
2

D& dang tinh dugc AB'= AC'=+a® +h?; Al =

Tacod Ve app = %CH%AB.BB' = %.d(B,(AB'C'))%AI.B'C'

\/ig 3d° \/g

Tt d6, ta tinh duge 7 =22 va v, =
5 20

Buwdc 1: Tim dao ham y' ctia ham s6 da cho. Nhdm dwoc 2 nghiém dep x;;x, caa y' =0.
Budc 2: Nhan xét hé s8 trede x? ctia bidu thixe y' 1la a=3>0.Vébang xét ddu y', nhén ra ham s8
chi ludn nghich bién trén khoang (x1 ; xz) .
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30.

31.

32.

33.

Buwdc 3: Theo yéu cau bai toén ta giai phuong trinh ‘xz —xll =2 timm.

X = —\—m
TXD: D=R.Tacéd: y' =3x*+3m; y' =0 32> +3m=0e| !

xz =N-Mm

.Diéu kién m<0.

Vé bang xét ddu dao ham y':

X -0 Xq Xy +0

'

y + 0 - 0 +

Dua vao bang xét d4u ta nhan thdy ham sd chi ludn nghich bién trén khoang (xl ;xz) .
Yéu cau bai toan |x2 —x]| =2 2y-m=2-m=1om=-1.

Budc 1: Tim dao ham cia ham s da cho.

Buéc 2: Tim nghiém ctia dao ham, tir d6 tim diém cye dai va gia tri cuc dai.

- O .
(1): Pidu kien |+~ =70 D = (0;64) (64;+) . Suy ra () sai
log, x-3#0 x# 64

(I): Vi a<1 nén y =log, x nghich bién trén tap xac dinh ctia né. Suy ra (II) ding
(0): f(x)=xInx= f'(x)=Inx+1= f"(x)= 1 Suy ra (III) sai.

X
Budc 1: Tim hinh chiéu tir mot diém bat ki thude d 1én (a).

Buéc 2: Vigt phuong trinh d' di qua hinh chigu d6 va song song véi d .

Lay A(—4; 0;0) ed . Ta c6 phuong trinh dudng thang qua A vudng goc véi (a) la %é = —yi =§
taco H (1;—1;3) la hinh chiéu clia A 1én mt phing (). Viét phuong trinh d' di qua hinh chiu

x-3 y-6 z-2
2 7 1

' AB ‘ Sai vi sai di€m di qua. ‘ D ‘ Sai vi sai vecto chi phuong.

dé vasong song véi d 1a d':

Budc 1: Dung phuwong phép d6i bién dit ¢ =1+cosx.

Buwdc 2: Giai ra bi€u thiic tich phan theo n. Pdng nhat 2 v& im n.

Dat t =1+ cosx = dt = —sinxdx , x:0—>t=2,x=g——>t=1

2 211+1 -1
T a1

pa

2 . 1 tn+1
Khi @é: I = J.(1+cos x) sinxdx = _[—t"dt =

0 2 n+1

1

n+1
Theo dé bai, ta co 32767 -2 -1
n+1 n+1

2" = 32768 <> n+1=log, (32768) = n=14 .

A | Sai vi 18y dao ham sai t =1+ cosx => dt = sin xdx

B | Sai vi & buedc cubi cta tinh todn trong 16 giai

D | Sai vi quén ddi c4n tich phan va 18y dao ham sai

Day la bai toan vé 1ap phuong trinh dudng thing di qua mét diém va cit hai dudong thing cho
trudc.

Goi (P) 12 m3t phang qua I va chita A;.Tac6A; diqua M, (3;—1;4) va cd vecto chi phuong
=(1:2:0)
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IM; = (2:-2;2), (P) 6 vecto phép tuyén n; = ay, IM, | = (4-2;-6).
Goi (Q) 1a mit phéng qua I vachira A,. Taco A, di qua M,(-2;0;2) va c6 vecto chi phuong
0, =(1,12).
1M, =(-3;-1;0), (Q) c vecto phap tuyén m, =|a,,IM, | =(2-6;2).
Puong thing d can tim 1a giao tuyén ctia (P) va (Q) .

d di qua diém I(1;1;2) va c6 vecto chi phuong ﬁ; = -—2—10—[a,;tz} = (2;1;1)

x=1+2t
Vay phuong trinh dudng thang d 1a <y =1+t
z=2+t
B | Saivildy VICP a; =[ay,a, |=(4-2-1)

X x X X
34, 27%-18%-12" =m8" & (2—87—) —[—9—] —(Ej =m. Dat t= (g] >0, phuong trinh tré thanh

£ —t?—t=m

5
Talap bang bién cho f(t)=t’—* —1,t {%@j };f'(t) =3t>-2t-1

t
0 ,_1. 0 g i (E +o0
3 3 2}
f’(t) + ] l + +

’ / ﬂ\ // 22

Theo yéu cau bai toan va tit BBT, ta suy ra f <m< f[%j o -l<m< ~27"

Do d6 khong ton gia tri nguyén nao cta m.

Nhém thanh dé hoi ¢6 Nham thanh ¢é héi ¢6 nghiém Y
A N B| ., e . C |Liygidtritaim=-1.
nghiém va tinh sai s0 gid tri nguyén.

35. Buwodc 1: Dat x =2sint, te{——;{ E} tinh dx va d6i can.

Budc 2: Thay bidu thitc mdi, cAn méi, bién d6i va tinh toan.

Pat x:25int,te{—%;%}:>dx=2costdt.D6i can: xz0:>t=0;x=—-1:>t:—-76£.

]). 4sin’ ¢ I n’ ¢ .[ }-1 cos 2t
2 costdt =4 costdt—4 sin’ tdt =4 —“——d
lm;'; |c [cost] A !
6 3 6 6
0
=2[t~lsin2t) =Z’~_i§.:>n=_l
2 7 2

36. Bai toan nay lién quan dén khé&i nén ngoai tiép khdi chop.
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37.

38.

Goi O la thm ctia day ABC va N la trung diém cua BC.

Do S.ABC la hinh chép déu suy ra SO L(ABC) .

Hinh nén ngoai tiép hinh chép déu S.ABC la hinh nén c6 dinh 14 S,
ddy la dudng tron ngoai tiép tam gidc ABC . Khi d6 hinh nén c6 ban
kinh day r =0A , duwong cao =50, dudng sinh [ =SA

(SBC)n(ABC) =
Tacé ON L BC = Gocgitta (SBC) va (ABC) lagéc SNO
SN LBC

Tir d6 suy ra SNO = 60°

Tacé AN = “\/— »a\/—:>OA~gAN— Nf”;ow:%mv:%
Xét tam giac SON vudng tai O tacd: tan SNO = 6% =50 =ONtan60° = a\?{g A3=a

Xét tam gidc SOA vudng tai O tacé SA=vS0? +0A* =

Theé tich kh&i ndén can tim l1a V=%7rr2h—§ 7OA% S0 = 3 [ 3

2\/—a] a= 4za’

A | Sai vi nhm cong thiic V = ar2h = 70A% SO = IZ'[ 3

2
2\@“} o= 4za®
3 )7

Sai vi nham qua goc gita canh bén véi mit day.

C —
tanSAO =g% = 50 = 0Atan60° = 3‘33‘—@\5 =2z

D | Sai vinhdm véi qua canh cta ddy bang a

Taco: y'= 2x3 ~2(m—1)x = 2x[x2 —(771—1)} . D0 thi ham s8 ¢b 3 diém cuec tri khi m>1.
Khi d6 3 diém cuc tri la A(O;l), B[Vm—l;%—%(m—l)z], C(~\/711~1;1—%(7n—1)2] .
Duong thang BC: y=1 ~—§-(m - 1)2 va d6 dai doan thing BC = 24/m 1.

. 1 e A " 1 2) 1 2
Khoang céach tir diém A dé&n BC: d(A;BC):l—L]-«E(m—l) j:E(m—l) .

5
Suyra S,p5c :—;-.d(A;BC).BC :%\/m—l(m—l)2 :%(nz~1)§.

5
SABC:§C>(m 12 =243 m-1=9 e m=10.

[&)]

Sai vi tinh todn sai nhu sau
B C

Sai vi nham thanh m2 =243. m-1=9<>m=9-1=8

Bién d6i phuong trinh ban dau theo ¢ =log, x

3
log > [%}~log4 x.log, (4x)<0 < 2(10g2 x> ~1)—%10g2 x.(2+log, x)<0
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& 12log, x—4-2log, x—(log, x)2 <0< TB2X 5 42 4 10t-4< 0 2 ~10t+4>0.

3
A logﬁ %— —10g4xlog2(4x)<0® (logzx —1)——10g2 (2+log2x)<0
3
B | log 5 x? —10g4x10g2(4x)<0<:> (10g2x ~1) 210g2x.(2+log2x)<0
x3 3 1
D |logg; > ~log, x.log2(4x)<0<:>2(10gzx “2>‘510g2x’(2+1°g2 x)<

39. Buwéc 1: Tim dao ham va gidi phuong trinh dao ham béng 0 d€ tim nghiém.

40.

Buwéc 2: Tinh cdc gid tri tai diém dung va két ludn Min-Max.

Tacod y'=2cosx-1.Xét y'=0«> 2cosx-1=0x= 3+k27r,keZ Vay trong doan [—2 2:| thi
nhén x=i-§.T1’nh va so sanh y(—2),y(~£j,y[£),y(2) thitacd m=- 3+~7§- va M=+3-Z

3713
4mf 27°

Dod6é P=6-
9
Sai vi quén . Sai vi ra hai dau doan
A . C | Saivitinh P=M+m. |D
thtta s6 2. 1la Min — Max.

Bai todn nay yéu ciu cdc em phai nam vitng cac vén dé vé tép xac dinh ctia ham mdi, logarit.

(I): Ham 56 xac dinh < 4-x>>0& 2<x<2=D=(-2;2).
(I): Vi s8 mi 14 s6 nguyén dwong nén ham s6 xac dinh véi moi x.

(III): Ham s6 c6 tap xéac dinh 1a Re a2 -2mx+4>0, VxeR o A'=m?-4<0e 2<m<2

15
41. Goi N()1as8 vi tring ngay thi t. Ta cé: N(15)-N(0)= [ £(¢)dt = N(15)=703147
0
J3~3m+2.2n
42, ‘zl:x/?)m +4n? >|—-—'—5 ding thirc xay rakhi m = n—5\/—
V3+4

A | Sai vi khéng chia cho V3+4 trong bét déng thirc.

B | Sai vi thay vi chia cho ¥3+4 thi lai nhan.

D | Sai vi chia cho 7 chit khéng phai v3+4 .
43. Day la bai todn vé phuong trinh logarit ¢ chita tham s8.

2
PT<:>log3[x +(4a+3)x+2a—1}:10g3(5x—2) u__x2+2x_1
2 - © o 2x+1
o +(4a+3)x+20-1=5x—2  |¥ TA—2x320+1=0 < *
=4 A 2 xX>=
5x-2>0 x>— 5
5
2
e T A —x+2x-1 . 2 2x% —2x+4
Xét ham s6 (x):-x——V01x>—, (x)=—————-, (x) leox=1x=-2
g 2x+1 5 g (2x+1) g
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1
- = 2
X |- -2 2 5 1 v
y - 0 + + 0 —
0
o -
2a=0 a=0
D& 6 nghiém duy nhat thi 1 & 1 =>m=1n=10.
205 —— a< 10

44. Bai todn lién quan tim diéu kién ctia tham s8 d€ ham s6 dong bién ( hay nghich bién) trén khoang

cho trude. Trong bai toan nay cac em chu y diéu sau:

y:asinx—bcosx:xln2+b2[\/751111—\/___*C05x]=\]a2+b2 sin(x—a)
.. a .
VOl CoSA = ————,8IiNa = ————

W m Tl d6 suy ra —Va? +b* < y < Va? +b*

Tap xac dinh D=R.Taco: y' =2+acosx—bsinx

Yéu cdu cta bai toan tuong duong véi y' 20,Vx e R & 2+acosx—bsinx20,Vxe R

c:acosx—bsinxz—z,VxeR@—\/a2+b2 >-2ea’+b? <4

45. (i)

zZ
4

=1 l——l—l,;;tO@]zI: Z,z:tOsai vi phai loai di g&c toa dd O.

(ii) ﬁ >le iz‘ <1,z # 0 sai vi phai loai di g6c toa d6 O.

—i ! l 1 A iy
———| =1. Nén (iii) dang.

() 2= 75 = = 11+1 o y1+z||mfw

1 C l Quén dat diéu kién cho z ‘

46. Phuong trinh hoanh d6 giao diém: x* —mx—1=0 d& thay phuong trinh ¢ 2 nghiém trai dau

X <0<xy va xy+x ,=m, xx, ==1.

13 Xy

X

k%)
X

X m
2, M2
X 2

Tacod S= Hx —-mx— 11dx——_‘.(x - X -~ 1>lx— +x

1 1 244
=(x, ~xl){:—-§(x1 +xy )2 3% +17-21—x(1+x2)+1}=(x2 —x1)(m 6+ ]

m?
+4.(m°+4
Ma x, ~x; = \f x1+x2 ~4xlx2—\/ +4 suyra S= 6( )

3
Tadu’cych%@( m2+4) <bhoVmr+a<de -203<m<23.

A | Saivinham Vm? +4<d o m® +4<8 o -2<m<2=>b-a=4
C | Saivitheoy A k& hopnhim b-a=-2-2=-4

D | Saivinhim b-a=-23-23 =43

47, Trong 1 gidy, thé tich nudc ting thém 1a 10 lit.
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48.

10
——t
Chiéu cao myc nudce ting 1én trong mot gidy la: 1?8% = 5610—01% (m), trong d6 t 1a thoi gian, do

béng gidy. Vi ban dau trong hd dé cd s&n 200 lit nuéc, tire muc nude ban dau la zlﬁ (m) .

Vay ta c6 ham s8 thé hién chiéu cao clia muc nuwde & mdi thoi diém: h (t) = ﬁt*ﬁ‘ ?;6 (m).

‘ B } quén diéu kién dau vé chiéu cao murc nuée trong ho. ’ C ' BvaD. ‘ D ‘ Lap sai ham. |

Day bai toan kho, cac em cin vé minh hoa hinh v&, doc k¥ dé bai .

49,

50.

M I

V14
2

Tathdy Med, MH =d(M,(P))="—~

Nhan xét d//(P) va MI=2y3. Tim 1(3;24), ](%,-3;"75}34&2;,15.)

Vouun SM SN mna®
2B = — — =V =mn.V. =
VS.ABD SD " SB S.AMN S.ABD 6

Ta cod

2 2
Mt khdc mn:ﬁ.m. 3n_2m”+3n> 1

NN N

72
Day la bai toén lién quan dén cyec tri ctia ham bac 3.

Suy ra max Vg syn =

=1
Taco: y'=6x> ~6(m+1)x+6m, y'=0<:>[x
x=m

Piéu kién d€ ham s6 c6 2 diém cuctrila: m=1.Tacd: A(1;3m »1) B(m; —-m® + 3m2) .

Haé s8 géc ctia duong thang AB la: k= ~(m~1)2 suy ra (AB):y :—(m—1)2 x+m?+m .

m® +m

Goi M, N Tan luot 1a giao diém clia d véi truc Ox,Oy suyra M (
m»l)

;0 ,N(O;m2 +m)

2
2 2 24
Ta 6 OM=ﬂl—-jﬂz,ONzlszrm,SOMN=lOM.ON=l‘m2+m’.’m +";‘=1(m mz)
(m-1) 2 2 (m-1)%| 2 (m-1)
1 1(m2+m)2 1 2. \2 2 |mPrm=m-1
SOMN:EQEW:EQ(m +m) :(m—l) C}[m2+m:_m+l<:>m:—1+\/§,m='—1"\/§
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1 2 3 4 5 6 7 8 9 10
D C A
11 12 13 14 15 16 17 18 19 20
C D B B D | .C A D B D
21 22 23 24 25 26 27 28 29 30
B B C D B A A B A C
31 32 33 34 35 36 37 38 39 40
B A A D A D: D e B c
41 42 43 44 45 46 47 48 49 50
A C D B D D C A A A

Burée 1: Nhic lai dinh nghia phén thuc, phian 4o, toa d6 diém biéu dién ctia s8 phiic z.

Budc 2: Nhan ra ménh dé ding.

S8 phitc z=-3+i c6 phan thuc 1a -3, ph#n ao 1a 1. Diém bidu dién la M (—3;1).

|A | HSsaiphiniolai. |B | HSsaidiémbi€udién. | C [ HSsai phan thuc

Xem lai 1y thuyét trong sach giao khoa.

(I) sai, stra lai diing: 2* =3 < x =log, 3.

(II) sai, stra lai dung: log, (b.c)=1log, b+log,c.

(II) va (IV) dting,

Hinh chit nhat ABCD xoay quanh canh AB tao thanh khéi try.
Buwéc 1: Tim dao ham ctia ham sd da cho.

Budrc 2: Tim nghiém cua dao ham, tir d6 xét ddu dao ham.

Xét dap an C. Ta c6 tdp xac dinh D=R.

Taco: y' =3x*+2x+7 2 0,vx e R = ham s8 dbng bién trén R.

A Saivi y'=4x%;y'=0=>x=0. y' d6i d&u khi di qua x =0

B Saivi y'=-2<0,VxeR suyra ham s6 nghich bién trén R

1

D Saivi y'=

27

(x+1)

v #1 . Suy ra ham s6 dong bién trén tirng khoang xéac dinh.

Xem lai phan ly thuyét vé phurong trinh mit phéng.

Mit phéng (P) di qua diém A(-1;2;0) va nhan n(~1;0;2) 1a VTPT c6 phuong trinh la:
“1(x+1)+0(y-2)+2(z-0)=0 @ -x-1+2z=0 <& -x+2z~-1=0.

Vay -x+2z-1=0.

z=a+bi~ci—~di* =(a+d)+(b~c)i do d6 |¢|=(a+d)* +(b-c)’ . Chon dép én 12 B.

| AC }Saiv‘lkhangdé’ychai. | D | saivibiendsi ?=1. |

Buwéc 1. ham s§ y = f (x)xéc dinh va lién tuc trén R. Suy ra d6 thi ham s8 khong th& c6 tiém can

diting (chua két luan gi dugc vé tiém cén ngang). Loai dugc hai phwong an A va D.
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10.

11.

Bugc2. C6hams6 y = 6 tap xac dinh la R, nhung d6 thi ham s6 nay cd tiém can ngang la y

241
=0. Nén phuong énB cfing sai.
f(x)>ab, a>1
0<f(x)<al’,0<a<1
2
3x‘1<[2@] 3x-1<2
&

2
— —<1
Tacé log s (32 1]>2 2 4
2

Cha y: Ioguf(x)>b<:{

1
x>
3

A Sai vi nham —\[2—% >1. B Sai vi khong so diéu kién x > %

Budc 1: Tim dao ham ctia ham s8 da cho.

Budc 2: Tim nghiém cta dao ham, vé bang xét ddu dao ham va nhén xét.

TXD: D=R.Tacé: y'=3x" ~6x=3x(x~2) suyra y' =0 x=0vx=2.
Pao ham y’ 1a ham s6 bac hai do d6 theo quy téc “trong tri ngoai ciing”, ta d& dang cé duwoc ddu

ctia dao ham.

’ y'} + 0 - 2 +

Suy ra ham s6 dong bién trén cdc khoang (—oo ;0) va (2;+w).

Sai vi chi nhéan 1 N .
B , C Sai vi thidu khoang (_OO; 0)‘ D Sai vi xac dinh sai ddu
khoang (2;+w) dao ham.

Yseuy _SM SN

Bwéc 1: Lap ti sO .
Vs cra SA SB

=k=Vsenmn =kVscpa-

v,
Budc 2: Tt dé suy ra Ve yynpa = (1K) Vg gy = > =
Vemnsa 1k

Vseywy _SM SN 12 1
Eem = — === T, =V,
Voegs SA SB 23 3 SN TgZlscea
2 Vseun _ 1
=>Vemnsa =7 Vscpa =5 =5
3 Vemnea 2
. Vemnea
A HS I]].’lam et VINDA 2 .
S.CMN
B | HSnhim vscuy 1
Vscsa 3
- SLBELIE . 1 5 Vscun _ 1
C sy _ 2V =—.===2V, om = Vecnn = Veampa == Vecps = M ==
VS.CBA SA SB 23 6 S.CMN 5.CBA ¢ VC.MNBA :

12, Buwdc 1: Tim dao ham ctia ham s6 da cho.

Bwéc 2: Tim nghiém ctia dao ham, tir d6 tim diém cyc dai va gia tri cye dai.

I= T dx = J-x/;r(\/x_-_l xjdx _[((x+1)\/;fi~xx/x—ﬁ)dx

1vVx? ~1+x

296



ON LUYEN DE THI TRAC NGHIEM TOAN 2017 PAP AN PE SO 13

2

2 3 1 3 1 2 5 4 3 5 5 9 3
=J1‘ (x=1)2 +2(x~-1)2 =(x+1)2 +(x+1)2 gx= g(x—l)z +—§(x—1)2 —g(xa«l)z +§(x+1)2 1
83 42 26 26, -4 8 832
=———— o 0=— b=— ;=== P = ——
5 15 15 15 15 5 1125
I A ] Sai vi tinh tong. 1 B,C i Sai vi nham dau f

13. Hams8 y=x* —2(m-1)x2 +m-2 dong bién trén khoang (1;3) < y'>0,vx e (1;3)
Tap xéc dinh D=R.Tacé y'=4x> —4(m-1)x.
Ham s8 dong bién trén (1;3)
©y'20,Vxe(3) 4Jc(x2 +1-m)2 0,Vxe(;3) < g(x)= > +12m,Vxe (L3) .

Lap bang bién thién ciia g(x) trén (1;3).

g(x) . /

Dua vao bang bién thién, ta suy ra gid tri m cintimla m<2 .

I A ; Sai vi chira tim hét duoc cac gia tri cia m. ‘

14. Buwéc L: dit z=x+y.;x,;y € R. Nhic lai dinh nghia md dun ctia s8 phitc.

Budc 2: Suy ra tap hop diém la dwong tron, im tAm va ban kinh.

Dit z=x+y.i;x,yeR.
Tacdilz—4+3i| =2 & [x+yi-4+3i|=2 & |(x-4)+ (y+3)i| =2 (x~4) 4 (y+3)° =4.

Vay tap hop diém M can tim 1a dudng tron (x—4)” +(y+3)° =4 tam I(4;-3), b4n kinh R =2

\ A } HS nham bén kinh. \ C \ HS nhim toa dd tam. [ D ] HS sai tam va ban kinh

15. 5,5 =<\/§)2 '@:3—? (sz) éD

4

d[ D;(ABC)|=OB.tan 60" = [@.g.g].mm =3,

1 33 _3( 3
=4 VDABC—-E.\/:'_}.T—- Z(Cm )

A Sai vi tinh DO = 3 =2cm.
sin 60°
2
B | Saivitinh S0 =(V3) 333
2 2
C | Saivichoring DB=+3 cm din dén DO = DBsin60° =\/§,_‘£§_=% om

a-b=(-3;2;1)

16. Tacd: . .
3a+b=(1-6;1

)}3](;_B)A(S;Jra)‘_g_uﬂz_14.

| A | Sai vi khong d€ ¥ “trj tuyét dGi”
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B Sai vi hi€u qua d6 dai médun
D Sai vi khéng hi€u, nham véi gi tri tuyét d6i nén nhén 2 gia trf
17. Tacé: cosa :cos(&,w) ab = _2\/— J— = L:> a=135",
i
R
B Sai vi nham qua céng thikc cosa = cos (a; b) » l = :> a=45°
b
C Sai vi nham qua cong thicsin o = sin (;t,%) ] ﬁj ‘ = '—2\/;2 V2 —% = o =45
b 2

18.

PAP AN PE O 13

19.

Dang tim cin béc hai ctia s& phitc. Ta ¢6 {

2_p? = 1:> At =2
2ab=-26 |[p?=3

V7

Vay nghiém ctia phuong trinh 2x% +3x+2=0c>x:——i—i—z

4

f A

] nham vdi giai nghiém thuec. ‘ B L nham diu. ‘ C 1 Sai vi nham gitta a <> b.

Bai ton lién quan dén vi tri tuong ddi cia mit phang

(P) ¢6 VIPT ny =(5m;1)

va (Q) c6 VIPT n, =(n;-3;-2)

2m+3=0 3
(P)//(Q)c{n—l,g}:f)@ n+10=0 <I™77
~15~nm=0 n=-10

20.

Ta cb Z=(0;1;—1),1jt;:(3;~2;1). Khi do6 [Z,uj]z(—l;»«&—f&):ﬁﬁ, nén ﬁ;,;; khéng cung

Xéc dinh 14,14y va tinh [ 1,1, | d&xét v tri tuong d6i.

phuong. Xét giao diém ctia hai dwong thang ta cé [ (2; 2; —-1) ednd'.Chondép an D.

AD | Nhifu thong thuong.
C Sai vi khong xét dén giao di€m hai duong.
21. Tacé: A=2,7.10"°=27.10".
A [Saiviquénmétcos§10. | C | Saivichibém mdy tinh. | D | Sai twong tw y A.
. ’ 4 3
22. Luuycdngthic: V= EﬂR Va Vi g = (cunh)
v é7rR3 é7z'8a3 x
Tacé R=—=21=—C= 3 3= 3 ==
Vi (4:1) 64a 6
1ER?’ lﬂ'SﬂS .
A Sai vi nham cdng thic R~—~2a:>—C=—3——~—~3——=3 = —
Vi (40 64 24
1 .3 1 3
v —7R —71'(4&1)
C Sai vi tinh sai ban kinh R=4g=-C=3 =3 %
Vi (411) 64a 3
D Nhiéu s8 théng thuong, dao 16n ti s6 (két hop sai theo ¥ A)

23. Buéc 1: Tim dao ham va diém khong xac dinh ctia dao ham. Tim nghiém dao ham.
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24,

25.

26.

27.

28.

DAP AN PE SO 13

Budc 2: Lap bang bién thién.

—é—=0:>%/;=2:>x=8 va dao ham khong xac dinh tai 0.

TXD: D=R.Tacd y'=0<2-

Ta c6 BBT sau:
T —00 0 8 +00 |
f'(a + - 0 +
0 +oc |
f(@) N _— I N _— ‘

A Sai vi 14y hai gia trj hoanh d6 B Sai vi 14y toa d6 diém b Sai vi 18y hai gia tri
cue tri. cuec tiéu.

tung do cuee tri.

Nhén dién duoc hinh dang ctia d6 thi ham béc 4 triing phuong va ham béc 3.
Do d6 thi ham triing phuong ddi ximg qua truc tung nén loai cau A, C. Vi do thi cd 3 diém cyc tri
nén khoéng thé 1a ham bac 3. .

l AC ‘ Sai vi nham db thi ham triing phuong.

Phuong trinh mii, diing phuong phap dat &n phu.
Phuong trinh dang: @, "/ + ¢ _a"" 4 g™ e, =0 (1)
bét &n phu ¢ = af(x) véi diéu kién £>0.

Phuong trinh (1) tré thanh a,t" +a“_1t(”~]) +..+ ot +ay =0. Giai phuong trinh tim &n f, so diéu

kién t>0.Véigia tri t >0 tim duoc, giai phuong trinh ¢ = af (x) tim x.

3448 _ 4 3295 L om0 o 32(2x+4) 4327 07 () 32(2x+4) 12,327 L 07—

bat t = 32x+4, t > 0, phuong trinh trd thanh 2 —12t+27=0.
Pap an A
‘ B t Sai nham vdi dao ham t C i Sai hé s8 khi 18y nguyén ham. ‘ D ‘ Sai caB va C.

Phuong phap ddi bién Dét t = 3x = dt = 3dx ; d6i can

x ‘ 1 } 2
t | 3 | 6
jsm?)x J-sm?:xsd _'[Lntdt* F(x ) =F(6)~F(3).

1
Buéc 1: Mt phang () céntim 1a mgt phéng trung truc ctia doan thang AB, tic la (a) di qua trung
diém I cta AB va (o)L AB.
Budc 2: Tim toa dd trung diém I ctia AB, AB 1a vecto phap tuyén ctia mit (). phwong trinh mit

phéng (o).

Mit phéng (@) di qua trung diém 1(~1;0;4), va c6 vecto phap tuyén AB = (4-4;-2).
4(x+1)—4(y—0)—

A Mit phéng di qua A va VIPT AB= (44-2).

Phwong trinh mit phéng (2): 2(z-4)=0=2x-2y-2+6=0.
8

B Mt phéng di qua B va VIPT AB=(4-4;-2).
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29.

30.

31.

32,

33.

34.

3
Tinh tich phan bing phuong phap ddi bién s5 .1 = j

Pit t=x = dt=92%x, d6ican x=1=t=1x=3=+=3°

3? 39 9
vay I=2 [ 2 -2 [1_ 1 ]dt:j_ln t [l _ 1, 216513
21 f(”lo) % t+10 90" |t+10|j1 90 19693
Bai giai dang.

5 5
, ™ s ? 2 2 2 o . w7 : N
Budc 1: Bién d6i I = j —3-4x—x“dx = I 1—(2+x) dx.Dat x+2=sint,te ~E;—2~ ,tinh dx va
-2 -2

d6i can.

Buwéc 2: Thay bi€u thitc méi, cén mdi, bién d6i va tinh toan.

it x+2=sint,te _ZE;K = dx = costdt . D8i cin: x=—2:>t=0;x=-§:>t=—£.
2°2 2 6
5 3 z z
2 2 6 6
I= J. V-3—4x—x*dx= J.\fl—(2+x)2dx= IV1~sin2tcostdt= j cos? tdt
-2 -2 0 0
z P
6 6
ety 1 Ly f o B Ly
0 2 2 2 o 12 8 m n
0 0 x20
Xz Xz
Loi giai trén sai & Buéc 2 do \/4—x2=x<:>{4 ) 2@{ , ceilr=2 ex=12.
-x"=x x° =
-
B Sai vi &y nhdm dao ham
C Thay gia tri ding nhung két lun max min sai

D Khong phét hién 15i sai

Ldng gidt cd chiéu cao khong ddi, do dé né cé thé tich 16n nhat khi c¢6 ban kinh ddy 16n nhat.
Ta c6 chiéu cao clia [ong gist 13 h=b—2d. Khi may hoat ddng thi d6 léch 16n nhat la k do d6 &€

long giat khong cham vao thanh cta may thi r S%‘k' Vay th€ tich 16n nhét caa I6ng giat 1a

2
4 =7z72h:7r[§—~kj (b-2d).

Bai toén l4p phuong trinh duong thing

Goi Aedy,Bed,,Ced;.Tacod: A(a;4-a;-1+2a),B(b;2-3b;-3b),C(~1+5¢;1+2c;-1+c)
Yéu cau bai todn < A, B,C théng hang va AB=BC
< B latrung diém AC

Xy +x0=2xp a-1+5¢=2b a-2b+5c=1 a=1
Sy +yc =2yp ©{4—a+1+20=2(2-3b) < -a+6b+2c=-1<b=0
Z, +20 =22p —1+2a—1+c=2(—3b) 2a+6b+c=2 c=0

Suy ra A(1;3;1),B(0;2;0,),C(-1,1;-1)

A di qua diém B(O;Z;D,) va ¢6 vecto chi phuong 1a CB= (1,' 1;1)
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35.

36.

Vay phuong trinh duong théng d la i}= =

Buédc 1: Dung cong thitc ddi co s6 9 vé co s8 2: log, 10125 =

log, 10125
log,9

Budce 2: Bién doi log, 10125 va log, 9 dua vé a=log, 3;b =log, 5. Suy ra cac gid tri m, k= m? -2k

logg 10125 =

_4a+3b
2a

43
log, 10125 log, (3 5 ) _log, 3% +log, 5° _4log,3+3log, 5
log,9  2log,3  2log,3 2log, 3

=2+§Q:>m=2,k=§:>1112—2k=1‘
2a 2

Cac em coi lai phan ly thuyét vé s phirc trong sach gido khoa.

37.

38.

39.

2 _ 2
(I): Gia st Z lacinbachaicia 7, taco 2 =4 Vi <0 ngn a:—lal:—( la|)

Suy ra 22:a<:>zz=~( ]a1)2©(2+i ]a])(z—iﬂ):O:z:iﬁ;z:—i\/M

(A): 22 +2z44=0 (z+1) +3=0 z=-143i= P=lz P +1z, P=8

z-1

(IID): Hién nhién z R,z %1 thi = e R.

zZ+

Nguoc lai néu E-_%=aeRth‘1 z—l=az+z,a¢1:>z=fl—ﬂeR,z¢~1
Z+

Bai toan lién quan dén dao ham va tinh don diéu ctia ham s&

@

Diing vi tir ndm 1970 dén ndm 1995 12 25 ndm , tir d6 suy ra f(25) = 22000

(1

BingviTacod y'=

>0,t>0;y'(26)= 0,125
(t+5)2 (26)

(IIT)

L&y dao ham ta théy (III) ding.

Bai todn nay kiém tra vé kién thitc ham s8 mii va logarit.

(I): Ham s6 y =log, x—log, (x + 1) nghich bién trén tap cac s6 thuc duong,.

2 2
1 1

Tép xdc dinh D =(0;+) Taco y'= 1 = <0,Vx &(0;+w)

xln% (x+1)1n% x(x+1)ln§

Vay ham s6 nghich bién trén tap cdc s8 thuc duong.

' .on _ ]- " -
@5 (5)= i () =L = (o) =%
w2 ( )
(IIf) : Hamsd y=2"". =
IV):y=

Ta cod w—:k:
BB' BB'

1 1 1
Vs e =§-VA.B'BCC' =1—;”];-§le = le = k:g

1 1

V645

1

[JENE

X
5 ] ddng bién trén tap xac dinh vi

V6 -5
(\/ﬁ—x/ﬁ)x (\/ﬁ+\/1—0)x =1 suy ra (IV) sai.

2

BM

1 2

5

301



ON LUYEN BE THI TRAC NGHIEM TOAN 2017 DAP AN PE SO 13
40. Db thi cit truc tung tai diém ¢6 tung d6 y = :31 nén y(O) = %1 = b=-1.Db thi cit truc hoanh tai
o , N ~ 1 1 1 in N , w1 1a
diém c6 hoanh do x=5 nén y > =O:>—2—a~1:0:>a=2. Tiém can ngang ctia d6 thi 1a

y=-2=2=2=¢=-1.Vay S=a+b+c=0.
c

A Sai vi giai nham d&u va gidira a=-2.
B Sai vi nhdm tiém cin dingla x=-2.
D Sai vi 14n 16n gifta hai giao di€m ctia d6 thi véi truc tung va hoanh.

41. Buéc1:D8i a=logs 3 duwa vé co s8 3, biéu dién log, 5 theo a.

Buc 2: Bién d8i logy; 15 dua vé co s 3, biéu dién theo a.

1 1 1 1-a
= = = =logy5=—.
log, (3.5) log; 3+log, 5 1+log,5 a

a=log;s3

log;15 log;(35) logs3+logy5 1+logy,5 1

log,s15=

1og325~ 108352 2log, 5 - 2log,5 2-2a°
o>m=1n=2k=-2=>m+n>k.

42. Dén s8 vao n&m 2016: 93421835.(1+1,05:100)** ~ 120038351

|A [Nhidus§  |B [Léyn=23 [D |Ldyn=25
1
43. Taco: TCD'X_GEQZM—lﬁO Nhan xét: m = 0khdng thoa.
TCN:y=-1
Véi 11’zar50,(71:2x——my»~1=O:>d:y=zxwl . Xét PT hoanh d6 giao di€m gitra d va (C).
—-1—:> =0
2x-1 1-2x r=p=y=
=t ey
m 1+2x -m-1 —-m—2
X = =>y=
2 m
-m-1 1
—#_
o d cit (C) tai hai diéim phin biét A, Bnim 6 hai nhinh e % 2 o m>0
-
m<__
2 2

o d(A;TCN)d(B;TCN)= ‘%’ = —’i—(do m>0)

e a Ay Al Ay | =1
Détlchnaylamotsonguyent}u{ 2:>m1=1,'mz=2,(ml<mz).
m=

44. Mjt cau c6 tam 1a 0(0;0;0) va bén kinh R=5.
D& hai mit phang cit mit cau (S) nhw yéu cau d@ bai thi hai diéu kién sau phai thoa:
1. Tam cia mit cAu cach déu hai mat pha&mg.
2. Hai mit phéng déu cat mat cau.

3. Hai mit phéng khong duoc tring nhau: 2m-5#n+8 < 2m-n=13.
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45.

» P6i v6i dieu kién (1), ta chimg minh dwoc tap hop cac diém cach déu hai mat da cho la mat
phéng (P) cé phuong trinh (P) 12X =y +2z+m+ 12-1- + % =0.
Rorang Oe(P)= n=-2m-3.

= DGi v6i diéu kién (2), goi h=d(0;(@))=d(0;(8)), tacsd (2) @ h<Re h<5.
O day, ta c6 thé tinh h= d(O;(a)) hodc h = d(O;(ﬂ)), nhung ta nhan xét thay cé thé chon tinh

2m-n-13
= %d[(a) J(8)]= %w (18y mot diém bat Ki trén mot trong 2 mit, tinh khoang céch

tir diém nay dén mit con lai). Do khoang cach gitta hai mat phing (a),(8) ciing chinh la chiéu

2m—-n—13
cao h' caa hinh tru: h'=2h :L—--—-—-—I .

Xac dinh ban kinh 7 ctia giao tuyén giita mbi mat phing va mit cau (tic duong tron day cua
hinh tru): 7= VR 12 =25 K2 .

Thé tich ctia khéi tru: V = 7720 = n(zs —i? ).Zh .
= Xétham s V () =2h(25~ 12 ) = 2 (~I* +25h), v6i 0 < <5.
. , 2 , 5 . 5 .
Taco: V'= 27r(~3h +25) suyra V'=0<«< h=—-— (loai) hay h=— (nhén).

B 7
5 jz,@o_@,,,

Xét: V(0)=0; V[-— V(5)=0 suyra max v@):v[?j: 5001/3

.

\/3 9 116(0;5) 9
e Hh e K poe 1 53 » -
Véy thé tich khdi tru lén nhat < h = = = ‘Zm -n- 13[ =103 (ta thady ngay diéu kién (3) duoc

dam bao)
Budc 1: Goi 1, a Ian luot ban kinh clia mét cau va canh ctia hinh 14p phuong, ti

Budc 2: Tim nghiém ctia dao ham, tir d6 tim diém cye dai va gid tri cuc dai.

Ta c6 dién tich mit cdu va dién tich toan phén ctia hinh 1ap phuong la

_ 2
Smc - 47:r 4}5mc =2SIP 72'7'2 = 3112 el ﬁ = -—E—;- .
Sy, = 6a a7
2
2 (4 3 3
vV — Y 2 2 2
Taco K =| e | |3 | 16z fr | 16n” 27 88 ;1% .59 ChonD.
lap phuong a 9 a 9 a 4
A Sai vi nhAm »-————Vlap phuong
cau
Vv 3
B Sai vi HS quén cong thitck =— =T~ 93
lapphuong 4

C Sai kéthopca2y A vaB.

46. Mot: Diéu kién d€ d6 thi ham s ¢6 diém cuc tri A, B 1a phuong trinh ' =0 phai ¢6 2 nghiém phan

biét x;,x,.Chty 2 nghiém x,x, la hoanh d6 ctia 2 diém A, B.
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47.

Hai: Khoang céch gitta 2 diém cuctrila AB= V2. Ta ap dung cong thitc khoang cach

AB:\/(XB -XA)Z +(y3 _yA)Z

Tap xéc dinh D =R . Tinh dao ham y'=6x" —6(m+1)x+6m.

Ta thdy phuong tinh y =0 x> —(m+1)x+m=0 d& dang nhdm tinh duoc 2 nghiém
X =12, =m.

D6 thi ham s6 ¢6 2 diém cuc tri<> y' =0 ¢6 2 nghiém phén biét x;,x, < x; #zx, &S m=1.

Toa d cac giao diém A(l;Sm«l),B(m; —m® +3m2)

AB=V2 & AB? =2 (m-1) +(m-1 =2 (m-1 -1=0& m=0,m=2.

A | Childygiatim=0. |B | Childygidtri m=2. | C | giai phuong trinh v6 nghi¢m.

Bude 1: Thiét 1ap md hinh tinh todn trong hé truc toa d6 d€ tir 46 xdy dyng ham
Buwéc 2: Tlr ham xay dung dugc di dén viéc ap dung cdng thitc tich phéan tinh thé tich
Buwdc 3: Van dung kién thitc clia nguyén ham - tich phén d€ tinh tich phéan va dua ra két qua.

Ta xét md hinh sau:
' N |
L ALmAn : S il C(m;40)
s P

B(0;50)e(P)
Dit Ji = 2m(m > 0) (don vi la cm) va chon hé tryc nhir hinh vé. Khi d6 ta c6 { A(-m;40) e (P)
C(m;40)=(P)

10

- a=-——
c=50 "

v6i (P):y=ax® +bx+c = {m*a~mh+c=40 < {b=0

mPa+mb+c=40 |c=50

2
=>Y=— 10x +50. Ap dung cong thitc thé tich V = Zﬂj( 102 +50] dx
m?
2 " (131207)
7).m
Voo j 100x* _1000x +2500 ldx = 22 203; _ 1000 f_. +2500x | =
mt m? m 3 m? 0 3
Theo yéu ciu bai todn ta c6 V=6—5§g99£:>m=50:>h=100 (cm):>h=1m.
A Sai vi giai ra m =50, B Sai vi gidi quén céng D Sai vi nhdm qua cong thitc
quén nhan 2. thiee 6 dau “ 7~ tinh dién tich hinh phing
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48.

49.

Dat z=x+ i}/,(x,y € R) .

x=y

[ } x=y=1
—1l|+z-2|=Rez=Imz 2

=1 |[=Rez=Im QM\/sz—Zx+1+x~2) =0©L=y=—3

oz=l+iiz(l+2) =z f2f =]+i+2:3+i:>’z(l+;)l:\/ﬁ)_
o z=-3-3iz(1+2) =z 4[] =n3—3i+18=15—3i:>]z(1+;)‘=3J3—4

Daéy la bai toan lién quan dén tmg dung ctia ham s8 mii trong bai toan 14i kép.

50.

Tir dau thang 11 ndm 2017 dén cudi thang 9 nim 2018 tng cdng 1 11 théng.
Xét cong thire tinh vén 1an 1ai cta hinh thirc 131 kép: P(l + r)”
Trong do: P :s6 tién vén ban dau;

7 :1ai suét tinh trong 1 ki han;

n: s6 ky han guri;

0,
Nhu vy ¢ déy véi lai sudt ngén hang 1a 5,4%/ndm suy ra lai suét trong 1 thang la r = 5. 4%

; sO ky
hangtiila n=11 do anhLam gii theo ky han 1 thang.

Tiép theo, ta can tinh xem s& tién v6n 1an 13i rtt & diém cudi thang 9 nam 2018 phai 14 bao nhiéu thi
moi dit kha nang mua laptop.

Chiéc laptop hién tai c6 gia 23.000.000 dong, trai qua 2 Ian ha gia vao gifta thang 2 va gifta thdng 9
(vay anh Lam mua vao cudi thang 9 nén van sé duoc giam gid [an 2) s& c6 gia & thoi diém can mua
la: (23.000.000x 95%)x 95% = 20.757.500 (dong)

Vi anh Lam quyét dinh s& gép thém 4 triéu nén s6 tién rit ra & ngan hang t8i thiu phai 1a:
20.757.500 — 4.000.000 = 16.757.500 (d6ng)

Dén ddy, ta c6 phuong trinh saw:

o, \11
P[l + —rj—’{iﬁ] =16.757.500 < P.1,0045™ =16.757.500 = P ~15.949.970 (dong)

R& rang trong 4 phuwong 4n, chi ¢6 phuong an A: 16.000.000 1a dap ting yéu cau nay.

Nhén xét: Chiéu cao muc nuwde sau khi nhiing chim qua béng vao cdc ciing chinh 1a dwong kinh
qua béng. Goi r (cm) la ban kinh qua béng, xét diéu kién ta co: r > \/? ~ 3,99 cm , ngoai ra vi qua
béng bo lot chiée cSc nén r < 7cm (do vay ta loai duoc ngay cau B va D).

7r.72.4+—§.7r.r3 =1.7%2r & 1967r+%7rr3 =987r < i;-r3 -98r+196=0<r=~7,31 (cm) hay v~ 2,13 (cm)

Doi chiéu diéu kién ta co r~2,13 cm .

Sai vi nham lan duong kinh va ban kinh déy c6c.
71424+ g—.ﬂ.r?’ =7.14%2r < 7847r+~§7rr3 =3927xr

= %ﬁ’ ~392r+784=0<>r ~ 16,04 (cm) hay r ~2,03 (cm)

C Sai nhie B va khong xét diéu kién
D Giai dung nhung khong xét diéu kién.
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1 2 3 4 5 6 7 8 9 10
B C C D C B C A A A
11 il 13 14 s 16 1y 18 | 19 | 20
Dol D opoB B B el A LB A
21 22 23 24 25 26 27 28 29 30
C D C D A C C C A D
31 | 32 | s | 3 | 3 | 3 | 3 | 3 | 39 | 40
c ol | A A L pila D A [LD
41 42 43 44 45 46 47 48 49 50
B B A B D C B B B B

Coi lai phén 1y thuyét vé s6 phic. Tacod z=6-7i= ‘z‘ = \/62 +(—7)2 =+/85.
Vi tuyén cltia mit cau 1a giao ctia mat cu dd véi mat phéng vudng goc véi truc clia mit cau.
Buéc 1: Tim tap x4c dinh va tinh dao ham cta ham s6 da cho. Bwdc 2: Tinh gidi han va lap bang

bién thién.

XD D=R\{1}.Tacé: y'= >0,VxeD va lim =-2, lim =Foo.

1- x)z x>0 U
T —00 1 +00
iy’ + +
+00 -2
-2 —00
A Sai vi tinh sao dao ham B Sai vi tinh sai gi6i han b Sai vi tim tap xac
| vagi6i han. haibén x=1. dinh sai.

Ham s8 bac 4 trung phurong c6 duy nhit mét cye tri khi dao ham ctia né c6 nghiém duy nhat, nhu
v4y ta loai trit ngay cac phuong 4n A va B (trén thuc t€ dao ham ctia ham trting phwong la ham da
thizc bic 3 nén ta ciing cd thé loai trir dya vao déc diém nay).

K& ti&p con lai hai cau C va D thi ta thiy ngay ham s8 ¢ cau C khong thé nao la dao ham ctia ham

bac 4 trung phuong (dao ham clia ham tring phuong 6 dang y'= ax® +bx véi a#0).

y e A hat 12 ;
AB | Sai vi nhiam lin gitta f (x) va g (x) e Sai vi thdy nghiém duy nhat la chon ma
khong kiém tra kj ludng.

Buwéc 1: Nhic lai dinh nghia phén thuc, phan o, s§ phtic lién hop, toa do diém bifu dién ctia s6
phtic z.

Budc 2: Nhan ra ménh dé dung.

S5 phttc z=2-5i c6 phan thyc 1a 2, phian 4o 14 -5. Diém biéu didn1a M(2;-5).

| A | HS nham véi s8 phiic lién hop. | B| HSsai dang daiss. | D | HS sai diém biéu dién.

Xét phuong trinh mit phing (): Ax+By+Cz+D=0 véi A>+B*+C* %0
Néu A#0,B=0,C=0,D=0 thi mit phéng (&) chiza truc Oy .
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7. Budc 1. Tép xéc dinh D = R\{1009} . Bu6c 2. Tinh gi¢i han ctia ham s8 khi x tién dén vo cyc ta

duoc tiém can ngang, va khi tién dén 1009 ta dugce tiém can ding.

| B 1 Quén chia 2 khi tim x. ' C f Sai ddu va quén chia 2 khi tim x.

8. Tim diéu kién va giai diéu kién ctia ham s& Logarit.

x -1

X >0 x>0
Pbiéu kién ;/; >0 \/; = <x>1.
¥ -1>0 x>1lvx<-1

o e Sai vi chi giai diéu kién ctia mau va
B,C | Sai vi khong giai diéu kién cia mau. | D

quén giai can caa tu.

9. Dua vao tinh chat ctia logarit ta c6 dap an A sai do chua chéc b>0 .

10. Buéc 1: Nhic lai cong thire nguyén ham Jxadx va je“”bdx. Budc 2: Van dung va nhan ra dap an

dung.
F(x)—_[(-l——+e""')dx—«——e” +C
2
11. w=21+zz=—;12=2

} B ‘ Sai ddu hé s8 b ‘ C ‘ Nham sang tich

12. Buwdc 1: Tim dao ham ctia ham s6 da cho.

Buwéc 2: Ham s8 ¢ 2 diém cuc tri <> y'=0 ¢6 2 nghiém phan biét, giai im m.

TXD: D=R.Tacé: y' =3x* —6mx+12m .
Ham s8 ¢ 2 difm cwc tri <©y'=0 < 2 nghiém phan  biét

S A =9m-36m>0=me (—oo;O)u(4;+oo) )

A | HSgiaisai A'= 9m® -36m>0 < me (0;4) .

B | HSsai diéukién: y'20,VxeR < A'= 9m? -36m<0 < me [0;4] .

C | HSthay ty y gia tri me (—00;0) thoa diéu kién bai toan nén chon C.

13. Xétkhdi chdp tir gide déu S.ABCD ¢6 AB = a, O la tim ctia ddy
ABCD.

Goi M 1a trung diém AD, ta c6 SMO =((SAB),(ABCD)) = 45°

Suy ra SO =OM.tan45° =OM =%.

A 1 1a, a®
Vay Vs agep = =508 4gop == —8° =—.
3 32 6

A | Saivi tinh SO=0OM.tan45’ =OM =a
Sai vi nham giita gdc gitta canh bén va mit ddy.

B @2, _ a2
2

50 = AO.tan45° = 7

Sai vi nham gifta goc gifta canh bén va mit day, dong
thoi tinh sau ca AO: SO= AO.tan45° = a2

14. C6 2 cach lam 13 18y nguyén ham clia timg phuong an A, B, C, D. Hodc ldy dao ham tir ham s6 da

C

cho ctia dé bai.
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y:ln(Z—x):y': o

A Sai vi nham l4n qua dao ham (khong c6 cong hang s8 C)

C,D | Sai vi nham l4n qua nguyén ham (diing tteng phan)

15. Budc 1: Tir dién tich, tinh canh ctia tam gidc déu va bé“mg 2 Tan ban kinh, ddng thoi suy ra chiéu cao
htheor.

Buée 2: Ap dung cong thizc V = %7[1’2]’1 .

Goi 7 1a ban kinh ctia dudng tron day hinh nén, ta c6

(21’)\/5

= 2 {7’ =2
9 =4
2 3 h=23
- (2r) 3 —43 h
4
Khi do thé tich khoi noén la

|4 =%7zr2h =%7r4.(2\/§) = 87v3 (cms)

3
3

A | Sai vi tinh duong cao h=-~2-——\/§3V 2%7[7‘2;1:%7[4.<\/§)=

47r\/§
3

(=)

C | Saikéthop2y AvaD

D | Sai vi nham cong thitc ctia khéi tra V = zr’h = 873 (cm3)

16. Dinh nghia: Hai hinh H vd H’ goi 1a hai hinh b?ang nhau néu c¢6 mét phép doi hinh bién hinh nay
thanh hinh kia.
Heé qua, 2 hinh t dién dugc goi la bing nhau néu cac canh twong tng ctia ching bing nhau.

O day ta phén tich hinh 6 phuwong 4n B.

D C

|
]
A i B
1
i
C I
) S -
A a B

Phan tich sai IAm: xu#t phét tit viéc nhim 14n “thé tich bing nhau dan dén 2 hinh béng nhau” (trong
khi d6 2 hinh béng nhau thi thé tich béng nhau 12 mdt ménh dé ding!)

17. Dy 6 % nendit t=Inx.
X
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m
1
Ta co: I—J ng '[_ll‘_f._m bat t—lnx::dtwé—{, x=1=2t=0,x=m=t=Inm
x
Inm lnm 2
Khi do [=—— | tdt=— () _nim
In10 2In10 0 2In10
. 7 _ m 1 ) m 1 m 2 1
A | Sai vi dbi bién quén 6 can, din dén 1= [ 2834y = j Lt = (# )[ -
1 X In10° 2In10 1 2Inl0
Sai vi hiéu sai In“m = ln(m ) dan dén
B Inm Inn 2
= 1 J Hf = 1 (tz) _In mzlnmzlogm
In10 21n10 0 2In10 In10
D Sai vi nham (logx)'=(Inx)'= 1 hay trong qua trinh ddi bién quén lugng “In10”
x

18. Hai vecto a,b nguoc hudng khi va chi khi 3k e R* ca=—kb

Dé thdy véi phuong én A: ta c6 a= (1; ~2;1),I; = (~2; 4; ~2) =b=-2a. Chon A.
B Sai vi nham qua 2 vecto cung hudng
C,D | Nhiéu s8 thong thuong 2 vecto khdng cling phuong,
19. Bainay cac em dya vao ddu ctia y' d€ két luén dong bién, nghich bién ctia ham sd.
Tt bang bién thién ta chon dép an ding la B.
A | Sai vi ham s6 khong xac dinh tai x=-1.
C | Sai vi nhin nham d&u ciia y'.
D | Sai vi dung ki hiéu U trong treong hop nay khéng ding.

20. C6 2 cach lam thuong dung nhat d€ kiém tra sw dong phang giita 4 diém cho trude.
Cach 1: Tinh [E,ZE}XE =? va [ZE,ZEJZ—E =? (k& qua nao ra bang 0 thi suy ra 4 diém d6
déng phéng. Cach 2: Viét phuong trinh mét phing (ABC). Thay toa d6 diém D va E vao kiém tra.

B=(-1-3-1) (o [4B'aC]=(71-10)
=3;1;,-2 —_— AD=-14+4+10=0
Tacs | A= ) ., AD = (~2;4;-1) = Nl
AD=(-24-1)  |— nAE=-7-1+30%0
AE =(-1;-1;-3)
AE =(~1;-1;-3)
1
q=—
Ae(ABC) a+2b+3c+d=0 >
Cach khéc, ta c6 | Be(ABC) AP ad=0 } 4y o0 go L) =
Ce(ABC) ~2a+3b+c+d=0 ~10
c=—
21
= (ABC):7x+y~10z+21=0—2242) , 4 B¢, D dong phin
y (ABC) Ut i g p g'
B | Sai vi hi€u nham [E,E]E #0 1a d6ng phéng
21. Giai phuong trinh béc hai hé s6 thuc trén tap s§ phic.

232x2 + 245 —1+22 =0 6 A’=(\/g)2—2\/5(—1+2\/§)=—3+2\/—=—(1—\/5)2 =(i\/§—i)2.
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22.

23.

24,

25.

26.

=

_ 5+i(ﬁ~1)_ Jio, 2-

Z = W-——J_— == 2 i
Véy phuong trinh c6 nghiém 12 N2 .
‘*/g‘l(‘/i‘l) V0 2-42,
Zy =t — i
22 4 4
o 0 23] -5
4 4 8
A Sai vi chon nham nghiém B Sai vi x&c dinh sai phan 40 b Sai vi sai ca
ho#c sau d&u khi nhén. ciia 1 s6 phic. hai y trén.

Do hinh chiéu ndm trén Ox nén tung do va cao d6 ctia nd chic chin bﬁng 0. Loai ngay ba phuwong
an A,BvacC.

X=Xy +agt
Bai toadn tdng quat: Tim hinh chiéu ctia mét diém M (u,b,c) lén dudng thang A:iy =y, +bt cho
Z =2z + 0t
treede.
Goi N(x0 +at; Yy + itz + clt) eAla hinh chiéu cla M lén A.

MN = (xg +ayt ;g +byt —b;zg +cyt —c)
Ta tim toa d6 Nbéng cach giai phwong trinh sau: (xo +u1t—a)a1 +(y0 +b1t—b)b1 +(zo +c1t—c)c1 =0

2x-1
x+1

x=0=>y=-1

{A;B}=(C)nd = =x—1<:>2x—1:x2—1<3x2—2x=0<:>ii

x=2=y=1
Do % >x, :A(Z;l), B(O;—l)::xl—Zy2 =2+2=4.

A | Tinh nham bwéc cudi trong 101 gidi x) ~2y, =2-2=0

B | Tinh “nham” x, <x, = A(0;-1),B(21)= x, -2y, =2

D | Tinh “nham” x; <x, = A(0;-1),B(2;1)= y; -2y, =-3

Ham s xéc dinh khi va chi khi 22% 322 +1>0 & (x-1) (22 +1)>0 "7 72
xz1
. o Nham dé bai 1a ham bac 2 Nham dé bai 1
A | Nham nghiém képla-1/2 | B | | N C
va sai dau. ham béc 2

Can nhé lai kién thiic lién quan dén tiép tuyén ctia mat cau:
Qua mét diém n&m bén trong mit cau thi khong cé tiép tuyén ndo ctia mét cau.
Qua mét didm ndm trén mit chu thi ¢6 v6 s8 tiép tuyén ctia mit cau, nhiing tiép tuyén nay tao thanh
mot mat phéng tiép xtic v6i mit cau (tiép dién).
Qua mdt dim nim ngoai mit cau thi ¢6 vo s6 tidp tuyén clia mit cau, nhimg tiép tuyén nay tao

thanh mét mét nén tron xoay.
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Thay toa dd diém A vao v€&€ trdi caa phuong trinh mat cau, ta co:
2

(3—1)2 +(5—2)2 +(~—8+1) =62 > 49, nhu vay diém A ndm ngoai mat ciu (S) . Vivay qua A c6 thé

vé v0 s6 tiép tuyén véi mat cau.

k(l +tan® kx)
27. TXD: D=R.y' =————=? .
s tan? kx
A Khong tinh dao ham ham B Sai dao ham ham Iy thira D Sai dao ham
y=tanx. vaham y=tanx. ham liiy thira
b3
28. Budc 1: Tach logﬁ =z = log}/—i b ~logﬁ a® . Bube 2: Bién d6i dua vé co s a.
a a a
v 3 2 3 2 3 2
log —=log ;b" -log ra° = - = -
o a* S vb Jb Jo log,, \/I;—logh a log, \/l;—log{, a
a a a log,, — log, —
a a
TN S S S S
11 1 x-2 x-2 x-
|
x
1 ﬁ ==1 b
A 08_\@ 22 8.5 p
a a
29. Buwdc 1: Tim giao di€m clia d6 thi ham s8 véi truc Ox . Budce 2: Thiét 14p cong thikc tinh dién tich.
Giao difm cta d6 thi ham s6 y
2
x°-2x,x<1 1
= f(x)= vdi truc Ox la: 9
y=/(x) {k(x—l)—l,x>1 ' =2 -2
TH1: Néu x<1 giai phuwong trinh 0
2
X2 -2x=0x=0vx=2 nhan gid tri x=0.
TH2. Néu «x>1 gidi phwong trinh
-1
k(x-1)-1=0< x=k%1>l vi k>0(nhan).
kil k4l )
k 1 k
n " , . B fla _2 (k+1) k
Vay dién tich 1a S= E[ )f(x)‘dx—-b”x ~2x’dx+ { Ikx—(k+1)ldx_§+ T
2
~ (k+1)" & 1
2k 2 3
30.

Budc 1: Xét tinh lién tuc ctia hdm s8. Bwdc 2: Tim gid tri 16n nhét ctia ham s8 trén doan [—1;2:] .

Tacé lim f(x)= lim f(x)= £(0)=0 nén ham s lién tuc trén [—1;2] .
B x—=0"

x—0
- 3
3-2x ~, x>0 . . X = E
f(x)=12vx (2x+3) . Giai phuong trinh dao ham bang 0 ta c6 va diém dao ham
2x+1, x<0 X = By

khoéng xac dinh1a x=0.
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So sanh cac gia tri f(—l),f(l),f(()),f{%j,f(:;—] ta co M=—\1/——§~,m=:£:>]\/12 —m? :_5%3)2. Vay

73

2304
31. mit phing (P) cach déu 4 dinh A,B,C,D ctia hinh t& dién thi:
»  Ho#cmit phing (P) di qua trung diém cia ba canh cliing xuét phat tir mét dinh ctia ti dién. C6 bén
mét phang nhu véy.
= Hodcmat phéng (P) chita hai duong trung binh ctia t¢¢ dién. C6 ba mat phf?mg nhu vay.
Tém lai c6 7 mat phing thoa man yéu cau cta d@ bai.
32. Thoi diém vat dimg lai: v(t)=2500-5¢t=0=>t=500(s).

500
Quing dudng vét di duoc: j (2500 - 5¢ ) dt = 625000 (m).
0

33. Buw6c1l:Dat x= ftant te[—wz— —2—} tinh dx va d6i can.

Budc 2: Thay biéu thitc mdi, cAn mdi, bién doi va tinh toan.

Dat x=\/§tant,te[~§;gj:>dx: £l dt . Doi can: x:O:>t:0;x:3:>t=»73£.

cos“ t

=>m=7, n=-6=>m>+10n<0.

—6«/—

T
-1 £y Za-
20(\/~tant> +3 cos? t 2\/5
34. Cho ham s8 y = f(x) xdc dinh trén mot khoang v6 han (la khoang dang (a;+oo),(—oo;b) hoac
(—oo; +oo) ). Dudng thang y =y, la dudng tiém can ngang (hay tiém cén ngang) ctia 6 thi ham 8
= f(x) néu it nh&t mot trong cac diéu kién sau duoc thdéa man hm f(x) Yor ] hm f(x) Yo -

2 3
|| [14 5+ —mx _f1+2 +————m
Va2 +2x+3 —mx ~ im x xz — lim x 42

Xét lim

X—p--00 x+2 X—9-00 2 X—>—00
x
m lx‘ /1+ +—~mx 1—|—~2— %——m
vA lim X" +ax+ —mx im X x X x —1-m

+
X—>+00 x+2 [ J x—>+oo [ 2]
1+
x x
Dé&ham s6 c6 hai tiém can ngang thi —~1-m#1-m (thda véi moi m) .
Vay Vme R thi d6 thi ham s6 c6 hai tiém cin ngang.
35. Bai toan nay cac em khai thac tinh chat cia ham s& mit
Nhin xét: Néu a+b=1 thi

=1

4° 4 4”( +2)+4b (4ﬂ+2)_4a+b+2.4a+4a+b+2.4b
fa)+ £ (b)= i ahe2 (4”+2)(4b+2) C o404 14 04

Ap dung nhén xét trén ta c6
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5=f(20117]+f[§6%j+ ..... +f(§_g%}

siEaRE R AR e e

=1+1+1+...+1=1008

36. Ta co: f(x)—Zm+] =0 f(x): 2m—1. Xem phuong trinh trén la phuong trinh hoanh dé giao
diém gitra (C) Y= f(x) vad:y=2m-1 (d//Ox hay d = Ox)

Khi d6 dya theo yéu cau bai todn ta cé 1<y < f(0) e -1<2m-1<1<0<m<1.

A | Saivinha ?.m—1=—1<:> m=0
ai vi nham
2m—-1=2 ng—

B | Sai vi két ludn —1<y<f(0)©—1<m<1

C | Sai vi nhan ca 2 bién —1Sy$f(())<:>~1£2m~1£1<:>0$m£]

37. Goil I' Tan luot 14 trung diém AC va A’C’, suy ra I'l la truc * 7T <
ctia hai tam giac day. /
Dung dudng trung tryc ciia A’A cht I'I tai O chinh 13 tAm ""

mét cau ngoai tiép lang tru.

Bén kinh 1a OA =+OI? + AI% =3a

38. Dat canh khéi lap phuwong la x >0. V& AH vudng géc A'D
tai H.
Ta chiing minh dwoc AH vudng goéc (A’CD) (Phéan ching
minh danh cho ban doc).
Turdétacd AH=a=>x=a2
Th& tich khdi 1ap phuong 1a: 24542 D c

39. (1)Saiviphaila z; +z, = *k. (2) Sai trong trieong hop c6 nghiém thuec. (3) Sai khi ¢6 nghiém kép.
a

(4) Dang vi 4 nghiém ctia phuwong trinh 1a £1;4i nén 4 diém trén truc la (il; O) ;(0; il) .

40. Tim phuong trinh duong théng AB . Goi C' 1a hinh chiéu khi va chi khi CC' L AB.

x=1+3t
Phuong trinh AB 1a iy =-2+4t . Goi C'(1+3t;-2+4t;-3).
z=-3
R 4 o, 72
Khi d6 CC LAB<:>3(1+3t~1)+4(~2+4t+1):0<:>t:E.Vay atbre=—=.
o -4 nham hinh chiéu nham hinh chiéu ctia
A | Saivitimt=—. | B C
25 ctia B lén AC. A lén BC.

41. Goi A la s0 tién ban d4u can phai giti, theo dé bai md ta ta ¢6 phwong trinh saw:

A(1+8:100)° (149:100)" =5= A~ 3,341 ty
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42.

43.

[ A | Cong hai lai sudit lai | C | Khéng diidédwoc5ty | D | Nhilu thong thuong

S8 tién 6 duoc sau 6 thang dau: m(1+0,9: 100)6 .
S8 tién c6 dwoc sau 6 thang tiép theo: [m(1+0,9 :100)6 ].(1+ 1,2: 100)6

Theo d bai: [m(1+0,9:100)° 1.(1+1,2:100)° 230.0,8 <> m > 21,3.

A | Saivi cdng hai 14i sudt lai v6i tinh thoi gian 1 ndm

C | Saivi?21 chua du &€ mua.

D | Sai vi nhdm xe giam gia “con” 20%.

Buede 1: Tim ham biéu thi sy s8 lwgng clia mdi loai theo thoi

y
gian. Bwgc 2. Tim thoi diém d€ hai loai bang nhau. 2 A(3;32)

44.

45.

Theo dir kién dé bai thi ta c6 N, (t)=Ny2' (con) va Nift) =2 + o

N, (t)=2N, +6N,t, (con) t lathang.
B( ) 0 0 (\ ) & 20 Ny(2) =2

Thoi di€m d€hai loai bang nhau la nghiém ctia phuong trinh

N, (t)=Ng(t) < Ny2' =2N; +6N,t < 2" =2+6t .

D5 thi ham y =2 va d6 thi y =2+6¢ nhw hinh bén.

Tir d6 tasau 5 théng thi s6 lugng 2 loai 1a bing nhau. s

o X

w1
3+4i

w—i
3+4i

o
=4 < =4<:>‘w—z|:20

w=(3+4i)z+i:>—z—u~:i—_=z:>;z!-_-
3+4i 5

Vay tap hop bifu dién s8 phizc z 1a (C):1{0;1), R =20 . Khi d6 M=max’w|:20+’i‘=21
ay tap hop bieu dién s0 phuc z a( ) (, ), =20. [¢] m:min‘w|=20—|i|=19'

Sai vi nham qua Sai vi nhdm qua mé Sai vi nhdm qua médun

A C D

min‘w| =19 dun ctia maxlwl =4 cua maxlw| =2R =40

Phuong an 1: Chia hinh tron thanh 3 phan.
D6 dai dudng sinh ctia mbi chiéc nén cfing 12 ban kinh hinh tron ban déu, tie 16 cm.
Béan kinh ctia m&i chiéc nén sé béng 1/3 ban kinh ban dau, trc %—?(cm) .

_1_@)2 _322

Ta tim dwoc chiéu cao ctia mbi chiéc nén: 162 ~[ 3 3 (cm) .

Thé tich V; ctia mdi chiéc nén: V= —é—{ﬂ’(

3 3 a1 s (cmS) ~ 449,33(cm3)

1_6_)2}@=8192x/§

Tdng thé tich V ctia 3 chiécnén: V =3V, =1348,00 (cm3) .
Phwong an 2: Chia hinh tron thanh 6 phén.

Béan kinh ctia mdi chiéc nén sé bﬁng 1/6 ban kinh ban d4u, titc %(cm) .

, 2
Ta tim duoc chidu cao ctia mdi chiéc nén: 162 —[g] = @(cm) .
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8

2
Thétich V, ctia mdi chiéc nén: v, :%.(75.(—] ]@-—- 512435

3 81

3 4 (cm3) ~ 117,48(4:1113)

Téing thé tich V' cia 3 chise non: V' =6V, =704,89 (cn®).

46. Tap xacdinh:D=R g
B
Taco y'=3x2—6x; y'=0¢>3x2—6x=0®x=0;x=2 =
Ham s§ luén ¢6 CD, CT. !
Cac diém CD, CT cua do6 thi la: A(0; nmt —m +1), c |
B(2;m?-m=3) , AB=+2%+(-4)> =25 |
Puong théng AB cd vecto chi phuong 14 AB= (2;-—4) suy A
ra vecto phap tuyén ctia AB la n= (4;2) ma duong thang * ° S °
AB di qua diém A(O;m*-m+1) nén phuong trinh duong thing AB la
4x+2(y~1712 +m-1)=0«< 2x+y—m2 +m-1=0
2 —_
Ttr C ha CH vudng goéc v6i AB tai Hta cod: CH =d(C, AB) = |_n1\/71_1+1|
5
S\ 1ne =d(C, AB).AB =L b2 —m-+1] 05 =l —mr1l=7 | ™3
AABC o TR TR 2" 5 m=-2
47. Thay vi xét ca hinh nén, ta chi cAn xét mt mit ct clia né bang cach 14y giao tuyén ctia hinh nén va
mot mit phéng di qua truc hinh nén.
Mt cau (S) c6 tam 1(2;-1;5) va ban kinh R=13. B
Xét mot mat phang (P) di qua truc ctia hinh nén, giao tuyén A
ctia mit phang nay va mit cau (S) la tam giac ABC can tai
A (B, Cla hai tiép diém ctia hai ti€p tuyén ctia mit cau (S)
qua A).
Goi H=AINBC, ta nhan xét d6 dai doan AH va BH lan c
lugt 1a chidu cao va ban kinh ddy cta khéi nén cén xdc dinh thé tich.
— 2
Xét AAIB vudng tai B, ta c6 AI:]AI‘=21 =B 19 o272 gy 5217
IA 21 21 21
The tich ctia khéi chép: V = %ﬂBHZ.AH ~1413,82.
Hoc sinh chon chiéu cao khéi nén la Al va ban kinh ddy 14 ban kinh mit cau:
A 1
Vv =§7L'R Al =11837 .
C | Khéng binh phwong BH.
D | Hoc sinh chon ban kinh ddy cta khéi nén 1a ban kinh mét cau.
48. Goi a (cm) la chiéu dai canh ctia khéi tir dién thi 2a 1a chiu dai canh miéng bia.
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azf (sz ); D

Sapc =
d[ D;(ABC)|=VDB* -OB* =
1 6 azx/gz a

= V =—.a—.
DABC Sa 3 4

3
i 1\2/5 = }—6—5\@— Sa= 4(cm) suy ra do dai canh miéng bia 12 8 cm.

{ A ' Sai vi nham 1an gifta canh kh6i tit dién va canh miéng bia.

Ta co:

49. Day la bai toan lién quan phuong phap tieng phan va két hop chon hésé C.

_ cosx—2sinx

u:ln(sinx+2cosx) du=— dx
Pit iy = sinx+2cosx ) (& day chon C=2)
v_coszx x v:tanx:smx+ cosx
Ccosx
z
. ﬁ 4 . e
I= Slnx+2cosx.ln(sinx+2cosx) 4_~J'smx+2cosx.c?sx 231nxdx
CcoS X 0 0 cosx sinx +2cosx
z z
4 4
=31n3-zln2—j dx+j3%x
2 5 o Cosx
z z
4 4 z z
=31n3~zln2—J dx—ZJ.Mz?;ln?;—z]nZ—x 4 +2Inlcosx!l|4
2 0 o Cosx 2 0 0

=3n3-2n2-Z = a=3b=2;c=1
2 4 2

50. Ham s8 thé hién s6 cé trong ao & cudi thang tht t: y =300.2" (£0)
Yéu cau dé bai: 300.2° < 3000¢+1500 <> 2 —~10t-5<0. (1)

Xétham 6 f(£)=2~100-5. (t>0)c6 f'(£)=2'1n2-10.Tacé: f'(£) =0 ¢ =logy = >~ 3,85.
n

X 10
0 log, — +00
82102
y -] 0 +
y +00
—4 \ /
- 29,08

Vay ham s6 nghich bién trén [O; log, E—J va dong bién trén (log2 10 ; +ooj .

In2 In2
Dua vio bang bién thién, ta c6 thé thdy duong théng y = 0 cit d6 thi ciia ham s6 £(t) tai mot diém
duy nhat.
Dung MTBT tim dugc nghiém £ ~6,03.
Diéu nay c6 nghia 1 & thoi diém cudi thang thix 6 thi s lugng c4 trong ao van ndm trong mtkc trong
phép. Do véy & trong thang thiz 7 thi bat dau xay ra tinh trang sd c4 vueot ngudng quy dinh.
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DAPANBE 1S

1 2 3 4 5 6 7 8 9 10
B D A C C B B D C D
11 12 13 14 15 16 17 18 19 20
A B D A B c | A B | D A
21 22 23 24 25 26 27 28 29 30
D C B B C A D C D B
31 32 33 34 35 36 37 38 39 40
A A C C C A D A c C
41 42 43 44 45 46 47 48 49 50
D A A B B B B D D D

1. Thuyc hién phép cong va trix cac s& phic.

Z =2y +2, :a+b—(c+d)i+a+c——bi~di=(2n+b+c)~(c+2fl+b)i

‘ ACD ‘ Sai vi nham dé&u, quén pha d4u ngodc, dua vao ngodc sai dau.
2. z=-ltimz=-l-i. o=z+l+i=-1-i+1+i=0
|A [Nhimz=1-i |C [Nham z=1+i |

3. Bai toan vé phuong trinh mii co ban.

537348 _ pp2xtl oy gx°-3x48 _ pixe2 :2 Vay §={1;6}

2 _ 2 o x
Sy -3x+8=4x+2 > x* -7x+6=0<
X

2
B Saivi 5¥ 38 Z 052 s 32 331 8=2x+1

4. Nhiclaibd 3 cbng thitc quan trong voi khéi non cé ban kinh day la r,

chiéu cao h, duwong sinh L 1a:

V= %nrzh, Suq =L, Spy =Sy + Sy = 7L+ 77"

Véhinhtacd V = —;—m’zh = %m‘zh .

A Sai vi nham gitra ban kinh va dudng cao

B Sai vi nham cdng thitc v6i khdi tru.
D Sai vi nham két hop 2 15i sai ctia A va B
5. Budc 1: Nhic lai cdng thite trong tam tam giac ABC. Budc 2: Nhan ra dap an dang.

Cdng thitc trong tam G cua tam giac ABC la G[xA a XSB Bl ; L yBB e ; Fat Z;’ i ) .

6. A, C D dang. Cong thitc B sai vi can diéu kién m=0.
Budc 1: Tim dao ham. Budc 2: Xét ddu dao ham, 1ap bang bién thién.

x=0
Téap xac dinh D =R . Tinh dao ham y'=4x3—4x ; y’=O©4x3——4x:O® x=1 .

x=-1

Léap bang bién thién, ta suy ra ham s6 dong bién trén timg khoang (-1;0)
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A | Saivi y':—-gz—<O,Vx¢0 C | Saiwvi y’=—3x2£0,‘v’xe]R D | Saivi ¥'<0,VxeR
X

8. Budc 1: Xac dinh d&u ctia hé s6 a. Bwdc 2: Dao ham va xét ddu cia dao ham.

Tacé dfu ctia a=-1<0.Tacé y'=-3x* +6x-3= —3(x—1)2 <0,Vx € R nén ham s6 nghich bién.
9.  Budc 1: Nhic lai céng thirc nguyén ham J.am'”"dx va jsin(ax +b)dx .

Buwdc 2: Vin dung va nhan ra dap an dang.

L 2% 1
P(x) = '[(2 +sm2x)dx =———-—cos2x+C.
In2 2
10. Cau hoi ndy yéu cau cac em ndm vitng phan ly thuyét cia bai tinh don diéu ctia ham s6.
11. Tacé AC=AB+AD=(1;2;2)=C(1;2;2). Laic6 AA'=CC'=(2;3;0)= A'(2;3;0)
12. Budc 1: Dt z=x+y.4;x,y € R. Nhéc lai dinh nghia mb dun ctia s6 phtec. Buéc 2: Suy ra tap hop

diém.

bat z=x+yix,yecR=>z=x—-y.i.Tacd:

‘z—1+il=’gl¢:>1x+y.i—1+i[=lx~y.i’<:>[(x—1)+(y+1)i‘=‘x—y.i[

<:>\/ x 1 y+1 \/x2+(~y)2 & -x+y+1=0.
Vay tap hop diém M can tim 1a duong thing —x+y+1=0.

_ 1 1.
_ _ F . e Y=————i
A HS rhm ]z~1+i|:‘z‘c{z 1+i=2z C{xwtyz 1+i=x-yi - 272"

z=l4i=—z |x+yi-l+i=-x+yi et 1

13. Tacé OA=2j-k;OB=i+j= A(0;2;-1),B(1;1,0)= AB=(1,-1;1)
14. Bai toan vé 14p phurong trinh m3t phéng
Truc Ox vécto don vi i =(1;0;0) . Mt phéng (Q) ¢6 VIPT ng =(1,1;2).
Mat phéng (P) chtta truc Ox va vudng goc véi (Q):x+y+z-3=0nén (P) c6 mot VIPT
ﬁ:[?,@] =(0;-2;1).
Phurong trinh mit phing (P) la: 2y +z=0<2y-z=0.
15. Budc 1: Tim dao ham cip 1 va 2 clia ham s& da cho.
f'(x0)= 0
F(%)>

Buwéc 2: Tim nghiém ctia dao ham va st dung diéu kién { dé€ tim cuc tiéu.

TXD: D=R.Tacd y'=2(cos2x-sin2x) va y"=4(-sin2x - cos2x)

Xét y'=0 < 2(cos2x —sin2x) =0 <> cos2x = s1n2x<:>x—-%7—r~+%k Z.

Xét y"(%+knj=4ﬁ>0 do d6 ham s6 dat cuec tiéu tai x:—_%@+k7r,kez.

A | Sai vi nhAm véi diém cuc tri.

C | Sai vi nham v6i diém cuc dai.

D | Sai vi nham khi giai phwong trinh dao ham ma quén chia 2.
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16. Nhan xét: dé ¢6 duge x=-1 la duong tiém can ding thi “diéu kién can” la mau phai chira don
thirc (x+1) (loai A va D). Dung dinh nghia ctia tiém can dtng dé kiém tra ddi voi 1 trong 2 phuong

anBvaC

2 x-1)(x+1
Xétphuong anB: lim y= lim et lim (—————l(—%—-——l = lim (x—l) =-2 (ktm)
o) ao(ent XLyt xl wo(-1)"

Dén day ta thay B khong thoa nén ¢6 thé chon C.

A | Sai vi nham qua tiém cén ngang va “khong can than sap xép hé s8”

B Sai vi “v6i vang” két ludn nghiém ctia mau ma chua kiém tra gidi han mot
bén ctia ham da cho

D | Sai vi nham qua tiém cin ngang,.

17. Diéu kién du la c6 diém di qua va vecto chi phuong. Chi ¢6 y (2) 1a du d€ viét phuong trinh duong
thing A.

18. Tinh chat ctia 8 phitc bang nhau.
Goi w=u+vi,u,veR thitacé mdilién hé u? —v% =a va 2uv="b.Do d6 cu A,C,D sai.

Tacd w? =z=

wz’ = ‘z| = ‘w'2 = lz| = ]w' = \/|_z_| . Chon dép an la B.

‘ B,D l Sai vi tudng la cén s§ phitc gidng s8 thuec. ’ C ! Sai vi nham z2 =w.
19. Tacé: y= ln(x2 —4) =>y'= sz .Chon D.
x“ -4
A | Sai vi nham cach tinh gitta dao ham v6i nguyén ham: y'= 22 * ic
x° -4
Sai vi nham y = 1r1(x2 ~4): y' =~—2-A-’——-,dv =dx=>v=x
x% -4

B 1=x1n(x2—4)—zj sz4dx=x1n(x2_4)—2f{1—%[;—1—2—~x—1§ﬂdx
- _

:>I=xln(x2—4)—2x+-1—1n 20
2 x+2

C Sai vi theo két hop 2 v A va B!

20. Bai todn nay yéu cau cdc em nam viing ly thuyét vé tinh don diéu ctia ham s8. Chon dap 4n A.

21. Chay tép xac dinh ctia ham 16garit va ham can.

N=1 2 a1 N
Ta cd diéu kién {9"3 >0<::>{3 >3 @{2> X 1@{5>x

. Vay D=[1;5) tir d6 ta 6

x-120 x21 x21 xz1
H=b-a=4.
22. Bai todn nay lién quan dén thé tich ca khéi lang truy.
BC L AB
¢ = BC 1 A'B.Suy ratam gidc A'BC vudng tai B
BC L AA'

Géc gitta A'B va (ABC) 1a A'BA=> A'BA=30"

25,40 2
Ta cé: Sy ppe = %A'B.BC = AB= —I%AEEQ 203 _ 2043
a

Xét tam gidc A'AB vubngtai A, tacd
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23. Tacd V,cpp = Vapcp.amcn «(VB,D,C,C +Vgcpa + Vapsa + Vooe A)

AB = A'B.cos ABA’ = 2a\/3.c0s30° = 3a4; AA' = A'B.sin ABA' = 2a+/3.5in30° = a3

\/‘“ 3(13\/—

, 1 ,
Vapc.apc =Sapc-AA'= —2~.AB.BC.AA == 3;,

. AY A i A z — !
A | Sai vinham véi cong thitc Vype 4pcr = gSABC AA

B | Sai vi nham cong thitc Vpc 4 5 = Sapc-AA' = ABBC.AA'

Vlupphuong _ Vlapphuong =3V
6 - 3 = lapphuong —

=V= Vlapphuung —4

1

ngup phuong = Vlapphuong =6V

A | Saivinhamlan V,cpp =

Sai vi Vyeppr = Vigphuong ”’(VB'D'C'C +Vpcga tVappa +M)

Vlaphpuong _ Vlapp/mong

= VACB'D' = Vlupphuang - 6 - 2 = Vlapphuong =2V

D | Nhiéu s6 théng thudng (nham V chinh 14 thé tich cta hinh 14p phuong)

PAP AN PE SO 15

2 2 2 2 1 1 1 1 1
2 _p2 2 4p2 L 1
24, Tacé: A=—2 ﬁ - ”i =a2 —b2 —g2 b2 =-2b2
+(ab)2 +b a-(ab)2 +b
3 3 3 3
Cam _— a? —b? a? +b?
Cach khac: vdibai toannay tacé thé chon a=1,b=1 d€kiémtra A= = =2
+(ab)2 +b  a—(ab)2 +b
1 1Y? .
Cos i R 1 A s
A | Sai vinham 2b2 véi | b? | . C NHRAm d&u nén tinh thanh 2a2 D | SaicaAvaC.
25. St dung cbng thiic tinh thé tich ctia vét thé tron xoay.
2
Tacd V= ﬂj dx ﬂ'J.( ) dx+7rj.( ) dx = 72‘_[( ) dx+7zj( ) dx.
A Sai vi nham cong thikc tinh B Sai vi khong hi€u 16 cach D Sai vi khong d€ y
dién tich. cho ham sd. cén tich phén.
26. Buwdc 1: Dya vao thiét dién qua truc la hinh vudng, suy ra chiéu cao va ban 0 »

A

kinh d4y.
Buéc 2: Tinh thé tich khéi try.

Thiét dién qua truc la hinh vuéng ABCD c¢6 duong chéo AC = 411\/5 .

Suy ra hinh tru c6 chiu cao h = AB = 4a, ban kinh day r=%=2a.

Thé tich kh6i tru V =Sy, h = 7.(2a)" da=167a".
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27.

28.

29.

30.

167a°
3

\ 1 1 2
B | HSnham V = =S, =—§/7.(2r1) 4=

C | HSnham V =S, /i = 7.(4a) 4a = 647a’.

ddy

3
D | HSnham V =28, =+ 7.(4a)" 4a = 2222
3 Yy 3 3
Str dung cong thitc dao ham: (1.v)' = u'v+uo' va (3” ) =3"In3u' = y'=3"" +x3" ¥ In3.cosx .
Sai vi quén dao Sai vi nham Sai vi nham
A 1 . C 3 A D u H_
ham sinx. (sinx)'=—cosx. (3 ) =34y

Ta giai bai toan ¢ dang tong quat.

Goi R, H Ian luot 1a ban kinh va chiéu cao ctia khdi nén.

Goi r, h Tan luot 1a ban kinh va chiéu cao ctia 6ng tru.
Theo hinh bén ta cé déang thirc sau: ’E = HI; L =>h= -lg—j—H
(511g tru chita dwgce nhiéu hat nhat khi thé tich 6ng 16n nhét.
r? (R - r)

RH

Tacd V=nr’h=x

Khao sat ham trén ta thdy V 1on nhét khi r = —i—R; h= %

Dién tich phan véat liéu lam bé mét chinh la dién tich xung quanh

cia  khdi nén va bang 18z (cm2 ) . Suy ra

AR =87 < RVR? + H? =8 <> RVR? +3R? =8 = R=2= H =23

Thay s6 vao ta duwgc maxV = 6,45(cm3).

A | Nham sang dién tich toan phén.

B Nham gitta dwong cao va ban kinh.

D | Nham sang dién tich toan phén va nham gitta dwdng cao véi ban kinh.

Ghép cip cac gia tri ddu cubi va tim quy luét.
log, a log,b _ 2log,alog, b+log,a+log,b
log,a+1 log,b+1 log,alog, b+log,a+log,b+1

, N ' P 1 M
Ta c6 nhan xét: Néu ab:z thi f(a)+ f( )

1 R . 21 log,b-2 ¢
log2a+log2b=log2ab=1og21=~2.Thayvao ta co f(a)+f(b)=_-l%gém22‘:”%gg—22j—-:2.Ap dung
s=[ £(271%)+ £(22%) ]+ [ £(2%2) £(27) [ £(22) 4 £(2°)]
nhanxéttréntacs: o, 5, 4242198
99 lan
o N Sai vi d&m nham 100 Sai vi dém
A Sai vi dém 99 lan va chon. | B | C o N
Tan va chon. nham 100 lan.
TCD:x=3=d({M;TCD M;Ox)=1b
Ta cd ME(C)©b=£ﬁ([I¢ ) reo= ( ) i 1 ( x) H
a-3 TCN:y=1=d(M;TCN)=|p- ; d(M;O0y) =ld
ycbt <> |a—3|+|b—1| =|b|-|a| (gidi phuong trinh ta duoc a—g b=—%)
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N SN gen A 3 \ a 2 - 1 7 . Y N . ~ 2 ~
31. Budc 1: Vé so lugc d6 thi va tiém can cia ham sd y = -x—z . Bwdc 2: Tinh tién d6 thi d€ thdéa man
X+

yéu cau.

P& hinh (H') 6 tiém can ngang 12 ¥ =3 va c6 tiém o
can dung x =-3, ta tinh tién (H ) song song voi truc .
Oy 1én trén 1 don vi, sau d6 tinh tién song song vdi y .
truc Ox vé bén trai 1 don vi. ;
C | Sai vihsxac dinh TCD cta g6 thi (H) lax=2

32. Dit
[ 2 2
t= _____x+1:> _t2+1:dx:— 4 dt;(tz—l) 4 5
x~1 - (t2 1 (x—l)
20172017 1
Tich phén trérthanh I= [ ~#dt =—-(2017%%" - 20169 )
20162016 3

33. Goi I la tdm mit cau néi tiép tik dién déu (day ciing 1a trong tAm cla t& dién) = I (% ;—g— ,-i—]

Goi phuong trinh mét phéng (ABC) tax+by+cz+d=0 (az +b? +c% > 0)

Ae(ABC)a  (33-3b+c=—d a=1
Khi dé tacé {Be(ABC) =ic=-d —=1 , b=1= (ABC):x+y+z-1=0
CE(ABC) -3b+4c=~d c=1

Xét r=d(I;(ABC)) J_____,..., =22

N1+1+1 2

Cdch khdc: Chiéu cao h tit dién déula V =

AR A AR
A Sai vi nham mgt cdu noi tiép thanh mit cdu ngoai tiép.

Sai vi thay toa d6 A, B, C thoa nhung toa d6 S khong thoa.

(phuong trinh ctia cau D “gai boi dinh méi E(-1;-4;0) gy nhiéu !

D

34. Goi z=x+yi(xyeR). Taco [z+1-5i|=[z+3-i| < |(x+1)+(y-5)i|=|(x+3)- (y+1)i]

@(x+1)2 +(y~5)2 =(x+3)2 +(y+1)2 o x+3y=4

2
Mt khéc |z—4-10i =|(x—4)+(y -10)i = (ac:_é} +(y-10)° =105 ~20y +100

"‘3]/

(s&t dung MTCT hodic [10(y—1)* +90 >3J10 = "=" xdyrac> y=1=x=1=z=1+i

Thay w =522 —4z=5(1+i)’ ~4(1+i)=—4+6i . Phan 4o cia W 1a 6.

Sai vi nham chwa d6i ddu phan L L .
A B | Sai vinhdam theoy AvaD. | D | Sai vichitinhra z.

N
4o ctia sO phtic w.
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35.

36.

37.

Tacd {BCLAC

= BC L(A'AC)=>BC LA'C
BC L AA'

Goc gifta (A'CB) va (ABC) la SCA = SCA =x,(0<x<%)

Khi d6 AA'=asinx, AC=acosx

: 2 2 3
A 1 , asinx a“cos”x a .
Vay V. =—AA'S SasmY 2~ o sinx.cos?x
A“ABC T3 ABC 3 o 3

. s . . 2
Xét ham s6 f(x) = sinx.cos? x = sin x (1 —sin” x)

Dit ¢ =sinx,t e(0;1) thi f(t )—t——t3

Ta co: f'(t):]—3t2—f—m-=—9—>tzi.

J3
1

Lap bang bién thién, ta suy ra max f(x)= max f{t)= f(——]

X€| O;Z ( ) fE(O;l) ( ) \/g

3
Suy ra gid trj 1on nhét ctia thé tich 1a V4. 4pc = ”_27\/_5.
Bai toan lién quan dén nguyén ham ctia ham phan thirc hitu ti
3x-4 3x—4 Sx 4
J 2 = J. _,[ dx
21315 (x- 1)( ] 1)(2x+5)
2
3x-4 A B 3x-4  A(2x+5)+B(x-1)

Can fim A va B sao cho: 7o Sy 1 aees  (ro1)(Zee5) | (x-1)(2x+5)

= 3x-4=A(2x+5)+B(x-1) <>3x-4=2Ax+5A+Bx-B < 3x~4=(24+B)x+5A-B

1
A=-=
BV . 2A+B=3
Dbng nhat 2 v& ta ¢6 hé phirong trinh: = 4
ClsA-B=-4 |, 23

3x—-4 3x—-4 1 3 1
:I2x2+3x~5dx_j( 2x+5 J( 71" 7'2x+5}’x

Y +23 ! dx=——1n\x—1|+——1n’2x+5\+€:>m=—l,n=g—§
7 x+1 7 42x+5 7 14 7

Xac dinh thiét dién va tinh dién tich, cht y céc tinh chat clia
b4t dién déu.

Ké BG,BH lan lwot cit EF, AC tai I,] nhw hinh v&, suy ra
I,] Tan luot 1 trong thm AEDB,AADB. Dudng thing I]
cit EC,AF I4an luot tai K,L. Ta cé hinh “kim cuong”
BKGHL 1a thiét dién can im. Ta 6 GH//KL//AE//FC
nén tam gidc BKL cntai B va hinh thang KLHG can.

Ta c6 GH:%:E va KL=AE=a.

]
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B
BK = “*F &
36 3
Vay hyprx —,fBK2 LK a\/ﬁ'
4 6
, 1 u\/ﬁ
Tacd hygpe = 'z“hABKL TR £ K c
1 1 7219
SpxeHL = Saskr, + SkreH = EKL'hABKL +E(KL+HG)hKLHG =g

38. Bwdc 1: Rat gon va tinh giad tri log A (aﬁ%):m. Budc 2: Thay vao, rit gon va tinh

Clog\/;(log\/;(llﬁ%)) .

11

Tacé log (11\/5%/2) =2log, [a.bz.cg} = 2[10&1 a+~;—log,Z b+§~logu C:l =9

3
. Clog%(log\/;(ux/?\/?)) _ 9859 _ 210g,9 _ (Clogc9)2 L9 g

11
log - (g\/EQ/E) =%logﬂ [a.bz.c3]=~;{loga a+—;-10gu b+—;—1oga C:] :Z—

B 1
= 1
3 9 1, 9 93 1
- Clog\/g(log\/ﬂ“(ﬂ«/g«/;)] =Clog\/EZ :Cilogcz :[Clogch z(%Jz =%.
11 11
logf(a\/_x/—)——loga ab?.c3 E}:logﬂ(ﬂb <)
C
log | log abde 1 3
:%[logﬂa+logab+]oguc]=3:>c ‘/;( JE( D:cog‘/z =83 =g,
39. Tacé 42000 =2000e*® = 4= 1‘1; . Talai ¢6 10° = 2000e™ = 5100'115 ~2463,44 .
n
40. Bai toan nay lién quan dén khoang cach gitta hai mit phéng.
, -1l
Tac6 (P)/1(Q),0(0:0;0) € (Q) = d((P).(Q)) = 4(0,(P)) = e
1,11
a? b2 2
Ay 38 A s 11 1 1
Theo bat dang thitc C6 ~ si ta ¢ —+—+— > 33}———
@ v A2 a?b*c?
Taco 3=a? +b2 +c2 > 3Ya?b2c? = L +~}—+ lise 1,115
ﬂ bz C a2 2 2

Do dé d(O,(P))Si.Dé'ubéngxéyrakhi =t =?=1=a=b=c=1=a+b+c=3

V3
41. Phuong trinh hoanh d6 giao di€m cfia d6 thi va truc hoanh:

X2 =3x% ~9x+m=0< x> —3x2 —9x =—m (1)

324



ON LUYEN PE THI TRAC NGHIEM TOAN 2017 DAP AN PE SO 15

42,

43,

Phuong trinh (1) 12 phuong trinh hoanh d giao diém ctia dudng (C):y = x> -3x* - 9x va duong
thing d:y =—m. S8 nghiém ctia (1) béng s8 giao diém clia (C)va d.

y'= x=-1 =5
(C):y=x3—3x2_9X3l/'=3x2-6x—~9 y'=0 X =y
) x=3=y=-27

D€ phuong trinh ¢6 3 nghiém phén biét thi yor <y, <yep © 27 <-m<5& -5<m<27

D06 thi ham s6 chi ¢6 mét tiém cén ding khi x =1 hodc x = —m la nghiém cta t& thic.

TH1 x=—m: m* +2m + 2m = m* +4m=m(m +4).Tacé m(m+4)=0<:>m=0\/ m=-4
TH2 x=1:1-2+2m=-1+2m.Tacd: ~-1+2m=0< m:%.

TH3: m=~1 (ctng thoa mé&n).

\B [Sai vi chi xét TH1 lc |Sai vi chi xét TH2 }D |Sai vi chua xét TH3 |

Bude 1: Gia t6c am thi vét di chuyén chdm dén. Bwdc 2: Tim khoang nghich bién ctia ham s8 o(t).

44.

45,

46.

Ta cé v‘(t):tz -3t+2.Xét v(t)=0< t=1vt=2.Tacobang bién thién:

t 0 1 2

ot

- 0 +

(=] e <o
>l &

(t) / \ 2 /

0 3

‘ B ’ Sai vi nham nhanh dan. ’ C ] Sai vi nhdm nhanh dan. ’ D ‘ Nhiéu théng thueong.

x<l

t<-1
Diéu kién: x>0.Dat t =log, x, phuwong trinh trd thanh —1t2 +1fl-t+ 520 = 2
3 3 t>
x = 32768

So diéu kiéntacd § = [o;ﬂ u[32768,- +oo) .

‘ A \ Moéi giai ra t, chua tim x ‘ C } Bién d6i sai phuong trinh } D l Chua so diéu kién
Diém A(1;0;0) A khong thoa phwong trinh dnén A khéng tring d.

1

_ _ 1 Y=
g X1 2y-1 ozl g x-1 7 9 z+l

-2 2 1 -2 1 1
D¢ d song song A thi m_ntl =1::> m=-2n=0.

2 1 1
[ A | Nham VTCP ctia d \ C \ Nham VTICP ctia d va vi tri m, n [ D ] Nham vi trf m, n
U=7x du=dx )
Dat o= 2007 g, = o 1 2007 Ap dung cdng thirc tich phén tiing phan, ta tinh dwoc:
2017

1= 27 (2017 -1)-20162" |

20172
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47,

48.

49.

50.

Mit cau ndi ti€p khoi lap phwong c6 duong kinh chinh la canh hinh lap phuong doé.
Canh hinh 14p phuong: 4 (cm) suy ra ban kinh mét cau: 2(cm). Dién tich mét cau: 472% = 167z(cm2 )

t A ] Sai vi chua chia hai tim ban kinh. ’ C \ Sai vi nham tinh thé tich kh&i cau. \

Buéic 1: Tim giao diém ctia d6 thi véi truc Ox .

BuGc 2. Thiét 1ap cong thitc tich phén dé tinh dién tich.

x% + 247
X —

Giao diém vdéi truc Ox la

0
x3+2x2}d ¢
X =

S=_J.2 x-1 -[

-2

=0<> x=0vx=-2. Viy dién tich hinh phing can tim la

3

(x2+3x+3+iljdx

x® 3x? ’ 8
= —+—+3x+31n’x—1l =—-3In3.
2 >, 3

Sai vi tinh nhim
Sai vi khong dat gia Sai vi giai ra hai
A . Nfg TES | 3,52 C o 8
tri tuyét doi. H(x +2x )Px nghiém x=2,x=0.
-2

2
Budc 1: Bién d6i 42 + 4b% = 12ab < o +4ab + 4b* = 16ab < (“ “fbj =qb.

Budc 2: LAy logarit co s8 2017 ca 2 v&, bién d6i ta c6 dang thirc D.

2
2% +4b? =12ab < a° +4ab + 4b* = 16ab < (a+2b)2 =16ab < (mfb] =gb

2
a+2b
< logyy [T) =logyy7 (”b) < 2log,n7 (’1 + 2’7)“210532017 4 =log,gy a+10gy7 b

1

< logygy (“ + Zb)~210g2017 2= '2“(1082017 a+10g5017 b) :

ZZ—ZZ+5=O®(Z—1)2+4=O¢> Zl=1~21.:>A(1;—2) |
z :1+21:>—22=—1—2z:>B(—1;_2)

Do d6 toa d6 trung diém I ctia doan théng AB1a I (O;—Z).

B Sai vi nhim = A(~2;1);B(—2;1) C | Saivinhadmldy A,B cua z,z,
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GIAI AP CAU HOI

Loi giai: Hinh hop can tinh ¢6 day la hinh vuéng MNPQ (d6
dai canh hinh vuéng nay chinh 1a AB) va chiéu cao AM. Goi

O la tam dudng tron. Ta cé goc & tim AOB =%” =~;5.
Ap dung dinh 1y cosin vao tam gidc AOB ta tinh dwgc © ¢

AB=20y2-2.
Mit khac, tam gidc AMH vuéng can tai M, suy ra

AM=10V2y2-2 .
Thé tich kh&i hdp la: v = AM.AB? = 4000(2_\/5)\/44& .Pép an C.

Nhién xét: Phuong an A 1a do nham kh&i hop 1a khéi 1ap phuong. Hai phurong an B va D 1a nhiéu s6.

********************** 6m

Loi giai: Khoang khong gian phia trong léu 1a 16n nh&t nghiala Ve 40 pic: ——>max .

s _ _ yebt
Ma Ve arper =hSpapc = 125440 ——>Spapc —> Max

Matkhdcg - %-AB.AC.sin £BAC = —;—3.3.sin LBAC < %.3.3 = %
Do d6, dién tich 16n nhat khi tam gidc ABC vudng can tai A, tit d6 suy ra x = BC = 3v2 . Chon D
Loi giai: Tap xac dinh: D = [1; +o0)

y:(x7+7x4—4)(«/§+\/xT1)3:>y‘=(\/§+m)3[7x6+28x3+%{%+ ! )(x7+7x4—4)}

20,Vx21

Do d6 ham s8 dong bién trén [1;+0) = min y = f(1)=4.ChonD

xe[l;+w

Loi gidi: Thoi diém 6 t6 A ding laila: 16-4t=0=>1t=4

IS

Quéng duong 6 t6 A di dugce dén lac ding lai la: 5= J'(16 ~4t)dt =32(m) -
0

Suy ra 6 td A phai céch 6 td B 1a mot khoang la: s+1=233(m) . Chon A
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9 6 2
5. Loi giai: Dat t=x+6= [ f(t)t=513= [ f(x)ix=216. Dat x=3z= [3f(32)dz=216=1=72.
6 0 0

Chon B
Luu y: tich phan khong phu thudc vao bién sb.
6. Loi gidi: Theo d thi, tanhén thdy f'(-2)=f'(1)=0 A
'|-27)<0, f'{-27}<0 «
Mit khac, f(=)<or(=) . et
F(r)>0.£(17)<0 |
Suy raham s8 f(x) dat cyc tiéu tai x =1 / \ /l

7. Loi gii: Goi H1a diém thoa 3HA+2HB+HC =0=> H(1;4;-3)
Ta c6:
T =3MA2 + 2MB? + MC? = 3(M—A)2 +2(1\71§)2 +(7\/TC)2 = 3(K4ﬁ+ﬁ)2 +2(z\7ﬁ+f1§)2 +(Mﬁ+ﬁ€)2

=T =3HA? +2HB? + HC? + 6MH.HA + 4MH.HB + 2MH.HC + 6 MH?

oT= 3HA2+2HBZ+HC2+2M[ +2HB+HC]+6MH2:>T & MH,

const

Do M thudc mat cau (S) (x 1) y 1) (z 1) =1c6 tam 1(11 1)

Suy ra MH nhé nhat khi M, H, I thdng hang. Nghia 12 M 12 giao diém ctia duong thing TH véi mit
cau (S).

Ta tim dwoc M 1;2;2 =>MH=6;M|1 8 1 = MH=4.
55 5’5
Vay ta chon M[]}%;%}:}ﬂ%—b%‘C:%.ChQHD

8. Loi giai: D& thay hai phwong an A, B dting hay sai con phu thudc vao mién ctia .

Phuong an D la sai do tinh ch&t ham mdi.
a ¥ [ *
Phuong 4n C dting vi 4* +c* =b* < [—5] +(E] =1,(x=0,VT=2;x%0,VT>1). Chon C
9. Loi gidi: Tap xéc dinh: D =[0;4]

(x x+\/x+12)smlogsﬁm3@mz(x\/;+x/x+12).log3(5—\/4:)=f(x):>m2 min f(x)

xe[0;4:|

]10g3(5~\/m)+(x x+x+12) ! >0,vx e (0;4)

"(x)= —?i X + 1
f(x)ﬁ[f/— 2x+12 zm(s—ﬂ)lns

= minf(x) = £(0)=2v3 = m>2y3 . Chon A
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10.

11.

12,

13.

14.

Loi giai: Goi A(s;0;0),B(0;b;0),C(0;0;c)(a,b,c>0)

Phuong trinh doan chdn mat phéng (P):i+;l+5=1.(P) di qua diém M(9;1;1), suy ra:
a b ¢
2+1+1:1,
a b ¢
Ta cé: 1:2+1+—1—233i:>abc2243.8uyra Voasc =labczg.Ch()nD
a b c abe 6 2

Loi gidi: Dat goc AOB=6,(0< 5 <2x), r>01a ban kinh duong tron 6 do dai AB, > 0la chiéu
cao khéi non.
o

A,B

3 1 R382
Ta cé: AB=§.R:>1‘=Z—R:>I1 —Joa? —¢? =§R—\/47r2—52 vaveg Var? -2 |
T /4

87°
e e o 26
Khao sat ham trén, ta dugc thé tich 1én nhat khi 6 = 5 .
Do d6: S'=~1~R25=7rR2£:>5_=£,
2 3 s 3

Loi giai: Ban kinh trong ctia 6ng: 0,5(m). Ban kinh ctia 6ng gém 16p bé tong: 0,5 + 0,1 = 0,6(m).
Thé tich 16p bé tong ca 6ng tru dai 1 km la: 7r.1000.(0,62 -0,5% ) .

Suy ra s8 bao xi mang can dung la: 10./r‘1000.<0,62 —0,52> =11007 ~ 3456 (bao). Chon A
Loi giai: D& dang tim dwoc C(1,1;0),D'(0;1,1)va VTPT ctia (BB'D'D) 1a 1= (L,1,0).
Gié st mt phing (P) : Ax+By+Cz+ D=0, (A*+ B +C*>0)

(P) chita dwong thang CD’ suy ra C=A;D=—-A—-B.Tacé P),(BB'D'D)) = |4 + B| .
cos{(P) ) V2247 + B
Goc 16n nhit khi cos nho nhat. ta chon duwgc A=1;B=-1=C=1,D=0.

Vay (P) :x—y+z=0 . Chon A

x+3>0 x>-3 —[1+(x+1)1083 (x+3)]

x(x+1) >0.(*)

Loi giai: Ditu kién: {x# -1 o <xz-1 . bpt &
x#0 x#0

Ta chitng minh 1+(x +1)10g3 (X+3) >0 . Céc em theo d&i bang sau
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15.

16.

17.

18.

19.

20.

21.

x+1 log,(x+3) Déu ciia (x+Dlogy (x+3)+1
~3<x<2 <0 <0 >0
2<x<-1 <0 e(0;1) >0
~l<x<0 >0 6(0;—1] >0
x>0 >0 >0 >0

Khi d6 (*)=>x(x+1)<0e-1<x<0
Cdch khac: (sit dung MTCT) xét ham

141 3 start 1 x =-2
f(x)z_._l___ +Og3(x+ ) TABLE o\ Jend:x =2 ﬁxe(—l;o)
x+l * step:0,4

Loi giai: TH1. x* +2y* <1, bat phuong trinh twong duong 2x +y <x” +2y” <1 . Khong ton tai
max.
TH2. x* +2y” >1, bat phuong trinh twong duong x* +2y* <2x+y .
Mit khac theo BCS ta c6:

2
(2x+y) = [2.x+%.y\/_2_] < (22 +%j(xz +2y° ) < §(2x+y) = (2x+y)<

Loi giai: Theo gia thiét ta cd:

N o

Loi giai: Goi B(b;e™),b> 0 thude db thi ham 8. Suy ra A(5;0),C(0;e” ).
1
Dién tich hinh chit nhat OABC 1a: S = b.e™? . Khao sat ham trén ta dwoc maxS=—.
e
Léi gidi: Nhan xét. D6 thi ham 8 trén dat cuc trj tai hai diém (-2;2),(24),-1<a<0.
Ca ba phuwong an A, B va D déu khong thoa nén ta chon C.
Loi giai: Theo Bang bién thién, ta nhan thdy gia tri cuc dai ctia ham s6 ctia ham 812 0 (loai phirong
an B)
Tiép theo, y’ khong xac dinh tai —2 v4 2 nén loai phuong an C .
Cuéi cung, limy =0; lim y=-o0, lim iy =-o0, limy =-eo, limy =—00. Do d¢, d6 thi ham s8 c6 3 tiém
x—>do0 X2 24 X2+ X2~
can. Chon D
Loi gidi: Goi O 12 tAm ctia d4y, va do chép S.ABC déu suy ra SO _L(ABC) . D& dang tinh duwoc

SO=a thong qua goc giita «(SA;(ABC))=60" . Theo md ta, thé tich khdi bat dién la:

1
V=8V, e =850.8 e =§a3\6 _Chon B
Loi giai: Nhan xét: A, B ndm vé hai phia cia mat phing (Oxy). Goi C la di€m d6i xtmg ctia B qua

miit phing (Oxy), ta c6 C(0;1,0) Khi d6: T=|MA~MB|=|MA-MJ<AC=T, =AC=16.
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22.

23.

24.

25.

26.

Loi giai: Theo gia thiét bai toan ta c6 f(—Z) >0, f( )< 0 va lim y=+; lim y=— néncditnhat
X=pd0

X>—

3 nghiém phan biét do d6 ham s& cit truc hoanh tai 3 diém phéan biét. Chon A
Loi gidi: Nhan xét: bac cua tixla 1, bac cta mAiu 22 nén chic chin c6 1 tiém can ngang la y=0.

Khi d6 theo yéu cau bai toan, tir 6 d6 thi HS trén khéng cé tiém cdn ding. Dan dén céc truong hop

sau:
. mx® ~2x+1=0—231-m<0 - m>1 ed
. : me
4 +4mx+1=0—"s4m* -4<0  [-l<m<1
. 1
2 _ 2 1 _ 0 co nghiem .t:E _ O m= O

TH2: " 5 7" e =m=0
4+ dmx+1=0—N san? —4<0 (Tl<m<l
me® -2x+1=0 2 {m>1

TH3: e =meD. Chon A
4x2 + 4"1x + 1 - 0 [ n&lnun.uz m= _1

Loi giai: Dit OA=x>1.ve MK LOA tai K. suyra AK =x~1,AM =(x~1)’ +0,125" .

Ta ¢b A—K=—LAA/I-:>AB=L
AO AB x—1

5\/——(

(x-1)+0,125 . Khio s&t ham wén ta duoc

AB km) < x=1,25. Vay chi phi can 1a 2,0963 (ty dong).

min

1
Cich khdc: Dat x=4MBH . Ta c6 MB=@—E)—O—Q va MA=~——2—5~
Sinx sinx cosX

Khi d6: AB=AM+MB=1000, 125 _ ¢ (1), p(y) Z1000coSY | 12OSINY jo oy p
sSinx Cosx sim- x cos™ x

Léap bang bién thién ta suy ra min AB <> x =arctan2 . Suy ra dap an C

1 +2016
2017 2017

Loi gidic Ta co: Nhan xét =1 va dong thoi xét f(_}._] N f(?_olé] 1. Do dé ta di
2017 2017

dén ching minh f(x)+f(1-x)=1 (xin danh cho ban doc). Khi dé, $ ¢6 1008 cip (%1-x). Suy ra

S=1008.

Loi giai: Goi R 1a ban kinh day phéu.

’ 1
Liic dau: Chiéu cao ctia khéi nudc hinh nén la 5.15 =5 (cm) VA Tyt vioe = = 3 R,, (theo h¢ qua dinh
1y Thales),

2 2
suy ra thé tich nuée 1a 1,R 558 (cma)

3 9 27
Lic sau: Thé tich phan khéng gian con tréng béng hidu thé tich khdi nén va thé tich nuéc:
57R? — 57 5% o 130 2R ( )
27 27

Goi I’l(Cm) va R (Cﬂ’l) Ian lwot 14 chidu cao va ban kinh ddy ctia phan khong gian tréng.
h R

Tacs: L=R R =l R (cm).
15 R 15

- “ N . . Ko, _ 1 32 3
Suy ra th€ tich phan khong gian tréng la: 5”[“22—5‘R ].h~g7—5‘-7fh R (Cm )
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27.

28.

29.

30.

31.

32.

33.

34.

3
Ta c6: ZT’;.R 12370 7R? & B =3250 < h =3/3250 (cm)

Suy ra chidu cao kh&i nuéce Ian sau 1a 15-3/3250 ~ 0,188 (cm) .

Loi gidi: Ta b P=— vyt oLy 1 106 13 hinh chitu ciia O 1en AB, K 1a
OA® OB° OC® OH® 0C* OK

hinh chidu ctia O 1én HC. D& dang chimg minh OK vudng géc (P). Do d6 P min <> OK 16n nhat

< K tring M, suy ra OM vudng géc mit phéng (P). Viy phuong trinh mit phing

(P):x+2y+z=6 .

Cdch khdc: Ta c6 (P ) la mat phéng chén 3 truc toa dd nén ¢6 dang ~J£+-:Z—§- 2.1
a

c

2
121 121 1 1 1 1 1 1
i Me(P)=—+=+-=1—2 5 2424 2| <(144+1)| S+—+— |=6 + +
Lai Me(P)= 4340 (a b c] ( )[az 7 czj (OAZ OB’ ocz]

:>—l—+L+LZl.Dé'u “=" xay ra <:>1=—2—=—1~:>a=1,b=2,C=1 .Chon C
OA*> OB* 0OC* 6 a b ¢

Loi giai: Goi O la tAm tam giac déu BCD.

v % A0S,
Khoang cach tit G dén cac mit clia t¢ dién 1a: —5L = S 5.

BCD

Chon D

Loi giai: Phan d thi cia ham y = | (x)| chinh 1a gitt lai phan &6 thi y = f(x), f (x)2 0 valdy d6i
xtmg qua truc hoanh phén f(x)<0 . Vay 3 <m <4 thoa yéu cau bai todn. Chen C

Loi gidi: Theo d6 thi, tacd a > 0 va hoanh d6 hai cyec tri trai dau suy ra ;C; <0=c<0 .Loai phwong
anBvaC.

Diém ubn ciia d6 thi ¢6 hoanh d6 duong. Suy ra —g <0=b<0.Chon A.

Loi giai:

VSMBCN—VSMNC+V5MBC—k Vs.aco % Vs pep =“V5ABCD:>k +hk-1=0=k=

81 ~1++5
2

Vé MN song song AD, N thubc SD. Mt phing (BMC) chia khoi chép S.ABCD thimh hai khoi d6 1o S.MNCB
vi NDCBMA.

Loi gidi. Duong thing y =2 cét &5 thi ham s8 tai dting hai di€m phan biét.

Tai x = 0, ham s8 khong xac dinh nén duong thdng y =-1 khong cit 6 thi ham s8.

Do d6, phuong trinh f(x)=m ¢6 dtng hai nghiém thyc khi m e (~o0;-1]u {2} . Chon D

Lo gidi: S8 chit s6 cita My, 1a: [10g(27 1) [+1=39. Chon B

Loi giai: Khi quay quanh truc MN thi hinh vudng quét thanh khoi tru (H) ban kinh % va chiéu cao
a; duong tron quét thanh khéi ciu (S) ban kinh —;« .Thé tich vat th& tron xoay béng
Vi = ﬁ(%]z a—%w(%}s =7§L23. Chon B
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35.

36.

37.

38.

39.

40.

41.
42,

43,

44.

45.

Loi giai: Ta c6 CC=AA' = C(O; 1; b) . Ap dung cong thirc khoang cach hai duong chéo nhau ta co:
d(AC‘,B‘C): ab <~@<H+b 4

NP RN A S

Chi1y: Ta cd thé a=4-b vao biéu thirc trén dé khao sat ham s& g (b) tim max - min. Chon C

2
3 oS4 ‘ (7112—4)sinx ‘ . m*—4<0 2<m<0
Loi  giadi: == Y ' <0, Vx| =, — | 1N 1 .
CosSX— M (cosx’—m)z 3°2 me|0;= —<m<2
’ 2 2
Chon B
Loi gidi: V& AH L SB tai H, AL L SC tai L. Mét phing (P) chinh la (AHL) ,(P)nSD ={K} , suy ra

AK 1 8D va v, chinh la thé tich kh&i S.AKLH .
v, 2 2 1% 1% V.

S-ALK =%'&: 4 . _SA =2:> 1 = 1 =———9- ——]—z—g—ChOnB
Vsacp SD SC |sp? Jlsc?) 20 " Vi+V, Vgupep 20 V, 11

Loi giai: Goi O la tdm ctia ddy ABCD. Goi [, ] Ian luot 1a trung diém cia AD vaBC. VE IH L A']
Tasuyra d(A'A; BC)=IH (phan chirmg minh danh cho ban doc).

Dit A'O=x>0.Tacé: IH.A'J = A'O]] = x =—. Chon A

2

Loi gidi: Dit u=x% +mx+m+TLo=2x + (m + 2)x +2m . Phuong trinh tré thanh

4 syt ru=A"+v e u=0o ¥ +2x+m-1=0< (x+1)2 =2-m.Chon C.
Loi giai: Goi R, h Ian luot 1a ban kinh va chidu cao khdi nén; r 1a ban kinh dudng tron ngoai tiép
day hinh lap phuong,.

3
Theo hinh vé ta cé: h:——l—zw.V =17rR2.h=—1—7r R
R-r ) 3 37 R-r

Loi gii: Thé tich thing nuwéc: V = 7.20%.40tan 45° =160007z . Chon A

Loi gidi: Goi x,,z,t lan luot 1a s§ tién cia 4 ngudi con theo thit tw. Theo mé ta ta cd:

—5 s minV, =2 :-9—75.Ch(_mA
€ g 8

E=g;z=‘—4—;£=—6-;x+y+z—|~t:1,05:>x=0,16;y=(),24;z=0,3;t=0,35

y 3z 51t 7

Téng sd tién clia bén anh em sau 5 ndm:

0,16(1+0,06)° +0,24(1+0,03)'° +0,3(1+0,015)”° +0,35(1+0,005)" =1,412810079 (ty  ddng).

Chon A

Loi giai: Ta cé: f’(x)-—-g(x)<:>e““(—ax2+x(2a—b)+b—c)=e""'(~x2+x):>a=b=c=1-ChQnA-
-3 =+/5sint =+/5sint+3

Lo gidic % +y? —6x-2y+5=0< (x—3) +(y-1)° =5.Dat Vosint _ [x=5sin
y~1=\/gcost y=\/§cost+1

S:x+2yc>\/§sint+2\/§cost=5—5

Phuong trinh ¢6 nghiém khi (S-5)" <5+20=0<5<10= M =10;m =0.Chon B

N e s2s . 1n
Loi giai: Ta cé: (1+x)" =Cf +xCJ +x°Ch +...+x"C]
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46.

47.

48.

49.

50.

51.

)”*1 2 3 i+l

= [(1+x)" dx:j(Cg +xCP +x°Cl 4.+ 2"C" )dng%T«+C=xC6‘ +£2~Cf +Ecr +...+x+1
n n

n
C 1n

x=12n+1 2 1 . 1
+C=Cl+-C{ +=C7 +.. +—C”~T
=1 075~ T2 1
n+l n+l
n=0=>C= —1n-1:>C-—ln n:>C————1—:>T=2 ———1——=2 .Chon D
2 n+1 n+l n+l1 n+l
V,-vSASBSC'l 1 11
Loi giais S4BC =2 22 2= -~ oy, ==V, 19l4s=2.chenc
B Ty e SA SBSC 24 SABC Tq'SABCT037
Loi giai:
A=(9x+y)(9y+z)(z—\[£+x)=(81xy+yz+9y2+9xz>(z—\/;c_z_+x)_>.[§—1-+l+9.2 yzxzj(z~\/;c;+x)
z x
_[ﬁ l+—1§«](z—x/;+x =--—63\/7+17\/7+ +64. Dat\/:—ataco
z x Xz
prstegoas L 20 05, 185 10 17 81, 1,01
a g 16 4 4 4 a 16 a4
2
xyz=1 x-g
135[—a——] 1/153“ 17, 81" —12- %1_313 Diu “=" khi chi khi {y=xz & {y=1 .
JE_E =3
z 3 2
Chon C
Loi giai: Goi x 1a s6 [4n ting gia thém.
Ctr mbi lan ting gid cho thué mdi cin hd 100 000 ddng mdt thang thi c6 thém 2 c&n h bi bo tréng.
Suy ra100.000x — 2x cdn hd bo trong.
S8 cin ho cho thué thuc: (50 -2x). Thu nhap twong ting: P = (50 - 2x)(2.000.000 +100.000x ) . Khao
sat ta dregc P 16n nhat khi x =2,5. Vay cho thué 45 cin ho véi gid mbi cin ho 1a 2250 000 dong.
Chon C
2
x
= J1-=—
2 2 2 Y 2
LoigidiiTaco =+l =122 =1-5 = L
b a %2
y:—\/ Ty
)
2 x=asint
Taco S= bj 1-Zdx — zab.Chon A
Za a?
e aas sinx—2m sinx—2m ' sin? x— 4msmx+l
Loi giai: y = — = 3 =
1—sin” x cos” x cos’ x
t=sinx
Khidé y'>0, Vxe( ”)©m<l(t+1j Vte(O;%}:msg.ChonA
Loi giai: Sai vikhi f "(O):O thi chua th€ két luén 1a ¢6 cyc tri hay khong. Phai 14p bang bién thién.

Chon B
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52.

53.

54,

55.

56.

57.

58.

59.

60.

61.

62.

3
Loi giai: S8 Tan it nhdt An phai dong la: N > 10.10 ~21,5=>N=22.ChonD

%.12.(4.2 +32 +4.3)

Loi giai: Phuong trinh hoanh d6 giao diém: 22x LI N P x(3m+4)+m-1=0,(m=-1)
x -

e . . PR i 3m+4 8
Theo gia thiét, trung diém I(1;2) cia AC ciing la trung diém cua BD. Suy ra =21l=m= 3
Chon A
Loi giai: Goi 11a trung diém BC. R la ban kinh ddy hinh tru.
it MN=x>0=>MQ=[3i(90~x);R=—“;

2 2z
KS
Thé tich khdi tru: V = MQ.z.R* = -gg—xz (90-x)—y maxV = M(crrf)
7 7
Loi giai: Goi 112 tAm hinh binh hanh MNPQ. Goi O1 la diém d6i xting cua O qua L.
B
Ta cé: OI=M£=£H.OIO=ZOI=—1—1—a<a. : c
2 30 15 P

Suyra O, nim trong doan O'O.
Qua O1 vé mat phéng (P) song song vdi mat (ABCD) cit cac canh
A’A, BB, C’'C, D'D lan luot tai A, B;,Cy,Dy.

o 1 1, 11a° e ,
Khi d6: Vapep mnpg =5 Vascp.apicipy =5 0,0=—5" ChonA *# b
Loi gidi: S=Ae" <300=100e" =7 = In3 Do 46 10A=Ac" = rt=In10=>¢= Inl0__5_

5 7 log3
Chon C
N 1y 100
Loi gii: Theo dé bai: P(t) = ————— >80=1t>351,8. Chon D
1+ 4900
] (mx2—2x+m—1)'

Loi giai: Phuong trinh dudng thang qua hai diém cuc tri: y = =mx-1.

(2x+1)'
Theo dé bai, ta c6: m.1=~1= m=-1.ChonC
Loi gidi: Tap xéc dinh: D =[-2;2]. Dt t=x*,¢ ¢ [0;4], phuong trinh tr6 thanh: m=(¢~1)V4-t .

Khao sat v& phai ta dwgc —2 < m < 2 thoa yéu ciu bai todn. Chon B

Loi giai: Chigu dai hdp chinh 14 chidu cao khéi tru. Gid ste: [+27R=30=R = —?Zgll
7
2
30-1) 1
V =7zR’l =( L Vo = 1000 cpon b
4r %

(-x)+tiy _1-x iy g L)_l
(1_x)2+y2"2—2x 2-2x 1-z) 2

Loi giai: Goi z = x+yi,(x, € R).Do 6 _1_1—:
—Z

Chon A

NG

1 _ 1
Loi giai: z=——+i—:>lzl:1;z2 =zZ;Rez=——;Imz =
2 2 2

3
2
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63.

64.

65.

66.

67.

68.

69.

(a+bz+czz)(zz+bz2 +cz):(a+bz+c;)(a+b;+cz)
= +(z+;)(ub+bc)+z;(b2 +c2)+bc(z2 +;2)=a2 +2Rez.(alﬂ»bc)ﬂz]2 (b2 +cz)+bc[(2Rez)2 —|z|2}

T=a*+b" +c* —ab—bc—ca . Chon B

Loi gidi: Hién nhién 24,2, ,25khac nhau va khac 0.

2 2 2
, — = —__al = | 111 7,2,
Ta co: zl+zz+z3=0:>zl+zz+z3=0:>—+-—+—:O:>—+—~+—:O:>23=~——
Z, zZ, Z, Z, 2, Z Z, +2,
M . 2,2, 2 2 3 3
Miat khac: z, +z,+z, =0z +2, ~ =0z +z, " +z2,=0<z2"=2,".
Zl+Z2

Twong tw ta ciing 6 z,° =z,> =z,°. Do d6, phrong &n D sai. Chon D

1 1
+ +ot
log, n!  log, n! log, n!

Loi giai: =log,, 2+log, 3+..+log, n=log, (123.n)=log, n!=1.

Chon D
Loi giai:

log, (log8 x) =log, (log2 x) < log, (log8 x) =log, 3flog, ¥ < :1)—10g2 x=3log, x (log2 x)z =27

Loi gidi: MA=(2-2;3-;1), MB=(1-51-b;0)= P =\ +(b+1)’ +1= P < a=0;b=-1.

Chon B
Loi giai: Ta c6 the ste dung “md hinh 14t ci”t &€ giai dé hon.

Hinh tru n6i ti€p ntta mit ciu, nén theo gia thiét dwdng tron day trén cé tdm O' ¢é hinh chiu clia
O xubng mit ddy (O'). Suy ra hinh tru va nira mt cu ciing chung truc d8i xtmg va tAm ctia day

dwdi hinh tru trung véi tam O ctia nita mit cau.Ta cd: h? +72 = R? (0<h£R=1) =r2=1-K*
Thé tich khéi tru 1a: V=7rr2h=7r(1~h2)h:f(h_) = f'h)=7z(1-3h*)=0=h=

273 Vo . V3

Vay: ](VquV— (dvtt) khi r—— = .Chon C

Loi giai: Trang bi hé truc toa d6 véi O 1a gbc toa d9, truc Oy song song véi bo dai dat.

Phueong trinh dwong tron: x* + 4 =36 = y = /36 — x

w|&

3
Dién tich dai dét: S= 2_[ V36 -x*dx . Suy ra s8 tién can dimg 1a: 70000.5 ~ 4821322 dong. Chon D
3

Loi giai: Xét hinhnén: h=50=3r ,#r=0B, |=SA . Xéthinh tru: h, =2r=NQ, 1, =ON=QI

8SQI-asBO= 2L SL_ L, 1y ey, (2 oz
BO 50 3 3 R

= 1=V +1* =24/10 =5, =77l = 4710 dm? .Chon B

336
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70. Loi gidi: (3m+1)12" +(2-m)6* +3" <0< (3m+1)4* +(2-m)2" +1<0

P +2t+1

Dat t=2" >1,Vx>0;bpt < (3m+1) +(2~m)t+1 <0, Vt>lem <--—§--—~,w >1.
t—t
Khao sat ham trén ta dugc m < -2 . Chon B
71. Loi giai: Phuong trinh hoanh do giao diém: L] =m-x< 2" +(1-m)x+m=0

D& (d) cit d6 thi (C) tai hai diém phan biét A, Bthi A=n* =6m+1>0 .
Tacéd: OA* =2x, 7 +m’* —2mx, , OB* = 2x,* +m* - 2mx, = OA.OB = Im (m ~2)|

m=0

_OAOB.AB 1

Mat khac, S, =~2—AB.d(O;d)3 m=—§. So diéu kién ta nhan m:—%,m:O .

A0AB T 4R
2
= —
5
Chon C.
72. Loi giai: Goin la s6 thang gui thém.
Tacé: 5(1+0,7:100)° (1+1,15:100)° (1+0,9:100)" = 5747478,359 = n = 3. Chon C.
73. Loi giai: Goi h (cm) 1a chidu cao khéi try, chidu dai ctia tim dé can la d (cm). Bé day tAm dé can:

_50-45
2250

o . 1 52 k 1
74. Loi gidi: Ta co: VSMNPZEVSABC —égmzibk:QChan.

75. Loi giai: Ta s€ di xac dinh thé tich khéi nao 1a 16n nhit.

2
v, =1 L2rY =367;V, =1.| 2% e — 4?3V, = 14n 27 =82%V, =1 22| —9z.
27 3 ) 4 4

Chon A.
76. Loi gidi: «£(SA;(ABC))=«SAH . Ap dung dinh Iy ham cosin vio AABH ta dwoc

a\/_ N
3
o o 1 QB\/EI .
Thé tich khoi chép S.ABC: V =§SH.S ABC =T Ap dung cbng thitc Hé rong ta tinh dwoc
SAB 12
1 3V av651

d(M,(SAB))=2( ,(SAB)) = 250 &

77. Léi giai: y = mx® —4x° +9mx~-§—:> y'=3mx* ~8x+9

P:%+ 92 8y -8r, =t em- St p m=—i[—~—1 89&(-3;-1). Chon D
Xy X 9 3m
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78.

79.

80.

81.

82.

83.

84.

85.

GIAI DAP CAU HOI HAY - LA - KHO

Loi gidi: Goi Vi, R Ian luot la thé tich va ban kinh mét cau. Vz, r Ian lwot 1a thé tich va ban kinh khéi
lap phuong.

fl— 7R3

V.
-i=—31—-5-—=\/—g-~1,38.ChonA
3 w

Theo gia thiét ta c6: 47R?* = 6r* = r =R, /%7_{ k= v
2

Loi gidi: Dién tich xung quanh 4 ciy cot duong kinh 40cm: 4.27.0,2.4,2 = %7[

Dién tich xung quanh 6 cay cot dwong kinh 26cm: 6.27.0,13.4,2 = %%7;

S6 tién can dung: M 2 380000(1658 +%7z] ~15.844.183 . Chon C
Loi giai:
-
pramen
et
.~ R R
Chon A
3 —_—
Loi giai: y:mx+3:>y’= i . Ta 6 2 treong hop la
x+m (x+m )

5 . 5 2
TH1. m>1::>r[r%;a3i<y:y(3)=g::>m:S.VaTHZ. m<1:>r[rzl;a3i<y=y(2):g:>m:g.Chan.
p 3
x=~t=>dx=-—dt;I= J.f(x)dxz J. f(—t)dt
Loi giai: D4t 3 E

z

'—-—-,N]§

cos xdx =3I = j cos xdx =I = % chon C.

f(=x)+2f(x) Cosx:>_2H: (—x)+2f (%) pix =

ISIE]

2

P
Cdch khdc: gia st f(x):%cosx:f(—x)+2f(x)=cosx.Khjdé I=J;%cosxdx=§
2
1 1 3 u=x du=dx
Loi giai: Dat x:Zt:>dx:2dt;2£f(2t)dt:3:>-([f(2t)dt=—2-.Dat dv:f'(Zx)dxj v:%f(Zx)'
b 1 L1 3
Izle (2x)dx=x5f(2x)0—E-([f(Zx)dx=Z.ChgnA.
Loi giai: Ta co: V =é—d(S,ABCD) .2%AB.AD. sin 30° =-b-25 .Chon B
2, AR 7,08 [1+0A’ +(1-0A)
L(‘Jigiéi:Tacé:R:\/OC ZAB :J“OA;OB =\/ i +4( ) :>Rmm:%.ChonA
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86.

87.

88.

89.

90.

91.

92,

93.

94,

GIAI DAP CAU HOI HAY - LA - KHO

Loi giai: Tacd: V = %S.r , trong d6 V 1a thé tich khéi chop S.ABCD, S la dién tich toan phan khéi
chép va rlaban kinh mét cau ni tiép.

2
W2} 1, 11, 1
2 3

2 27 32

D5 dai dudng cao khéi chép : ,[1° —[

Dién tich toan phan: S=1+ 4.%5— =1+43.

3V 2

Béan kinh mét cau néi tiép: r =— =——-—.Chon B.

S 2(1+J§)

Loi giai: Ta c6 lang tru t& gidc déu va lang tru tam gidc déu c6 cing chiéu cao va chu vi day. Xét
2

2
hinh vudng ¢6 chu vi 4 thi t11—6 con tam gidc déu c6 chu vi 4 thi dién tich a3 . Vay vV, >V, .
3 ' 3
Lo gigiz V= ° 2 Tilmation Y oSM SN SP 311 3 . a2 oy
12 V SA'SB'SC 452 40 160
Loi giai: Thé tich sau 10 ndm 13 Vi, =V (1+m%)" .

Thé tich sau 8 ndm tiép theola V, =V (1+ m%)m (1 + 71%)8 . Chon B.
2

Loi gidi: Ta co h'(t) =3at® +bt suyra h(t)=[h'(t)dt =at® +b£2—+c :

Ban dau khong 6 nudcnén £(0)=0=>c=0.

ac {11(5):150

a=1 ___ B 3
11(10) 1100 <:>{ . Vay 11(20) = 8400 (m ) . Chon A.

b=2
Loi giai: Tacd P =8z +10 nén dd dai cung tronla C =87

Theo cach 1. Ban kinh day la r, = 2£=4, chiéu caola h, = JR? —1’12 =3.5uyra V, =16x.
Vi

1

Theo cach 2. Ban kinh déy 1a 7, = -49: 2, Chigu cao 1a h, =|R* —r2 =21 . Suyra V, =§g¥
T

V. 2v21
Vay —-=>-—_ ChonB.
v, 7
Loi giai: Chia 1 gidc déu canh a4 thanh 7 tam gidc can ¢ goc can la 2—7[ Moy R
n

T
a acot— B 2 e
Tacd h= ECOt AlO= 5 I Dién tich mbi tam giacla S =—Zcot— .
n

2 3
Diéntich n gidcdéucanh a 13 S, =%—cot£ Suyra V =—’%—c0t§—. Chon A
n n
B oid bt 16 R etia Fmm o8 P S
Loi gidi: Bai todn quy vé tim gia tri 16n nhat ctia ham s6 f(h)=—4——2.h +7 trén doan he[O;/}].

Gii ra tac6 GTLN 12 f(4)=39.Chon C
Loi gidi. Ta 6 f'(x)= z h122 -2 1“22 . D& thdy f'(0)
(3+27) (3+27)

02 In2 ) po ds (1) sai.
16 16
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Pat =2" - 2”‘:-1» vat>0. Taxethamsog() 1

+ t
3+t 3t+1
_ (-1

(3+ t)2 (3t +1)2

trén (0; +oo).

Tacod g'(t) =0 < t =+1. Lap bang bién thién ta c6 g(t)Sg(l):%,Vte(O;%o).

2017

Vay f(x)< % VxeR=> f(1)+ f(2)+...+ f(2017) < <2017 . Do d6 (2) sai.

D2 dang kiém tra (3) sai vi 2 = 4%. Chon D.
95. L&i gidi: Goi 7,7, 1a ban kinh kh&i chu bi khoét. Ta c6 7, +7, =R v thé tich phan bj khoét 1a

2
4 4 4 4 nrr, R?
V=—”(r12+r23):—§7£|:(r1+rz)3—3r1r2 (1’1+r2)}=?ﬂ[12 3Rrr} 37[ RB—SR—(—34—2) :”T'

3
The tich con lai 16n nhat 1 %” R? —%{— — zR. Chon A.

96. Loi gii: Dién tich toan phén cai banh la S =24° +4§a =44°. Dién tich toan phén ctia mdi miéng

2 2 2 SS
banhla s, =10 4% @28 34 a2 L, 85 3+f
24 4 2 2 2 4 S

97. Loi giai: D4t mit phéng qua truc ctia tréng vao hé toa do. Ta 6 Thé tich

. Chon D.

ctia tréng chinh 1a thé tich khéi tron xoay khi quay phan hinh t6 ddm &
hinh bén quanh truc Ox.

h
2 2 0,4
Ta c6 V=7rj(\/R2—x2) dx=27 [ (0,5 ~2* ) dx = 59 . ChonA.
% 0 375
2z
98. Loi gidi: Dieu kién: D =[-2;4],
Vi—x 42+ x=Am+2x— 2 +16+2V2x 2> +8=m+2x—x* +1
Dit t=v-x" +2x+8¢[0;3], taco: m=—* +2t+13.

Khao sat ta duoc me [10;13] thda yéu cau bai todn. Chgn B.

~
.,

PP
-
:
N
[ 1ol
x

..

99. Loi giai: Dat g(x)zf(f(x))z(xf‘ - 3x? +1)3 _3(x3 - 3x? +1)2 +1

= g'(x) = 3(x3 -3x% + 1)2 (3x2 - 6x) - 6(x3 -3x% + 1)<3x2 - 6x)= 3(x3 —3x% + 1)(3x2 - 6x)(x3 -3x% - 1)
Lap BBT, ta thay truc hoanh cit d6 thi ctia ham s8 g (x) tai 7 di€m phén biét. Dp 4n D.

100. Loi gidi: Goi H la truc tdm tam gidc ABC.

1 1 1 1 1 1 1 1

——t = St = .
OA* OB* 0OC* OH* & 1V ¢ OH?

Ta suy ra d(O,(ABC))=OH;

Mat khac, (a2+b2+c2)[»1—2~+i+ij29©(l+i+ijz3c> >3<:>OH<._ Chon C
a b c a c OH?

2 2 2 bz ? \/n
101. Loi eidi: Dt o s
- Loi gidi: Dt ’(x)—2:> U:f(x)—ZX

0
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102. Loi giai: Phuong trinh mét phang (ABC):4x-3y+2z-4=0. Kiém tra thdy D, E khong thuéc

103.

104.

105.

(ABQ).
Suy ra 5 diém A, B, C, D, E khong dong phang. Vay tit 5 diém nay, ta cé C2 =10 mit phéng.
Loi gidi: Gia stt hinh hop LMNK.OPQR nhu hinh vé.

R

Goi A, B, C, D, E, F, G, H Ian lugt 1a tAm ctia 8 qua cau nho va Ila thm ctia qua cau 16n. Khi d6 ta co
nhén xét sau:

8 diém A,B,C,D,E,F,G,H lap thanh mot hinh hop chit nhat nhan I lam tdm cta hinh hép. Do dé

néu goi R,r lan luot 1a ban kinh ctia qua cau 16n va nho thi ta cd:
3= ~ 2

HC=2R+2r——"2 yHC =9= AH =+JHC? - AC* = o -(2r2) =347 |

Suy ra chiéu cao ctia khdi hop h= AH +2r = 3V7+3

Do d6 thé tich khdi hop sé1a V, = 6.6.(3 +347 ) =108+1087 .Chon C

hop

Loi giai: chiéu rong clia miéng ton thi nhat 14 x suy ra chu vi ddy lang tru la x, do d6 canh la % .
2 2
Thé tich khéi ling tru tam gidc déu 1a: V, = I E
9 4 36
1-x

Chiéu réng ctia miéng ton thit hai la (1-x), suy ra chu vi ddy la (1-x), do d6 ban kinh day la

, _ (1-x) (1-x)
Thé tich khéi tru la: V2 =rl. =

Téng thé tich khéi ling tru va khéi tru 1a: V =V, +V, = EEIN = f(x)

Khao sat ham trén (xiﬁ danh cho ban doc) Chon A.

Loi gidi: Goi x, 2 nghiém don, x,1a nghiém kép ctia phuong trinh ax® +bx? +cx+d =0 (a0). Khi |
do,

y=‘ax3+bx2+cx+d’=

u(x—xl)(x—xz)Z\
=% =a? (x—x ) (x-x, )’

:>2yy'=cz2 [Z(Jc—xl)(xvxz)4 +4(x~x2)3 (x-—xl)zjl=2a2 (x—xl)(x——xz)3 (x—x2 +2(x—x1))
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106.

107.

108.

109.

a2 (x—-xl)(x—xz)(?)x—-le ~x2) .
jalfe |

=y'=

2x; +x,

Vi khi qua cac diém x;,x,, y’ d8i ddu nén db thi ham s8 ¢ 3 diém cuc tri. Chon A.

Cich khdc: Xem pt ax® +bx” +cx+d =0 (20) 1a pthoanh do y

(C):y =ax® +bx® +cx+d
Ox:y=0 /
Do pt ¢6 2 nghiém thyre phén biét nén (C) cht Ox tai 2 diém

giao diém gifra {

e T

phén biét (trong d6 c6 tiép xtc tai 1 diém) | \ / x
Khéng mat tinh tong quat. Ta gia sit hé s6 2 >0 . Ta suy ra O A
dang d6 thi nhu nhw hinh vé. T d6 ta suy ra ham |

y= ]ax3 +bx? +Cx+d' ¢6 3 diém cyc tri.

X +2x+2 X +2x+2
Lo eddi: 1o T e x? 3x—3 e log, | 2.5 T2 |2 x? —3x -2
o1 giai g2[3x2+x+2 g, 32 4 x4 2

< log, 2.(x2 4—2x+2)+2(x2 +2x+2) =log, (3x2 +x+2>+(3x2 +x+2)

Dit u=2(x? +2x+2);0= (3x2 +x+ 2) . Phurong trinh tuong duong

log,u+u=log,v+v e u=ve x* -3x-2=0= x> +x3 =5 ~2P=13. Dap an B.

Loi giai:

TH1. Mit phing chiza SA va chiza truc sé cat nén theo mot thiét dién cé dién tich 16n nhat.

TH2. M3t phing chita SA va khéng chita truc, vé dwong kinh AB, 14y M thude dudng tron day (M

khéc A, B).

Thiét dién bay gio la tam gidc SAM. Sgup, = %SA.SM.sin ASM = %SAz.sin ASM Do gbc & dinh 16n

hon 90° suy ra chiéu cao nén nhé hon ban kinh ddy. Nén dién tich thiét 16n nhat khi sin ASM =1.
Tém lai, 6 2 mit phéng c6 thé thoa yéu chu bai todn. Dap an C.

Loi giai:

Luong vita can dung cho 1 ¢dt chinh 1a hiéu thé tich khéi tru tron v6i thé tich khéi ling tru luc gide

déu.

Luong xi méng can dung cho 10 cdy cbt sé la: E— .10. [400 212 - 400.

20[]

20«/_}

S& bao xi mang can dung la: — 10 [400 212 - 400. :64000 = 17,3 (bao). D4p an B.

Loi gidi: Gite ste mét phéng cach déu 5 diém trén la (P):
(P): Ax+By+Cz+D= O,(A2 +B*+C% 2 0), Theo gia thiét ta c6 hé phurong trinh sau:
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110.

111.

112.

113.

114.

115.

|A+D|=|3B+D|
|A+D|=|2C+D|
|A+D[={A+3B-2C+D\
|a+|-|p)

Giai hé trén, ta ¢d 7 phuong trinh cta (P). Pap an D.

Loi giai.

- R , 1
Nhém 1. Dat canh day la x>0, chiéu cao la y>0. Ta co x2y=1:1=—2.

x
S{},=4xy+2x2:§+2x22>51=6
x
Nhom 2. Goi r > 01a ban kinh day, & > 0la chiéu cao ctia hinh tru.
Ta co mzh—l:>h——~1—~ S,p—27z7(r+h) 27+~ :>S?_-3x/_ Suy ra i;——i/i Chon A.
ar? 2
o - [
[ af () = 4= [ f (et =8 [ f(x) =8
0 0
N 3 3 R 3 23
Loi giai. L f(z)dz=2:>J2 flx)dx =2 . Vay I=8+2+—2—=—-?:~.Ch(;mA
() :
[P it =3 =l [ () =2
9 \/; 3 2
2 2 x_l
=1 2 2 _ =z
Loi gidi: Pat z=x+yi Ta c6: |o]= =]z~ 1|« Y rry=l )2
]ZI (x—l) +yt =2+’ -2x+1=0 y=+_\/§_
T2
Khi @6 ’z+1| x+1 1} 2 =J3.ChenD
Leyigiaij ax Pt = 2 e 2x+1 = 21t =— 2%
(2x+1)(x+1 /2“ x+l (x+1)
g(0)=1
2edt \ 2x+1 2+6
VayJ‘ J jZdt.Vay g(x): x+1 = 6:>g(0)+g(1): +2 .
J2x+1)(x+1) X+ g(1)==

Chon D
Loi giai: Goi g, b, ¢ 1a ba kich thudc cia khéi hdép chit nhat. Khi d6 ta cé:

abc=2
e o ) s o 222
C6 th€ 4p dung BPT Cauchy suy ra diémroi a=b=c=V =54 (clm3 ) .Chon D

Loi giai: Goi O 1a trung diém MN, va dung hé truc Oxy sao cho ON < Ox . Khi d6 ta c6 ham duong
cong hinh sin trong bai théa y =sinx (x € [~7r; n]) vaye [—1; 1} .

V3
Dua vao hinh vé ta ¢d: S=5,50p ~ Sy =2.27z—2j sinxdx=47x-4 .Chon B
0
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