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HUYEN VU THU Mén: TOAN 8
_ Nim hoc: 2022 - 2023
PE CHINH THUC (Thoi gian lam bai: 120 phiit)

Bai 1 (4,0 diém).

2 2 2 2 2 2
. - +xy+
Chobiéuthl’ch:[ P A S j:x vy
X +Xxy Xy Yy +Xxy xX+y

Vol x#0,y#0,x#—y.
Rt gon biéu thitc A4 va tinh gia tri ctia biéu thic 4 khi x; y thoa man dang thirc
X’ +y 45 =2(x—2y).
Bai 2 (4,0 diém).
a) Giai phuong trinh: (x+1)( )(2x+1)(2x+3)=

+

b) Tim m dé phuong trinh (an x): — i =2 ¢6 nghiém duy nhét.

X+ l X—
Bai 3 (4,0 diém).
a) Biét rang da thirc f{x) chia cho da thic g (x) =x—2 duogc du la 21, chia cho da thirc
h(x) =x” +2 duoc da thic du 1a 2x—1. Tim da thirc du khi chia da thirc f(x) cho da thirc

h(x).g(x).

b) Tim cac s6 nguyén (x; y) théa man: y* +2xy =3x>+5.

Bai 4 (4,0 diém).

Cho hinh vudng ABCD. Goi K 1a diém nam gitta 4 va B, I 1a diém ndm giira B va C sao
cho CI = BK. Buong thang A/ cat duong thang DC tai M.

a) Chirng minh: /K // BM.

b) Goi N la diém thudc tia ddi cta tia CB sao cho CN = CM, O 1a giao diém hai duong
chéo cua hinh vuéng ABCD. Chirng minh ABOI dong dang ABND.

Bai 5 (2,0 diém).

Cho tam giac ABC vuodng tai 4. Lay diém D thudc canh BC (D khong tring v6i B va C).
Goi E va F lan luot 1a hinh chiéu cua D trén cac canh AB va AC.

a) Chtng minh rang: Néu 4D vudng géc BC thi AAFE dong dang AABC .

1
PR M

AD” DB~ DC
giac trong cia A4ABC.

Bai 6 (2,0 diém).

a) Cac s6 tu phién tr 1 déq 10 duoc Xép xung qupnh mot duong trQn theov mot tha tu
tuy ¥. Chimg minh rang vdi cach x€p do, ludn ton tai ba s6 theo thir tu lién tiép c6 tong 16n hon
hodc bang 17.

b) Cho biét . Chimg minh 4D 14 trung tuyén hoic AD 1 dudng phéan

b) Tim tit ca cac sd nguyén t& a va b sao cho a+b;4ab—4;4ab-3 1a d6 dai ba canh
cua mot tam gidc vuong.
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BAI NOI DUNG PIEM
Bai 1 2 2 2 2 2 2
. - +xy+
Cho biéu thirc A=£ R Mk S ]:x PV i
X" +xy xy Y +xy x+y
x#0,y#0,x#—y.
Rt gon biéu thirc A va tinh gia tri ctia biéu thirc 4 khi x;y thoa man dang
thure x2+y2+5:2(x—2y).
*) Riit gon biéu thirc A:
2 2 2 2 2 2
Ao 2x LYY 2y X txyty
X +xy xy Y +xy X+y 0.25
~ e _xz_yz_ yz .x2+xy+y2
x(x+y) xy y(x+y) x+y
Xy () (x4y)-0t xay 025
xp(x+y) X tay+y? ’
2
_w(x—y)-(x-y)(x+y) 1 0.5
xy X ay+y’ ’
2
x=y)| xy—(x+ }
K »)o=(x+y) 1 0,25
xy X’ +xy+y°
2 2
—(x=y)x" +xy+
:(y)( yy)_21 : 0,25
Xy X +xy+y
-X
=2 0.25
Xy
A . , y—x
Vay voi x#0,y#0,x#—y. thitaco 4= 0,25
Xy
*) Tinh gid tri ciia biéu thic 4 khi x; y théa man dang thic
x2+y2+5:2(x—2y) 0.75
x2+y2+5=2(x—2y)<:>(x—1)2+(y+2)2=0
& (x=1)"=(y+2) =0 (Do ((x-1) 2 0;(y+2)" 20)) 0,5
x=1
@{ (t/m) 0,25
y=-2
-x —2-1
Khido: 4=~ X="271_3 0,25
Xy 1(—2) 2 ’
Két luan: Khi x;y thoa mén déng thirc: x* + > +5= 2(x - 2y) thi A4 :% 0,25
Bai 2

a) Giai phuong trinh: (x-l—l)(x-l— 2)(2x+ 1)(2x+ 3) =6.




b) Tim m dé phuong trinh (én X): x_—1+ xX+m
x+1 x-2

=2 c6 nghiém duy nhat.

diem

Giai phuong trinh:
(x+1)(x+2)(2x+1)(2x+3)=6
= (2x+ 2)(2x+4)(2x+ 1)(2x+3) =24

0,25

bat 2x = y. Phuong trinh tré thanh:
(y+1)(y+2)(y+3)(y+4)=24
(¥ +5y+4)(y" +5y+6)=24
<:>(y2 +5x+4)2+2(y2+5y+4)+1=25
2 2

(¥ +5y+5) =25

V' +5y+5=5(1)
=

V +5y+5==5(1)

0,5

Gidi phuong trinh (/):
V +5y+5=5< y(y+5)=0

x=0

y=0 2x=0
= = = 5
y=-5 2x=-5 xX=——

2

0,5

Giai phuong trinh (/1)
P 4+5y+5=-5 1" +5y+10=0

( 5}2 15
S| y+=| +—=0
2) 4

2
1
Phuong trinh v6 nghiém vi ( y+ %J + ?5 >0 véimoi y

0,5

Vay phuong trinh da cho c6 tdp nghiém § = {—%;O}

0,25

b)

PKXDP: x#-1;x#2

0,25

x=1 x+m

— =2

x+1 x-2

- (x—l)(x—2)+(x+1)(x+m) _y

(x+l)(x—2)

0,25

= x? —3x+2+x2+mx+x+m=2(x2—x—2)

0,25

Smx=-m—6

0,25

*) Xét m = 0. Phuong trinh tré thanh: Ox = -6 (v0 nghiém)

0,25




-m—6
o

*) Xét m # 0. Khi dé: x=

Phuong trinh ¢6 nghiém duy nhat khi va chi khi:

_m_6 0,5
#-1
m -m—-6#0
= Sm#E-2
-m—6 {—m—6 #2m
#2
m
m=#0 . .
KL: Vay voi { 5 thi phuong trinh c6 nghi¢ém duy nhat 0,25
m#—
Bai 3 a) Biét rang da thic f{x) chia cho da thirc g(x) =x—2 duogc du l1a 21, chia
cho da thirc A (x) =x” +2 dugc da thie du 1a 2x—1. Tim da thire du khi chia
da thirc f(x) cho da thirc h(x).g(x).
b) Tim cac s6 nguyén (x; y) thoa man: y* +2xy =3x> +5.
a) Xét phép chia f{x) cho (x).g(x) ta co:
f(x):h(x).g(x)+ax2+bx+c 0.25
= (x—Z)(x2 +2)q(x)+ax2 +hx+c
Trong do g(x) la da thuc anx; a, b, ¢ 1a cac sb xac dinh. Ta co: 025
+) fix) chia cho (x — 2) du 21 nén f{2) =21. Suy ra4a + 2b + ¢ =21 ’
f(x) = h(x).g(x).q(x)+ ax> +bx+c
+) 0,25
f(x):(x—2)(x2 +2)q(x)+a(x2 +2)+bx+c—2a
. 5 b=2
f(x) chia cho x“ +2 du 2x—1 nén 0,5
c—2a=-1
4a+2b+c=21 4a+c=17 a=3
Khidotaco: {b=2 &<b=2 &b=2 0,5
c—2a=-1 c—2a=-1 =
KL: Pa thtc du can tim 1a 3x% +2x+5 0,25
b) Y +2xy=3x>+5
<y +2xy-3x" =5 0,5
<:>(y—x)(y+3x):5
Vix,y€Z nén y—x va y+3x lacacsd nguyénvala udcclas 0,25
Ta xét cac trudng hop: 0,25




{y—x:—S {x=1
+)
y+3x=-1 y=—4
y—x=-1 x=-1
+){y+3 :—SQ{yz—Z 0,25
i y=x=1 - X=
y+3x=5 y=2 0.25
y—x=5 x=-1
+){y+3x= <:>{y:4 0,25
Vay (xr;9) e {(1-4):(-5-2);(1:2);(-1;4)}. 0,25

Bai4 | Cho hinh vuong ABCD. Goi K 1 diém nim gitra 4 va B, [ la diém nim gitta
B va C sao cho CI = BK. Buong thang A/ cat duong thang DC tai M.

a) Chung minh: /K // BM.

b) Goi N 1a diém thudc tia ddi cta tia CB sao cho CN=CM, O 1a giao diém
hai duong chéo cua hinh vuéng ABCD. Ching minh ABOI dong dang

ABND.
A K B
/
H
(0] I
Vi
D C M
b
N
a) Chtmg minh IK // BM
Vi tir gidc ABC 1a hinh vuong nén 0,25

Goc 4 = Goc B =Goc C=Goc D =90% 4B =BC = CD = DA.




1 MI
Ta c6: IC // AD. Theo dinh 1y Talet ta c6: EC =— 0,5
AD MA
MéAD=AB;IC=BK:>@:ﬂ. 1,0
BA MA
Theo dinh ly Talet ddo suy ra IK // BM 0,25
b) Goi H 1a giao diém ctia AM va BD. 0.25
+C/m OB.BD = AB* (1) ’
AB AD HD
+C/m ==2=22 0,25
BI Bl HB
+ C/m bM _ DH = A5 _ DM = AB* = BI.DM = AB* = BI.BN (2) 0,75
AB HB Bl AB
Tu (1) va (2) suy ra: OB.BD = BI.BN. 0,25
B B \
Suy ra 5o = —N;OBI = NBD, Suy ra: AOBI dong dang ANBD (c-g-c) 0,5
BI  BD
Bai5 | Cho tam giac ABC vuong tai 4. Lay diém D thude canh BC (D khong trung
voi B va C). Goi E va F' lan luot 1a hinh chiéu ctua D trén cac canh AB va AC.
a) Chtng minh riang: Néu AD vudng géc BC thi AAFE dong dang AABC .
. 1 1 .
b) Cho biét —=——+——>. Chimg minh 4D la trung tuyén hodc 4D la
AD~ DB~ DC
duong phan giac trong cia AABC.
A
F
E
B D C
a) Khi 4D vuéng goéc BC, C/m duoc AAED ddéng dang AADB 025
= AE.AB = AD’ ’
C/m tuong tu ta c6: AF.AC = AD? 0,25
Suy ra: AE.AB = AF.AC = AAFE dong dang AABC (c-g-c) 0,25
b) bat DE =x; DF =y; AB=c; BC=a; CA=>b (x;y;a;b;c > 0).
Suy ra AD? = x> + )7 (1). 0,25

Vo6i DE /| AC, DF |/ AB, ap dung dinh ly Talet ta c6:




x BD b.BD

b BC a @

.CD
Tuong tu: Ta ¢/m duoc: y = eb 3)
a




