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L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

Y 7 Chung [
CAN BAC HAI. CAN BAC BA

CAN BAC HAI
= °

Bai 1. Tinh:

a) V121 b) —v/144 ¢) 0,25 d) —+/0,0016

7 25
4 f) —1/2= — h —7)?2

e) V31 )~V 2 8 V1o ) V(=T)

i) VV16 ) —V4vel
Bai 2. Tinh:

1 1 3
a) 3v144 — 5\/169 + 5\/ 256 b) 1/ 75 —0,5v144 — 5\/ 169
3 1 _ [ 9 \/Z - [4
c) (4\/25 2\/289) /36 d) ( 76 4) Vs
1

e) 2v3(V3 —2)+4V3 f) —8v3 —4v3 (5\/5—2>
Bai 3. So sanh cic can bac hai sau:

a) 6 va /41 b) V19 va 4

c) V21 vas d) 5v/3 —4va 3v5

e) V26 + 17T+ V10 + V5 +1va 15
Bai 4. Giai cac phuong trinh sau:

a) 22 —25=0 b) 22 —7=0 ¢) 22 —16 =0

d) 4z -7 =13 e) (z+3)*=6x+11 f) 22 +22x =15
Bai 5. Tim x dé cac biéu thic sau c6 nghia:

a) Vbhx b) V3z+7 c) Vh—x

-5 4 -3
d f
) e ) V3Tg ) Vitw
g) V—Tx? h) v10 + 22 i) vaz—1

Bai 6. Rut gon:
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Chuong 1. Can bdc hai. Can bdc ba

L&p Todn Thay Ding - Ta Quang Blru

1) /(3 - VI1)?
3) (V5 —3)2— /(2 +V5)?
5) /(5 v6)2 — /(2 - V6)?

Bai 7. Rat gon:

1) V6 +2v5
3) V15 — 616 — v/10 — 44/6
5) V31 —10v6 — /(3 — 2v/6)2

Bai 8. Rit gon cac biéu thic sau:

1) 2Va2? 422 — 5 véiz > 0

3) V(38— V)2 +2y/x véiz > 9
Bai 9. Tinh:

1) (3= V5)(V5-2) = V5(V5 - 5)

3) (5+V3)(1-v3) - (1-2v3)?
Bai 10. So sanh cac can bac hai sau:

1) 2v/5 va /19
3) —3v10 va —4v/5
5) V63 va 2v/2

1 1 1 1
) —F—+—+...++——a 10
) VI oV2 V3 V100
Bai 11. Tim z dé cac biéu thic sau c6 nghia
a) %; b) V7 — l4x;

2241 V6 — 3x
)\ 5z e) ;
2% — 8 r—3

y J/ J J
2) \/ (V17— 4)2

1) (4= VD)2 = \/(VIT - 3)2
6) \/ (17 + VD)2 — /(7 — V/AT)?

2) V8+2V7
4) V16 — 677 — /32 + 107
6) V28 —16v/3 — 1/ (4 — 3v/3)2

2) 3y/(z—2)2+4x —1véix <2
4) J(x—4)2—/(x —3)? v6ix >4

2) (3++/5)?—8V5—14
4) (2 -3V5)(2 + 3V5)

2) 3v/10 va 4/5
1) VV3va V2

6) /2009 — /2007 va /2011 — /2009

) V(1 —2z)%

245

V2xr +3

f)

& a) 2x2 — 3x b) 12z* — 622 c) 622y + 1523y d) 1023 — 1522 — bz e) 122° + 18z* — 6z2 f) a3y — 8x2y? + 12xy3

Bai 12. Tinh (Rt gon)
a) \/(2v2 - 3)
) VA +VIB)?2 + /(4 — V15)?
e) v/ (3= V102 = /(2v/10 - 7%

b) /(2v3 ~ 3v2)*
d) V(3v2 = V52— (V2 - V)
0 V(3VE—VIT)2 = (V5 - VIT).

& a) 3—-2v2D)3vV2—-2v3¢c)8d) 2v5—4v2e) 4— /10 f) 2¢/5 — 217

Bai 13. Tinh (Rat gon):

e
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1. Can bdc hai L6p Todn Thay Ding - Ta Quang Blru

y J J J
a) V12 — 2¢/35; b) V8 —2V/15;
¢) V12— 235 + /12 + 24/35; d) V11— 2v30 + /13 + 2V/42;
) V8 —4v3+ V14 +8/3; f) V11 46v2+ /11— 6/2.

& a) ﬁfﬁb)\/gf\/gcﬂ\ﬁd) 2\ﬁ+\mfﬁc)2\ﬁ+\/§f)6
Bai 14. Tinh (Rat gon):

a) /8 +3VT; b) V2 —v3—V2+ 3
¢) V6—3v3+ 12— 3; d) VI+ V17— V9 - V1T - V2.

& a) \/g+ \/Z b)0 ¢)v2d) 0

Bai 15. Tinh (Rut gon):

a) v/ (V5 — V11)2 — /31 — 44/55; b) v/ (V7 —2v/3)2 — /40 — 8y/21;
¢) V15 — 414+ / (V5 — 2v2)2; d) V17 — 41/ + 4/5;

e) \/10+ 2\/8 -2 (\/5+ V12 — 2\/35); f) \/6+ 2\/5\/3 — V4 +2V3.
& a) —3v5 l))*i}ﬂ (:)74\f —7-+5 d) 3 + zy ())*10.’1)2 + 23z f) 3 + zy
Bai 16. Thu gon céc biéu thiic sau:

a) Vr+1+2yr+1—-2x véiz >0

)
b) Vo + 25+ 10y/x + 2 (—/7) v6i x > 0;

) VT+9—6yT—3(VT+1)v6i0<z<9;
d) Vr+4—4yz — (1 — /1) v6i 0 <z < 4
¢) Va2 +5—2v5z — V5 (z+1) véi z < v/5;

f) \/x2+11—2x\/1_—\/<x+\/ﬁ)2véix>4

1
g) \/x2—4x+4—\/4:v2—|—4x+1véi§§$§2;

h) \/x—4\/x—4—(\/a;—4+1) voi 4 < x < 5;
i) Vz—3+2Vz—4— vz — 16 v6i = > 5.

& a) 2 —+/z b)5 —/z c)—4y/x d) 1 e) —x — bz £)—2/11 g)1 — 3z h) —31)—2

Bai 17. Tim gia tri 16n nhat (gia tri nhd nhat) ciia biéu thic sau:

a) A=+vax?—6x+11; b) B = v4x? — 4z + 2;
1

c) C'=+2x2—2x+3; d)D:\/xz—z—i—Z;

e) B =+—2?—3+4x; f) F=+v-322—6x+2.

Q a) 2 b)l c)% d)0e)1f)5
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Chuong 1. Can béc hai. Can bdc ba

L&p Todn Thay Ding - Ta Quang Blru

y J/ J J

LIEN HE GIUA PHEP NHAN, PHEP CHIA VA PHEP KHAI
PHUONG

Bat 56 e

Y ®
Bai 1. Tinh :
a) 2v/5 (V6= VI0) + 10v2; b) 3(9v7 - 4v28 - 3v3) — V21,
) (2v2-1)(3-v3) = V3(1 - V3); d) (3+v5)(6 —2v/5) — V12V/13.
& a) 10 b)3v/7 — 9v3 — V21 ¢)6v/2 — 2v/6 d) 8 — 24/39
Bai 2. Cho 7,y la cac sd duong. Rit gon
a) 3v/x — 5z (Vr —4) + 5; b) x (Vr —y) + /xy (1 + /7Y);
¢) 3z — (3y/x — 1) (/T +2); d) (4— 7)) - (Vg -3)°.
& a) 23\/x b)ay/x + /Ty €)2 — 5/x d) T—2./y
Bai 3. Rut gon:
a) V9 —4v5- /9 + 44/5; b) (2v/2 — 6) - V11 + 6v/2;
) V2V2 -3 (V3+1); d) vV2-v3- (V6-+v2) - (2+V3);
e) V27 +10V2: (\/51_5)2; f) V14 —6v/5- (?+1).
& a) 1 b)—14c)2d) 4e) —23- (V2-5) f)g
Bai 4. Rat gon:
1 12 /5 30
B b) SV ) 56
d) ﬂ e) 2_\/5. f) 11+\/ﬁ.
2\/57 \/§ ) ]_—I—\/ﬁ’
)\/ﬁ—\/? h)\/§+\/§. y V10— V2
SV 216 VEo1
&) V5 b)ﬁf VB d) 2v5 &)V2 — 1 HVIT g)—v7 h)? V3
Bt & e BIEN POL, RUT GON BIEU THUC CHUA CAN BACHAI _
N

Bai 1. V6i cac biéu thiic da cho c6 nghia. Rit gon:

T —/x avb — \/a a+1+4+2Va
1) i1 4) Tooive 7) i
x/x — 21 a—1 3Vr—x
DS 5 et R W
Ty — yvx 4—x y+12 — 4/3y
3 UL 0 g o) L=t
5/84 g
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3. Bién ddi, rat gon biéu thirc chira cdn bac hai L&p Todn Thay DUng - Ta Quang Blru

y J J J
Bai 2. Khit miu ctia cac biéu thiic 1y cin sau - Rit gon:
1)/ n % 7 (0= V32
3 27
5 1-+5 —
P \ﬁ \/ 8 \/j
) V3 ) zy y
/4 |7 b /b
Bai 3. Truc cin thitc § mau ciia cac bidu thiic sau:
5 1 a
1) —. 4) ——. 7) :
) 7 ) v 2a—1
11 5! 99—z
= ) ——. 8 .
2) 2\/3‘ ) 2\/3 ) \/54—3
1
S 6) V3 9 — 1
35 N Vatvati
Bai 4. Truc cén thiic 6 mau clia cac phan thic roi riat gon:
1 1 1 1
1 — . 7 + .
U, R ) i tiove
Va3 VB2 3-v2 V2-1
1 1 3—1 4
3) + : 9) V3 - .
3-2v2 1-+2 V3+1 1-3
gL ) YE=V3 VB
3-2v2 3+2V2 V24+V3 V32
4 1 V2—1 3-v2
5) - : 11) - .
V-3 V542 V241 3442
6 1 N 2v/3 12) VE+2 6-2V5
3-2v2 2++/5 V-2 3445
>65>6>BAI TAP TU LUANGO GO
Bai 1. Tinh:
1) 3v/125 — 2¢/20 — 3+/80 + 41/45. )2\/—+\/—__\/E+ \/g'
2) V1100 — 7v/44 + 2v/176 — v/1331. 5) —2v/50 + v/18 — 3v/80 + V125.
3) V20 — 21/45 — 3v/80 + 21/45. 6) 2v/8v/3 + 2v/5v3 — 3v/20V/3.

Bai 2. Khit mau céac biéu thic lay can roi rit gon biéu thic:

I 1 I
1) 5\@*5@* V15. 2) \@+\/_4,5+\/1_2,5.
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Chuong 1. Can bdc hai. Can bdc ba

L&p Todn Thay Ding - Ta Quang Blru

7/84 ’

3) g\/6+2\/§—4\/g.

4
4) 5\/x + 6 ——SE\/;V611’>0.

Bai 3. Rut gon
35— 5V
315

5v/6 — 65
215 - 5v2
14 — 65
V5-3
9 — 45
VE—2'

Bai 4. Rut gon

)

2)

3)

4)

"

5426
xr+a\/x

a/r

2x
44z

6 3v3+3
1-v3  V3+1'

5)

6)

7)

y J/ J J

2
(\/7 \/ x+\/6x) V6zx véi > 0.
6) \/%+\/%+%\/%V(ﬁa,b>o.

(V3 —5)2 +4V/15
V34++5 '

8v/6 — (V3 +2v2)
4/2 —23

126 — (V6 + 3)?
23 -3v2

(VE+2)2 -85
5V6—-8

5\/5—2\/‘ 6
f—f — /10
5—\/5+ 3
1-v5 V2-+5
7 _\/1_8—3\/5
3W2-5 V3—1
6, 7T 2
V-1 1-v3 V3-5
5 B 2 B 1
3—VT V243 V2-1

VI2—-6  3+v3 4
V8—v24 V3 VT-1

10)

11)

12)

13)

Bai 5. V6i cac biéu thiic da cho 1a c6 nghia. Rit gon:

dy/x —x—4
1) —— 1
%) T+y—2Try
Ty — YV
x—9
T —r—2/r+2
4) ] .
x—4

5)

/T + 22 — T — 2

6) \/@_3\/?7
x\/§—5\/@+6\/§'

D (o+727) 2+ 37 5)

0 (F2+2) (-1)

a+ b+ 2vab a—>b

) Vit Vb Ja—- b
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4, Canbdc ba

L6p Todn Thay Ding - Ta Quang Blru

10) a\j___f}[ Vab. 11) (y\/__x‘/_

Bai 6. V6i cac biéu thic da cho da c6 nghia. Hay rit gon:

) (5220 (£1)

20z —4 z-4 2
2 (- 20) ()

) (- L) ().

2 1 VT +4
3T 2J/z—2 6yz—61
vV +1 1 2yz(1 - V)
Vi—-3 Ji+3  9-z

0 (g3vet122) (o v5)

4)

5)

2+\/_ r—2/T T
") (1 3{1) (\/_1+1 aﬁ+%a+a+1)'

\/_—3 Vo —2 99—z

2—\/_ 3+ x+T—-6

0) V=1 Vz+3 w45
Vi+l -2 x—r-2

2x + 1 VT 1+ Va3
10) (@_1_x+\/§+1> (1+\/z _‘/E)

247 VI—=2\ai+z—T—1
1) (x+2\/5+1_ x—l) Nz ‘

8)

i Y

) (-

Bt b e CAN BAC BA
.ﬁ/
Bai 1. Tinh - Ruat gon
1) v27. 6) /0,064 10 Y135
) \3/5 -

2) /8. . \/m
3) VL. ' Vo

11) V/7+5V2.
4) ¥/—343. 8) V7 +5v2.
5) —+/729. 9) V27 — /=8 — v/125. 12) v/26 — 15/3.

Bai 2. So sanh
1) 5 va v/123.
2) /210 va 3+/5.
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Chuong 1. Can bdc hai. Can bdc ba L&p Todn Thay Ding - Ta Quang Blru

V' J J J
3) 2v/7 va 3v/2.
4) 5v/6 va 6v/5.
Bt 36 e ON TAP CHUONG 1
@ & @
Bai 1. Tinh
) 2ﬁ—3¢%+%\/ﬁ 2) ;m+2m_6m+ﬂ.
3) 36 %—g\/ﬁ—w\/ﬁ 4) V16 — 2v/8 — 3v/32 + V/72.
5) 6v/T2 — 2v/I8 + 5v/75 — 7v/T08. 6) _m+3m_6m_%¢m
7) 2v/40v/12 — 2¢/V75 — 31/5V/48. 8) V8v3 —2v/25V/12 4 41/1/192.
9) (2v3 4+ v5)v3 — V/60. 10)(V99 — V18 + V11)V/11 + 3v/22.
11)(V28 — V12 — VT)V/T + 2V/21. 12)(5v2 + 2v/5)v/5 — v/250.
13)(v6 — v/5)* — V120. 14)(2 - v2)(=5v2) — (3v2 — V5)%.
15)5\/§+%\/2_—\/5. 16)%\/41_—%4-5\/%.
Bai 2. Rt gon
1) \/%—m+\/@véia>0.
2) 160z + 2v/40z — 3v/90z véi z > 0.
3) V27a — 2v/3a + 24/48y — 3/T5y véi a, y > 0.
4) 2v/20a3 — § -av/45a + % - a+/320a véi a > 0.
5) \/%+\/%+%\/§vém,b<o.
Bai 3. Rut gon
D) V3= V72— (VT+2 2) /(5= 2V3) +/(V3 -5
3) V@V2- V32 (VI 2V3) 1)V (VIT=3v2)? = (VIT - V2]
5) V(4 — VD2 (4 + V7). 6) (V3 — VB2(V5 + V3).
7) (12v2 — 17)2(3 + 2v/2)%. 8) (—\/‘ - g) V27 — v/560.
9) V14 — 6v/5 + /14 + 6+/5. 10)v/7 — 2v/10 — /7 + 2V/10.
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5. Ontép chuong 1

L6p Todn Thay Ding - Ta Quang Blru

1DV11 — 6v2 — /3 — 2V2.

13)3/46 — 6v/5 — /29 — 12V/5.

15)(v/3 — 2)V/ 7 + 4V/3.
17)V11 4 6v/2(4 — 3v/2).

19)V/17 — 49 + 4v/5.
22 +21/5 + V13 — V.

23)V/ V2 + 23 + V18 — 8v2.

Bai 4. Rut gon va tinh

12)V/47 + 61/10 — /23 — 61/10.
14)v/13 — V160 — /53 + 4v/90.
16)v/9 — 4v/5(2 + V/5).

18)(+/10 — 6)/23 + 61/10.

20)y/13 + 30v/2 4+ V0 1 4v2.
22)\/\/_— \/3 — /29— 125
24)\/4+ V5v3 + 5v/48 — 107/7 + 4.

y J/ J J

1
1) \/9x—12\/§+4—9\/§+1taix:§Va:v>0.

1
2) \/4a—12\/5+9—4\/5—1taia::1vaa>0.

3) Va+5—2v5r — Vo +8—4y2z v6i 5 <z < 8.

Bai 5. Rat gon

10/84 '

(VA= VT = VA+VT+V2).
2) V4 - V15— V4 + V15— V6.

3) V15+5v6— /3 -5

4) VE4+ 21+ /5 — V21 —2v/4 —

1) V2
)
)
)
5) V2 -3 (V2+V6).
)
)
)
)

6
7) (V104 v2) - (6 —2v5) - V3 + V5.
8) (V10 +v6) - (4 — V15) - V4 + V15.
9) V7 —3V5-(7T+3V5) - (32 + /10).

10) 2¢/4 4+ v/6 — 2¢/5 - (VI0 — V3).

5<\/2+\/§+\/3—\/_—\/2)2+<\/2—\/§+\/3+\/_—\/§>2.

2) 21(\/2+\/§+\/3—\/5)2—6(\/2—\/§+\/3+\/5)2—15\/1_5.

Bai 6. Rat gon

B Thdy Nguyén Ngoc Ding - @ 0976.071.956 ﬂ



Chuong 1. Can bdc hai. Can bdc ba

L&p Todn Thay Ding - Ta Quang Blru

1 1 1 3
1>3—2\/§_3+2ﬁ' 2 V2—V3 VIR+2V3
2 -2 3 V2 -1
3)\/5—2+\/3+2' 4)1—f+f+1'
5) VTi+Vs VT-V5 >\/_+\/_ V3-v2
VTV T+ V6 + 2 V6 —2
3 2 1 12 4 20
N i i At A Y r1 ez 3+
0) 15 2 3 10)\/1_—\/5_2—\/5
12-6v3 1—-V3 V71-4/3 VE—1  V2-1
1>5\/_—2f V20 — 3v10 )\/_—\/_ 6+ 2v6
V2 -5 3-v2 V5 —2 V3+V2
6—v6 6++6 34+2v3  2+42
13)%—1+ 5 14) v SRV
9+4v5 5v5—38 54+v5\ [(5—V5
15) f+2+2_\/5' 16)<1+1+\/3)( —f_l)'
7T—VT T+ VT 5-2v5 5+3V5
o (12120 (122, i (A2 ) (20 )
19) 2 _3—2\/5 2)3f 2\/‘ 5
V3-VE  2-3 V3—v2  1+6
2)\/_+\/_ 1 )6\/_ 4 3v/2-6
V3+v2  V5-2 V2-3  1-v2
342V3 24412 1 5+2f 5+3
SV B PR ;| WEE s Vs
8+2v2 2+43V2 V2 3 2+ /2
25) Y I +1_\/§. 26) 11_4ﬁ+2—ﬁ+1+\/§'
oy, 1 ) V3 —V5(3 +v/5)
V2—v3 V243 Vio+vz
29>\/3¢§—4 V344 30) 5+VT 5T

+ .
23 +1 5—2v3

90— /2318V7 2—+/16+6v7

Bai 7. V6i cac biéu thiic da cho la cé nghia. Hay rit gon:

)a\/_—b\/_ 1
Vab  a+ Vb
av'b —by/a
3) NGV — Vab.
5) a+4+4\/5_ a—4
Va+2 Va—2

)x\/_—i—y\/_ 1
ViV
a—3va 5v/a — Vab
4) (2— \/__3)(2— s )

6) x—l—y—Q\/@_ T—y
ViV VT
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5. Ontép chuong 1 L6p Todn Thay Ding - Ta Quang Blru

g y J J J
(Vo —y)* +4yv/r 1 ay/a+b
R e v )
NN N (avb— Vab) (ay/a + 1)
9)<\/5 Vi **ﬁ>< y) O e varn@-1
1y = VD) (VT +2v0) 1y YD (o= Vab) (Va+ vB)
(vay —y) (av/a + Vo + 22) (a—b)(\/_-l-a)
Bai 8. V6i cac biéu thitc da cho la c6 nghia. Hay rat gon
1 1  Va+l V-1
1 (a 7 \/5—1)@_2@“' ( :z:+\/_>'x\/5—\/_
1\ (Vi—-1 1-yz 1 2
3) (ﬁ_ﬁ>( Nz +x+ﬁ>‘ ( a—1 a—+a ) (f+1 a—1)'
Va—2  a+?2 4 VT —2 VT +2 1—x)\?
) (Vs ) (Vi) o (- ) ()
1 1\ (Va+1l a+2 T —20+28 JT—4 JT+8
") (\/5—1_%>‘(\/a—2_\/a—1>‘ 8) r—3vi—4  Vitl d-vz

& Dang 2. Phuvong trinh

Bai 9. Giai cac phuong trinh sau:

1) Va2 —2r+1=1. 2) Va2 —dx +4=1.

3) V1 —dx + 422 = 5. 4) /4(1 -2z +2%) —6=0.

5) V922 =22 + 1. 6) V9 — 61 + 22 = z.

7) Va2 +6x +9 =3z — 1. 8) VrZ+dr+4 =2z —1.

9) V4a? —4da + 1 = 4x + 3. 10) VA4z2 + 1 — 4o = V2% + 16 + Sz.

11) V922 + 62 + 1 = /a2 + 6 — 21/6z.

Bai 10. Giai cac phuong trinh sau:

1) V2r —5=T1. 2) V2r —3=13

3) 3+Vr—2=4. 4) Vo2 —T7=2

5) 2— 22 —1=0. 6) 3—Va2+3=0

7) Jr(x —2)— /3= 8) 3—/—z(x+6)=0
9) V222 +7=2—1 10)V3—z=3z—-5

1) Viz —3 =2 -2 12) 3z +vbr +4=0
13) 2z —3 =z — L. 14) 22 =3 -z + 3 =0.
15) V6 — 2 — /=32 = 0. 16) 22 — 5 = \/4z — 9.
17) Va2 =2z —4 =2z 18) Va2 —x — 2=z + 1.
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Chuong 1. Can bdc hai. Can bdc ba L&p Todn Thay Ding - Ta Quang Blru

y J/ J J
Bai 11. Giéi cac phuong trinh sau:
1) Oz + Az — /16 = 3. 2) 32z — 5/87 + 7v/187 = 8.
3) V3xr —V12x + 1 =27z — 11. 4)VIr+9 -2V +1=4.
1
5) \/4x—20—|—\/x—5—§\/9x—4 = 4. 6) Vir+8—V9x +18 — Vo +2=—x +T.

N VIT+18—1/92+9=—Var+ 1+ +2.

8) vb0x + 25+ v/9z + 9 = /162 + 16 + /327 + 16.

& Dang 3. Todn chirng minh

Bai 12. Chiing minh

) (%—@)+([—ﬁ)2=1véix,y>o;

m\/_—l—y\/_ Ty + /7Y

b = \/_+1—x+yvéix,y>0;
(1+\/_+1):x+‘/2_\7_il—ﬁ+1vaix>o;
(gi \/§+1 4\/_)(\/_—%):4xvéix>0wax7él;
<ixy ‘/\};\{/__)) \/_2+\Ff \/_\/g\/_—lvéia:,y>0vaa:7£y;
f) (\/— i’/_;/\;)x%(zy*/)_ VI —VEVGiz, y>0va T Ay
h) varvh o vazwvb o 2 Vbt

2/a—2v/b 2/a+2vb b—a Ja— b
Bai 13. Chitng minh céc biéu thitc sau khong phu thuoc vao z, y
1 1 241
a=( -
2) 2rovz 2-2yr 1-a2
2\/x T — 2
b>B:<\/y+\/_\/’§> VE VY

1
)<1+—) véixz >0vax#1;
T

v6i x, y > 0 va x # 0;

2T+ D)) ViV i E

& a)l b)l

& Dang 4. Rit gon va diéu kién cé nghia

) 1 1
Bai 14. Cho biéu thic A = ( +4/1 —x) - ( + 1).
V1+z V1—22
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5. Ontép chuong 1

L6p Todn Thay Ding - Ta Quang Blru

a) Tim x dé A c6 nghia;

b) Ruat gon A;

¢) Tinh A véi x =

y J J J
V3
2+ /3

&a)-1l<zx<1l bVl-= C)\/gfl

Bai 15. Cho biéu thiic B =
(f L

a) Rat gon B;

b) Ching minh B > 0;

:r\/_—y\/@) .

y—x

Vit i

(Ve = Vi) oy

¢) So sanh B véi VB;

) Ty . .
a{d)i;l?f\/@er b)B>0 ¢)B<VB
y 2 2 — 4 2 3
Bai 16. Chobiéuthﬁ’cC’z( +\/E_ \/E_ ¢ )—( — vt )
2—Va 2+ a a-—4 2—\a 2va—a
a) Ruat gon C; b) Tinh gia tri ctia a dé C > 0;
¢) Tim gia tri ctia @ dé C = —1;
4a 9
& a) N b)a > 9 c)a:l—G
. 2 -9 3 2 1
Bai 17. Cho biéu thie D — —¥°—9__Vo+3 2o+l
r—5/r+6 Jrx—2 33—y
a) Ruat gon D; b) Tim x dé D < 1;
c¢) Tim gia tri nguyén ctia x dé D € Z;
& a) gii b){?ij <9 e € {16:25;49}
; 1 -1 1-
Bai 18. Cho bieu thic P = (\/5——) + (ﬁ ﬁ)
N3 Nz T+
a) Rut gon P;
. 2
b) Tinh gia tri ctia P biet z = .
) gid tri 2+ 3
¢) Tim gia tri cia & théa man Py/x = 6y/x — 3 — Vx — 4;
L WE+1)? 3V34+3
& a) NG b) 5 c)4
. 4 -1 2
Bai 19. ChobiéuthfrcP:( Ve + s )—(ﬁ———>
2+Vx 44—z r—2y/r T
a) Tim gia tri ctia x dé P xac dinh? b) Rut gon P;
¢) Tim x sao cho P > 1;
fz >0 4z .
& a) L # 4. b)iﬁ,g' c)z > 9.
y 9 3 1 1
Bai 20. ChobiéuthﬁcC’z( Ve +$+ )—(ﬂ——)
3+vr 9—=x r—3yxr x
a) Tim gia tri ctia x dé C xac dinh. b) Tim z sao cho C' < —1.
& a) {7’,;8 b)xz > 16.
N .2 2 —4
Bai 21. ChobléuthﬁcP:(x+ —\/E)—(\/— oV )
Ve+1 l—2z Vr+1
a) Ruat gon P. b) Tim z dé P < 1.
¢) Tim x dé P dat gia tri nhé nhat.
VE-1 fz>0
& a) itz b)l;r;él. c)xz = 0.

o
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Chuong 2. Ham sé. Ham sé bac nhét L&p Todn Thay Ding - Ta Quang Blru

y 4/ J J
Y § Chung D
HAM SO. HAM SO BAC NHAT

Bt $5 0 HAM SO, HAM SO BAC NHAT
o N~ ®
Bai 1. Cho ham s6 y = f(z) = 42% — 1.
p 1
a) Tinh £(-5); £(0); £ ().
N z .z . 2 Z, s 1
b) Tim cac gia tri cia = tng véi f(z) = —1; f(x) =0; f(z) = 3
c) Dién cac gia tri tuong ting vao bang sau:
T -3 -2 2 3
5
=422 -1 3 .
) Z 1
@) f(=5) =99, f0) = =1, f (5 ) =0 ) o =00 —kf o2

Bai 2. Chitng minh ham s6 y = f(z) = 3z dong bién trén R.
Bai 3. Ching minh ham s6 y = f(z) = —2z + 1 nghich bién trén R.
Bai 4. Cho ham s6 y = f(x) = (m — 1)z — 2.

a) Tim diéu kieén dé ham s6 trén 1a ham s6 bac nhat.

b) Xac dinh m dé ham s6 trén nghich bién.

c) Biét f(2) = —3. Xéc dinh cong thitc chinh xac cta f(x).

& a) m#1;b) m>1;c) y:f%wa

Bai 5.

a) Vé trén cing mat phang toa do Oxy do thi clia cdc ham s6 sau

3 1
(d):yzéx—l (1); (d/):y:—§x—|—2 (2).
b) Tim toa do diém M thuoc (d) va c6 hoanh do 1a —2.

. 1
¢) Tim trén (d') diem N c¢6 tung do la —5

Bai 6.

a) Vé trén cling mat phang toa do Ozy do thi cac ham s6 sau
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2. Puong thdng song song - Budng thé&ng ct nhau L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

y=-2x+5 (1) y=x+2 (2).
b) Trong céc diém sau, diém nio thudc do thi ham sb (1).
A(1;3), B(—1;3), C (%;6), D (2;2).
¢) Tim trén dd thi ham s6 (2) diém E c6 hoanh do 1a 0,5 va diém F ¢6 tung do 1a —3.
& b) Diém A va diém D; c) E(0,5;2,5), F(—5; —3)
Bai 7.
a) Vé trén ciing mat phang toa do Ozy do thi cac ham s6 sau:

1
y=52-2 (1) y=—22+3 (2).

b) Cho biét B(a; —0,5) thuoe do thi ham s6 (1). Tim a.

¢) Xac dinh toa do diém C thuoc do thi ham sé (2) va nam trén truc hoanh. Diém D la giao diém
ctia do thi ham s6 (2) va truc tung.

& b)a=3;c) C'(;; 0), D(0;3)

NHAU

9 DPUGNG THANG SONG SONG - PUONG THANG CAT

Bai 1.
a) Vé trén ciing mat phang toa do Ozy do thi cac ham sb sau:

2 2
Yy = 2x; Yy = 2z + 5; y=—3% y=—§x+5.

b) Bon dudng thang trén cit nhau tao thanh tit gisc OABC. Tt gidc trén c6 phai hinh binh hanh
khong? (O 1a gbe toa do)

Q b) OABC la hinh binh hanh

Bai 2. Cho ham 86 bac nhat y =2z +k viy = (2m + 1)z + k — 1. Tim m va k dé hai dd thi ham sb
trén la

a) Hai dudng thang cit nhau. b) Hai dudng thang song song.

c¢) Hai dudng thing triing nhau.

Bai 3. Chohamsébacnhétyz(m—%)x—i—Z (Hvay=(2-m)x—3 (2).

a) Véi gia tri ndo ctia m thi do thi hai ham s6 trén song song véi nhau?
b) V& do6 thi hai ham s6 trén véi gid tri m vita tim duge.

& a) m =

INYRN

2 1 R N
Bai 4. Cho ham s0 y = —57 c6 do thi (Dq) vay = 2x — 5 ¢6 do thi (Ds).

a) Vé (D;) va (D) trén ciing mot mat phang toa do.
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Chuong 2. Ham s6. Ham sé bac nhét L&p Todn Thay Ding - Ta Quang Blru

y J/ J J

b) Tim m dé do thi ham s6 y = (3m? — 1) x + 3 song song véi (Dy).

& b) m = +1

Bai 5. Trong mit phang toa do Ozy, cho ham s6 y = 4z — 6 c6 do thi 14 dudng thang (d;) va ham sb
y = —2x c6 do thi 1a duong thang (dy).

a) Vé do thi (dy) va (dq) trén cting hé truc toa do.
b) Tim toa do giao diém ctia (d;) va (dz) bing phép tinh.

¢) Cho duong théng (ds): y = (m? — 1) x +m? —5 v6i m # 1. Xac dinh m dé ba duong thang (d;),
(d2), (ds) dong quy.

& b) A(1;-2),¢c) m = +2

) 1 N . N
Bai 6. Cho ham s y = 57 c6 do thi la (d;) va ham s0 y = o + 2 ¢6 do thi 1a (da).

a) Vé (dy) va (dy) trén cung hé truc toa do Oxy.
b) Tim toa do giao diém A ctia (d1) va (dy) bing phép toan.

¢) Cho dudng thang (d3): y = mz + n. Tim m va n biét (d3) song song v6i (ds) va (d3) qua diém
B(—3;1).

& b) A(—4;-2),¢) (d3):y=z+4

Bai 7. Cho cac dudng thang
(d):y=2+2; (do):y =27+ 1 (ds): y = 3.
a) Vé (dy) va (do) trén cing mot mit phang toa do va tim giao diém ctia hai dusng thang biang phép
toan.
b) Chiing t6 ba duong thang (d;), (ds), (d3) dong quy tai mot diém.
Bai 8.
a) Vé cac do thi ham s6 sau trén cting mot hé truc toa do.
2) (D) y=o+1; b) (D) y = —2+3.

b) Hai dudng thing (D) va (D’') cit nhau tai C' va cit Oz theo thi ty tai A, B. Tim toa do cac
diém A, B, C.

¢) Tinh chu vi va dién tich cia tam giac ABC.
& b) A(1;2), B(—1;0), C(3;0); ¢c) Chu vi: 4 + 42, Sapc = 4

Bai9. Cho (d):y=(k+1)z+3 (k#-1)va(d):y=3-2k)z+1 (k%g)

a) Tim k dé (d) va (d') 14 hai dudng thing song song.
b) Hai duong thing trén c6 thé trimg nhau khong? Vi sao?
& a) k= % b) (d) va (d') khong thé trung nhau.
Bai 10. Cho dudng thang (d): y = ax +2 (a #0) va (d'): y = a'x — 3.
a) Tim a biét (d) di qua diém A(2; —6).
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3. Hé sé géc clia dudng thédng y = ax + b (a # 0) L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

b) Tim a’ biét (d') cat truc hoanh tai diém c6 hoanh do la —2.
¢) Tim toa do giao diém ctia (d) va (d') v6i a va a’ vita tim dugc.

& a)a=—4;b)d = 73: c) (2;-6)

2 1
Bai 11. Cho duong thang (D): y = ax — 3 va (d): y = -3z —b.

a) Vé do thi (D), biét dudng thing (D) song song véi dudng thing (d).
b) Tim b biét diem B(—3;1) thuoc do thi ham s6 (d).
¢) Tim giao diém ctia duong thang (D) va truc tung.
1

& b) b=38;c) (0; 75>

Bai 12. Viét phuong trinh dudng thang (d), biét (d) // (D): y = 2o — 3 va (d) cat (d'): y = 3z + 1 tai
diém c6 tung do la 2. & (d): y— 20 + %

Bai 13. Cho hai ham sb6
y=(k=2z+k (k#2) 1);  y=(k+3)r—k (k#-3) (2).
V6i gié tri nao ctua k thi
a) DO thi ham s6 (1) va (2) cit nhau tai mot diém trén truc tung.
b) D6 thi ham s6 (1) va (2) cit nhau tai mot diém trén truc hoanh.

& a) k=0;b) k=0, /\'::75

Bai $6 e HE sO GOC CUA PUONG THANG y=axr+baF#0)
—

Bai 1. Cho ham s6 y = —2x + 3.

a) Vé do thi ctia ham s6.
b) Tinh goc tao bdi dusng thang trén va truc Ox.

& b) o = 116°33'54"
Bai 2. Cho hai ham s6 y =2 — 5 vay = —x + 3 ¢6 do thi 1a (d;) va (dy).
a) Vé do thi ctia hai ham s6 trén trong cting mot mat phang toa do.
b) Tim toa do giao diém ctia (di) va (dy).
¢) Viét phuong trinh ctia duong thang (d) di qua diém A(2;3) va song song véi duong thang (d;).
& b) (1)) y=az+1
Bai 3.
a) Vé do thi cdc ham sb sau lén mat phang toa do (d): y = 0,50 +2 va (d'): y = 5 — 2u.
b) Tinh s6 do céc goc tao bdi dudng thang (d) va (d').
& b) 116°33'54"

Bai4. Cho haiham s6 y =z — 3 vay = =22 + 1 ¢6 do thi 1a (d;) va (da).
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Chuong 2. Ham s6. Ham sé bac nhét L&p Todn Thay Ding - Ta Quang Blru

19/84 ‘

a) Vé do thi clia hai ham s6 trén trong cting mot mat phang toa do.
b) Tim toa do giao diém clia hai dudng thang trén bing phép tinh.

¢) Viét phuong trinh ctia duong thang (d) di qua diém M (2; —5) va song song véi dudng thang (dy).

& D) (%*2) c)y=-2x—1

Bai 5. Viét phuong trinh duong thang (d) 13 do thi ctia mot ham s6 bac nhat, biét (d) song song véi
(d):y=—x—2va (d) cit truc hoanh tai diém c6 hoanh do la —3. & y=—2—3

Bai 6.
a) Vé do thi (d) ctia ham s6 y = 2z — 6.

b) Viét phuong trinh dudng thang (d'), biét ring (d’) song song véi (d) va cit truc hoanh tai diém
c6 hoanh do bing 5.

& b) y=2x—10

Bai 7. Cho ham s6 bac nhat y = az + b c¢6 dd thi la dudng thing (d). Tim a, b trong cac trusng hgp
sau:

a) (d) song song véi (d'): y = 2z — 1 va (d) di qua diém A(2; —5).
]_ - 2
b) (d) song song véi (d'): y = 3% + 3 va (d) cat truc tung tai diem c6 tung do 1a —1.

¢) (d) song song véi (d'): y = —3x + 2 va (d) cit truc hoanh tai diem c6 hoanh do 1a 2.
Qa)y=2z—9b)y= %:rf —lc)y=-3x+6
Bai 8.
s R 1
a) Vé do thi (d;) ctia ham s6 y = —5¢ + 3.
b) Xac dinh ham s6 y = ax + b c6 do thi (dy), biét dd thi ham s6 (dy) di qua diém A(1;4) va song
song véi dudng thang (d;).
19
& b)y= —3% + 5
Bai 9. V6i gia tri ndo ctia m thi do thi cac ham s6 y = 2+ 3 — m va y = 2o + 5 + m cat nhau tai mot
diém ndm trén truc tung. & m=—1
. 1
Bai 10. Cho céc duong thang (d) :y=ax+b (a #0); (d) 1y = —57 +3va(dy):y=2—1. Tima,b
biét
a) (d) J/ (dy) va cat (do) tai diém c6 hoanh do 1a 1.

b) (d) song song v6i dd thi ham s6 y = 22 va di qua giao diém cta (d1) véi (dy).

1 1 11
& a) (1,:75:!): 5 b) (1:2;/):7§

y J/ J J

e
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4, Cac baditap Téng hop L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

Bt 36 e CAC BAI TAP TONG HQP .
—

Bai 1. Chohams6 y =2z +1. (1)

a) Vé duong thang (d) 1a do thi cia ham s6 trén va tinh géc tao bdi dusng thang (d) véi truc hoanh.
b) Diém nao sau day thuoc do thi ham sb (1) : A(=2,—3); B(3; —1).

¢) Trén dudng thang (d) liy hai diém C c¢6 hoanh do 1a 3 va D ¢6 tung do 14 —2. Tim toa do clia
diem C va D.

d) Cho (d1):y=ax+b (a#0). Tim a,bbiét (d) // (d1) va (dy) di qua diém E(—1;2).

e) Viét phuong trinh duong théng (dy) c6 hé sé géc biang —1 va cit truc hoanh tai diém c6 hoanh
do la 2.

& a) 63°26'9" b) A € (d) va B & (d) c) C(3;7); D <7§ 72) d)a=2b=4¢) (d) :y=—z+2
Bai 2.
a) Trén cling mat phang toa do, vé cac dudng thang (d;) 1y =2 — 1 va (dy) 1 y = —x + 5.
b) Tim toa do giao diém ctia (d;), (ds) bang phép tinh.

¢) Biét dudng thang (d) 1 do thi ham s6 bac nhat y = ax + b. Xac dinh a, b biét (d) // (dy) va giao
véi truc tung tai diém c6 tung do la 3.

& b) (2;3)c)a=—1;b=3

Bai3. Cho (d) :y = —%x—f—?)

a) Vé (d) trén hé truc toa do.

b) Tim trén (d) diém M c6 hoanh do 1a 4 va diém N c¢6 tung do 1a 2.

¢) Tim giao diem cta (d) va (d') : y = 3z — 1.

@ b) M(11); N (22) ) (55 )

Bai 4. Cho duong thang (d) 1y = (m —2)x +m+4va (d) :y = -3z + 2.

a) Tim m dé (d) // (d).

b) Tim m dé (d) va (d') cit nhau.

¢) Tim m dé (d) va (d') trimg nhau.

& a) m = —1b) m # —1 c¢) Khong ton tai m
Bai5. Cho2hamsby=2m—1)z+n, (1)vay=(-5+m)z+n—2, (2)
a) Tim m,n dé cac do thi ham s6 (1) va (2) song song.
b) Tim m,n dé cac do thi ham s6 (1) va (2) cit nhau tai mot diém.
¢) Tim m,n dé cac do thi ham s6 (1) va (2) triing nhau.
& a)m=—4, n €R.b) m#—4, n€R. c) Khong tn tai m, n.

Bai 6. Cho hai dudng thang (dy): y = (2+m)z + 1 va (dy): y = (1 + 2m)z + 2.
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Chuong 2. Ham s6. Ham sé bac nhét L&p Todn Thay Ding - Ta Quang Blru

y J/ J J

a) Tim m dé (d;) va (dy) cit nhau.

b) V6i m = —1, vé (d;) va (dy) trén ciing mat phang toa do Oxy rdi tim toa do diém ctia hai dudng

thang (d;) va (dy) bing phép tinh.
& a) m #1.b) (di) cat (dz) tai mot diém c6 toa do (% g)
Bai 7.

a) V6i gid tri nao ctia m thi hai dudng thing y = 2z +3 4+ m va y = 3z + 5 — m cat nhau tai mot
diém trén truc tung.

b) Viét phuong trinh duong théng (d) biét (d) song song véi (d'): y = Sta cit truc hoanh tai diém
c6 hoanh do bing 10 .

& a)ym=1.Db) (d):y= 7%m+5.
< . . 1
Bai 8. Cho hai duong thang (d) : y = 2% +2va(dy):y=—x+2.

a) Vé (dy) va (dy) trén ciing mot hé truc toa do Oxy.

b) Goi A, B lan lugt la giao diém clia (d;) va (dy) véi truc Oz, C la giao diém ctia (d;) va (dy). Tinh
chu vi va dién tich cuia AABC.

& b) Dien tich AABC bang 6.

Bii s e CAC BAI TOAN THU'C TE UNG DUNG HAM SO
N

Bai 1. Cach day hon mot thé ky, nha khoa hoc ngusi Ha Lan Hendrich Lorentz (1853 — 1928) dua ra
cong thiic tinh s6 can ning li tudng ciia con ngudi theo chiéu cao nhu sau

T — 150
M =T -100 — —N (cong thic Lorentz)

Trong d6 M 1a s6 can nang li tudng tinh theo kilogam; T la chiéu cao tinh theo centimet; N = 4 vdéi
nam gidi va N = 2 véi nit gidi.
a) Ban An la nam gidi chiéu cao 1,6 m. Hoi can nang clia ban nén 1a bao nhieu kg dé dat 1i tudng?
b) V6i chiéu cao bang bao nhieu thi s6 can ning li tuéng ciia nam gidi va nit giéi bang nhau?
& a) 57,5 kg. b) 150 cm.

Bai 2. Dién ap V( don vi V) yéu cau cho 1 mach dien duge cho bdi cong thitc V = /P - R, trong d6
P la cong suat (don vi W) va R la dién trd trong ( don v Q).

a) Can dién 4p bao nhiéu dé thap sdng 1 béng dén A c6 cong suat 100 W va dién trd trong ctia bong
den 1a 110 Q7
b) Béng den B c6 dien ap bang 110 V, dién trd trong la 88 € c¢6 cong suat 16n hon béng den A
khong? Giai thich?
& a) V =10110 V. b) Vay cong suit den B 16n hon.
Bai 3. Do gidm huyét 4p ctia mot bénh nhan duge xac dinh bdi cong thic
G(z) = 0,024(30 — z)
Trong d6 z 1a liéu lugng thude tiem cho bénh nhan cao huyét 4p (z duge tinh bang mg). Tinh nong do

gidm huyét 4p ctia bénh nhan sau khi tiem 10 mg thudc? (két qua lam tron t6i 1 chit s6 thap phan).
& G(z)~0,5.
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5. Cdc baitodn thuc té ing dung ham s L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

Bai 4. Dé chyén doi lieu thube dung theo do tudi, cac duge si ding cong thiic sau
¢=0,0417D(a + 1)

Trong d6: D la lidu dimg cho ngudi 1én (theo don vi mg) va a 1a tudi ciia em bé, ¢ 1a lidu dimg cho em
bé. Véi loai thube c6 lidu diing cho ngusi 16n 1a D = 200 mg thi véi em bé 2 tudi sé c6 litu ding thich
hop la bao nhiéu? & = 2502

Bai 5. Khi nuoi ca trong ho, cac nha sinh vat hoc da uéc tinh rang: Néu trén mdi mét vuong ho ca co
n con c4 thi khéi lugng trung binh clia mdi con ca sau mot vu can nang 7' = 500 — 200n gam. Sau khi
nuoi vu dau tién thi can ning trung binh méi con cé 1a 200 gam. Biét rang dién tich ctia ho 1a 150 m?.
Hay tinh s6 luong ca dude nudi trong ho. & 225 con.

Bai 6. Thoi gian ¢ (duge tinh bang giay) tit khi mot ngudi bat dau nhay bungee trén cao cach mat
N Z . L . 3d N [N .
nuée d (tinh bang m ) dén khi cham mat nuée duge cho bdi cong thic ¢ = 4 98" Tim thoi gian mot

ngudi nhay bungee tit vi tri cao cach mat nude 108 m dén khi cham mat nuéc? & t~ 5,7 giay.

Bai 7. Mot hinh chat nhat ¢6 kich thude 30 cm. Ngudi ta tang kich thude ctia hinh chi nhat thém x
cm. Khi dé chu ctia hinh ch@ nhat duge cho béi ham s6 bac nhat P = 4x + 100.

a) Cho biét ham s6 dong bién hay nghich bién tren R? Vi sao?
b) Hay tinh chu vi hinh ch® nhat khi tang méi kich thuée 10 cm.
& a) Ham s6 tren ddng bién vi a =4 > 0.b) Chu vi hinh chit nhat P = 140 cm.
Bai 8. O do cao h m ban ¢6 thé nhin thiay duong chan troi cach xa V' km, nhiing dai lugng nay lién he
v6i nhau theo cong thic V = 3,5v/h.

a) Mot ngudi c6 thé nhin thay duong chan trsi cach 392 km tit ctta s6 may bay, héi may bay dé dang
é do cao bao nhiéu?

b) Mot ngusi dang ding & trén dinh Hoang Lién Son 3143 km (cao nhat Viét Nam) thi c6 thé nhin
thay duong chan troi cidch d6 bao nhiéu km?
& a) 12 544 km. b) 196 km.
Bai 9. Mot vat rdi 6 do cao so véi mat dat 1a 200 m. Quang dudng chuyén dong (mét) ctia vat roi phu
thuoc vao thoi gian ¢ giay béi cong thiic S = 4t — 100t + 197. Hoi sau bao lau vat nay cdch mat dat 3
m? & 25 m.
Bai 10. Tha mot vat nang tit trén cao xudng, chuyén dong ciia vat duge goi 1a vat roi tu do. Biét rang
quang duong di ctia vat duge cho bdi cong thiic s = 4,9¢%. V6i s 1a quang duong roi clia vat tinh bang
m; ¢ 14 thoi gian roi tinh bang giay.
a) Néu tha vat ti do cao 122,5 m thi sau bao lau vat cham dat?
b) Hay tinh quang dudng vat roi trong giay thit tu?
& a)t=>5giay. b) s = 78,4 m.
Bai 11. Cong ty do choi Bingbon vita cho ra doi mot do choi tau dién diéu khién tit xa. Trong diéu
kien phong thi nghiém, quang duong centimet di dudc clia doan tau do choi 1a mot ham sb cia thoi
gian t giay, ham s6 d6 1a s = 6t + 9. Trong diéu kién thic té nguoi ta thay ring néu doan tau do choi
di chuyén quang dudng 12 cm thi méat 2 gidy va ctt trong mdi 10 giay thi n6 di duge 52 cm.

a) Trong di¢u kién phong thi nghiém, sau 5 giay doan tau do choi di chuyén duge bao nhicu centimet?

b) Me bé An mua do chai nay vé cho bé choi, bé ngdi cach me 1,5 mét. Héi can bao nhieu giay dé
doan tau do choi tit chd me dén chd bé?
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Chuong 2. Ham s6. Ham sé bac nhét L&p Todn Thay Ding - Ta Quang Blru

& a) 39 cm. b) Khoang 30 giay.

Bai 12. Cong thiic h = 0,4z biéu dién mdi tuong quan giita can ning z (tinh bing kg ) va chidu cao
h (tinh bang m ) cia mot con huou cao co.

a) Mot con huou cao c6 c6 can nang 180 kg thi cao bao nhidu mét?
b) Mot con huou cao co c6 chicu cao 2,56 mét thi can nang bao nhicu kg?

& a) Khoang 2,3 m. b) 262,144 kg.

Bai 13. Sau nhiing vu va cham gitta cac xe trén dudng, canh sat thuong sit dung cong thiic v = +/30fd
dé wéc luong téc do v (don vi dam/gio) clia xe tit vét truct trén mat dudng sau khi thing dot ngot.
Trong d6, d la chiéu dai vét trugt clia banh xe trén nén dudng tinh bang feet (ft), f 1a he s ma sat
gitta banh xe va mat duong (1a thuée do sy “ tron trugt’cia mat dusng).

a) Cho biét van toc ctia mot chiée xe hoi 1a 60 dim/gio, va he s6 ma sat f = 0,8. Tinh chiéu dai vét
truct ctia banh xe trén nén duong khi xe thang gap.

b) Dudng cao toc Long Thanh - Dau Giay ¢6 téc do giéi han 1a 100 km/h. Sau mot vu va cham gitta
hai xe, canh sat do dugc vét truct ciia mot xe 1a d = 172 ft va hé s6 ma sat mit duong tai thoi
diém do6 1a f = 0,7. Chu xe d6 néi xe xtia 6ng khong chay qué téc do. Hay 4p dung cong thic
tren dé uée lugng téc do chiée xe do roi cho biét 16i néi ctia ngudi chii xe d6 ding hay sai? (Biét
1 dam = 1069 m).

& a) 150 ft. b) Ngudi chti xe néi ding.
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L6p Todn Thay Ding - Ta Quang Blru

Y S Clon;
HE PHUONG TRINH BAC NHAT HAI AN

HAI AN

0 PHUONG TRINH VA HE PHUONG TRINH BAC NHAT

B Dang 1. Viét céng thirc nghiém tdng quét va biéu dién tép nghiém

$OVidu 1. Viét cong thitc nghiem tong quat va biéu dién tap nghiém lén mat phang toa do cta
(D): 2 — 3y +6 = 0.

$OVi du 2. Viét cong thitc nghiem tong quat va bicu dién tap nghiém lén mat phang toa do cta
phuong trinh 4x — y = 5.

o

$OVi du 3. Viét cong thitc nghiem tong quat va biéu dién tap nghiém lén mat phang toa do cta
x — 2y = 6.

$OVi du 4. Tim nghiém tdng quat clia phuong trinh 2z — y = 3 va vé dudng thang biéu dién tap
nghiem do6 trén mit phing toa do.

$OVi du 5. Viét cong thiic nghigm tong quat ctia phuong trinh 3z — y = 7 va biéu dién tap nghiem
cua chiing trén hé truc toa do Oxy.

$OVi du 6. Tim nghiém tong quat va vé dudng thang biéu dién tap nghiém clia cdc phuong trinh:

a) Ox — by = —15; b) 3z — 4y = 15.

2 Dang 2. Bién luan nghiém cGa hé phuong trinh béc nhét hai dn

$OVidu 7. Tim m dé he vo nghiém

mx + 2y = —2
3r—y=2>5

mr—y=1 .
$OVidu 8. Cho hé phuong trinh { Y . Tim gia tri cia m de hé phuong trinh trén c6
my —x=m

nghiem duy nhat.

y J/ J J
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Chuong 3. Hé phuong tinh bac nhét hai én

L&p Todn Thay Ding - Ta Quang Blru

y J J J

. 2mr —y = —4 . ) ,

SOVidu 9. Cho hé phuong trinh . Tim dieu kién cua m dé hé phuong trinh c6
: — 92 +8my =1

nghiém duy nhat.

. . —2z+my=4 _ . .
OVidu 10. Cho hé phuong trinh AL 6 Tim gia tri cia m dé hé phuong trinh vo

my — 4,0y =

nghiém.

25/84 '

(m +2018)z + 2y = 6

c6 nghiém duy nhat.
2V2x + (m +2018)y = 9

$OVidu 11. Tim gia tri cia m dé he phuong trinh {

m(z —y) =m*+1
3 2

) . V6i gia tri nao ciia m thi
(m —2m)x+my:m —m° —2

$OVidu 12. Cho hé phuong trinh {

hé phuong trinh vo nghiém.

(m+1)z—2y=3

. Tim m dé hé phuong trinh ¢6 nghiem du
35+ 2y =1 C P g gnie y

$®Vi du 13. Cho hé phuong trinh {

nhat (z;y) thoa dieu kien z > 0.

Bié 36 g GIAI HE PHUONG TRINH BAC NHAT HAI AN
@
v

& Dang 1. Gidi hé béing phuong phdp thé va cong dai sé

$SVidu 1. Sit dung phuong phap thé giai cac hé phuong trinh sau

rT+y=2 or — 2y =1 B — 3 = LD 25 — S = =1
a) B b) B c) _ d) _

2z —y = 1. —d4r+y=-2. 4o + 5y =T. x + by = 16.
) rT+y=2 f dr +3y =6 o) or —2y =1 h) z—3y=23

2 —y = 1. 2r+y=4. —-3r+y=-1 dr + 5y =T.

$SVidu 2. Sit dung phuong phap cong dai s6 gidi cac he phuong trinh sau

) 3z4+2y =5 b) r—yvV2="6 ) 3r 42y =3
a C
4z + 3y = —1. 22z — 3y = 8. 5x + 3y = 10.
{2\/5:17—3424\/3 ) {x\/§+2y:\/§ f {x\/i+y\/§+1:0
€
z + 65y = 2. 3z — yv3 = —6. 3v2z — 5v/3y = 21.
) 21 — by = —6 b) 3z —yvV2=1 ) 2c +3y =1
1
& 13z + 2y = 10. v+ 22 = 5. S5 Ay = 1l

e
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2. Gi&i hé phuong trinh bac nhét hai én

L6p Todn Thay Ding - Ta Quang Blru

y [/ J J
$OVidu 3. Giai cac hé phuong trinh sau
3
2:10-1-3:1 {;+2y—0
a) ¢ 3y —2 b)
B r+y 2y 5
3(3y +2) — A(z + 2y) = 0. o
) 2(2z 4 3y) = 3(2z — 3y) + 10 Q) —rz+2y=—-4(z—-1)
c
3z — 3y = 4(6y — 2z) + 3. S5t +3y=—(z+y)+8.
) (x—=3)2y+5)=2z+7)(y—1) f r+y=2x—-1)
e
(4x +1)(3y — 6) = (62 — 1)(2y + 3). Tv+3y=x+y+4
r+1 y+2 2@x-—vy) 20+1 y—2 1
3 4 5 4 3 12
8) r—3 y—3_2 h){x+5y+74
1 3 YT 2 3 ‘
$OVidu 4. Giai cac hé phuong trinh sau (dat an phu)
(
1_1:1 1 i 1 _ 7 B ) _ 45
2) r oy b) xr—2 y-—1 C)<x—y+2 r+y—1
3.4 2 3 3.2
r oy zr—2 y—1 lz—y+2 z4+y—1
(1_1_,
202+ 3y =1 32> +y> =5 z oy
d) 2 e) 2 2 f) <x Z
3z° —2y =2 z° — 3y’ = 1. 3 45
\r Y
1,3 13
) Ty 36 ) 0Wr—1—yy—1=1 ) 34z + 2y — 52z —y =2
g i
o g VI—1+y—1=2 7V4z 4 2y + 22z —y = 32.
Zz Y
R —2)x + bby = 25
$OVidu 5. Cho hé phuong trinh (a=2)z Y (v6i a,b € R).
’ 2ax — (b—2)y = 5.
Tim gia tri ctia a vA b dé he phuong trinh c6 nghiem 1a (x;y) = (3; —1)
2z +ay=b+4
$OVidu 6. Cho hé phuong trinh ey (v6i a,b € R).
’ ar + by = 8 4+ 9a.
&SVidu 7. Cho da thic f(x) = ma® + (m — 2)z? — (3n — 5)z — 4n. Hay x4c dinh m va n sao cho
da thitc da cho chia hét cho z + 1 va z — 3.
Tim gia tri ctia a vi b dé he phuong trinh c6 nghiem 1a (7;y) = (3; —1)

o
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Chuong 3. Hé phuong tinh bac nhét hai én L&p Todn Thay Ding - Ta Quang Blru

t+1 y+2 _ 2(z—y)
3 4 5
z—3 y-—3

=2 _¥Y=9 o 4.
4 3 y—2

$OVi du 8. Tim gia tri ctia m dé nghiém ciia he phuong trinh

cting la nghiém ctia phuong trinh 3max — 5y — 2m + 1 = 0.

& Dang 2. Gidi hé phuong trinh déi xirng

$OVidu 9. Giai cac he phuong trinh sau (he déi xing loai 1):

y £ £ 77

T+y+ay=>5,
a) 2 2 _
-+ y° — 3zy = —1.

) {x + 2% + 6y = 9,
c

) 22+ 2% +61y* =9,
z? 4+ 4y* = 5.

0 {\/x-l—y-l-\/ﬂ:Q,

(iL‘Q —2xy = 2018g
x

e) <

y? — 2zy = 2018
Y

\

z? + 4y* = 5. T+ 2y =2.
14
) {x2—|—y2+xy=4y—1, f x2+x:§y,
3 .2 _
> +z'y+x— 3y =0. 23 = By?.
$OVidu 10. Giai cac he phuong trinh sau (he d6i xing loai 2):
2% — 20182 = 2017y b) 34+ 2 =3y
y* — 2018y = 2017x. y® +2=32.
( 1
4x—my:§y 24z =2y
c) ] d) <, =22
\4y—3:y:§:c. y Ty=ar

5 A
T+ — =2y —2
f) v
9 2
Y =2x—|—5.

) 22 —3zy +2y° =0
22% + xy — 10y° = 0.

2 -2y —y? =1
c) 2 2 _
Tzt +zxy —y = —5.

) 4+ y° =2
e
3% —ay® — 9y = 1.

$OVi du 11. Giai cac hé phuong trinh sau (hé dang cap):

b) 22% —3xy+ 4> =0
o+ xy + 4y° = 19.

Q) {3:3 —3ry +2y° =0

3+ 2%y —y® = 5.

f 2%+ 3zy = —9
2 + 62y + 9y* = 9.

e
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3. Gidi bai fodn b&ng cdach Iap hé phuong trinh L6p Todn Thay Ding - Ta Quang Blru

y J J J
Bat & e GIAI BAI TOAN BANG CACH LAP HE PHUONG TRINH
— °

Bai 1. Mot hinh chit nhat ¢6 chu vi 34 m. Néu tang chicu dai 3 m va tang chiéu rong 2 m thi dién tich

tang 45 m. Tim chiéu dai va chiéu rong ctia hinh chit nhat.

Bai 2. Sip dén ngay tét, anh Nam dang dinh mua mot chiéc Tivi man hinh 65 inch véi ti 1& chuan
16 : 9 dé dat tren ke véi chiéu dai va chiéu rong clia ké lan lugt 1a 140 cm va 80 cm. Theo ban anh Nam
c6 nén mua chiée Tivi d6 khong? (biét 1 inch = 2,54 cm)

Bai 3. Ban Nam dem 20 to tién gidy gom hai loai 2000 dong va 5000 dong dén siéu thi mua mot moén
qua c6 gia tri 78000 dong va duge théi lai 1000 dong. Héi ¢6 bao nhiéu td tién moi loai?

Bai 4. Bé Na dé danh tién an banh dé boé heo dat. Hom nay can mua sach va dung cu hoc tap nén bé
Na quyét dinh dap heo dat va dém dugce cé tat ca 38 to tien loai 5000 dong va 10000 dong. Vi sach va
dung cu hoc tap hét 248 000 dong nén bé Na phai xin me thém 23 000 dong. Héi bé Na c6 bao nhiéu to
tién mdi loai?

Bai 5. Dan s6 ciia mot tinh 1a 420000 ngudi. Néu sau mot nam, dan s6 noi thanh tang 0,8% va dan
s6 ngoai thanh tang 1,1% thi sau mot nam dan s6 toan tinh sé tang 1%. Hay tim dan s6 ctia noi thanh
va dan s6 ngoai thanh ciia tinh d6 vao thoi diém hien tai?

Bai 6. Tim hai s6 nguyén biét tong ctia chiing bing 99 va néu chia s6 16n cho s6 bé thi duge thuong 12
4 du 9?7

Bai 7. Giai bai todn co sau day bing cach lap hé phuong trinh:

Mot dan em bé tam bén song
Léay ong lam phao, noi bénh bong
Hai chii mot phao, thia bdy chiéc

Hai phao mot chii, bon nguoi khong
Hai nguoi thao tinh, cho hoi thi
May phao, may chi, tinh cho thong?

Bai 8. Chu vi miéng dat hinh chi nhat 1a 54 m, néu gidm chié¢u dai di 5 m va tang chiéu rong them 3
m thi miéng dat 14 mot hinh vuong. Tinh dién tich ban dau ctia miéng dat do.

Bai 9. Ong Hai c¢6 mot miéng dat trong rau sach hinh chit nhat, chi vi 14 38 m. Dé dién tich miéng dat
tang théem 6 m? phai tang chidu dai 3 m v gidm chiéu rong 1 m. Hay tinh kich thuéc khu vuon lac
dau?

Bai 10. Hai 6 t6 khdi hanh ctiing mot lac tit hai tinh A va B cach nhau 400 km, di ngugce chiéu va gap
nhau sau 5 gis. Néu van téc ctia mdi xe van khong doi, nhung xe di cham xuat phat trudc xe kia 40
phit thi hai xe gip nhau sau 5 gio 22 phut ké tit ltc xe di cham khéi hanh. Tinh van téc ctia mdi xe.

Bai 11. Mot truong trung hoc co sd t6 chiic cho hoc sinh khéi 8 va 9 tham quan vién bao tang. Nha
truong quyét dinh méi xe 6 t6 phai ché s6 hoc sinh 14 nhu nhau. Ltc dau, Ban giam hiéu dinh cho méi
xe 06 t6 chd 22 hoc sinh, nhung néu nhu vay thi du ra 1 em. Vé sau, khi b6t di mot 6 to thi ¢6 thé sap
xép cac em hoc sinh déu len méi 6 t6 con lai. Héi ldc dau c6 bao nhiéu 6 to va tong s6 hoc sinh ctia hai
khéi 8 va 9, biét rang mdi 6 t6 ché khong vust qua 32 em.

Bai 12. Hién nay, tudi ctia Nam va chi gai chénh léch nhau theo ty 1& 4 : 5; 6 nam sau, ty 1é tudi cta 2
nguoi 1a 6 : 7. Hoi s6 tudi hien nay ctia ban Nam 1 bao nhiéu?
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Chuong 4. Ham s6 y = ax? (a # 0). Phuong tinh bac hai L&p Todn Thay Ding - Ta Quang Blru

Y 7 Cheng o

HAM SO y = az? (a # 0). PHUGNG TRINH BAC
HAI

at 35 ° HAM SO y = az?, (a #0)
¢ N

A-KIEN THU'C TRONG TAM

n Ham sb y = az?, (a # 0)

a) Tap xac dinh ctia ham s6 1a R.
b) Tinh chat bién thién ctia ham so:
@ Néu a > 0 thi ham s6 dong bién khi 2 > 0, nghich bién khi z < 0.
@ Néu a < 0 thi ham s6 dong bién khi 2 < 0, nghich bién khi = > 0.
B3 06 thiham séy = as?, (a #0)
D6 thi clia ham s6 y = ax?, vdi a # 0 1a mot duong Parabol:
@ (6 dinh 1a gbc toa do O(0;0).
@ Co truc ddi xing 1a Oy.
® Néu a > 0, do thi ham s6 nam phia duéi truc hoanh va nhan diém O 1a diém “thap nhat”.

® Néu a < 0, do thi ham s6 nim phia duéi truc hoanh va nhan diém O la diém “cao nhat”.

Céich vé db thi

Dé vé do thi ham s6 y = ax?, a # 0 ta di lay 5 diém:
@ Diém 0(0;0).
®@ Cap diem A;, Ay c6 hoanh do déi xting qua O.
@ Cap diém By, By ¢6 hoanh do déi xing qua O.

Néi céac diém By, Bs, O, Ay, Ay theo dudng cong ta nhan duge do thi ctia ham s

o
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1. Him s y = ax?2, (a # 0) L6p Todn Thay Ding - Ta Quang Blru

y J J J
B-DANG BAI TAP CO BAN

& Dang 1. Tinh gid tri cia ham sb

2 1
$OVidu 1. Cho ham s6 y = 5:1:2.

a) Hay lap bang tinh céc gia tri f(—4), f(—=2), f(0), f(2), f(4).
b) Tim z biét f(z) =1, f(z) =2 — /3.

$>6>OBAI TAP VAN DUNG GO 606
Bai 1. Cho ham s6 y = 222

b) Tim z biét f(z) =8, f(z) =6 — 4v/2.

. 1
Bai 2. Cho ham s6 y = f(x) = ga:Z.

&) Tiwh £(-3), £(-1). F0).51).53). £ (3) .7 (5).

L 1
b) Tim cac gia tri clia z, biét rang y = 77 Cuang cau hoi tuong tu véi y = 5.
N . N £ 2 3 N 4
Bai 3. Cho ham s6 y = f(x) = az®. Biét x = -2 thiy = —3

a) Tim heé sb a.

b) Tinh f(—1,5), £(0,5).

& Dang 2. Tinh chat déng bién, nghich bién

Tinh chat bién thién ctia ham s6 y = ax?® (a # 0):
@ Néu a > 0 thi ham s6 dong bién khi 2 > 0, nghich bién khi z < 0.

® Néu a < 0 thi ham s6 dong bién khi z < 0, nghich bién khi z > 0.

$OVidu 2. Hay néu tinh chat bién thién cta cac ham sb sau:

a) y = 8% b) y = —=a2°.

$OVidu 3. Cho ham s6 y = (2m — 4)2% v6i a = 2m — 4 # 0. Tim gié tri ctia m dé
a) Ham s6 nghich bién. b) C6 gid tri y =9 khi x = 3.

¢) Ham s6 c6 gia tri nho nhat 1a 0. d) Ham s6 c6 gia tri 16n nhat 1a 0.

$>6>6>BAI TAP VAN DUNG 4606
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Chuong 4. Ham s6 y = ax? (a # 0). Phuong tinh bac hai L&p Todn Thay Ding - Ta Quang Blru

y J/ J J

Bai 1. Hay néu tinh chat bién thién clia cac ham s6 sau

9
a) y = 3z b) y = —§$2
c) y=(4—2\/§)x2. d) y=(m?+1)z>
e) y=(m—1)a>
Bai 2. Cho ham s6 y = (m? — 3m + 2) 22. Tim gia tri m deé
a) Ham s6 dong bién véi z > 0. b) C6 gia tri y = 8 khi z = 2.
c) Ham s6 c6 gia tri nhé nhat 1a 0. d) Ham s6 c6 gia tri 16n nhat 1a 0.
) L s 75
Bai 3. Cho ham s6 y = f(x) = ax®. Biét ring khi x = 5 thi y = 5

a) Tinh gié tri cia y khi x = —3.
b) Tim cac gia tri ciia = khi y = 15.

c¢) Tim gia tri nho nhat v& gia tri 16n nhét ctia y khi o bién déi théa man diéu kien —4 < 2 < 2.

& Dang 3. Cdc bai todn thuc té

® Xa4c dinh ki xem timg bién trong cong thitc (ham s6) c6 ¥ nghia gi.

® Tra 1oi cau hoi ciia bai toan.

$OVidu 4. Mot vat roi 6 do cao so v6i mat dat 1a 100 m. Quang dudng vat chuyén dong s (mét)
ctia vat roi phu thuoc vao thoi gian ¢ (giay) béi cong thic S = 4¢.

a) Sau 1 giay, vat nay cach mat dat bao nhieu mét? Tuong tu sau 2 giay?

b) Hoi sau bao lau vat nay tiép dat?

$OVidu 5. Luc F ciia gio khi thoi vuong géc v6i canh budm ti 1é thuan véi binh phuong ctia van
téc v clia gio, tiic 1a F = av? (a 1 hing s6). Biét rang khi van toc gié biang 2 m/s thi lyc tac dong
lén canh buém ctia mot con thuyén bang 120 N.

a) Tinh hing sb a.
b) Hoéi khi v = 10 m/s thi lyc F bang bao nhiéu? Cung cau héi khi v = 20 m/s?

c¢) Biét ring canh buém do chi cé thé chiu duge mot ap luc t6i da 1a 12000 N, hoi con thuyén cé
thé di trong gi6 bao v6i van téc gié 90 km/h hay khong?

2 Dang 4. D6 thi ham sé y = az?

a) Cac bude vé do thi ham s

@ Lap bang gia tri, lay 5 diém.
®@ N&i 5 diém lai, ta duge do thi la dusng Parabol.

b) Luu y quan trong:
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1. Him s y = ax?2, (a # 0) L6p Todn Thay Ding - Ta Quang Blru

®@ Mot diém thuoc do thi khi va chi khi toa do ctia n6 théa céng thiic ctia dd thi do.

. 1
$OVidu 6. Cho ham sb y = 1:132.

a) Vé do thi ham s6.

39

b) Cac diem A(0;0), B(2;1), C (5’ T

), D(3;4) c6 thuoc do thi ham sé khong?

$SVidu 7. Cho ham s6 y = f(z) = 22
a) Vé do thi ctia ham s6 do.

b) Tinh cac glé trl f(_8)7 f(_173)7 f(_0775)7 f(1>5)

$OVidu 8. Cho ham s6 y = —0,75x2. V& do thi ctia ham s6, tit d6 hay cho biét z tang ti —2 dén 4
thi gia tri nho nhat va gia tri 16n nhat cta y 1a bao nhiéu?

OVidu 9. Cho ham s6 y = (m — 1)z?

a) Xac dinh m dé do thi ham s6 di qua diém A(1; —1). V& do thi ham s6 vita tim dudc.

)
b) Tim diém thuoc parabol néi trén c6 hoanh do bang 5.
¢) Tim diém thuoc parabol néi trén ¢ tung do bang —4.
)

d) Tim diém thuoc parabol néi trén cé tung do gap doi hoanh do.

$>6>6>BAI TAP VAN DUNG 46060
Bai 1. Cho ham s6 y = f(z) = 22

a) Vé do thi ctia ham s6.

b) Nhitng diém nao sau day thuoc do thi ctia ham s6 da cho:

A(5;10), B(—2:4), C(11;100), D (—%; 111) VB (2V3;12)?

¢) Tim GTLN va GTNN ctia ham s6 trén doan [—2;1].
Bai 2. Cho ham s6 y = f(z) = az?. Biét ring diem A(1;2) thuoc do thi ham s6
a) X4c dinh he s6 a.
.2 3 9 L ~ X . 3 N A = =~
b) Diem B —3i5) 0 thudc do thi cia ham so da cho hay khong ?
¢) Vé do thi ham s6 da cho.
. 1
d) Tim GTLN va GTNN ctia ham s6 trén doan [—2; —5] .

Bai 3. Cho ham s6 y = f(x) = —22?2

y £ L 7

o
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a) Tmh (1), f (%)

b) Vé do thi ham sob.
¢) Tim cac diém thuoc dd thi c6 hoanh do bang 4.

d) Chiing minh rang ham s6 c6 gia tri 16n nhat 1a 0.
<o N z 2 2
Bai 4. Cho ham so y = gx

a) Vé do thi ham sb.

b) Céc diém A(0;0), B(3;6), C (1; g), D(3;1) ¢6 thuoc do thi ham sé khong?

Bai 5. Cho ham s6 y = —12522
a) Khao sat tinh don di¢u ctia ham s6.
b) Tim gia tri ctia m, n dé cac diém A(1;m) va B(n;125) thuoc do thi ham so tren.
Bai 6. Cho ham s6 y = (m + 1)2?
a) Xac dinh m dé do thi ham s6 di qua diém A(1;2).
b) Vé do6 thi ham s6 vira tim duge.
¢) Tim diém thuoc parabol néi trén c6 hoanh do bing —2.
d) Tim diém thuoc parabol néi trén c6 tung do bing —8.
e) Tim diém thudc parabol néi trén c6 tung do gap ba lan hoanh do.
Bai 7. Cho ham s6 y = (2m — 1)2?
a) Xac dinh m dé do thi ham s6 di qua diém A(—1;2).
b) Vé do thi ham s6 vira tim dugc.
¢) Tim diém thuoc parabol néi trén ¢6 hoanh do bang 5.
d) Tim diém thudc parabol néi trén c6 tung do biang —7.
Bai 8.
a) Vé (P): y =22
b) Biét cac diém A, B € (P) va lan lugt c6 hoanh do bang 1 va —g. Tinh tung do ctia ching.

c¢) Viét phuong trinh dudng thing AB.

d) Viét phuong trinh dudng théng (D) song song v6i AB cit (P) tai diém c6 hoanh do bing —2.
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Bid_s§ 9 PHUGNG TRINH BAC HAI MOT AN

y J/ J J

.ﬁ/

A-KIEN THUC TRONG TAM

n Phuong trinh bac hai mét én

Phuong trinh bac hai mot an (néi gon 1a phuong trinh bac hai) 14 phuong trinh ¢6 dang

ax’? +br+c=0.

trong d6 x 1a an s6, a, b, ¢ 1a nhitng s6 cho trude (hé sd) va a # 0.

a Cong thirc nghiém
Tinh A = b2 — 4ac.

@ Néu A > 0 thi phuong trinh c¢6 hai nghiém phan biét
_b+VA VA

xy 2 =

2a 2a
P . NERPR b
® Néu A = 0 thi phuong trinh c¢6 nghiem kép z; = x5 = o
a
@ Néu A < 0 thi phuong trinh vo nghiem.
Cong thirc nghiém thu gon
Néu b = 20, dat A’ = b? — ac.
@ Néu A’ > 0 thi phuong trinh c6 hai nghiém phan biét
—b 4+ VA b — VA
T=— D= ——
a

Z b/
® Néu A’ = 0 thi phuong trinh c¢6 nghiém kép 21 = 29 = ——
a

®@ Néu A’ < 0 thi phuong trinh vo nghiém.

B-CAC DANG BAI TAP CO BAN

& Dang 1. Gidi phuong trinh bdc hai

St dung cong thitc nghieém hoic cong thiic nghiem thu gon dé giai phuong trinh bac hai.

nghiém ctia moéi phuong trinh sau:

$SVidu 1. Khong giai phuong trinh, hay x4c dinh céc hé s6 a, b, ¢, tinh bigt thic A va xac dinh s6

a) 72> — 2z +3 =0. b) 522 + 21/10x + 2 = 0.
1 2
c) §:v2+7:v—|—§ =0. d) 1,72 — 1,22 — 2,1 = 0.

o
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Chuong 4. Ham s6 y = ax? (a # 0). Phuong trinh bdc hai L&p Todn Thay Ding - Ta Quang Blru

y £ J 7

$OVidu 2. Giai phuong trinh —62% + 7x — 2 = 0.

$SVi du 3. Giai phuong trinh z? + 2z — 3 = 0 theo nhiéu cach.

$OVidu 4. Giai cac phuong trinh:

4
a) §:c2—5x+3=0. b) V22?2 — 2¢/3z — 124/2 = 0.
1
SOVidu 5. Giai phuong trinh 22+ (vV2—-1)z—-2=0.
. phuong o (vV2-1)
$>6>6OBAI TAP VAN DUNG SO 606

Bai 1. Giai cdc phuong trinh sau:

a) 422 — 6z +7=0. b) 922 — 6z + 26 = 0.

¢) 2’ +4x —12=0. d) 2% + 8z — 10 = 0.
Bai 2. Giai cac phuong trinh sau:

1 1 1 1
2, 1o 1 Lo Lo .
a)x+2x 5 0. b)3x 5% 1=0.
) 2 1 1
— — =0. d) =22+ - — .
c) ba? x+49 0 )5x+3x+15 0

Bai 3. Giai cdc phuong trinh sau:

a) 22— (2+v2)z +2v2 =0. b) 22 + —=———=1+ 6 = 0.

\/_ V2
¢) V2x% — 52 +3v2 = 0. d) V622 4+ 2(2v/3 + 3v/2)z + 24 = 0.

2 Dang 2. Diéu kién cé nghiém cla phuong trinh bac hai

a) Tim diéu kien cia A (hodc A’) sao cho thoa yéu cau bai toan.
b) Mot s6 truong hgp quan trong:

® Phuong trinh ¢6 nghiém ho#c vo nghiém thi chia hai truong hop a = 0 va a # 0 (néu a
chita tham s6).
a#0

® Phuong trinh c¢6 hai nghiem < )
ng trinh c6 hai nghiém {AZO

a#0

@ Phuong trinh c6 hai nghiém phan biét < { A0

a#0

® Phuong trinh c¢6 nghiem kép < { Aco

A Khi lam bai phdi that chi ¢ zem hé s6 a ¢é chita tham sé hay khong.
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y £ £ 77

$SVidu 6. Cho phuong trinh: 22 —2(m — 1) —m? —m — 1= 0.

a) Giai phuong trinh v6i m = 1. b) Tim m dé phuong trinh c6 nghiem.

$SVidu 7. Cho phuong trinh: mz? —2(m + 1)z + m + 2 = 0.
a) Giai phuong trinh v6i m = 1.

b) Chiing minh rang v6i moi m phuong trinh luén c6 nghiem.

$OVi du 8. Cho phuong trinh 22 + 2ma + 4m — 3 = 0. Tim m dé phuong trinh c6 nghiém kép va
chi ra nghiém kép dé6.

$SVidu 9. Cho phuong trinh: (m? — 1)z? + 2(m + 1)z + 1 = 0.
a) Giai phuong trinh véi m = 2.
b) Tim gid tri ctia m dé phuong trinh c6 hai nghiém phan biét.

c¢) Tim gia tri ctia m dé phuong trinh c6 mot nghiem.

$OVi du 10. Cho phuong trinh ma? —2(m—1)z+m—3 =0 (2). Tim cac gid tri cia m dé phuong

trinh:
a) Co6 hai nghiém phan biét; b) C6 nghiém kép;
¢) Vo nghiém; d) C6 ding mot nghiem.

$OVidu 11. Tim gié tri ctia m dé phuong trinh

322 +2(m —3)r +2m +1=0

c6 nghiém kép. Tim nghiém kép do.

$>6>OBAI TAP VAN DUNG SO 606

Bai 1. Giai va bién luan cidc phuong trinh sau:

a) z° +4x — 3m = 0. b) z* —4x +4 —m? = 0. ¢) %+ 2mx —4=0.
Bai 2. Cho phuong trinh 22 — 3ma — 6m? = 0.

a) Giai phuong trinh v6i m = 1. b) Tim m dé phuong trinh vo6 nghiem.
Bai 3. Cho phuong trinh 522 + 2ma — 3m = 0.

a) Giai phuong trinh véi m = 1.

b) Tim m dé phuong trinh c6 nghiém kép.
Bai 4. Cho phuong trinh 2?2 4+ 3z — (m? —2m + 1) = 0.

a) Giai phuong trinh véi m = 1.
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b) Tim m dé phuong trinh c6 hai nghiém phan biét.
Bai 5. Cho phuong trinh 22 — (m — )z —m? +m — 1 = 0.
a) Giai phuong trinh v6i m = 3.
b) Tim m dé phuong trinh c6 hai nghiém phan biét.
Bai 6. Cho phuong trinh mz? — 2(m — 2)z +m — 3 = 0.
a) Tim m dé phuong trinh c¢6 nghiem.
b) Tim m dé phuong trinh c6 hai nghiém phan biét.

Bai 7. Cho phuong trinh mz? + (m + 1)z — 2m = 0.

1
a) Giai phuong trinh véi m = —3

b) Tim gia tri cia m dé phuong trinh c6 nghiém.
Bai 8. Tim gié tri ctia m dé cac phuong trinh sau c¢6 nghiem kép:
a) mz? — 2z +6m = 0. b) m?z? + 10z + 1 = 0.
Bai 9. Tim gi4 tru ctia m dé cac phuong trinh sau vo nghiém:
a) mz®+2(m —3)x +m = 0. b) (m —2)z? —2(m — 2)z —m = 0.
Bai 10. Cho phuong trinh mz? — (m + 1)z + 1 = 0.
a) Giadi phuong trinh v6i m = 2.
b) Chiing minh ring v6i moi m phuong trinh luon ¢6 nghiem.
Bai 11. Cho phuong trinh mz? — (3m + 1)z + 3 = 0.
a) Giai phuong trinh véi m = 2.
b) Chiing minh ring v6i moi m phuong trinh luon ¢6 nghiem.
Bai 12. Cho phuong trinh mz? +2(m — 1)z — 2 = 0.
a) Giai phuong trinh véi m = /3. b) Tim m dé phuong trinh c6 mot nghiém.
Bai 13. Chiing minh rang véi moi m phuong trinh sau luon c6 nghiém
ma® — (3m + 1)z +2m +2 = 0.
Bai 14. Chiing minh rang véi moi m phuong trinh sau luon c6 nghiém
m(m —1)2z* — (2m — Daz +1=0.
Bai 15. X4c dinh hé s6 a, b, ¢ tinh biét thic A roi tim nghiém ciia cdc phuong trinh sau:
a) 222 —5r +3 = 0; b) ? + 10z + 38 = 0;
c) 3z + 8z —2=0; d) —42? + 92 + 13 = 0.
Bai 16. Xac dinh cac hé s6 a,b, ¢ 1oi gidi phuong trinh:
a) 322 — Vbx +1=0; b) V322 — (5 +V3)x +5 = 0;
) V322 +2(v/3 —3)r — 6443 = 0.
Bai 17. V6i gia tri nao cia m thi phuong trinh
ma? —4(m — 1)z +4m + 8 = 0.
a) C6 nghiém; b) C6 nghiém kép; ¢) C6 dung mot nghiem.
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& Dang 3. Su twong giao cla hai dd thi

©@ Nghieém ctia phuong trinh hoanh do giao diém chinh la hoanh do giao diém ctlia hai do thi.

@ Mot diém thuoc do thi khi va chi khi toa do ctia né théa cong thitc ctia do thi.

SVidu 12.
~ 31X [N % 1 2
a) Vé do thi ham s6 y = 5%
2 G R . 1 ,
b) V6i gia tri ndo cia m thi dusng thang y = = +m cat do thi ham s6 y = 5:52 tai hai diem phan

biet A, B. Tinh toa do hai diém nay khi m = ;

SOVidu 13.
a) Vé (P): y =22
b) Biét cac diém A, B € (P) va lan lugt c6 hoanh do bang 1 va —g. Tinh tung do cta ching.
c¢) Viét phuong trinh dudng thing AB.

d) Viét phuong trinh duong thang (D) song song véi AB va cat (P) tai diém c6 hoanh do bing
—2.

$OVi du 14. Cho parabol (P) : y = az? va dudng thing d : y = kx + 3.
a) Xac dinh cac hé s6 a va k, biét parabol va dudng thang c6 mot diem chung 1a A(3;18).

b) Tit két qua cau a) hdy tim giao diém thit hai (néu c6) ctia (P) va d.

$SVidu 15. Cho ham s6 y = f(z) = (m — 2)z?, (m # 2).
a) Xac dinh m dé ham s6 nghich bién Va > 0.
b) Xéc dinh m dé ham s6 di qua diem M (-2 : —4).
c¢) Xac dinh m dé duong thing y = 2z + 1.

® Khong cat do thi ham so;

® Tiép xtc v6i do thi ciia ham s6. Tim toa do tiép diem.

$>6>OBAI TAP VAN DUNG SO 606
Bai 1. Cho parabol y = %x2 va dudng théng d: y = —%x + 2.

a) Vé (P) va d trén cing mot hé truc toa do.

b) Goi A, B 1a hai giao diém ctia (P) va d. Tinh dién tich tam gidc OAB.

N Z 1 N .
Bai 2. Cho ham s6 y = Zﬁ c6 do thi 1a parabol (P).
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a) Viét phuong trinh dudng thang qua hai diem A va B thuoc (P), biét 14 = —2; 25 = 4.

b) Xéc dinh toa do diém M € (P), biét duong thing tiép xtc v6i (P) tai M song song véi dudng

thang AB.

Bai 3. Cho parabol (P) : y = ma? v duong thang d : y = nx + 4. Xac dinh m,n dé (P) va d tiép xiic

nhau tai diém c6 hoanh do x = —2.

1 2 2z 2 2
Bai 4. Cho parabol y = 5952 va duong thang y = ma + n. Xac dinh cac hé so m,n dé duong thang di

qua diém A(—1;0) va tiép xtc véi parabol. Tim toa do ctia tiép diem.

& Dang 4. Cac badi toan nang cao khac

Van dung linh hoat cac tinh chat vé dau ctia da thic, bat déng thrc, .. .

$SVidu 16. Cho ba s6 duong a, b, ¢ va phuong trinh

a b C +5_0
b+c¢ c¢+a a+b 2

22— 2x —

Chting minh ring phuong trinh luén c¢6 nghiém, tit d6 xac dinh diéu kién ctia a, b, ¢ dé phuong trinh
¢6 nghiém kép.

$OVidu 17. Cho hai phuong trinh:

2 —mzx—-2=0 (1)
?—z+6m=0 (2).

Tim gia tri ctia m dé phuong trinh (1) vi phuong trinh (2) ¢6 it nhat mot nghieém chung biét m 1a
mot s nguyen.

$OVi du 18. Chiing minh ring:

a) Nghiem ctia phuong trinh az? + bx + ¢ = 0 ciing & nghiém ctia phuong trinh
—az? —bx —c=0.

b) Hai phuong trinh az? + bx + ¢ = 0 va phuong trinh az? — bx + ¢ = 0 cling ¢6 nghiém hodc
cung vo nghiém.

$OVidu 19. Cho hai phuong trinh:

24+ ar+b=0,
> +cx+d=0.

Biét rang ac > 2(b + d). Chiing minh réng it nhat mot trong hai phuong trinh ¢6 nghiem.

$SVidu 20. Chiing minh réng {t nhat mot trong hai phuong trinh sau c6 hai nghiém phan biét.

?4+mz+1=0 (1)
?+4r+m=0 (2).

y J/ J J

e
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3. Hé thac Vi-ét va ing dung L6p Todn Thay Ding - Ta Quang Blru

$SVidu 21. Chiing minh rang it nhat mot trong hai phuong trinh sau vo nghiém.

?+2x—-6m=0 (1)
?2+4dr+m*+15=0 (2).

$>6>OBAI TAP VAN DUNG SO 606

- p b _ .
Bai 1. Cho hai s6 duong a, b va phuong trinh 2% — 2z — % — — 43 = 0. Chiing minh rang phuong trinh
a
ludn c6 nghiem, tit d6 xac dinh diéu kieén ctia a, b dé phuong trinh c6 nghiém kép.

Bai 2. Cho a, b, ¢ 13 do dai ba canh ctia mot tam gidc. Chiing minh réang phuong trinh sau luon c6
nghiém:
2 — 2z — ab(a+b—2c) — be(b+ ¢ — 2a) — calc +a — 2b) + 1 = 0.
Khi dé, tim diéu kién ciia a, b, ¢ dé phuong trinh c¢6 nghiem kép.
Bai 3. Cho a, b, ¢ la do dai ba canh ctia mot tam gidc. Chiing minh phuong trinh sau vo nghiém
V2’ 4+ (b +c —aP)r+ 2 =0.

Bai 4. Cho hai phuong trinh: 22 — maz 4+ 2 = 0 va 22 — 42 +m = 0. Tim m dé hai phuong trinh c6 it
nhat mot nghiém chung.
Bai 5. Cho hai phuong trinh: 22 + 2+ a=0va 22 +az + 1 = 0.

a) V6i gié tri ndo cia a thi hai phuong trinh ¢6 nghiém chung?

b) V6i gia tri ndo cia a thi hai phuong trinh tuong duong?

Bt 56 e HE THU'C VI-ET VA UNG DUNG

A-KIEN THU'C TRONG TAM

@D Heé thac vi-ét
Néu phuong trinh bac hai az? 4 br + ¢ = 0, (a # 0) ¢6 hai nghiém z1, x5 thi

b
Sle—l—xg:——
a

C
P:l'l'.’EQZ—
a

Ap dung
® Néu a + b+ ¢ = 0 thi phuong trinh (1) c¢6 hai nghiem z; = 1,25 = 2.
® Néu a — b+ ¢ = 0 thi phuong trinh (1) ¢6 hai nghiem z; = —1, 29 = —2.
© Phuong trinh (1) ¢6 hai nghiém trai dau khi va chi khi a - ¢ < 0.

B3 71im hai s6 khi biét tdng va fich

Néu hai s6 c6 tong 1a A va tich 1a P thi hai s6 d6 la céc nghiém ciia phuong trinh
2? — Sx+ P =0.

B-CAC DANG BAI TAP CO BAN

y £ £ 77
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& Dang 1. Tim gid tri ctia biéu thirc nghiém déi xirng

Can nhé cac hing dang thitc sau
2
o 13+ 1= (1) +132)%— 27179 o i+ )= (2+22)" — 2232l

o 13+ 23 = (11 +x9)® — 3z122(T1 + T9).

$OVidu 1. Khong gidi phuong trinh, hiy tinh tong va tich hai nghiém ctia cdc phuong trinh (néu

o).
a) do? + Tz +2 = 0; b) =322 +z+1=0;
¢) 3x2 —x+1=0; d) 22+ (m—2)z —m = 0.

$OVidu 2. Cho phuong trinh v/322 — 152 + 3 = 0.
a) Chiing t6 rdng phuong trinh c6 hai nghiém phan bigt z; va x.
1

. 1
b) Tinh gia tri cia bieu thic A = — 4+ —.
1 T2

$SVi du 3 (Bai 62/tr 64 - Sgk). Cho phuong trinh: 722 + 2(m — 1)z — m? = 0.
a) V6i gia tri ndo ctia m thi phuong trinh ¢6 nghiém?

b) Trong trudng hgp phuong trinh c¢6 nghiém, diing he thitc Viét, hay tinh tong binh phuong hai
nghiém cua phuong trinh dé theo m.

$OVidu 4. Cho phuong trinh: (m + 1) 2% — 2(m — 1)z + m — 2 = 0. X4c dinh m dé phuong trinh
¢6 hai nghiém 1, x5 thoa man
4($1 + 372) = 7[1?1 + 2.

$OVidu 5. Xac dinh m dé phuong trinh: ma? — 2(m + 1)x + m + 1 = 0 ¢6 hai nghiém 1, 25 thoa
mén 3 + 23 = 2.

$SVidu 6. Cho phuong trinh: 22 — 2kz — (k — 1)(k — 3) = 0. Chting minh rang v6i moi k, phuong
trinh luon c6 hai nghiém phan biét x1, x5 thdéa man

1
Z(:cl —+ .’E2)2 +21.29 — 2(.’171 + IEQ) +3=0.

$>6>OBAI TAP VAN DUNG SO 606
Bai 1. Khong giai phuong trinh, hay tim tong va tich hai nghiém ctia méi phuong trinh sau (néu co)

a) 172% — 2x — 3 = 0; b) 822 4+ 6z + 1 = 0; c) 922 — 2z +5=0.
Bai 2. Cho phuong trinh: /222 — 44/3z + 4 = 0.

a) Chiing t6 rdng phuong trinh c6 hai nghiém phan bigt z; va x.
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) 1 1
b) Tinh gia tri ctia bieu thic A = — + —.
1 T2

Bai 3. Cho phuong trinh: v/22% — 2/62 — 8 = 0.
a) Chiing t6 rdng phuong trinh c6 hai nghiém phan bigt z; va x.

1

. 1
b) Tinh gia tri ctia bieu thic A = — + —.
Ty I3

Bai 4. Tim m dé phuong trinh 22 + 2mx + 4 = 0 c¢6 hai nghiem z, x5. Khi dé
a) Tinh theo m gia tri cac biéu thic E = \/Z1 + /72 va F = ¥/z1 + ¢/Z3.

b) Tim m sao cho z] + z3 = 32.

2 2
¢) Tim m sao cho (ﬂ> + (E) = 47.

To T
Bai 5. Cho phuong trinh 22 — (2m + 3)z + m = 0.

a) Chiing minh rang phuong trinh c6 nghiém v6i moi m.

y J/ J J

b) Goi 1, xs la cac nghiém clia phuong trinh. Tim gia tri cua m dé 22 4+ 23 c6 gia tri nho nhat.

& Dang 2. Tim hai sé biét dng vé tich cGa ching

22— Sz + P =0.

Néu hai s6 c6 tong 1a A va tich 1a P thi hai s6 d6 1a cac nghiém ctia phuong trinh

$SVidu 7. Tim hai s6 v va v trong mdi truong hgp sau

a) u+v =32, uv = 231. b) u+v = -8, uv = —105. c) u+v=2uv=09.

$SVidu 8. Tim céc canh ctia hinh chit nhat, biét chu vi bang 30 m va dién tich bang 54 m?.

$OVidu 9. Giai hé phuong trinh sau:

+y=2 +y=4
a) {x _y . b) {x _y )
Ty = -3 zy =1

> +y? =12

$OVidu 10. Giai hé phuong trinh sau { A
Ty = —

V4 3y =4

$OVidu 11. Giai hé phuong trinh sau
: xy = 27

$>6>OBAI TAP VAN DUNG O 6069

Bai 1. Tim hai canh ctia hinh chit nhat biét chu vi bang 24m va dién tich bang 27 m?.

Bai 2. Giéi cac hé phuong trinh sau:

o
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yV / J J
2 {x—i—y:QO‘ b) {x+y:—21'

.y =99’ x.y = 54

Bai 3. Giai hé phuong trinh sau:

r+y=4 3(z+y)=2
a) 9; b) 1

Bai 4. Giai hé phuong trinh sau:

r+y=4 P —ay+yt=1
a) 2 2\ (3 3 ; b) _q
(2® + %) (2® + ¢°) = 280 r+y+ay=3

Bai 5. Tim m dé phuong trinh: 22 — 2(m + 1) + 2m + 2 = 0 ¢6 hai nghiém z, 7. Khi d6 hay lap
phuong trinh c6 nghiém nhu sau:

a) —2x; va —2z,. b) 3z, va 3xs. c) —x? va —x3.
L1 X

d) —va —. e) T1+ Ty va —11.29.
L1 L2

Bai 6. Xét tong a + b+ ¢ hodc a — b + ¢ rdi nham céac nghiém ciia cac phuong trinh

a) 1502 — 17z + 2 = 0; b) 3022 — 42 — 34 = 0; ¢) 2v/3224+2(5—/3)x—10 = 0.
Bai 7.

a) Ching t6 rang 5 13 mot nghiém ctia phuong trinh 22? — 3x — 35 = 0. Hay tim nghiém kia.

b) Chiing t6 rang —4 13 mot nghiem ctia phuong trinh z? + 8z + 16 = 0. Hay tim nghiem kia.
Bai 8.

a) Tim gia tri cia m dé phuong trinh 22 + 3ma — 108 = 0 ¢c6 mot nghiem 1a 6. Tim nghiem kia.

b) Tim gid tri ctia m dé phuong trinh ma? — 3(m + 1)z + m? — 13m — 4 = 0 c6 mot nghiem 1a —2.
Tim nghiém kia.

& Dang 3. Tim hé thirc lién hé gilra cac nghiém khéng phu thuéc vao m

Ta thuc hién theo cac budc sau

® Buéc 1. Tim diéu kien dé phuong trinh c6 hai nghiem z;, zs:
a#0
A" >0

® Bude 2. Ap dung he thie Vi-ét, ta duge

{1'1 + X9 = f(m) ‘

x1. 29 = g(m)

® Bude 3. Khit m tit he (1) ta duge he thiic can tim.
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3. Hé thac Vi-ét va ing dung
y £ L 7

$SVidu 12. Cho phuong trinh z? — 2mz + 2m — 2 = 0.
a) Tim m dé phuong trinh c6 hai nghiém x; va xs.

b) Tim hé thic lién hé gita x; vi 25 khong phu thuoc vao m.

$SVidu 13. Cho phuong trinh 22 — 2mx — m? = 0.
Tim hé thiic lién hé gitta cac nghiém cta phuong trinh khong phu thudc m.

Vi du 14. Cho phuong trinh (m — 1)z? — 2(m — 4)z +m — 5 = 0.

a) Xac dinh m dé phuong trinh ¢6 hai nghiém.

b) Tim hé thic lién hé gitta cac nghiém cia phuong trinh khong phu thudc vao m.

$>6>OBAI TAP VAN DUNG SO 606
Bai 1. Cho phuong trinh maz? — 2maz + 3 = 0. Tim he thiic lien hé gifta cAc nghiém ctia phuong trinh

khong phu thudoc m.
Bai 2. Cho phuong trinh 22 —2(m + 1)z —m+ 1 = 0. Tim he thrc lién hé gitta ciAc nghiém ctia phuong

trinh khong phu thudéc m.

2 Dang 4. Xét ddu cdc nghiém

a) Phuong trinh c6 hai nghiem tréi ddu z; <0<z < a-c < 0.

/ A>0
b) Phuong trinh c¢6 hai nghiém ctuing dau < {P ; Ok

A>0
P>0.

¢) Phuong trinh c¢6 hai nghiém duong 0 < 27 < 29 &
S>0

A>0
P>0.

d) Phuong trinh ¢6 hai nghiém am z; <z, < 0 &
S <0

$OVidu 15. Cho phuong trinh: 22 — 2(m + 1)z — m + 1 = 0. Xac dinh m dé phuong trinh:

a) Co6 hai nghiem trai dau. b) C6 hai nghiém duong phan biét.

$OVidu 16. Cho phuong trinh: (m — 1)z 4+ 2(m + 2)z +m — 1 = 0. Xac dinh m dé phuong trinh:

a) C6 mot nghiem. b) C6 hai nghiem cung dau.

$OVidu 17. Cho phuong trinh: ma? — 2(3 — m)z +m — 4 = 0. Xéac dinh m dé phuong trinh:

a) C6 hai nghieém do6i nhau. b) C6 ding mot nghiém am.

o
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$OVi du 18. Tim gid tri cia m dé cac phuong trinh sau c6 hai nghiém phan biét trai dau:

a) % —3mx —3m — 1 = 0; b) a? — Tx + m? — 8 = 0.

$>6><$>BAI TAP VAN DUNG SOG40
Bai 1. Cho phuong trinh 22 — 2(m + 7)x + m? — 4 = 0. X4c dinh m dé phuong trinh

a) C6 hai nghiem trai dau. b) C6 hai nghiem cung dau.
Bai 2. Cho phuong trinh (m — 1)z% + 2(m + 2)x + m — 1 = 0. Xac dinh m dé phuong trinh
a) Co6 hai nghiém am phan biét. b) C6 hai nghiém duong phan biét.
Bai 3. Cho phuong trinh (m — 1)2? + 2ma +m + 1 = 0. X4c dinh m dé phuong trinh

a) C6 hai nghiém am phan bigt. b) C6 hai nghiem dbi nhau.

PHUONG TRINH QUY VE PHUONG TRINH BAC HAI

A-KIEN THU'C TRONG TAM

n Phuong trinh trung phuong

@

Phuong trinh trung phuong c6 dang
az* +bz* +c=0, (a #0).
@ Dat 22 =t, (t >0).
® Phuong trinh da cho trd thanh at? + bt + ¢ = 0;
® Giai tim ¢, tir d6 tim x.
B3 Phuong trinh chira dn & méu
Khi giai phuong trinh chita an ¢ méu, ta lam nhu sau:
© Dat dieu kien cho an dé cac mau thic khéc 0;
® Quy dong mau, khit mau;
© Giai phuong trinh vita tim dugc;

® So dieéu kien dé nhan hodc loai.

B-CAC DANG BAI TAP CO BAN

& Dang 1. Phuong trinh trung phuong, phuvong

trinh chira &n & méu vé phuong trinh tich
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$OVidu 1. Giai cac phuong trinh:
a) 22t + T2 +5=0; b) 3z* — 5x? — 28 = 0; c) 4x* — 2522 +6 = 0.
$OVi du 2 (Bai 56 trang 63 SGK). Giai cac phuong trinh sau
a) 3zt —122% + 9 = 0; b) 22% + 32* — 2 = 0; c) 2+ 522 +1=0.
$OVi du 3 (Bai 57.c, 57.d/tr 63 - Sgk). Giai cic phuong trinh sau
75 10 — 2z z+0,5 T+ 2
a) = ; b) = :
x—2 1?2-2 3r+1  9x2-1
$OVi du 4 (Bai 35.b, 35.c/tr 56 - Sgk). Giai cic phuong trinh sau
T+ 2 6 4 —r?2—x+2
3= . b = :
a)x—5+ 2—z )x—l—l (x+1)(x+2)
$OVidu 5. Giai cac phuong trinh sau
a) (322 — 5z +1) (22 —4) = 0. b) (322 — 72— 10) [222 + (1= V5) z + V5 - 3]|=
0.
$OVidu 6. Giai cac phuong trinh sau
a) (222 +z—4)7 —(22—1)2=0. b) (22 + 2z —5)° = (z2 —z +5)°.
$>6><$>BAI TAP VAN DUNG OGO 6O
Bai 1. Giai cac phuong trinh sau:
a) 22t — 722 +5 =0; b) 52* — 922 = 0;
c) 3zt —2? — 234 =0; d) 11z + 3z — 2 = 3z — 152? — 6.
2
— 1
Bai 2. Giai phuong trinh v oSrEd = .
(x+2)(x—3) x-—3
Bai 3. Giai cac phuong trinh sau
T 2x + 3 21 + 22 r—4 3z — 152 T
a) = ; b) = ; ) ———— =2 — :
l—z (z—-1)(x+2) (x—1)(x+2) x+2 2 -9 r—3

Bai 4. Giéi cac phuong trinh sau
a) (x—1P2+3r—-2=2°—2>+2—1;
b) (z+2)*+ (v — 2)* = 32 + 2;
o) (@ +2)° 4+ (x+1)2=2(x+1)3 — 4z +4.
Bai 5. Dua vé phuong trinh tich roi gidi phuong trinh:
a) (2z +3)* — 10z — 15 = 0; b) z%(x + 1) — 3z = 32 — 22 — 2;
¢) (a2 —2—1)7 =2z +1)2
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2 Dang 2. Phuong trinh tri tuyét déi va phuong trinh cdn

a) Phuong trinh tri tuyét doi:

f(z) = g(x)
@ |f(2) = |g(z)| & [f(x) _ _g(a)
g(z) 2 0
@ |f(z)| = g(z) & [f(cc) =g(z) .
f(z) = —g(x)

b) Phuong trinh can thie:

© Vf(2) = Vg(z) & f(z) = g(z) 2 0.

g(z) >

T = o) <5 {95 20
@ f(m)_g( )<:> {f(x)ng(a:)

$OVidu 7. Gidi phuong trinh |2? — 22 — 2| = |22 + 2x].

$OVidu 8. Giai phuong trinh |z? + z| = —2® + = + 2.

$OVidu 9. Gidi cac phuong trinh:

a) Vo2 —4r+5= vz +1; b) Va2 —2r+3=+222— Tz +9.

$OVidu 10. Giai phuong trinh v222 + 2 —3 =2 — 1.

& Dang 3. Phuong phdp ddat dn phu vé cdch khdc

$OVi du 11. Giéi phuong trinh (x + 4)(x + 5)(x + 7)(x + 8) = 4.

$OVi du 12. Giéi phuong trinh (x + 1)(x + 2)(x + 3)(x +4) — 24 = 0.

$OVi du 13. Giai phuong trinh 322 — 14|z| — 5 = 0. (1)

2 3
$OVi du 14. Giai phuong trinh 3z* + 2z — 34+ = + — = 0.
r oz

$>6>$OBAI TAP VAN DUNG SO 606
Bai 1. Giai phuong trinh (22 — 1)(z — 1)(x — 3)(2z + 3) = —9.

Bai 2. Giai cac phuong trinh sau bing cach dit an phu:

a) (2% — 22)" + 40% — 82 + 3 = 0; b) (z* — 5z +2) (#* — bz + 1) = 6;
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, y J/ J J
c) (xZ—%) +6(x2—1%>=—5; d) 2% — 22 + 32?2 — 27 + 4 = 6.

1 1 22+ 1 x )
24— — =4; b = ——.
a)x+x2+x+x ; ) -t 5
Bai 4. Giai cdc phuong trinh
a) (z+3)*+ (z +5)* = 16; b) z(z+1)(x +2)(z+3) =8.

Bt 56 e GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
—

A-KIEN THU'C TRONG TAM

Cac buéc giai toan bang cach lap phuong trinh:
a) Chon an va dat diéu kien thich hgp cho an;
b) Lap phuong trinh:

@ Biéu dién cac dai luong chua biét qua an va cac dai luong da biét.

®@ Dua vao mdi quan hé gitta cac dai luong da biét dé lap phuong trinh.
c¢) Giai phuong trinh;

d) Két luan.

B-CAC DANG BAI TAP CO BAN

& Dang 1. Bai fodén chuyén dong

$OVidu 1. Mot doan xe van tai dy dinh diéu s6 xe cling loai dé van chuyén 40 tan hang. Lic sip
khéi hanh, doan xe dugc giao thém 14 tan nita. Do d6 phai diéu thém 2 xe cliing loai v& mdi xe ban
dau phai ché thém nita tin nita. Tinh s6 xe phai diéu theo du dinh.

$OVi du 2 (Bai 65/tr65-SGK). Mot xe lita di tit Ha Noi vao Binh Son (Quang Ngéai). Sau 1 gis, mot
xe Itta khéac di tit Binh Son ra Ha Noi v6i van toc 16n hon van toc ciia xe Iita thit nhat 1a 5 km/h.
Hai xe gidp nhau tai mot ga chinh gitta quiang duong. Tim van téc mdi xe, gid thiét rang quing
duong Ha Noi - Binh Son dai 900 km.

Vi du 3 (Bai 52/tr60 - SGK). Khoang céch gitta hai bén song A va B 1a 30 km. Mot cano di ti
bén A dén bén B, nghi 40 phit & bén B roi quay lai bén A. Ké tit lac khéi hanh dén khi vé lai bén
A hét tat ca 6 gio. Hay tim van toc clia cano trong nude yén ling, biét rang van toc clia nuée chay
1a 3 km/h.
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$OVi du 4 (Bai 43/tr58-GGK). Mot xuong du lich di tit thanh ph6é Ca Mau dén Dat Miii theo mot
duong song dai 120 km. Trén duong di, xudéng nghi lai 1 gio tai thi tran Nam Can. Khi ve, xuong di
theo duong khac dai hon duong lic di 1a 5 km véi van t6c nhé hon van toc lac di 1a 5 km/h. Tinh
van toc ctia xuong lic di, biét rang thoi gian vé bang thoi gian di.

$SVidu 5. Hai bén song A va B cach nhau 40 km. Cling mot ltc véi cand di xudi tit A c¢6 mot
chiéc be troi tit A v6i van toc 3 km/h. Sau khi di dén B cand trd vé bén A ngay va gip be khi da
troi duge 8 km. Tinh van toc rieng clia cand. Biét van toc clia cand khong thay doi.

$SVidu 6. Mot nguoi di xe may trén quang dudng AB dai 120 km véi van toc dinh trude. Sau khi
1 ) p
di dugce 3 quang duong v6i van toc do, ngudi lai xe tang van toc them 10 km/h trén quang duong

con lai. Tim van toc du dinh va thoi gian xe lan banh trén duong, biét ngusi d6 dén B sém hon d
dinh 24 phut.

& Dang 2. Bdi todn vé sé va chir sé

$OVi du 7 (Bai 41/tr58-SGK). Trong lic hoc nhém, ban Hung yéu cau ban Minh va ban Lan mbi
ngudi chon mot sé sao cho hai s6 nay hon kém nhau 1a 5 va tich cia chiing phai bang 150. Vay hai
ban Minh v Lan phai chon nhiing s6 nao?

$OVi du 8. Tim hai s6 biét higu clia chiing bing bang 8 va tdng cac binh phuong ctia chiing bang
424.

$OVi du 9 (Bai 64/tr64-SGK). Bai toan yéu cau tim tich clia mot s6 duong v6i mot s6 16n hon no
2 don vi nhung ban Quan nham dau bai lai tinh tich ctia mot s6 duong véi mot s6 bé hon né 2 don
vi. Két qua ctia ban Quan 1a 120. Ho6i néu lam dang dau bai da cho thi két qué phai 14 bao nhiéu?

$OVi du 10 (Bai 44/tr59-SGK). D6 em tim duge mot s6 ma mot nita clia n6 trit di mot nita don vi
roi nhan v6i mot nita clia né bang mot nita don vi.

$OVi du 11 (Bai 45/tr59-SGK). Tich clia hai s6 tui nhién lién tiép lén hon tong clia ching 14 109.
Tim hai s6 d6.

$SVidu 12. Mot 16p hoc duge nha truong phat phan thudng ba lan va chia déu cho cac em hoc
sinh. Lan tht nhat chia hét 66 quyén vé nhung ving 5 em, lan thit hai chia hét 125 quyén vé nhung
vang 2 em, con lan thit ba thi khong ving em nao va chia hét 216 quyén vé. Biét mot hoc sinh c6
mat c& ba lan da nhan dudc s6 v6 (trong lan ba) bang tong s6 vé da nhan trong hai lan dau. Tinh
s6 hoc sinh.

& Dang 3. Bdi toan voi nuéc
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$OVi du 13. 6 hai voi nude. Ngudi ta md voi thit nhat cho voi chdy day mot bé nude can roi khoéa
lai. Sau d6 mé voi thit hai cho nuée chdy ra hét v6i thoi gian lau hon so véi thoi gian voi mot chay
la 4 gio. Néu cling md ca hai voi thi bé day sau 19 gio 15 phit. Héi voi thit nhat chy trong bao lau
méi day bé khi voi thit hai khoa lai.

& Dang 4. Bai toan c6 ndi dung hinh hoc

$OVi du 14 (Bai 46/tr59-SGK). Mot manh dat hinh chit nhat c6 dién tich 240 m?. Néu ting chiéu
rong 3 m va giam chiéu dai 4 m thi dién tich manh dat khong déi. Tinh kich thuéc clia manh dat.

$SVidu 15. Tinh chiéu dai va chiéu rong ctia mot hinh chit nhat. Biét hinh chit nhat ¢6 chu vi bang
340 m va dién tich bing 7200 m?.

$OVi du 16 (Bai 66/tr64-SGK). Cho tam gidc ABC ¢6 BC = 16 cm, dudng cao AH = 12 cm. Mot
hinh ch@ nhat M NPQ c¢6 dinh M thudc canh AB, dinh N thudc canh AC con hai dinh P va @
thuoc canh BC. Xac dinh vi tri ctia diém M trén canh AB sao cho dién tich ctia hinh chit nhat dé
bang 36 cm?.

$SVidu 17. Mot thita ruong hinh chit nhat, mot ngudi di theo chiéu dai hét 1 phat 5 giay, di theo
chiéu rong hét 39 giay. Ngudi ta lam mot 16i di xung quanh thita ruong rong 1,5 m thi dién tich con
lai 1& 5529 m?. Tinh kich thuéc ctia thita dat.

2 Dang 5. Bdi todn vé phan tram - ndng suét

Vi du 1 (Bai 63/tr64-SGK). Sau hai ndm, s6 dan ctia mot thanh phé tang tir 2000000 ngudi lén
2020050 nguvi. Hoi trung binh mdi ndm dan s6 ctia thanh phd dé tang bao nhiéu phan tram?

$OVi du 2 (Bai 49/tr59-SGK). Hai doi thg quét son mot ngdi nha. Néu ho cung lam thi trong 4
ngay xong cong viec. Néu ho lam rieng thi mdi doi phai lam trong bao nhiéu ngay dé xong cong
viéc?

$OVi du 3. Mudén lam xong cong viec can 480 cong thg. Ngudi ta c6 thé thué mot trong hai nhém
tho A hoac B. Biét nhom A it hon nhém B 1a 4 ngudi va néu giao cho nhém B thi cong viéc hoan
thanh sém hon 10 ngay so v6i nhém A. Héi s6 ngudi clia mdi nhom.

$OVi du 4 (Bai 42/tr58-SGK). Bac Thai vay 2000000 dong dé lam kinh té gia dinh trong thdi han
1 ndm. Lé ra cudi nam bac phai trd ci von lan lai. Song bac da duge ngan hang cho kéo dai thoi
han thém mot nam nita, sb lai ctia nam dau duge gop vao véi von dé tinh lai nam sau va lai suat
van nhu cii. Hét hai nam phai tra tat ca 1a 2420000 dong. Hoi 1ai suat cho vay 1a bao nhiéu phan
tram trong mot nam?
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$OVidu 5. Mot t0 san xuat theo ké hoach phai lam duge 720 san pham. Néu tang nang suat lén 10
san pham moi ngay thi so véi gidm nang suat di 20 san pham mdi ngay thoi gian hoan thanh ngin
hon 4 ngay. Tinh nang suat du dinh

$>6>$OBAI TAP VAN DUNG SO 606
Bai 1. Tim hai s6 biét hiéu ctia chiing bang 5 va tong cac binh phuong clia chiing bang 125.

Bai 2. Tim hai s6 biét tong ctia ching bing 25 va hiéu cac binh phuong ctia ching cling bing 25.
. : e s . s . - 2
Bai 3. Lic 7 gio sang mot 6td khéi hanh tit A de déen B cach A 120 km. Sau khi di dugce 3 quang

duong o6to dimg lai 20 phiit dé nghi rdi di cham hon trude 8 km/h. Oto dén B ltc 10 gio. Hoi 6t6 nghi
lac may gio?

Bai 4. Mot nguoi di tit A dén B 1di lai tré vé A. Lic vé di dude 30 km ngudsi d6 nghi 20 phut. Sau khi
nghi xong, ngudi dé di v6i van téc nhanh hon trude 6 km/h. Tinh van tdc lac di. Biét quang duong AB
dai 90 km va thoi gian di bing thai gian vé ké ca nghi.

Bai 5. Mot ngudi di xe dap tit A dén B cach nhau 33 km véi van téc xac dinh. Khi tit B vé A ngudi
d6 di bang duong khac dai hon duong trude 29 km nhung véi van tdc 16n hon van toc lae di 3 km/h.
Tinh van toc luc di. Biét thoi giang vé nhiéu hon thoi gian di 1a 1 gio 30 phit.

Bai 6. Mot 6to di tit A dén B 1di quay vé A ngay. Sau khi 6 t6 di duge 15 km thi mot ngusi di xe dap
tit B vé A. Tinh van toc moi xe. Biét:

® Quang duong AB dai 24 km.
® Van t6c 6t6 nhanh hon xe dap 37 km/h.

@ Oto quay tré vé A sém hon xe dap dén B la 44 phut.

Bai 7. Mot 6 to dy dinh di quang duong AB dai 60 km. Trong thoi gian nhat dinh, trén nia quing
duong AB do dudng xau nén 6 to chi di v6i van tdc it hon dy dinh 6 km/h. Dé dén B ding du dinh,
0 t0 phai di quang dudng con lai v6i van tdc nhanh hon van toc dy dinh 10 km/h. Tinh thoi gian dy
dinh di hét quang duong.

Bai 8. Mot to lao dong hoan thanh dao dip 8000 m? dat trong mot thoi gian nhat dinh. Néu méi ngay
vuot mic 50 m? thi t6 lao dong hoan thanh ké hoach s6m 8 ngay. Tinh thoi gian dy dinh.

Bai 9. Mot nong truong phai trong 75 ha ring véi nang suat da dinh ti truée. Nhung trong thuc té,
khi bat tay vao trong ritng thi méi tuan nong truong trong them duge 5 ha so véi ké hoach nén da trong
duge 80 ha. Do vay, ho da hoan thanh cong viéc sém hon dy dinh 1 tuan. Tinh ning suat du dinh cia
nong trucng.

Bai 10. Mot khu vuon hinh chit nhat ¢6 chu vi 280 m. Nguoi ta lam mot 161 di xung quanh khu vuon
rong 2 m. Dién tich con lai 1a 4256. Tinh chiéu dai va chiéu rong ctia khu vuon.

Bai 11. Hai vdoi nudc ciing chay vao mot bé nude can néu ci hai voi cling chay mot lac thi sau 4 gio
mdi day bé. Néu titng voi chdy mot thi thoi gian voi I chdy nhanh hon voi 11 1a 6 gis. Hoi mdi voi chay
mot minh thi sau bao lau day beé.

Bai 12. Hai voi nuée ciing chdy vio bé trong 6 gis 40 phut thi day. Néu chay riéng timg voi mot thi
mdi voi phai chdy trong bao lau méi day bé. Biét rang voi thit hai chay lau hon voi thit nhat 3 gic.
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Chuong 1. Hé thac lugng trong tam gidc vudng L&p Todn Thay Ding - Ta Quang Blru

y 4/ J J
Y 7 Chemg [
HE THUC LUGNG TRONG TAM GIAC VUONG

Bt s 0 HE THU'C LUGNG TRONG TAM GIAC VUONG
N

Bai 1. Cho tam giac ABC vuong tai A c¢6 duong cao AH. Trong cac doan thing sau: AB, AC, BC,
AH, HB, HC; hay tinh cac doan théng con lai néu biét:

a) AB =6 cm; AC =8 cm b) AB=15cm; HB =9 cm c) AC =44 cm; BC =55 cm

d) AC=40cm; AH =24cm  e) AH = 9,6 cm; HC = 128 f) HB = 12,5 cm; HC = 7.2
cm cm

Bai 2. Cho tam giac ABC' ¢6 géc A bang 90° va duong cao AH (H thuoc BC). Ké HE va HF lan
lugt vuong goc véi AB va AC tai E; F.

a) Ching minh AFHF la hinh chit nhat va tinh EF; CF.
b) Tinh dién tich tt giac AEHF.
c) Tinh dién tich t@ gidc BEFC.

Bai 3. Cho tam gidc ABC c6 AB = 15cm; AC = 20cm va BC = 25cm. Tt B, vé dudng thing vuong
goc véi BC cat AC kéo dai tai H. Duong thang qua H va song song v6i BC cit AB tai K.

a) Ching minh tam giac ABC vuong tai A.
b) Tinh do dai céc doan thang HC; HB; HK.
¢) Tinh dién tich tit giac BHKC bang 2 cach.

Bai 4. Cho tam gidc ABC vuong tai A ¢c6 AB = a, AC = b. Ké AH vuong goc véi BC tai H. Goi M,
N lan lugt 1 trung diém cac canh AB, AC va I la giao diém AH v6i MN.

a) Ching minh M N la duong trung truc ctia AH.
b) Tinh theo a va b do dai cac doan thang AH, HM va Al.
¢) Tinh theo a va b dién tich tam giac HMN.

Bai 5. Cho tam giac ABC c6 AB < AC va goc A = 90°, M la trung diém canh BC. Goi H la hinh
chiéu ctia A trén BC. Cho biét AM = 13 cm va AH = 12 cm.

a) Tinh M H, AB va AC.
b) Dudng thang qua B va vuong goc véi AM cat AC tai F. Tinh AF va BF.

Bai 6. Cho tam gidc ABC vuong tai A ¢6 AB =6 cm, BC = 10 cm. Ké dudng cao AH va phan giac
AD cta tam giac ABC (H, D thuoc canh BC).

a) Tinh do dai doan thang DB va DC.
b) Tinh do dai doan thang HD va AD.
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y J J J
¢) Goi I, K lan lugt 1a hinh chiéu ctia D trén AB, AC. Goi S 1a dién tich t gidc BIKC. Tinh S.

Bai 7. Cho tam giac ABC vuong tai A ¢6 duong cao AH.

HB AB?
HC ~— AC*

b) Goi I va J lan lugt 1a hinh chiéu ctia H tréen AC, AB. Chiing minh Al - AC = AH?.

a) Ching minh —

¢) Chitng minh tam gidc AJI va tam gidc ACB dong dang. Tt d6 ching minh AJI = ACB.

Ti SO LUONG GIAC TRONG TAM GIAC VUONG

Bai 1. Tinh cac ti s6 lugng giac (1am tron dén chit s6 thap phan thi hai).
a) sin 35°. b) cos39°13'. ¢) tan80°.
d) cot 45°. e) cosh2°18’. f) cot 10°17".
g) sin42°28'.

Bai 2. Tinh cac ti s6 lugng giac (lam tron dén chit s6 hang phan nghin):
a) sin 23°. b) tan 30°. c) cos15°25/.
d) cot 65°. e) cos75°.

Bai 3. Tim s6 do cac goc sau, biét ti s6 luong gidc clia ching la:

a) sin A = 0,6. b) sin B = 0,5446. c) tanC = 2.
d) cot D = 0,33333 . e) cos ABC = \f

Bai 4. Cho tam giac ABC vuong tai A. Ké duong cao AH clia tam giac ABC (H € BC'). Tinh cac ti
s6 luong gidc ctia goc ABC va sd do ciia n6 néu biét:

a) AB =10 cm; BC' = 26 cm. b) AB =12 ¢cm; BC' = 16 cm.
Bai 5. Cho tam giac ABC vuong tai A ¢6 AB =21 cm; AC' = 72 cm va AH la dudng cao.
a) Tinh céc ti 6 lugng gidc ctia gobc BAH va s6 do clia no.
b) Suy ra céc ti s6 lugng gidc ctia goc CAH.
Bai 6. Cho tam giac ABC vuong c¢6 hai canh géc vuong 1a AB = 16 mm; AC' = 3 cm.
a) Tinh céc ti 6 lugng gidc ctia géc nhon va s6 do cac goe do.
b) Tinh sin? B + cos® C.
Bai 7. Tinh gia tri bi¢u thitc (Khong sit dung may tinh b tii):

sin 34° o
a) A_cos56°' b) B = cos19° —sin 71°.

c) C =tanb3° — cot 37°. d) D = sin 15° + sin 20° — cos 70° — cos 75°.

) B = tan 31° - tan 59°
¢ ~ cot 16° - cot 740
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55/84 ‘

Bai 8. Cho tam giac ABC vuong tai A. Tinh s6 do ciia géc B la z (0 < x < 90°) biét:
a) cosz = 0,8 b) tanx = 0,75.
c) sinz = cosz. d) tanx = cot x.
Bai 9. Tinh gia tri ctia biéu thic:
cosT +sinx

a) = ——— vl tanx = 2.
cosx —sinx

b) P = 3sin®x + cos?z v6i cotw = =

Bai 10. Giai tam gidc ABC vuong tai A, biét:

a) AC' =10 cm; C = 30°. b) AB =21 cm; AC = 18 cm.
¢) BC =6 cm; AB =5 cm. d) AC =100 cm; C = 30°.
Bai 11. Tam giac BAC vuong tai A ¢c6 AB =21 cm é . Tinh:
a) AC, BC. b) Phan giac BD cta tam giac ABC.
Bai 12. Tam gidc ABC vuong tai A c6 AB = 21 cm; C = 40°. Tinh:
a) AC b) BC c¢) Phan giac BD ctia AABC.

Bai 13. Cho AABC vuong tai A, biét tan B = %; AB =2 cm. Tinh AC, BC.
Bai 14. Cho ACDE ¢6 CD =27 cm; CE = 36 cm; DE = 45 cm. Tinh:

a) Ching t6 AABC vuong.

b) Vé duong cao CH cia ACDE. Tinh CH, HE.

¢) Tinh géc D, goc E.

Bai 15. Cho AACB vuong tai A (AB > AC) dudng cao AH chia canh BC thanh hai doan thang
CH =4 cm; BH =9 cm. Goi M, N lan lugt 1a hinh chiéu ciia H tréen AB va AC.

a) Tinh do dai doan thang AH va s6 do géc B; géc C clia tam gidc ABC (Lam tron s6 do géc dén
phiit)

b) Chiing minh AM - AB = AN - AC.
1 1 1

MN? AR T AcT

Bai 16. Cho tam giac ABC ¢6 AB =8 cm, AC = 15 cm, BC = 17 cm.
a) Ching t6 AABC vuong.
b) Vé dudng cao AH cia AABC. Tinh AH, HB.

¢) Chiing minh:

c¢) Tinh s6 do ctia goc B; goc C'.
Bai 17. Cho AABC c¢6 duong cao BH. Biét AB = 40 cm, AC = 58 cm, BC = 42 cm.
a) Ching t6 tam giac ABC vuong.
b) Tinh cac ti s6 lugng giac ciia goc A.
¢) Ké HE | AB; HF L AC. Tinh BH, BE, BF va dien tich ciia tit gidgc EFCA?
Bai 18. Cho AABC ¢6 BC = 16 cm; C = 45°; A = 60°. Tinh AB.
Bai 19. Cho ACDE. Biét DE = 18 em; E = 45°; C' = 75°. Tinh CD.

y J/ J J

e
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Bat $6 e UNG DUNG THUC TE

— : 2 °
Bai 1. Tt néc mot toa cao 6¢ 50m ngudi ta nhin thay chan va dinh mot ang-ten vé6i cic géc ha va nang
lan luot 1a 62° va 34°. Tinh chiéu cao clia cot ang-ten.

E
>
B - _3_4f’ _____ D
62°
50m
A C

& 67,93 m

Bai 2. Mot chiéc thang dai 4 m. Can dit chan thang cach chan tudng bao nhiéu mét dé né tao véi mat
dat mot goc “an toan”la 65° (Iam tron dén chit s6 thap phan thi hai).

N
N |
I
S
N |
i
B
-
S
i
A
N
N
-

4m

& Can dat cach tuong khoang 1,69 m

Bai 3. Trong lic ban Nam dyng tii cho diing thing, ti c6 bi viténg vao tran nha cao 21 dm khong

21dm 20dm

4dm

& Nam day tt ding thang khong bi vuéng vao tran nha.

Bai 4. Hai tru dién cuing chidu cao dugc dung thang ditng hai bén 1& déi dién mot dai 16 80 m (AC =
80 m). Tt mot diem M trén mit dudng gitta hai tru ngudi ta nhin thay dinh hai tru dien véi cac goc
nang lan lugt 1a 60° va 30°. Tinh chiéu cao clia tru dién va khoang céch tit diém M dén gbc mdi tru
dién. & MA = 20m; MC = 60m; AB = 20v/3m.

y J/ J J

56/84 ' B Thay Nguyén Ngoc Dang - @ 0976.071.956




Chuong 1. Hé thac lugng trong tam gidc vudng L&p Todn Thay Ding - Ta Quang Blru

V' J J J
Bai 5.

Hing ngay ban Tric phai di hoc tit nha (vi tri C) roi di theo duong
de (vi tri H), sau d6 len theo dudng mon ra dén dau duong (vi tri B)
theo hinh vé sau:

a) Hay tinh quang duong tit nha dén truong ma ban Tric da di.

b) Ngudi ta da xay dung cay cau H B dé gitp dd cho cac ban di hoc dé dang hon. Vay ban Tric da
tiét kiem bao nhiéu thoi gian biét rang ban luon di véi van tdc 4 km/h? (Lam tron dén phit).

& a) 10,25km. b) 1 gio.
Bai 6.
Mot bite tugng my thuat c6 chiéu cao 4m. Mot ngudsi dang
diing cach chan tugng 5m va mat nguoi ay cach mit dat
1,5m (hinh bén). H6i ngusi d6 nhin toan bo bic tuong
duéi goc bao nhieu? (“goc nhin”, lam tron dén do).

4dm
1,5m
\ J
5m ‘
& 430,
Bai 7.
Mot nguoi di xe dap len mot doc c6 do nghiéng 10° B
so v6i phuong nam ngang v6i van toc trung binh
8 km/ h, biét dinh déc cao khodng 34,8 m so véi
phuong ndm ngang. Héi ngudi d6 phai mat bao lau
dé téi dinh? A H
& 1,503 phit
Bai 8.
Tia ning mit troi tao véi mat dat mot goc 34° va bong thap dai 86 m. B
Tinh chiéu cao clia ngon thap?
O
A
& 58 m.
Bai 9.
Mot cot den cao 7 m c6 béng trén mit dat dai 4 m. Hay tinh géc ma
tia sang mat troi tao v6i mat dat?
B
A C
& 60°
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V' J J J
Bai 10.

Mot chiéc thang dai 3 m. Can dit chan thang cach chan tuong mot khodng cach bang

bao nhiéu dé né tao véi mat dat mot goc “an toan” 1a 65° (tic la ddm béo thang khong

bi d6 khi st dung)?

& 1,28 m
Bai 11.
Ban An ding ¢ mat dat ding gidc ké nhin thay ngon cay dudi B
gbe 37° so v6i phuong ngang song song v6i mat dat. Khoang
cach tit ban An dén cai cay 1a 30 m. Tinh chiéu cao cia cay
d6? Biét giac ké cao 1,2 m.
D
C
1.2m
A 30m B
& 23,8 m
Bai 12.
Ban An ding 6 mit dat cach mot toa thap mot khoang 120 E
m dung gidc ké nhin thay dinh thap 6 goc 53° so véi duong
nam ngang song song véi mat dat. Tinh chiéu cao ctia thap?
Biét giac ké c6 chiéu cao 1,6 m.
D
’ C
1,6m
A“ 120 m B
& 160,85 m
Bai 13.
Dé do khoang cach gitta hai bd clia mot con song, ban An da lam B
cach nhu sau:
- Truéc tien ban An sé ding 6 vi tri diem A nhidm mot vi tri diém
B beén kia bo song va dyng cay cot lam moc.
- Sau dé An di chuyén 15 m vudng goc véi huéng nhdm lic nay dén
vi tri diém C 16i diing giac ké nhdm vi tri diém A va vi tri diém B
thi d6 duge goc 60° . Hay tinh khoang cach gitta hai b song?
C 15m A
& 32,26 m

Bai 14.

o
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y J/ J J

T mot vi tri trén by, ban An c6 thé tinh dugce khoang cach gitta 2 chiéc B
thuyén & vi trf A v B bang cach nhu sau. Trude tién ban chon mot vi
tri trén bo (diém ) sao cho I, A, B thang hang. Sau d6 ban di chuyén
theo hudéng vuong goc véi IA dén vi trf diem K cach diém I mot khoang
380 m r6i dimng giac ké nhadm dén vi trf diém A, diém B thi do dugc géc
15° v& nham vi tri diém A, diém I thi duge goc 50°. Tinh khodng céch 2
chiéc thuyen?

—

K I
& 131,48 m
Bai 15.
Mot ngudi trinh sat ding cach toa nha mot B
khodng 10 m. Géc “nang” tit chd anh ta ding T
dén néc nha la 40°. Néu anh ta dich chuyén ra RamamEmaES
xa sao cho goc “nang” l1a 35° thi lic d6 anh ta Igggg:
cach toa nha bao nhiéu mét? H 1
T
Seesetaees
Sestsssees
T
T
Seetetsees
Seessesens
~paaan;
& 11,98 m
Bai 16.
Tu dinh mot ngon thap, ban An dung kinh vién vong B
thay dugc hai vi tri C' vd D céch nhau 30 m véi goc do
lan lugt 14 35° va 48° theo phuong ngang. Hoi ngon thap
cao bao nhiéu?
& 56,85 m

Bai 17.
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y J/ J J

Man anh rong hinh chit nhat duge diat 6 do cao 1,8m so
v6i tam mat (tinh tit mép man hinh). Dé nhin 16, ban An
ngodi cidch man hinh 2,m. Héi chiéu cao man hinh? Biét
gbc nhin cia ban An la 16°.

-

A 2,4m H
& 3,17 — 1,8 =2,07m

Bai 18.

Mot ngudi ditng & vi trf diém C trén mat dat cach thap ang-ten
mot khoang C'D = 120 m (nhu hinh vé&). Biét rang nguoi ay
nhin thay dinh thap véi AOB = 36° so véi duong ndm ngang;
khodng cach tit mat dén mat dat OC = 1,6 m.

a) Tinh chiéu cao AD ctia thap (Iam tron dén chit s6 hang
don vi).

b) Gia sit ngudi ay ding trén mat dat cach chan thap ang-
ten mot khodng bang chiéu cao clia thap dng-ten (C'D =
AD) va khong thay ddi khoang cach tit mat dén mat dat
thi nguoi Ay nhin thay dinh thap v6i géc AOB bang bao
nhieu? (s dung két qua da lam tron ¢ cau trén va lam
tron két qua cau nay dén do).

& a) 8,9 m, b) 44°
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y 4/ J J
Y § Chung D
DUONG TRON

Bt 6 0 SU XAC PINH PUONG TRON
¢ A\

. J
Bal s6 g DUONG KINH VA DAY CUA DUONG TRON .
N
LIEN HE GIUA DAY VA KHOANG CACH TU TAM DEN
Bt 36 e DAY .

N

Bai 1. Cho tam giac ABC va M la trung diém canh BC. Vé M D vuong géc véi AB tai D va ME
vuong goc véi AC tai E. Trén cac tia BD va CE lan lugt lay cac diem I; K sao cho D la trung diém
BI va E la trung diém CK. Ching minh ring bén diém B, I, K, C ciing thuoc mot duong tron.

Bai 2. Cho tam giac ABC c6 ba goc nhon ndi tiép duong tron (O). Vé cac dudng cao AD, BE,C'F
clia tam giac ABC cit nhau tai H. Ching minh:

a) Bén diem A, E, H, F cing thuoc mot dudng tron. Xac dinh tam K.
b) Bén diém B, E, F, C ciing thudc mot dusng tron c6 tam la 1.
¢) KEI = 90°.
Bai 3. Cho tam giac ABC can tai A c6 cac duong cao AD, BE,CF cit nhau tai H. Chiing minh:
a) Bén diem B, D, H, F cung thuoc mot dudng tron. Xac dinh tam 1.
b) Bén diém A, F, D, C cing thuoc mot dudng tron c6 tam la K.
c¢) IK di qua trung diém ctia F'D.

Bai 4. Cho tam giac nhon ABC. Vé duong tron tam O dudng kinh BC' cat canh AB, AC lan lugt tai
D, E.

a) Ching minh CD 1 AB va BE la dudng cao cia AABC.
b) Goi K la giao diém ctia BE va CD. Ching minh AK 1 BC tai M.
¢) Chitng minh bén diém A, E, M, B ciing thuoc mot dudng tron.

Bai 5. Cho tam gidc ABC vuong tai A (AB < AC). Dudng tron tam I dudng kinh AC' cat BC tai H.
Trén doan HC lay D sao cho HD = HB. Tia AD cat duong tron tam [ tai E.

a) Ching minh AH 14 dudng cao cia AABC.
b) Ching minh DA-DE = DC - DH.
c¢) Goi K la trung diém AB. Tinh s6 do géc THK.
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y J/ J J

d) Xac dinh tam duong tron ngoai tiép AAKH.

Bai 6. Cho tam giac ABC vuong tai A c6 dudng cao AH. Goi K 1a trung diém AH. Dudng tron tam
K ban kinh AK cat duong tron (O) duong kinh BC' tai I va cit cac canh AB, AC theo thit ty tai E,
F. AI cat BC tai M. Chiing minh:

a) AEHF la hinh chit nhat va EF? = AT - AM.

b) MK L OA.
Bai 7. Cho dudng tron (O) ban kinh R vA hai diém A, B thuoc (O) sao cho AOB = 60°. Tinh do dai
day cung AB va khoang cach tir tam dén day cung theo R.

Bai 8. Cho (O; R), day cung AB sao cho AOB = 90°. Tinh do dai day cung AB va khoang céch tir
tam dén day cung theo R.

Bai 9. Cho (O; R), day cung BC sao cho BOC = 120°. Tinh do dai day cung BC' va khoéng cach tu
tam dén day cung theo R.

Bai 10. Cho duong tron tam O, ban kinh R = 10 cm va day cung AB = 16 cm.
a) Tinh khoéng cach tir tam dén day AB.

b) Goi I 1a diém thuoc day AB sao cho AI = 2 cm. Ké day cung C'D di qua I va vuong goc véi AB.
Chtng minh CD = AB.

Bai 11. Cho (O) trong d6 hai day AB va C'D bang nhau va vuong goc v6i nhau tai I. Biét IC = 2 cm
va ID = 14 cm. Tinh khodng cach tit tam dén mdi day.

Bai 12. Cho (O) ¢6 ban kinh R = 25 cm. Hai day AB va C'D song song v6i nhau va ¢6 do dai theo
thit tu la 40 cm, 48 cm. Tinh khoang céch gitta hai day do.

VI TRI TUGNG DOI GITA PUGNG THANG VA DUONG
TRON. DAU HIEU NHAN BIET TIEP TUYEN

Bat 6 e
— &
Bai 1. Cho (O; R) c6 M ndm ngoai dudng tron sao cho OM = 2R. V& tiép tuyén M A, cat tuyén M BC
c6 B nam gitta M va C. K la trung diém BC.

a) Ching minh OK la trung truc cua BC.

b) Chitng minh bén diém M, A, K, O cing thuoc mot dudng tron. Xac dinh tam I va tinh ban kinh
ctia duong tron do6 theo R.

Bai 2. Cho dudng tron O ¢6 diém A nim ngoai dudng tron. Tit A ké hai tiép tuyén AB, AC (véi B, C
la céc tiép diem) va cat tuyén ADE (D nam giita A va E).

a) Cho OA = 3R. Tinh céc canh con lai clia tam giac OAB theo R.

b) Goi M la trung diém DE. Chitng minh O, A, B, C, M cuing thuoc mot dusng tron.
Bai 3. Cho (O) ¢6 ban kinh OA = R. Vé day C'D la trung truc cia OA cat OA tai H.

a) Ching minh OCAD la hinh thoi.

b) Ké tiép tuyén véi duong tron tai C, tiép tuyén nay cat duong OA tai I. Tinh tich OH - OI va do
dai doan C1I theo R.

¢) Tinh s6 do ODI.
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63/84 ’

Bai 4. Cho ntta duong tron tam O, dudng kinh AB. Qua C' thuoc nita duong tron ké tiép tuyén d ctia
duong tron. Goi E, F la chan cac duong vuong goc ké tit A va B dén d. Goi H 1a hinh chiéu ctia C
tréen AB. Chiing minh:

a) CE=CF.
b) AC' la phan giac goc BAE.
¢) CH? = AE - BF.

Bai 5. Cho ntta duong tron (O) dudng kinh AB va mot diém M thudc nita dudng tron. Tiép tuyén tai
M véi (O) cat tiép tuyén Az tai A va tiép tuyén By tai B cta (O) lan lugt tai D, E. Chiing minh bon
diém O, A, D, M cung thuoc mot dudng tron.

Bai 6. Cho dudng tron (O) c6 ban kinh OA = R. Day cung BC vuong goc véi OA tai trung diém M
cia OA.

a) T giac OCAB la hinh gi? Vi sao?

b) Ké tiép tuyén véi duong tron tai B, tiép tuyén nay cit dudsng thang AO tai E. Chiing minh CE
la tiép tuyén ctia duong tron (O) va tinh C'E theo R.

Bai 7. Cho duong tron (O; R) va diem A nim ngoai dudng tron (O) véi OA = 2R, dudng tron tam [
c6 duong kinh OA cat (O) tai B, C.

a) Ching minh AB, AC la céc tiép tuyén cta (O).
b) Chitng minh tit gidc OBIC 1a hinh thoi.

Bai 8. Cho tam giac ABC vuong tai A (AB < AC). Duong tron tam I duong kinh AC' cat BC' tai H.
Trén doan HC 1ay D sao cho HD = HB. Tia AD cét (I) tai E.

a) Ching minh AH L BC.
b) Ching minh DA-DE = DC - DH.
¢) Goi K la trung diém AB. Chiing minh K H 1a tiép tuyén cta (I).

Bai 9. Cho duong tron (O; R) dudng kinh AB. Trén tiép tuyén tai A clia dusng tron (O) lay diém M
sao cho AM = 2R; BM cat (O) tai C. V& OD vuong goc véi BC' (D thuoc BC).

a) Ching minh D la trung diém BC.
b) Goi E la trung diém M A. Ching minh EC 1a tiép tuyén ctia (O).

Bai 10. Cho duong tron (O; R) dudng kinh AB. Trén duong thang vuong goéc véi AB tai O lay diém
K sao cho K nam ngoai (0). Goi C' va D lan lugt 1a giao diém ciia AK va BK vé6i (O) (C, D khac
A, B).

a) Ching minh AD 1 BK va BC 1 AK.

b) Goi H la giao diém ctia AD va BC. Chitng minh K, H, O thang hang va bon diém K, C, H, D
thuoc cling mot duong tron. Xac dinh tam I ctia duong tron qua boén diém trén.

¢) Chiing minh OD la tiép tuyén cta (I) va ID la tiép tuyén cua (O).

Bai 11. Cho duong tron (O; R) va mot diém S nam ngoai dudng tron. Ké SA, SB la cac tiép tuyén
ctia duong tron (O) (A, B thuoc (0)). Goi H 1a giao diém ctia AB va OS.

a) Ching minh OS la dudng trung truc cia AB.

y J/ J J
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y J/ J J

b) Chiing minh ring tich OH - OS khong do6i v6i moi vi trf ctia S & ngoai (O).

Bai 12. Cho duong tron (O; R) va day cung AB vdi AOB = 120°. Hai tiép tuyén tai A, B clia (O) cat
nhau tai C.

a) Chitng minh OC vuoéng géc véi AB va bon diem A, C, B, O cung thudc mot dudng tron.
b) Chitng minh tam gidc ABC déu va tinh dien tich tam giac ABC theo R.

c¢) Lay M la mot diém thudc cung nhd AB ciia dudng tron. Vé tiép tuyén tai M cat AC va BC tai
D va E. Ching minh AD + BE = DE.

d) Ching minh DCE = DOE.

Bai 13. Cho ntta duong tron (O) c¢6 duong kinh AB. Goi Az, By la cac tia vuong géc véi AB (Ax, By
thudc ciing mot nita mat phang c6 bs chita dusng tron). Qua mot diem M thude nita dudng tron (M
khic A, B); ké tiép tuyén véi (O) cat Az, By la lugt tai C' va D. Chiing minh rang

a) COD = 90°.
b) CD = AC + BD.
¢) Tich AC' - BD khong dbi khi M thay doi trén nita dusng tron.

Bai 14. Cho duong tron (O) duong kinh AB. Goi M la diém tuy y thuoc (O), tiép tuyén tai M cta
(O) cat tiép tuyén tai A va B ctia (O) theo thtt tu 6 C' va D.

a) Chiing minh AB la tiép tuyén clia duong tron duong kinh C'D.
b) Tim vi trf ctia M dé tit giac ABDC c6 chu vi nhd nhat.

¢) Tim vi tri ctia C' va, D dé tit giac ABDC' ¢6 chu vi bang 14 ¢cm, biét AB = 4 cm.

64/84 ' B Thay Nguyén Ngoc Ding - @ 0976.071.956 m



Chuong 3. Géc véi dudng tron L&p Todn Thay Ding - Ta Quang Blru

65/84 ‘

Y S Clong
GOC VOl DUGNG TRON

GOC G TAM - GOC NOI TIEP - GOC TAO BOI TIEP
TUYEN VA DAY CUNG

3
s,

A-TOM TAT LY THUYET

n Cac loqi géc

® Goéc 6 tam 1 goc c6 dinh trung véi tam duong tron.

B/O\C:sd@

@ Goce nai tiép 1a goc c6 dinh ndm trén dudng tron.

BAC — gsdz@

@ Goc tao béi tiép tuyén va day cung la géc gdm mot tiép tuyén va mot day cung ctia dudng tron.

PAB — gs@

A Déi vdi géc tao bdi tiép tuyén va day cung: day cing cung nao thi géc chin cung dé.

B3 Mot sé tinh chét

® Hai géc noi tiép cling chan mot cung hoidc chin cac cung bang nhau thi bang nhau.

@ Goc nai tiép chan nita duong tron 1a goc vuong.

B-BAI TAP

Bai 1. Cho dudng tron (O; R) va mot diém K nim ngoai duong tron. Ké tiép tuyén K E véi (O); Tia
OK cit duong tron tai F. Cho biét OK = Rv/2.

a) Tinh s6 do cung nhé EF.

b) Duong thang qua E vuong goc véi OK va cat (O) tai diém thit hai 1a M. Chiing minh KM 1a
tiép tuyén cta (O).

¢) Tt gidc OEK M 1a hinh gi? Tinh dién tich ctia hinh d6 theo R.

Bai 2. Cho duong tron (O) va hai day cung AB, AC tuy ¥ (O ndm trong goc @) Ké duong kinh
AD.

y J/ J J

e
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y J/ J J

a) Ching minh BAD = BCD va BD L AB.

b) Lay E thuoc (O) sao cho E la diém chinh gita cung nhé BD. Chiing minh C'E 13 dudng phan
gidc cia BCD.

¢) Ké dudng thang qua D song song véi AB cat (O) tai F. Chitng minh B, O, F thang hang va tinh
BCF.

d) Chiing minh ACB phu véi ADF.
Bai 3. Cho duong tron (O; R) va day cung BC = R.
a) Tinh s6 do BOC va suy ra s6 do cung nhé BC, s6 do cung l6n BC.
b) Ké tiép tuyén tai B va C cta (O) cat nhau tai A v duong kinh BOD. Chitng minh OA /| C'D.
c¢) Goi E la giao diém ctia AD va (O). Chitng minh AAEC 0> AACD, tit dé suy ra ACE = OAE.

Bai 4. Cho hai duong tron (O; R) va (O'; R') cat nhau tai A va B. Vé cat tuyén CAD vuong goc véi
AB. Tia CB cat (O') tal E, tia BD cét (O) tai F. Chiing minh rang:

a) CAF = lﬁ; b) AB la tia phan giac cia @7;
¢) CA-CD=CB-CE; d) CD*=CB-CE + BD - DF.

Bai 5 (VD). Cho duong tron (O; R) va mot diem S & ngoai (0). Ké SA la tiép tuyén ctia dudng tron
(0) (A thuoe (0)) va AK 1a duong kinh. SK cit (O) tai diém thi hai Ia 1.

a) Ching minh KT - KS = 4R?.

b) Dudng thang qua K song song véi OS cit (O) tai B. Ching minh SB la tiép tuyén ctia (O).
¢) Chitng minh rang BIK = BSO va BIK — BKI = ISB.

d) BI cat SO tai M. Chting minh MS? = MT - MB.

Bai 6 (VD). Cho duong tron (O; R) va mot diem S nam ngoai dudng tron. Ké tiép tuyén SA vé6i (O)
(A la tiép diém) va cat tuyén SCD (SD > SC).

a) Chiing minh SA%? = SC - SD.

b) Dudng thing qua A va vuong géc véi OS tai I cit (O) tai B. Chiing minh SC-SD = S-S0 va
SB la tiép tuyén cua (O).

¢) Goi F la trung diém ctia CD; OF cat AB tai T. Chitng minh bén diém T; F; I; S ciing thudc
mot duong tron.

d) Chiing minh TC? = TF - TO va TC 1a tiép tuyén cta (O).

Bai 7. Tit diém M nam ngoai dudng tron (O) vé hai tiép tuyén M A, MB véi A, B 1a hai tiép diém.
Qua A vé dudng thang song song véi M B cat (O) tai C. Néi C' véi M cat duong tron (O) tai D. N6i
A v6i D cat M B tai E. Chting minh rang:

a) NABE > ABDE; b) AMEA D ADEM; c¢) E la trung diém ctia M B.
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y J/ J J

Bat s6 9 GOC CO DINH BEN TRONG - BEN NGOAI DUGNG TRON
N

A-TOM TAT LY THUYET

n Goéc c6 dinh bén trong dudng tron

® BMD c6 dinh ben trong duong tron.

© BMD chén hai cung AnC va DmB.

© BMD = J (sdBmD + sdAnC).

B3 coc c6 dinh bén ngodi dudng tron

@ BMD c6 dinh ben ngoai duong tron.

© BMD chén hai cung AnC va BmD.

© BMD = (s0BmD — sdAnC).

B-BAI TAP

Bai 1. Tinh s6 do x trong céc hinh vé sau:

e
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Hinh ¢)

Bai 2. Cho (O) va day AB, C la diém chinh gitta cung nhé AB. Vé day C'Dcéat day AB tai E, lay F
thuoc cung nhé BD. Goi K la giao diém ctia DC va BF, I la giao diém ctia DA va C'F. Chitng minh

rang:

a) DIF = DKF; b) AED = DFC.

Bai 3. Cho dudng tron (O) ¢6 hai dudng kinh AB va C'D vuong géc véi nhau. Qua diém M thudc cung

nhé AD, ké tiép tuyén véi duong tron (O) ciat CD tai I. Goi E la giao diém ctia BM va CD.
a) Chiing minh réng IM = IFE.

o —

b) Goi F la giao diém ciia AM va C'D. Chitng minh ring AFC = ABM.

Bt 55 e TU GIAC NOI TIEP

A-TOM TAT LY THUYET

n Binh nghia

Tit giac noi tiép 1a tit giac c6 boén dinh nam trén mot duong tron.

$Vidu1.

C P
D

B} 1inh chét
Néu tit giac ABC'D noi tiép thi

y J/ J J

o
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y J/ J J

1. Hai goc déi bt nhau: | BCD + BAD = 180°

D

2. Goc ngoai bang goc doi trong: DAb = BCD A

3. Hai géc cuing nhin mot canh bang nhau: BAC = BDC

B&n phuong phdp chitrng minh t& gidic néi tiép

1. Tt giac ¢6 bén dinh cach déu mot diém.
B

Xét tit gide ABOD c6 / ‘
OA=0B=0C=0D O‘ A
Suy ra ABC'D noi tiép dudng tron (O). '

D

Vi du 2. Cho tit gidgc ABCD c6 D = B = 90°. Chitng minh ABCD 1a i gisc noi tiép.

® Loi giai.

2. Tit gidc c¢6 hai géc dbi bt nhau (tong = 180°).

Xét tit gidgc ABCD c6 / \
B+ D =180° o
Suy ra ABCD nai tiép duong tron. \

$SVi du 3. Cho tit gidc ABCD ¢6 D = B = 90°. Chiing minh ABCD la tit giéc noi tiép.

® Loi gidi.
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3. T gidc c6 goc ngoai bang goc doi trong.
Xét ti giac ABC'D c6
DCB = DAb

Suy ra ABC'D noi tiép dudng tron.

4. Tt giac c6 hai goc cting nhin mot canh bang nhau.

Xét tit giac ABC'D co
BAC = BDC
Suy ra ABCD nai tiép duong tron.
n Hai md hinh quen thuéc

D
A

B C
(hai géc vuong doi dién nhau)

B cach xéc dinh tam cia hai mé hinh
D
A

B C
(hai géc vuong doi dien nhau)

y J/ J J

R )
(hai géc vuong cing nhin mot canh)

B 1 C
(hai géc vuong cung nhin mot canh)

u St dung phuong tich dé chirng minh tir gidc ndi tiép

D
A Dira vao tam gidc dong dang, ta ching minh dugc
@ Néu IA-ID = IB-IC thi ABCD la ti giac noi tiép.
7 | © Néu ABCD la tit gidc noi tiép thi JA-ID =IB - IC.
B C

o
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y J J J
B- CAC DANG BAI TAP

Bai 1. Chiing minh hinh chi nhat, hinh thang can la cac ti giac noi tiép.
Bai 2. Cho tam giac déu ABC. Trén ntta mit phang bs BC khong chita dinh A, 1y diém D sao cho
] —
DB = DC va DCB = §AC’B.
a) Chiing minh ABDC' la tit giac noi tiép.
b) Xéc dinh tam ctia dudng tron di qua bon diém A, B, D, C.

Bai 3. Cho tam gidc ABC. Cac dudng phan gidc trong clia B va O cit nhau tai S, cac duong phan
giac ngoai ciia B va C cat nhau tai £. Chiing minh BSCE 13 mot tii giac noi tiép.

Bai 4. Cho tam giac can ABC ¢6 day BC' va A = 20°. Trén nita mat phéng b AB khong chita diém
C' lay diém D sao cho DA = DB va DAB = 40°. Goi E la giao diém ctia AB va CD.

a) Chimg minh ACBD la tit giac noi tiép.
b) Tinh AED.
Bai 5. Cho AABC nhon noi tiép duong tron (O), cac dudng cao BD va C'E. Chiing minh réng:
a) BEDC la tt gidc noi tiép.
b) AD- AC = AE - AB.
¢) OA L DE.

Bai 6. Cho hinh binh hanh ABCD. Dudng tron di qua ba dinh A, B, C cit dudng thang CD tai P
khac C. Chitng minh AP = AD.

Bai 7. Cho tam giac ABC vuong tai A. Duong tron duong kinh AB cit canh BC tai M. Trén cung
nhé AM lay diém E (E khac A, M). Kéo dai BE cat AC tai F

a) Ching minh BEM = A/C’\B, tir do suy ra ti gidc MEFC 1a ti giac noi tiép.
b) Goi K la giao diém ctia M E va AC. Chiing minh AK? = KE - KM.

Bai 8. Cho AABC nhon nai tiép (O), hai duong cao BE va C'F cat nhau tai H. Goi D la giao diém
cua AH va BC.

a) Ching minh: T giac BFEC noi tiép va OA | EF.

b) Vé dudng kinh AK cta (O). Ching minh: AB - KC = AK - BD suy ra AB- KC + AC - KB =
AK - BC.

¢) Ve CI L AK tai I. Goi M la trung diém ctia BC. Chting minh MI = M D

Bai 9. Tir diém A ngoai duong tron (O; R) vé hai tiép tuyén AB, AC véi duong tron (O) (B, C la tiép
diem). Goi H 1a giao diém ctia AO va BC. Goi I trung diém ctia AB. Tt B ké duong thang vuong goc
v6i OI tai K duong thang nay cit dudng tron (O) tai D (D khéac B).

a) Chting minh: ti giac ABOC nai tiép va OK.OI = OH.OA.

b) Duong tron (I) duong kinh AB cit AC tai E. Goi F la giao diém ctia BE va OA. Chiing minh:
F déi xing véi O qua H.

c¢) Chitng minh rang: Dudng tron ngoai tiép AAF B di qua diem K.
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y J/ J J
Bai 10. T diém M nam ngoai dudng tron (O) vé hai tiép tuyén M E, M F va cat tuyén M AB véi (O)

(cat tuyén M AB khong di qua O). Qua A ké dudng thang vuong goc véi OF cit EF va EB lan lugt

tai C v D. Goi N la trung diém ctia AB.

a) Chitng minh OFM N va ONEM la tit gidc noi tiép. Tit d6 suy ra nam diem O, F, M, E, N cing
thudc mot duong tron.

b) Chitng minh ME /| AD.
¢) Chitng minh ACNF 1a t1t gidc noi tiép.
d) Chitng minh AC' = CD.

Bai 11 (HK2 Quan 8 nam 2018 - 2019). Cho AABC' ¢6 ba goc nhon (AB < AC). Vé ba dudng cao
AD, BE, CF cat nhau tai H.

a) Chiing minh BDHF va BCEF la cac tit giac noi tiép.
b) Goi I 1a tam duong tron ngoai tiép tit gide BOEF. Ching minh FDIFE 1 tit gidc noi tiép.

c) Goi N la giao diem ctia AD va EF. Goi M la giao diém ctia EF va BC. Chitng minh NF-ME =
NE-MF.

Bai 12 (HK2 Quén 10 nam 2018 - 2019). Cho duong tron (O; R) dudng kinh AB, M la mot diém
trén dudng tron (O) (M khic A, B va khong tring v6i diém chinh gifta cung AB). Céc tiép tuyén clia
(O) tai A va M cat nhau tai P.

a) Chiing minh PAOM 1a ti giac noi tiép va PO L AM.

b) Tit O ké dudng thing vuong goc véi AB cit BM tai N. Chitng minh PAN = PON va suy ra ti
gidac POBN la hinh binh hanh.

c) Goi Q, R, S lan lugt 1 giao diém ctia PO va AN, PM va ON, PN va OM. Chiing minh ba diém
Q, R, S thing hang.

PO DAI DPUONG TRON, CUNG TRON. DIEN TICH HINH
e TRON, HINH QUAT

A-TOM TAT LY THUYET

@B chu vi hinh tron - B3 dai cung fron - Dién tich hinh tron - Dién tich hinh quat
® Chu vi hinh tron: C = 27R.

® Dién tich hinh tron: S = 7R?.

mRn
Do dai tron: | = ——.
® Do dai cung tron 180
2
© Dién tich hinh quat: Syua = 7;;]2—0”
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B3 Dien tich hinh vién phan - Dién fich hinh vanh khan
® Hinh vién phan 14 phan dugce gach chéo, c6 dién tich duge tinh béi cong A

thic ‘
Svién phan — Squat AOB — SAAOB- ‘%
/\

® Hinh vanh kh#n 13 phan gach chéo, c¢6 dién tich duge tinh bdi cong thitc

Svanh khan — 7 (Ri - R%) .

B-CAC DANG BAI TAP

& Dang 1. Tinh do ddi duong tron, cung tron

Cho duong tron ban kinh R. Khi doé:

® Do dai C ctia duong tron la

® Do dai [ cia mot cung 1a

TRn
180

SVidu 1.
a) Tinh do dai cung 60° clia mot duong tron c¢6 ban kinh 2 dm.
b) Tinh chu vi cia mot vanh xe dap ¢6 dusng kinh 650 mm.

2
& a) % b) 6507

$SVidu 2. Tinh chu vi ctia dudng tron, biét:

a) Duong tron ¢6 ban kinh béng 6 cm.

b) Duong tron c6 dudng kinh bang 8 cm.

¢) Duong tron ngoai tiép tam gidc déu canh bang 2v/3 cm.

& a) 127; b) 87; ¢) 2.

— R —
&OVidu 3. Cho duong tron (O; R), do dai cung AB la % Tinh sdAB. & sdAB = 45°.
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$SVi du 4 (Dé HKIl Quén 12, ném 2018 - 2019).

May kéo cong nghiép c6 hai banh sau to hon hai banh truée. Khi bom céang,
banh xe sau c6 duong kinh la 189 cm va banh xe truée c6 dusng kinh 1a 90
cm. Hoéi khi xe chay trén doan dudng thang, banh xe sau lan duge 10 vong
thi xe di duge bao xa va banh xe trude lan duge may vong?

& Quang dudng xe di dugce 1a 8907 cm va banh xe trudc lan duge 21 vong.

$SVi du 5 (D& HKII Quén 1, ném 2017 - 2018).

Cho ba diém A, B, C thang hang theo thi tu do6. Trén
cling mot nita mat phang bo 1a duong thang AB vé cac nita
duong tron c¢6 duong kinh lan lugt 14 AB, BC, C'A (xem
hinh vé&). Hai con robot chay tit A dén C', con robot thtt nhat
chay theo duong s6 1 (ntta duong tron duong kinh AC'), con
robot thit hai chay theo duong s6 2 (hai nita dudng tron

A B C
duong kinh AB, BC). Biét chiing xuat phat ciing mot thai diém tai A va chay ciing van tdc khong
ddi. Ca hai con robot ciing dén C' mot lic. Em hay giai thich vi sao?

%& Dang 2. Dién tich hinh tron, hinh quat tron, hinh vién phén, hinh vanh khdn

Cho duong tron ban kinh R. Khi do:

® Dieén tich hinh tron 1a

@ Dien tich hinh quat cung n° 1a

_ TR%n
360

@ Dé tich dien tich hinh vién phan, ta lay dién tich hinh quat trit di dién tich hinh tam giac.

@ Dé tinh dien tich hinh vanh khan, ta lay dién tich hinh tron 1én trir di dién tich hinh tron nho.

$SVidu 1. Tinh dién tich hinh tron, biét:
a) Ban kinh bang 8 cm.

b) Duong kinh bing 12 cm.

¢) Chu vi dudng tron dé bang 187 cm.

& a) 64w cm?; b) 36w cm?; ¢) 817 cm?.

$SVidu 2. Cho dudng tron (O;6 cm), trén dudng tron lay cung AB 6 s6 do 60°. Tinh dien tich
hinh quat AOB va dién tich hinh vién phan cung AB.

Q Squat A0B = 6™ cm? va dién tich hinh vién phan cung AB ~ 3,26 cm?.
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$OVidu 3.
Mot vuon hoa hinh tron ¢6 ban kinh OA = 5 m. O ngoai vuon, ngudi ta 77777

/////////////

//////
//////

lam mot 16i di chung quanh, dién tich 16i di bang dién tich vuon hoa. Tinh
chiéu rong AB cta 16 di.

& AB =~ 2,07 m.

$SVi du 4 (Dé HKIl Quén Binh Thanh nam 2017 - 2018).

Trong hinh vé bén, ABC' D 1a hinh vuong noi tiép duong tron tam O c6 ban B
kinh bang 4 cm. Hay tinh do dai canh hinh vuong va dién tich phan duge to AN
dam trong hinh vé (lam tron dén chit s6 thap phan thi hai).
A , | D
e:""éf]"":,?c
\\é{,’
D

& AB = 44/2 cm va dién tich phan t6 dam ~ 36,53 cm?.

$OVi du 5 (Dé HKIl Quén 8 nam 2017 - 2018).

Hoa van trén mot nén gach bong 1a bén duong tron tiép xtc nhau nhu
hinh vé. Biét ban kinh clia cic dudsng tron déu bang 0,3 mét va tam cla
boén duong tron nay lan luot 1a A, B, C, D. Tt gidc ABC'D 1a hinh vuong,.
Hay tinh dién tich phan in dam dudc gidi han bdi cic cung tron EF, FG,
GH va HE theo don vi centimet. (Lam tron két qua dén chit s6 thap phan
th hai).

& Dién tich phan t6 dam = 772,57 cm?.

C-BAI TAP TV LUYEN

Bai 1.
a) Tinh dién tich hinh tron ban kinh 5 cm.
b) Tinh dién tich hinh quat tron ban kinh 6 cm va ¢6 s6 do cung 1a 60°.

Bai 2. Tinh dién tich hinh vanh khan gi6i han bdi dudng tron nai tiép va dudng tron ngoai tiép tam
giac déu c6 canh 4 cm.

Bai 3. Cho dudng tron (0;3 cm) va diém M nam ngoai dudng tron. Qua M ké tiép tuyén M A, M B

L —

t61 dudng tron. Bist AMB = 60°, tinh dien tich hinh giéi han bdi MA, MB va cung nhd AB.
Bai 4.
Tam giac ABC déu c6 do dai canh bang 4 cm, cac cung DE, EF, F'D thuoc 4

ba dudng tron cé ban kinh 2 cm va c6 tam lan lugt 1a ba diém C, A, B. Tinh
dién tich phan to den trén hinh vé.

B D C
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Bai 5.
Mot vien gach hinh vuong canh a (cm) ¢6 hoa van nhu hinh vé. M, N, P, 4 M B
Q lan lugt 1a trung diém cac canh AD, AB, BC, CD. Tinh do dai a biét
dien tich phan to dam 1a 200(4 — ) (cm?). / \
) K / N
D P C
Bai 6.
Cho duong tron (O;R cm) noi tiép hinh vuong ABCD va ngoai tiép hinh 4 B
vuong M N PQ (nhu hinh vé bén). Biét raing BD = 12 cm, tinh dién tich M
phan to6 den.
@
P
D C

e
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Y 7 Cheng o
HINH TRU - HINH NON - HINH CAU

Bt st 0 DIEN TICH XUNG QUANH VA THE TiCH CUA HINH TRU _
N

A-KIEN THG'C TRONG TAM

n Binh nghia

Khi quay hinh chit nhat ABCD mot vong quanh canh C'D c¢b
dinh, ta dugc mot hinh tru cé: A D

® CD la truc;

©® AB la mot duong sinh;

® Hai day la hai duong tron bang nhau. erees

a Dién tich xung quanh, dién tich toain phan va thé tich cla hinh tru

® Dien tich xung quanh

Sxq = 2mrh

® Dieén tich toan phan

Stp = Sxq + Shai aay = 2770 + 2mr?

® Thé tich hinh tru

‘VzSh:m"zh‘

B-CAC DANG BAI TAP VA PHUONG PHAP GIAI

& Dang 1. Cac bai tap tinh todn lién quan hinh tru

Stt dung cong thiic  phan kién thitc trong tam.

$SVi du 1 (Bai 10/tr 112 - Sgk). Hay tinh:
a) Dién tich xung quanh ctia mot hinh tru c6 chu vi hinh tron day 14 13 cm va chiéu cao 1a 3 cm.

b) Thé tich ctia hinh tru c6 ban kinh dudng tron ddy 1a 5 mm va chiéu cao 1a 8 mm.

$OVi du 2 (Bai 4/tr 110 - Sgk). Mot hinh tru c6 ban kinh day 1a 7 cm, dién tich xung quanh béng
352 cm?. Tinh chiéu cao ctia hinh tru.
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Vi du 3 (Bai 6/tr 111 - Sgk). Chiéu cao cia mot hinh tru bing ban kinh dudng tron day. Dién
tich xung quanh ctia hinh tru 1a 314 cm?. Hay tinh ban kinh dudng tron day va thé tich hinh tru
(lam tron két qua dén chit s6 thap phan thi hai).

$OVidu 4. Mt cit qua truc clia mot hinh tru 1a mot hinh vuong c6 dién tich 13 100 cm?. Hay tinh

a) Dién tich xung quanh ctia hinh tru; b) Thé tich ctia hinh tru.

$SVidu 5. Mot hinh chit nhat chu vi 50 cm va dién tich 150 cm?. Cho hinh chit nhat nay quay
quanh mot vong tron quanh mot canh ¢ dinh. Tinh thé tich 16n nhat ctia hinh tru duge tao thanh.

$OVidu 6. Mot thiing dung nude hinh tru ¢6 chu vi ddy 14 94,2 cm va thé tich bang 18369 cm?.
Tinh ban kinh day va chiéu cao clia thiing.

$SVidu 7. Mot hop banh keo hinh tru c6 chiéu cao 6 cm va dién tich toan phan bing 3 lan dién
tich xung quanh. Tinh ban kinh day cta hop nay.

’ S 2 S <z ? o
$OVidu 8. Mot hop sita bot c6 dang hinh tru, ban kinh day bang £ chieu cao. Biet the tich cua
hop sita 14 5407 cm?®. Tinh dien tich vé hop (ké ca nép).

2 Dang 2. Cdc bai todn thuc té

Stt dung cac cong thitc phan kién thic trong tam. Doi khi, hinh tao thanh 1a hén hgp ctia nhiéu
hinh, khi d6 ta can tach hinh hén hgp thanh cac bo phan rieng biét, tinh thé tich ctia nhitng bo
phan ay roi cong hoac trit cac sd do do.

$OVidu 9. Mot cay nén hinh tru cao 20 cm va c6 dudng kinh day 24 mm. Héi cay nén nay co thé
thap sang duge bao lau néu méi phut chay hét 3,0144 cm? nén?

$OVi du 10 (Bai 7/tr 111 - Sgk).

Mot bong den huynh quang dai 1,2 m, dudng kinh ctia dudng tron
day 1a 4 cm, duge dat khit vao mot 6ng gidy ciing dang hinh hop
(hinh bén). Tinh dién tich phan gidy cing dung dé lam hop. (Hop
hé hai dau, khong tinh 1é va mép dén).

$OVidu 11 (Bai 11/tr 112 - Sgk - Bai toan Ac-si-mét). Ngudi ta nhan chim hoan toan mot tugng
da nhoé vao mot lo thiy tinh c6 nuée dang hinh tru. Dién tich day lo thiy tinh 1a 12,8 cm?. Nuéc
trong lo dang len them 8,5 mm. Hdi thé tich ciia tuong da la bao nhiéu.
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$SVi du 12 (Bai 13/tr 113 - Sgk).

Mot tam kim loai duge khoan thiing bon 16 nhu hinh bén (16 khoan
dang hinh try), tam kim loai day 2 cm, day ctia n6 1a hinh vuong c6 %
canh 13 5 cm. Duong kinh ctia miii khoan 1a 8 mm. Héi thé tich con lai
cua tam kim loai 14 bao nhiéu?

Hinh 85

$OVidu 13. Léi clia mot cuon chi ¢6 kich thude nhu hinh vé bén. Tinh thé tich ctia chi sau khi chi
duge cuon day vao 161 (lam tron dén s6 thap phan thi 2).

)

$OVi du 14. Mot vien than “t6 ong” hinh try, c6 ban kinh day 14 6 cm, chiéu cao 10 cm. Trén méi
mat day co6 12 16 “t6 ong” & vong ngoai, ¢6 6 16 “t6 ong” & vong trong va mot 16 ¢ chinh tam ciia
day. Chiéu cao ciia 16 ding bang chiéu cao ciia vién than, duong kinh mdi 16 1a 1 cm. Tinh thé tich
nhién liéu ctia moi vién than.

$OVi du 15. Trong xay dung ngudi ta thuong dung gach 16 dé xay tudng cho nhe. Mdi vien gach
dai 20 cm, rong 10 cm vA cao 5,5 cm. Doc theo chiéu dai méi vién, c6 hai 16 hinh tru, méi 16 c¢6
duong kinh 3,6 cm. Tinh thé tich dat dé lam mdi vien gach (khong ké dén do co ciia dat khi nung).

$>6>OBAI TAP VAN DUNG SO 606
Bai 1. Mot hinh tru c6 dién tich xung quanh la 807 cm? va thé tich 1a 1607 cm®. Tinh ban kinh day
va chiéu cao clia hinh tru nay.
Bai 2. Mot hinh tru c6 chiéu cao 1a 15 cm va dién tich toan phan 1a 2527 cm?. Tinh ban kinh day cta
hinh tru.
Bai 3. Mot binh dyng nuée hinh tru c6 ban kinh day 1& 12 cm, chiéu cao cot nude trong binh 1a 18 cm.
Nguoi ta cho mot hon di vao trong binh va ngap hoan toan trong nudc, chiéu cao clia cot nude bay gio
14 20 cm. Tinh thé tich clia hon da.
Bai 4. Mot chau hinh tru c6 chiéu cao 7 ecm. Biét dién tich day ctia chau bang dién tich xung quanh.
Hoéi chau nay c6 thé chita duge bao nhiéu lit nuée?
Bai 5. Mot lo thude hinh tru dat khit trong mot hop gidy hinh hop chit nhat c¢6 thé tich 1a 200 cm?.
Tinh thé tich ctia lo thudc hinh tru.

Bai 6.

79/84 ' B Thay Nguyén Ngoc Dang - 0976.071.95“



2. Dién tich xung quanh va thé fich clia hinh Nén va hinh nén cut

L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

Mot cai chai phia duéi 1a hinh tru chita lugng nuée c6 chiéu cao 10 cm.
Ngudi ta lat nguge chai lai thi phan chai khong chita nude 14 mot hinh tru

c6 chiéu cao 8 cm nhu hinh vé bén. Tinh thé tich cia chai, biét ring dudong ET
S
.

kinh ctia day chai bang 10 cm.

Bai 7.
Mot cai ham bi-6-ga nhut hinh vé bén. Phan trén 1a nita hinh

la mo6t hinh hop chit nhat vé6i cac kich thude cho trén hinh vé. Tinh thé tich

N ) 22
ham bi-6-ga (lay m = 7)

tru, phan duéi

Bai 8. Hay tinh thé tich, dien tich bé miit mot chi tiét may theo kich thudc da cho trén hinh vé beén.

11 cm

6 cm

DIEN TiICH XUNG QUANH VA THE TICH CUA HINH

.ﬁ/

A-KIEN THG'C TRONG TAM

n Binh nghia

dinh ta dugc mot hinh nén co:
® AO la duong cao;
® AC la mot duong sinh;

® Day la duong tron tam O.

Bad 36 a NON VA HINH NON CUT
°
Khi quay AAOC vuong tai O mot vong quanh canh OA c6 A A
>
C » O D
C

o
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a Dién tich xung quanh, dién tich toain phan va thé tich cta hinh nén

® Dien tich xung quanh

Sxq = 71l

© Dien tich toan phan

Sip = Sxq + Saay = 7l + wr”

® Thé tich hinh nén

1 1
V= gSh = §7T7’2h

Dién tich xung quanh, dién tich toéin phan va thé tich ctia hinh nén cut

® Dien tich xung quanh

Syq = m(Ry + Ry)l

® Dien tich toan phan

Stp = Sxq + Shai asy = T(R1 + Ro)l + 7 (R} + R3)

® Thé tich hinh nén cut

B-CAC DANG BAI TAP VA PHUONG PHAP GIAI

& Dang 1. Cac bai tap lién quan hinh nén

Stt dung cong thic & phan kién thitc trong tam.

OVidu 1. Cho tam gidc ABC vuong tai A, AB = 15 cm; AC = 8 cm. Quay tam giac nay mot
vong quay canh AB ¢ dinh. Tinh dién tich toan phan va thé tich ctia hinh thao thanh.

$OVidu 2. Mot hinh nén c¢6 ban kinh day 1a 5 cm va thé tich 1a 1007 cm?. Tinh dién tich toan
phan ctia hinh nén nay.

& Dang 2. Cac bai tap lién quan hinh nén cut

Stt dung cong thitc & phan kién thitc trong tam.

$OVidu 3. Mot chiéc x6 hinh nén cut lam béng ton ¢6 ban kinh dudng tron miéng x6 la 14 cm,
ban kinh day x6 14 9 cm va duong sinh la 25 cm.

a) Hoéi x0 nay c6 thé chiia duge 10 lit nuée khong?

b) Tinh dién tich ton dé lam chiéc x0 nay.
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$OVidu 4. Hinh thang can ABCD (AB [/ CD) ¢6 AB = 30 cm; CD = 54 cm va dudng cao
AH = 9 cm. Cho hinh thang nay quay mot vong quanh canh day C'D. Hay tinh

a) The tich ctia hinh tao thanh; b) Dién tich mit ngoai ciia hinh tao thanh.

2 Dang 3. Cdc bai todn thuc té

Stt dung cac cong thitc phan kién thic trong tam. Doi khi, hinh tao thanh 13 hén hgp ctia nhiéu
hinh, khi d6 ta can tach hinh hén hgp thanh cac bo phan riéng biét, tinh thé tich ctia nhitng bo
phan ay roi cong hoac trit cac sd do do.

$OVidu 5 (bai 15 sgk - tr117).
Mot hinh nén duge dat vao bén trong mot hinh lap phuong nhu hinh vé,
canh ctia hinh 1ap phuong bang 1. Hay tinh:

a) Ban kinh déy cta hinh nén;

b) Do dai dudng sinh.

$OVi du 6 (bai 21 sgk - tr118).

Cai mil cia cht hé véi cac kich thuée cho theo hinh vé ben. Hay tinh
tong dién tich vai can c6 dé lam nén cai mii (khong ké riém, mép,
phan thia).

$OVidu 7 (bai 21 sgk - tr118).

Hinh bén cho ta hinh &nh ctia mot cai dong ho cat vdi cac kich thude kem
theo (OA = OB). Hay so sanh tong cac thé tich ciia hai hinh nén va thé tich
cua hinh try.

$OVi du 8 (bai 27 sgk - tr119).
Mot dung cu gom mot phan ¢6 dang hinh tru, phan con lai ¢6 dang hinh 1,40m
ném. Cac kich thuée cho trén hinh bén. Hay tinh:

l?OCm

a) Thé tich ctia dung cu nay;

b) Dién tich mit ngoai ctia dung cu (khong tinh nép).

1,60m

o
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$OVi du 9 (bai 28 sgk - tr120).
Mot céi x6 bang inox c6 dang hinh nén cut dung héa chat, c6 cac kich thuée
cho & hinh bén (don vi: cm).

a) Hay tinh dién tich xung quanh ctia x0;

b) Khi x6 chita day héa chat thi dung tich ctia n6 14 bao nhieu?

$>6>$OBAI TAP VAN DUNG SO 606
Bai 1. Nguoi ta cudon mot tam bia hinh quat c6 ban kinh 24 cm va s6 do cung tron 1a 270° duge mot
hinh nén roi dan hai mép lai véi nhau. Tinh dién tich xung quanh ctia hinh nén.

Bai 2. Mot hinh nén c¢6 ban kinh day 14 40 cm. C&t hinh nén nay bing mot mat phing song song véi
day ta dugc duge mot hinh non cut ¢6 ban kinh day nhé 1a 24 cm va duong cao la 30 cm. Hay tinh:

a) Do dai duong sinh ctia hinh nén cut.
b) Dién tich xung quanh ctia hinh nén cut.
c¢) Thé tich ctia hinh nén cut bi cit ra.

Bai 3. Mot hinh nén c6 thé tich 1a 24 cm®. Céat hinh nén nay bang mot mat phing song song véi day,
di qua trung diém clia duong cao. Tinh thé tich ctia hinh nén cut duge tao thanh.

Bai 4. Mot hinh nén c6 s6 do nita goc & dinh 1a 30°. Chitng minh rang hinh nén nay c6 dién tich xung
quanh bang hai lan dién tich day.

Bai 5. Mot khic gd hinh tru c6 ban kinh day 1& 15 cm, chiéu cao 14 16 cm. T khiic gd ndy nguoi ta
tien bé di mot hinh nén c6 day 1a day clia hinh tru va dinh 1a trung diém ciia truc hinh tru.

a) Tinh thé tich ctia phan con lai ctia hinh try.

b) Tinh dién tich m#t ngoai ctia phan con lai ciia hinh truy.

Bt $& e DIEN TICH VA THE TICH CUA HINH CAU
¢ - ; °
A- K|EN THUC TRONG TAM
n Binh nghia
® Khi quay ntta hinh tron (O; R) mot vong quanh duong kinh 4
AB ¢b dinh thi duge mot hinh cau.
- Diém O goi la tam, R 13 ban kinh ctia hinh cau hay
mat cau. O
B
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3. Dién fich va thé tich clia hinh céu L6p Todn Thay Ding - Ta Quang Blru

y J/ J J

B3 Dien tich - Thé tich hinh céu
@ Dien tich mat cau S = 47 R? hay S = md* (R 1a ban kinh; d 13 duong kinh).

, < 4
® The tich hinh cau V = §7TR3.

B-CAC DANG BAI TAP VA PHUONG PHAP GIAI
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