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PHAN | - PAI SO

*kkkk

CHUYEN PE 1 - BIEU THUC CHUA CAN BAC HAI
| - KIEN THUC CAN NHO

1. Pinh nghia cin bac hai: Véi a>0, x=\/5<:>{

* Tinh chit:

+ S6 am khong c6 can bac hai

+ 86 0 c6 ding mot can bac hai chinh 14 s6 0, ta viét /0 =0.

+ S6 duong a co dang hai cin bac hai 1a hai s6 ddi nhau: sé duong ky hiéu la
Ja, s6 am ky hiéu 1a —/a.

2. Cac cong thac van dung

* Hing déng thic: VA® =|A

* Khai phwong mot tich: vAB =VAAB véi A=0,B20

* Khai phuong mot thuong: \/é = % véi A>0,B>0

* Pua thira sb tir ngoai vao trong va tir trong ra ngoai dau cin

AVB =VAZB véi A>0 (VA’B=AVB véi A20)
——JA’B véi A<0 (VA’B =—AVB véi A<0)

ST SRS SRR S A_JAB .
* Khtr mau cua bicu thirc laycan:\/%=ﬁ voi AB>0,B=0

* Truc cin thirc & mau:
% . A—f v6i B> 0
c clV/Az8)
JA+B  A-B?
c clVAzVB)
JA+B A-B
3. Pinh nghia can bac ba
=Yaex®=a
4. Tinh chit cia cin bac ba

*3/AB =YAYB

3’\/7 £ voli B=0
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Il - CAC DANG BAI TAP CO BAN

Dang 1: Tim diéu kién dé biéu thirc c6 nghia
Phwong phap giai:

+) JA dé bidu thirc c6 nghia thi A >0

+) % dé biéu thirc c6 nghia thi A =0

Rl
JA
+) Dinh li vé ddu ciia nhi thirc bdc nhdt : Nhi thtc ax-+b (a # O)Cfmg dau v4i a
v6i moi gia tri ctia x 16n hon nghiém cta nhi thic, trai ddu voi a v6i moi gia tri

+) dé biéu thuc c6 nghia thi A >0

cua x nho hon nghiém cua nhi thirc.
Bai 1: Tim x dé can thirc sau c6 nghia

a2 + 3 b)| = c)\/ 1 d)\/ =5

X x4+ 3 x’ 46
HUONG DAN GIALI:
a)N—2x + 3 Dé cén thic ¢ nghiathi: 2x+3>0& —2x > -3 < x < g
2 i . . P ) A 2
b) — D€ can thirc ¢6 nghia thi: — >0 do x >0nen — >0« x=0.
X X X
c) Dé cin thic c6 nghia thi:
X+ 3
>0do4>0nénx+3>0< x> —3.
X+ 3
d),|[—— DE cin thirc ¢6 nghia thi 2_ >0do —5<0 nén x*+6 <0(vo
X +6 X +6
y)

Vay khong ton tai x dé can thirc c6 nghia.
Bai 2: Tim diéu kién xac dinh ciia biéu thirc

a)A=; b)B = 1

x> —2x-1 X—2X+1
HUONG DAN GIAI
a) Dé biéu thirc A c6 nghia thi x> —2x—-1>0
Céach 1: x* —2x—1>0<:>x2—2x+1>2<:>(x—1)2 >2 <:>‘X—l‘>\/§

x—1>\/§ X>+2+1
= — )
x—1<—\/§ x<—\/§+1
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X>+2+1

x<—J§+1

Céach2: x> —2x-1>0< X —2x+1-2>0
& (x=1) -2>0& (x-1-+2}(x-1++2)>0

Bang xét dau:

Vay dé biéu thirc c6 nghia thi

X 1-2 1++2
Xx—1-/2 - - 0 +

x—1++/2 - 0 + +
(x—l—JEXx—1+J§) + 0 - 0 +
X>+2+1

Vay dé biéu thirc c6 nghia thi
X<—/2+1
Dang 2: Cin bac hai sé hoc
Phwong phap giai
Véi a> 0,\/5 duogc goi 1a can bac hai s6 hoc cua a. S6 0 cling dugc goi la can
bac hai s hoc cua 0
Bai 1: Tim can béc hai s6 hoc ctia mdi sb sau:
a) 49 b) 36 c) 64 d) 1,21
HUONG DAN GIAI
Taco/49=7 Vi 7>0va 72=49.
Phan b, ¢, d lam tuong tu
ChU y: Phép tim cin béc hai s6 hoc ciia mot s6 khong am duge goi 1a phép

khai phuong
Bai 2: Tim cac can bac hai cua mdi sb sau:
a) 64 b) 81 c) 1,44 d) 121

HUONG DAN GIAI

a) Vi can bac hai s6 hoc cuia 64 13 8 nén 64 ¢6 2 cin bac hai 1a+8

Phan b, ¢, d lam tuong tu
ChU y: Tir can bac hai s6 hoc ta suy ra dugc cin bac hai ciia no
Dang 3: Tinh gia tri cta biéu thic

Phwong phap giai:

+ Truc can
+ Khai phuong mdt tich, mot thuong
+ Pua thira s6 vao trong, ra ngoai ddu cin
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Bai 1:Tinh
B_5+\ﬁ3 5-+/5
A B=505 545
b) C=5~ [ +3 /20 +5
HUONG DAN GIAI
g=3*t\5  5-45 _(5+4/5)+(5-4/5)
AB=55 "5+45 = (5-5)(5+5)

25+1o\f5 +5+25-1015 +5 60 -5
25-5 ~20

b) C =5. —+—W>+%—5 v_sw?s
:g\/g +§\/B +\/§ :3\/6

Dang 4: Phan tich da thirc thanh nhan tw
Phwong phap giai:

+ Khai phuong mot tich, mot thuong

+ Pua thira s6 vao trong, ra ngoai dau cin
+ Dung hang dang thirc

Bail:a)x* —3b)x’ —9

c)x’ + 2\/5}( +3d)x* — 2\/3}( +5
HUONG DAN GIAI

a)x’ —3 taco \/5 2 = 3 ta dung hang dang thtrc phan tich da thirc thanh
nhan tur:

x’—3=x"— \/52: X—\/g X—i—\/g.

b)x*-9=x"-3= x—3 x+3

C)X2—|—2\/§X—|—3:X2—|—2\/§X—|—3:(X—|—\/§)Q.

d)x2—2\/gx+5:x2—2\/gx—i—5: X—i—\/g2

Bai 2: Phan tich da thirc thanh nhan tir ( vdi a, b, x, y 12 cac s6 khong 4m)

a)ab+bva ++a +1
DV Y+~

HUONG DAN GIAI
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a)ab+b\/5+\/5+1
:b\/a7+b\/5+\/a+1
:bﬁ(ﬁ+1)+(ﬁ+1)
:(\/§+1)(b\/5+1)

N e

[ =)+ (P =)

(VX =y )(x+ Dy + )+ oy (VX =y )
(Ve )(xe oy +y+ )
()

Dang 5: Tim x
Phwong phap giai:
+)Phan tich da thic thanh nhan tr dwa vé phuong trinh tich
+) Véi a=0, taco : Néu x=+a th x>0va xX*=a
Néu x>0va x> =a thi x=+a
( ) g(x)>0
+) JF(X) =9(x) = 2
f00=(9(x))
Bai 1:Tim x khong am biét
alx =15 bj2vx = 14 cWx < 2 d)2x < 4
HUONG DAN GIAI
alx = 15 < x = 15° < x = 225
b)2vx =14 & Jx =7 < x = 49
Wx <2 x <4

dV2x <4< 2x <16 < x <8

Bai 2: Tim x
a)VIx’ =2x+1  bWx*+6x+9=3x—1 (:)\/1—43>(+43><;2 =5

HUONG DAN GIAI
a)x/9?z2x+1
Cach 1:Vi \/97:\3x\ nén \/9?:2x+1<:>\3x\:2x+1 (1)
TH1:3x>0< x>0, (1) ©3x=2x+1< x=1(TM)
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TH2: 3x<0< x<0 (1) <:>—3x=2x+1<:>x:—%(TM)

Vay x=1,x= —% la nghi¢m cta phuong trinh

Céch 2:
2x+1>0 "
VOX* =2x +1eq , & 2
9%’ =(2x+1) Ox? = 4x% + 4x+1
XZ_— x=1
= 2 = -1
5x2-4x-1=0 |75

Két hop voi diéu kién vay gid tri x can tim 1a x=1; x = _g

D)VX® +6X+9 =3x—1 Vi VX* +6X + :1/(x+3)2 =|x+3|
Nén [x+3/=3x-1 (2)
TH1: x+3>0=x>-3,(2)= x+3=3x-1<x=2 (TM)

TH2: x+3<0< x<-3 ,(2)<:>—x—3:3x—1<:>x:—%(loai)

Vay X =2 la nghiém cia phuong trinh.

C)V1-4x+4x* =5 Vi y1-4x+4x* =[1-2X

Nén [1—2x|=5(3)

TH1: 1—2x20<:>x£%; B)=1-2x=5<x=-2 (TM)

TH2: 1—2x<0<:>x>%; B)=1-2x=-5<=x=3 (TM)

Viay X =-2;x=3la nghiém ctua phuong trinh.
Cha y: O Bai 2 ta bién d6i 1am mat can thirc, roi dua vé giai phuong trinh chta
dau gia tri tuyét d6i da hoc & 16p 8

Tty vao timg bai ma co thé ap dung cach 1 hodc cach 2 mot cach hop 1y.

: O céc cau hoi trac nghiém c6 phuong an luya chon cac em thay dap an
vao biéu thirc néu théa man biéu thirc thi d6 chinh 1a nghiém ciia phwong trinh.
Dang 6: So sanh

Phuong phép giai: V&i hai sé a vabkhong amtacd: a<b < Ja<+b

Bai 1: So sanh
a) 4va /15 b)\/l_lvé?) c) v25+9va J25 +4/9 d)—\/gva—Z

HUONG DAN GIAI
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a) Taco : 42 =16,4/15* =15vi 16 >15nén 4> /15
b) Tuong tu vi du 2
c) Tacod +/25+9 =6, 25 +~/9=8 nén v25+9 <~/25 +/9
Taco —v4=-2.Vi5>4nén \/§>\/Z:>—\/§<—\/Z( suat hién diu 4m nén
bat dang thire doi chiéu).
Vay —/5 <2
Cha y : O cac cau hoi tric nghiém c6 phan so sanh cic em c6 thé ban may tinh
ri so sanh.
Dang 7 : Rt gon biéu thirc va cac bai tap lién quan dén rit gon
Phwong phap giai : Quy dong, ding hang dang thirc, truc cin thic. ..
Pbi vi bai toan tim gid tri 10n nhat, gia trj nho nhat sau khi rat gon ta co
thé ap dung bat dang thirc C6 — si, “v6i hai s6 a,b khong am ta c¢6
a+b>2ab diu = xay ra khi a=b”
Bai 1: (Dé tuyén sinh vao 10 Ha N¢i 2018-2019).
Jx+4 3x +1 2
va B= —
Ix-1 x+24x -3 x+3
a) Tinh gia tri cia A khi x=9
1

Jx -1

3 A 5 y .y A 2 A
c) Tim tat ca cac gia tri cua x deé EZZ+5

HUONG DAN GIAI
Jo+4 7
Jo-1

Cho hai biéu thirc A= v x>0 x#1

b) Ching minh B =

x

a) Vi x=9 thoa min diéu kién nén A=

N

b) Vi x>0;x =1

Ta co:

B 3\/§+1 B 2

X+24x=3 /x+3

0 3dx+1 2 3/x+1 2

Cx+20x—2-1 x+3 (x-D+(2Jx-2) Jx+3
3x +1 2 3x+1-2(vx-1)

C(Wx-n(Vx+3) Vx+3 T (x-1)(vx +3)

_ \/§+3 _ 1
Wx-D(Vx+3) Wx-D
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A Jx+4 1

cTaco—— —Jx+4

) JX-1 Jx-1

—b++/b?>—4ac
2a

@x—4&+4so@(&—2)zso

A_ X X
—>—+5sUX+4>—+5
B 4 \/_ 4

Vi \/;—2 ZZO;VXZOHén \/;—2:O<:> X =4
(

K&t hop v6i didu kién x=4 thoa man g > 2 +5.

1 1 J Ix +1
X— \/_ JIx -1 (\/} - 1)2
a) Tim diéu kién xac dinh va rat biéu thirc A
1

b) Tim gia tri cia x dé A = 5

¢) Tim gié tri 16n nhét cua biéu thiec P = A - 94/x
HUONG DAN GIAI:

Bai 2: Cho bidu thirc A = (

a) Diéu kién 0<x#1
\/;+1 \ \/;+1 :\/;—1
V() (o]
Jre-1 1 .

b) DeA— = thi =3 x:%cm:% (théa man diéu kién)

N

A
2\

Vo1 diéu kién do, ta cod: A=

Véyx:%th‘lA:

c) Taco P =A-9x :%1—9 x:—[9\/;+%j+l

Ap dung bat dang thirc Cosi cho hai s6 duong ta cé: o/x + T / \/;% =6
X

g ) 1 1
Suy ra: P<-6+1=-5. Dang thic xdy ra khi 9«/_=T x=3
X
Viy gia tri 16n nhit caa biéu thire P =-5 khi x = é

X +4
K2

b) Rut gon biéu thic B= [

Bai 3:a) Cho biéu thiic A= . Tinh gié tri cia A khi x =36

Jx 4 J_x+16
\/;+4 Jx—4) Ix+

(vOi x=0;x#16)
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¢) Vi cac cua biéu thirc A va B néi trén, hdy tim cdc gia trj ciia x nguyén
dé gia tri ctia bicu thirc B.(A - 1) 1a s6 nguyén.
HUGONG DAN GIAI:

a) Vi x = 36 (théa man x>0), tac: A= V36+4 _10_5

B6+2 8 4

b) Véix > 0, x=16tacd:
o [x&x-4) ax+4)|Vx+2 _ (x+16)(Vx+2) _x+2
|l x-16 x—16 |x+16  (x—16)(x+16) x-16
Vo2 (Vxed ) Jxr2 2 2
x—16 | Jx+2 - x—16'\/;+2_x—16'

Dé B(A-1) nguyén, x nguyén thi x—16 la uéc ctia 2, ma U(2) ={+1L+2 }

c) Taco: B(A-1)=

Ta c6 bang gia tri tuong Ung:

x—16 1 -1 2 -2

x 17 15 18 14

Két hop diéu kiénx >0, x =16, d& B.(A-1) nguyén thi x<{14; 15; 17; 18 }
Bai 4: Cho biéu thirc:

_ X B y \ Xy
i (\/;+\/§)(1—\/§) \/§+\/§)(\/§+1) (\/;+111—\/§)

a) Tim diéu kién cua x va y dé P xac dinh. Rat gon P.
b) Tim x,y nguyén thoa man phuong trinh P = 2.
HUONG DAN GIAI:
a) Didu kién dé P xac dinh [a:x>0;y>0;y#1;x+y=0 .

P=x(l+&)—y(1—ﬁ)—xy(&+ﬁ) =(X—y)+(x«/;+y\/§)—xy(\/§+\/y)

R ey o I e (v
(BT g )
() ) y)
() )l )

()2 )

Bk fy ey —yd X)) - W V)

T ]

Vay P = Vx +xy - y.
b) DPKXD: x>0;y>0;y=#1;x+y=0

P=2< Jx+.xy-.y.=2
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<:>x/;(1+ﬁ)—(ﬁ+1):l

@(\/;—1X1+ \N):l

Taco: 1+ \y>1=Jx-1<1<0<x<4=x=0;1;2;3;4

Thay x = 0; 1; 2; 3; 4 vao ta c6 cac cap gia tri Xx=4,vay x=2, y=2 (thoa man).
2x -9 +2\/;+1+\/x+3

x—5Jx+6 Jx-3 2-4x

a) Tim diéu kién ctia x @& M c6 nghia va rat gon M

b) Timx dé M =5

) TimxeZd&Me Z

Bai 5: Cho biéu thirc M =

HUONG DAN GIATI:
a) Diéu kién: x> 0; x = 4; x # 9

2\/;—9—(\/;+3X\/;—3)+(2\/;+1X\/;—2)

Ruat gon M = (\/;—ZX\/;—B)
M = X —/x —2
(Vx —2)/x —3)
M:(\/;+lx\/__2)<:>M:&+l
(Vx —3)/x —2) Jx -3
Vx—1
)M =5 <> ~——— =5

— x+l:5(\/_—3)
— /X +1=5/x —-15
<16 = 4+/x

:>\/;=%=4:>x=16

Péi Chiéudiéukién:XZO;X¢4;X¢9.Véyx= 16 thi M = 5.
_Jx+1 Jx-3+4 4
¢) M = — Y
Jx-3  Jx-3 Vx -3
Do M €7 nén v/x — 3 1a wéc ciia 4 = \x — 3 nhan céc gid trj : -4:-2; -
1;1;2;4
Lap bang gia tri ta dugc x € {1;4;16;25;49}vi x = 4 = x € {1;16;25;49}

a 1 VJa-1 +a+1 _
\/2— " 24/a )Z(W '\H)Véﬂa>0,a;ﬁ1

Bai 6:Cho biéu thitc P = (

a) Ruat gon biéu thirc P
b) TimadéP <0
HUONG DAN GIAI:

LUYEN THI VAO LOP 10 Trang 13
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a1 Ja-1 +a+1l

a) P=(3 “Na )2, (\/a+1 V2 1)V01a>0vaa;£1

Ja 1, Na-1 Ja+1

R el AR Y
_aa-1, (-’ -(a+ly
24/a (Va+1)(a-1)
pos 12a 2a+l-a—2va-1
2\/_ a—1
P:—(a—1)4ﬁ:1—a
4a \/;
vayp=12
Ja

b) TimadéP <0
Vé’ia>0véla;é1nén\/5>0

1-
= P= \ﬁ1<0¢>1 a<0<® a>1(TMDK)

‘s 2, a a b
Bai 7:Cho biéu thirc: Q:W -(1+\/m) : a_\/m
a) Rut gon Q
b) Xac dinh gia tri ctia Q khi a = 3b
HUONG DAN GIAI:
a) Rut gon:

a a b
Q:W'(“m):a-m
JZ B +a a-J@ D
Q= m @8 b

b a-b
Q \/az b2 \/az b2 \/az b2
(Wa-b)* _a-b

Q= \J(@-b)a+b) ~+a+b

b) Khicoa=3btaco: Q= A\% \/2b 1

Bai 8:Cho biéu thirc:

A:(1+1J 2 +i+£_\/F+y\/§+x\N+\/F
Ix Ay Jx+y xo oy N

a) Rat gon A

LUYEN THI VAO LOP 10
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b) Biét xy = 16. Tim cac gia tri cia x, y & A ¢6 gia tri nho nhat, tim gia tri do.
HUONG DAN GIAI:
Diéu kién xac dinh: x>0,y >0

a)A:{(lel] 2 +£+1]\/F+y\/§+x\/§+ﬁ
Iy JYxy oy ey ke
:[&m' 2 +x+y}_(ﬁ+ﬁXx—J7y+y)+J7y(ﬁ+ﬁ)
\/x>y «/;+\/§ Xy ) M(ﬁ+ﬁ)
:E 2 +x+yJ_(\/§+\NXx+y)
Yy ) xy(x+y)
N S R
xy  Wx+yy o xy

b)Tacé:(m—m)220@&+\N—2 \/x>y20
<:>\&+\/§22\/ﬁ.

. _«/;+\/§>2\/\/X_Y_2\/\/E_ Yy =
Do do: A = Ty S5 s =1 (vixy=16)

K=y

Xy =16

Vay min A = 1 khi { < X=y=4.

. ’P:[ 1 x-3 j 2 x+\2
Bai 9: Cho biéu thuc: ﬁ—\/x——l m_ﬁ \/E_\/; \/ﬂ_x

a) Tim diéu kién dé P c6 nghia.
b) Rut gon biéu thic P.

¢) Tinh gia tri caa P voi X =3~ 242
HUONG DAN GIALI:

r\/;>0
JX=1>0

a) Biéu thuc P co nghia khi va chikhi: | /5 _ /¥ . g
\\/x—l—\/i;tO

LUYEN THI VAO LOP 10 Trang 15
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(x >0
Xx=>1
X=>1
— S aX=E2
X = 2
X =3
(X =3
x—3 2 X +4/2
b P- (J’ o1 Jx-i- fj(ﬁ—&_ 2x—xj
:_ (\/;+\/x_—1) B (x—3)(\/x_—1+\/§) }{ 2 \/§+\/§}
_(\/;—\/ﬁx\/;+\/x—l) (Jx—l—ﬁXJﬁ+ﬁ) V2 —Jx ﬁ(ﬁ—&)

x/;+\/x—1(x3)(\/H+\/§)} 2x —/x =2
| x—(x-1) (x-1)-2 - UxlW2 -x)
J§+J;__ (x— 3Xf__+v”) —@5 J;)

X—X+1 Xx—3 x@E_JQ)
(R AT 2) (&—jg)(—l)ﬁ-f
c) Thay X=3—2\/§=(\/§—1)2 vao biéu thirc P = \/E\/_;\/; ,taco
_V2-Wz-1f  V2- \\/_# VZ2-V2+1__ 1 5o
(V2 -1f V21 V-1 W2-1
4/x f 1 2
Bai 10:Cho biéu thuc:P = ( X 4_) “odx \/;)
a) Rat gon P

b) Tim gia tri ciax dé P =-1
¢) Tim m dé vai moi gia tri x > 9 ta co: m(/x=3)P > x+1

HUONG DAN GIALI:
(x>0
‘ J;¢O x>0
a) Dicu ki¢n xac dinh: 14 _y . o X £ 4
J;—2¢O

Véix>0va X#4 taco:

_(4&_8x)_ Jx -1 2,
B A T A
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_Ax(x=2)-8x x-1-2(/x-2)
(WX -2Wx+2) T Ix(Wx-2)
_ 4x—8x—8x  x—1-2x+4
C(Wx-2)(Wx+2) " x(x-2)
—4x—8 - +

(&—2)(JJ§—+2)'J’(J}—2)(BK x79)
__AxGx+2) Jx(Wx-2)
Wx-2)Wx+2) 3-x
_ AIxAx(Wx-2)  4x
CB-V0x-2) Jx-3

) 4x
Véix>0,x #4,X#9 thiP:m

b)P—-l<:>\/— 3~ H(PK:x>0, X#4,X#9)

S Ax=3-+/X & 4x-3-/x=0

bat JIx = Yy (y > 0). Ta cé phuong trinh; 4y*—y—-3=0
Cachésd: a+b+c=4-1-3=0

3
=V, =—1 (khdng thod man y > 0) hodc Y> = 2 (thod many > 0)

9

VOIY—— \/_th1X——(th0amandk) VayVO’IX—E thiP=-1.

c) m(\/§—3)P>x+l (dk: x>0; X=4,X#9)
<= mGR/x-3)

X+1
>X+leomiAx>x+lem> ——

4x
Jx -3 4x

X+1 X 11

1
14 f— _|_
Xét ax  ax T ax 4 Ix . Taco x >9 (thoa man dk)

1 1 , , , -~
= 3 < 5 (Hai phan so dirong cung tur so, phan so nao co mau so lon hon thi phan

6 d6 nhé hon)
1 1

1 1
oS —< = —
4x 36 4

1 1 5
4 36 4

1
+—<—
4

1
+—<
4 18
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5 x+1
_
s )18 ax 5
Theo két qua phan trén ta co : X +1 ~18
4x

Vayvoi mZ%,x>9 thi m(\/;—B)P>X+1,

Bai 11. Ching minh rang biéu thirc sau khong phu thudc vao bién:

M :[1+a+ﬁj(1 a_*/a]m véi a>0a=l

1+4Ja | 1-+a
HUONG DAN GIALI:
Ta co:
(. a++a a—+a

M_[1+1+\/5j(1_1—\/5j+a

Va(va+1) | a(va-1)
=1+ 1- +a

e |y
:(1+\/5)(1—\/5)+a
=l-a+a=1

Vay gia tri biéu thic da cho khong phu thudc vao x.
20x-9  Jx+3 2x+1
x—5Jx+6 x-2 3-x

Bai_12. Cho biéu thuc: P =

a) Rut gon P

b) Tinh gié tri biéu thirc khi x=—2—.

&

¢) Timx déP=2
d) Timx dé P <1
e) Tim x nguyén dé P c6 gia tri nguyén
g) Tim gi tri nho nhét cua %
HUONG DAN GIALI:
a) bK: x>0;x#4;x#9
p__2Vx-9  Jx+3 2x+1
Xx—5Jx+6 /x—2 3-x
_ 2% =9 (x+3)(Vx =3) + 2Vx +Y(x ~2)
) (Vx-2)(/x-3)
20X -9-x+9+2x-3/x -2

Wx-2)(x~3)

P
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p_ x—\/;—z
(Vx=2)(x -3)

o_ (X +D(/x-2) _Vx+1
Wx-2)Wx-3) Vx-3

b) Ta c6:

2 2(3++/6) _6+2\/§:£\/§+1J2

s B (-B)EeB) 2
:>\/—:\/§2+1
\/§+l
—~p=_2 +1=(‘/§+1+1]:£*/§+1—3]
\/§+1_3 2 2
2

V5+3 \5-5_6+3 2 543 (5+3)(5+5)
2 2 2 '5-5 5-5 (J5-5)(/5+5)
20485 5+2(5
—20 5
\/;+1_
Jx -3
X +1=2(/x-3)
o Ix+1=2/x-6
ofx=7Tox=49
Vayx=49thiP=2
\/§+1 \/§+1

dP<le —=—<ls

Jx -3 Jx-3

<Oc>\/;—3<0

C)P=2< 2

-1<0

=

4

Jx-3
<X <3 < x<9

Két hop véi diéu kién x>0;x=4;x =9 ta dugc 0<x<9;x=4,

Vay P <1khi 0<x<9;x=4.

Jx+1 x-3+4 4

e) Taco P:\/;—s_ 3 —1+\/;_3
Pé P nguyén thi &4 ~ nguyén S4Wx-3) o WX-3)cU@) = {+L+2;+4)
Ta c6 bang sau
Jx-3 -4 -2 -1 1 2 4
Jx | -1 (loai) 1 2 4 5 7

LUYEN THI VAO LOP 10
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X 1 4 (loai) 16 25 49

Vay xe{1;16;25;49} thi P nhan gia tri nguyén.

1 x-3 x+1-4 _ 4

g) Taco — =1

P JUx+1 x+1 _\/§+1
Tacod: x20=+/x20(Vxe TXD)

1<1

Ix+1~

<:>\/;+121<:>

<:>£2—3
P
Dau “=" xay ra khi x = 0.
I SR ST :
Vay gia tri nhd nhat cia B la -3 khi x=0.

111 - BAl TAP TU LUYEN

Bai 1: Pé khio sat chat lwong hoc sinh 16p 9 — Ha Noi (2015 — 2016)
N 2Jx  x+12x

——Vva B= A

JX+5 Jx—4 x-16

1. Tinh gia tri cua A khi x=4

Cho biéu thirc A=

vol X=20;x=4

2. Ratgon B
3. Tim x dé é=§
6
Bai 2:Pé thi vao 10 Ha Ngi 2017 — 2018
Cho biéu thtrc A:\/;Jrzva B= 3 +20_2\/;vé’i X>0;x#25 .

Jx-5 JXx+5 x-25
1. Tinh gia tri cia A khi x=9
1
Jx-5
3. Tim tat ca gia tri clia x d¢ A=B.|x — 4|
Bai 3: Pé thi vao 10 Thai Nguyén 2017 — 2018
1. Khong ding may tinh bo tai, rit gon biéu thirc

A=(VB-3v2+2V5)(v2 +100,2)
2. Cho B:{ X _ x+l 6X+J§M\/§—31} » {xzo

2. Chung minh B =

— +
Jx+3 Jx=-3  x-9 Jx+3

a.Rut gon B
b. Tinh gi4 tri cia B khi x= 12+6+/3 .
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Bai 4: P& thi vao 10 Thai Nguyén 2018-2019

1. Khong dung may tinh tinh gia tri cua biéu thic: A= \/1—5 — \/1—2 — 1
J5-2  2-3

2. Rl]tg(_)n:P:[ vol X>0:x#4

3Vx A x=4x). 8x
\/§+2 Ix=2  x=4 | Ix+2

Bai 5: Pé thi vao 10 Binh Dwong 2018-2019
” 2
1. Rut gon biéu thuec: A:(\/g—ﬁ) +\/E

—Ux o x+1) x+1
Jx -1 Hfj Jx
Bai 6: Pé thi vao 10 Thanh Hoéa 2018 — 2019

X +1 _ X X
x+4\/§+4)(x+2\/§+\/§+2

2. Rut gon biéu thurc: —L vol X>0:x#1.

Cho biéu thire A= (

j vot x>0
1. Ruat gon A

2. Tim tat ca cac gid tri ciax @6 A> ——

3f

Bai 7: Pé thi vao 10 Nghé An 2018 — 2019

1. So sanh 2\/§+\/§ va \/ﬂ

: 1 1 . x-4
2. Chimg minh ding thirc - =1v6i Xx>0:x =4
g g (J§—2 -J§+2)
Bai 8:
1-2x)* —16x2
1.Cho P:( J ) X; X#tT
1—4x 2
) Chur h P= 2
a n mm =
5 1-2x
, .3
b) Tinh P khi x:E
2 Tinh Q= Y2 +V5- /24
' J12
Bai 9: Cho biéu thuc B &+1 \/_ 1 8\/_ \/;_X_:s_ 1
T Wx-1 Ix+1 x-1 x-1  Jx-1

a) Rut gon B
b) Tinh gi4 tri ctia B khi X =3+2+/2
¢) Chtrng minh rang B <1 v&i moi gia trj ctia x thoa min X >0; X =1.
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.- 2 1 1
Bai 10: Cho biéu thirc M:( + 1—aj: +1
Vv1+a 1—2a?
a) Tim TXD
b) Rut gon biéu thie M

&

¢) Tinh gia tri cia M tai a =
) gia tri : NG

a+\/5+1]_[a—\/5

Ja+1 Ja-1
a) Rut gon biéu thirc A
b) Tim a >0 va a#1 thoa mén ding thirc A= -a2

Bai 12: Cho biéu thirc Sz( Jy + Jy ): 2%y x>0, y>0, x#VY.
a) Rut gon biéu thirc
b) Tim gia tri cua x va y dé S=1

Bai 11: Cho biéu thirc A:( —1j;a20,a¢1.

.. s Ix+2  fx=2) Jx+1
Bai 13: Cho biéu thu = - : x>0, x=1,
0 bieuthte Q (Hz&ﬂ 1) I
. 2
a) Chtirng minh Q=m
b) Tim s6 nguyén x 16n nhat dé Q co gia tri 1a s6 nguyén

\/;4-2 \/§+1

11 J .
Yxo Wx-1) (Wx-1 Jx-2

Béil4:Chobiéuth1’rcA:£ );x>0,x¢1,x¢4.

a) Rut gon A
b) Timx dé A=0

Ja+1 1 Jai-a

+ + ;a>1.

Ja?—1-Ja’+a Ja-l+Ja a-1
X+2 N Jx +1 _\/§+1
xx -1 x+/x+1 x-1
a) Rut gon biéu thirc T
b) Chtrng minh rang véi moi x >0 va x#1 ludn c6 T<1/3
1-x 1—(\/;)3
1—\/;_1+\/;+x
a) Rut gon biéu thirc M
b) Timx & M >2

Bai 15: Rt gon biéu thirc A=

Bai 16: Cho biéu thuc T = x>0, X#1.

Bai 17: Cho biéu thiucM = x>0 x#1.

Bai 18:Cho biéuthl’rcA:(\/m+12mn +\/m 2mn Nui véim>0:n>1

+n? 1+n? n®

a) Rut gon biéu thirc A
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b) Tim gi tri ciia A véi m =+/56+ 245

¢) Tim gi4 tri nho nhit ctia A

a+3/a+2 a++a ( 1 1 j

Bai 19:Cho biéu thirc P =

(\/§+2)(\/§_1)_ a-1 \/_+1 Ja-1
a) Rut gon P
b) Tim a dé i—\/54_121
P 8
Bai 20:Cho biéu thirc P =| 1+ x )1 2x -1
X421 | X =1 XX +0X —x-1
a) Tim DKXD va rat gon P

b) Tim cac gia tri nguyén cta x dé P — Jx nhén gia tri nguyén
Bai 21:Chuang minh rang céc biéu thic sau khong phu thudc vao bién

2\/_+3\/_ 6— \/> x+9
f+2f 3Jy—-6 Jy+2/x+3/y+6 x-9

2 [ 1 X+Yy

—( 1 + 1 —X+1j(l—lj VOI x>0;x#1

2+20x 2-2dx 1-x2 ) «x ’
x+1 X— 1 x?—4x-1 x+2016

—1 x+1 x*—1 X

Bai 22: Cho biéu thirc K = (

a) Tim diéu kién d6i vdi x dé K xac dinh

b) Rat gon K

¢) Véi nhiing gié tri nguyén nao cta x thi biéu thirc K c6 gia tri nguyén?
3+4% x=3) xX+xdx—x-1

x+\/;+1_x\/;—1} Jx '

a) Tim diéu kién d6i véi bién x dé biéu thire A duoc xac dinh

b) Rat gon biéu thirc A

Ja+3 Ja-1 4J_ 4

Ja-2 J_ a+ 2 4-a

Bai 23: Cho biéu thirc A =(

Bai 24: Cho biéu thirc P = (a>0;a = 4)

a) Rut gon P

b) Tinh gia tri cia P véi a=9

Jm-m-3 1 Jm+1 Jm-1 8Jm
m-1 _Jﬁ_1] (J_ 1 Jm+1 m- 1}

Bai 25: Cho biéu thirc A :[

a) Rut gon A
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b) So sanh A véi 1

1+Vl-a  1-+l+a 1
—ari-a 1+a—ita Jira
a) Rut gon biéu thic A
b) Chimg minh rang biéu thirc A luén duong véi moi a

Bai 26: Cho biéu thitc A =

Bai 27: Cho biéu thuc P = 1: X+2 + Jx+1 —&+1.
x\/;—l x+\/;+1 x-1
a) Rat gon P

b) So sanh P vdi 3

Bai 28: Cho biéu thite P=( 20x_, _Ix 3"*3]:(2};‘32_1]

+ —
Ix+3 Jx-3 x-9
a) Rut gon P
b) TimxdéP<%

c) Tim gié tri nho nhét cua P

x—3\/§_1}( 9-x  Jx-3 &—2J

Bai 29: Cho biéu thirc P=(

x—9 x+\/;—6_2—\/;_\/;+3
a) Rat gon P
b) Tim gia tri ciaax dé P < 1
Bai 30:Cho M = Ya-a+6
3+\/5
a) Rut gon M

b) TimadéM > 1
c) Tim gi4 tri 16n nhét cia M
) et

Bai 31: Cho biéu thic A:(ler a1

a) Tim céc gia tri ctia a dé A c6 nghia

b) Rut gon A

¢) Timadé A=-5A=0;A=6

d) Tima dé A®= A

e) V6i gia tri ndo ctia a thi [4] = 4

.- .2 , 1 1 X

Bai 32: Cho biéu thirc Q = o + e 12 +1—x
a) Tim diéu kién dé Q c6 nghia
b) Rut gon Q
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c) Tinh gia tri ciia Q khi X =g

d) Tim x dé Q=—%

e) Tim nhimg gia tri nguyén cua x dé gia trj ctia Q nguyén
Ix o 20x -1

-1 x—Vx

a) Tim diéu kién cta x dé P ¢6 nghia

b) Rut gon P

¢) Tim x dé |P|=P

d) Giai phuong trinh P = —2Jz

e) Tim gia tri x nguyén dé gia tri ctia P nguyén

- » ) Ja 1 a—Ja a++a
; M=l—- -
Bai 34: Cho biéu thirc ( Ja\ Ya+1 Ja-1

Bai 33: Cho biéu thirc P =

2
a) Rut gon M
b) Tim gi4 tri clia a d&& M = - 4
¢) Tinh gi4 tri ciia M khi a=+6-2v5 ++6+25

Bai 35: Cho biéu thirc K :(1-&):{[%+J5J(iaf Jaﬂu

a) Rut gon K

b) Tinh gia tri cua K khi a=9

Cc) Vi gia tri nao cua a thi |K| =

d) Tim a dé K=1

e) Tim cac gia tri ty nhién ctia a dé gia tri ctia K 13 s6 ty nhién

\/; x+9J [3\/;+1 1]

Bai 36: Cho biéu thircT = (

+dx 9-x ) | x=3x
a) Rut gon T
b) Tinh gia tri cua T khi x = §+§ §+§

¢) Timxdé T=2
d) Véi gia trinao ciax thi T <0
e)TimxeZdéTeZ

siage e rix o, (Vasl Va1 :
Bai 37: Cho biéu thuc A= (\/— 1 Ja+l 4*/5J(‘/—_ﬁJ

a) Tim diéu kién dé A c6 nghia

. . 5+206 [5-26
b) Tinh gia tri cua A khi a=
) slatiieu \/5 2.6 \/5+2J€
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¢) Tim cac gia tri claa dé VA > 4
d) Tim a dé A=4; A =-16
e) Giai phuong trinh: A = a%+ 3

\- .2 , 3+4X  3-4/x  4x 5 4% +2
Bai 38: Cho biéu thirc C = - - ; —
=4l 56, Lh0 bien (e Ls—& 31X x—9J (3—& 3&—XJ

a) Rat gon C
b) Tim gi4 tri cta C d¢ C>-C
¢) Tim gia tri ctia C dé C? = 40C

a—\/ﬁ_l}( 25—a \/;—5 \/;+2J

a—25 a+3Ja—-10 2-Ja ~Ja+s

Bai 39: Cho biéu thirc M = (

a) Rut gon M
b) Tim gia tri ciaa dé M < 1
¢) Tim gia tri 16n nhat cia M

2a+\/§—1_2a\/5—\/5+aj a—+a

Bai 40: Ch < X hitc P=1 .
al 40: Cho biéu thuc +( 1—a 1—ada 2Ja-1

a) Rut gon P

e
b) Cho P_1+\/E tim gia tri ciia a

¢) Ching minh rang P >§

\ - L2 , X+2 \/; 1 \/;—1
Bali 41: Cho biéu thuc A = :
=ass L0 Dicw e [x&_ﬁH&Jl_&J 2

a) Tim diéu kién xac dinh
b) Chirng minh A = 2
X+/X+1
¢) Tinh gia tri ciia A tai x=8—-+/28
d) Tim Max A

1 Jx+3 6
2-JX JX=3 x—-5Jx+6
a) Tim diéu kién dé A c6 nghia
b) Rat gon A
) TimxdeA=1; A=-2
d) Tim x dé |4 = 4
e) Timxe ZdéTe Z
f) Tim gié tri 16n nhat cia A

1 1 j x* -1

x—1 x+1) x*=x+1

Bai 42: Cho biéu thirc A=

Bai 43: Cho bidu thitc K :(
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a) Tim diéu kién cua x dé biéu thire K xac dinh

b) Rt gon biéu thirc K
¢) Tim gia tri ctia x dé K dat gia tri 16n nhat
Bai 44:
a) Cho biéu thic A= M . Tinh gié tri cia A khi x =36
X +2
b) Riit gon biéu thirc B:{&Ji J_“ 4}- jxifj (Vi x>0:x #16)

C) Vi cac cua biéu thirc A va B néi trén, hdy tim cdc gia trj ciia X nguyén
dé gia tri cua biéu thire B.(A — 1) 1a sd nguyén
Bai 45: Thu gon céc biéu thirc sau:
1 2Jx

_ Los > . 1
x+\/§+x—1 Y Ix vo1x > 0; X#
B = (2—v3)V26 +15v3 — (2 +/3)y/26 — 1543

. o 3 6x-4
Bai 46:Cho biéu thirc P=——+———>
x—1 x+1 x°-1

a) Tim diéu kién xac dinh cta biéu thirc P
b) Ruat gon P

A=

Bai 47:Rut gon biéu thirc A=[1—

\/_1+1](X+\/;); voi x> 0.
X
1

3
+
x—/x-2 +/x+1
Béi49:Chobiéuth1’rcA=( Ja L2 M Ja N a J

Bai 48: Rut gon biéu thirc P=( j(x/;—Z) voi x20 va x=4,

Ja+b b-a/{Ja++vb a+b+2Jab
a+b+2Jab

b-a

b) Tinh gié tri cia A khia=7 - 43 vab= 7+ 43

( 1 1 J\/a+
2J5-a 2-Ja)a-24a
1, 1 a’+l
2+2Ja  2-2J/a 1-@’

a) Tim diéu kién x4c dinh va rat gon biéu thic A

a) Rut gon biéu thirc A —

Bai 50: Rt gon biéu thirc P = voi a>0vaa=4.

Bai 51:Cho biéu thirc A =

e X 1
b) Tim gia tri ctia a bict A<§

ﬁ+1\f1
Ja-1 Ja+1

Bai 52: Cho biéu thirc P = [ 4x/5jL, (Voia>0, a#l)
2a/a
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. : 2
a) Chirng minh rang P = 1
b) Tim gia tri cltaa dé P=a

Ja+1

a’-a

Ja-1 +a
a) Rut gon biéu thirc K
b) Tim a d& K =+/2016

Bai 54:Cho biéu thic A = (

Bai 53:Cho biéu thitc K=2( t 1 j[ J (véi a>0,a%1)

1 1 j&—z
Jx+2 x-2) x

a) Tim diéu kién xac dinh va rat gon A

A .y . ” 2 1
b) Tim tat ca cac gia tri cua x d¢ A> >

A e s n
c) Tim tat ca cac gia tri x d¢B = 3 Adat gia tr1 nguyén.

Bai 55:Cho biéu thirc Q = ([1-1 - _1&}[&1” + XZ_J Voix>0:x # 1
a) Rut gon Q.
b) Tinh gia tri cia Q voix =7 — 43
6x+4  3x j[us@ _\/&J
3J3x% -8 3x+243x+4 )| 1++/3x
a) Rut gon biéu thirc A
b) Tim céc gia tri nguyén ciia x dé biéu thirc A nhan gi tri nguyén
2a° +4 1 1
1-a° 1++Ja 1-+a
a) Tim diéu kién ctia a d¢ P xéc dinh
b) Rt gon biéu thic P

Bai 56:Cho biéu thirc A= [

Bai 57: Cho biéu thirc: P =

Bai 58:Cho biéu thitc Q = Vx+2 —\/;_2 (X+\/;),Vé'ix>0,x;tl
x+24/x +1  x-1

a) Rut gon biéu thirc Q
b) Tim céc gia tri nguyén cia x dé Q nhan gia tri nguyén
\JX  X+9
X x9
a) Tim diéu kién cta x dé biéu thirc M c6 nghia. Rat gon biéu thirc M
b) Tim céc gié tri caa x dé M > 1

4 +a j Ja-1
Ja-1 a-+a) @

. 2 1
Bai 59: Cho biéu thuc M = +
o biéu thirc 0% 3

voia>0va a=l

Bai 60:Cho biéu thirc P = (

LUYEN THI VAO LOP 10 Trang 28



Bién soan: Vii Xuin Hung-0965225972

a) Ruat gon biéu thuc P

b) Véinhiing gid tri nao ciaathi P=3

20x+4) Jx 8
x-3/x-4 Jx+1 Jx-4

Bai 61 Cho biéu thuc: B=

Vo1 x>0, x # 16.

a) Rat gon B
b) Tim x dé gia tri caa B la mot sé nguyén
.= -2 , X+\/; X=X ;.
; =1 1 <
Bai 62: Cho bhiéu thac B [+1+\/;J( +1_\/;J,V01 0<x#1
a) Rat gon B
L : 1
b) Tinh gia tri bieu thuc B khi x =
) Tinh gia tri biéu thi B
N . 1 1) m+1
Ba|&&ChobKMJmﬂcP=( ——+ j. > vii m=0,m==+1
m —m m-1) m -2m+1
a)Rut gon P
b)Tthix:%

‘- .2 , 1 1 x-1
Bai 64: Cho biéu thuc P = Z(M—mﬂj. i
a) Tim x dé biéu thirc P c6 nghia
b) Rut gon P
¢) Tim x dé P 1a mot s6 nguyén
Bai 65: Cho biéu thic A= (%](J& +12).
a) Tim diéu kién cta x dé biéu thirc A c6 nghia
b) Rt gon biéu thirc A
¢) Tinh gi4 tri cta A khi x =4-2+/3
Bai 66:
a-vJa-6 1

) * R ’ — 7o > \
a) Rut gon biéu thuc A 1 a3 a2 (véia>0vaa#4).

J28-16+/3

b) Cho x =Y=_="Z Tinh gi4 tri ciia bidu thirc P = (x* + 2x-1)%"1° |
J3-1
) , X+8 \/;
Bai 67:Cho biéu thirc A=(~/X +2): + - véi x >0
EE— ( ) XX +8 X—2UX+4 2+

a) Ruat gon biéu thirc A.

8 . .
b) bat B= <r6_A ++/X . Tim x d€ biéu thirc B dat gia tri nho nhat.
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CHUYEN DPE 2: HAM SO BAC NHAT

| - KIEN THUC CAN NHO:
1. Ham s6 bac nhit
1.1. Khai nigm ham sé bgc nhat

Ham s6 bac nhit 1a ham sé dugc cho boi cong thic y = ax + b. Trong d6
a, b 1a cac sd cho trude vaa =0
1.2. Tinh chat

Ham sd bac nhét y = ax + b xac dinh voi moi gia tri cia x thudc R va cé tinh
chit sau:
- Dong bién trén R khia> 0
- Nghich bién trén Rkhia<0
1.3. Pé thi cia ham sé y = ax + b (a =0)

D6 thi cia ham s6 y = az +b (a = 0) 1a mdt dudng thang khong song
song va khong tring véi céc truc toa do. Pudng thang nay ludn song song voi

a

y = az néu b=0 VA cit truc hoanh tai A

va tryc tung tai B(0;b).

1.4. Cach vé dé thiham sé y =ax + b (a =0)

Buée 1: Choy =0 thi x = -b/a ta dugc diém A[—é;o thudc truc hoanh
a

Cho x =0 thi y = b ta dugc diém B(0;b)thudc truc tung Oy.
Buéc 2: V& duong thang di qua hai diém A va B ta duoc d6 thi ham so
y=ax+b(a=0)
1.5. Vi tri twong déi ciia hai dwong thang
Cho hai dudng thang (d): y=ax+b(a =0)va(d’):y=a’x+b’.
Khi do
a=a'
b=b'

+ d'nd'={Al<a=za’

+ d//d'<:>{

a=a'
b=b'
+dld'<aa=-1
1.6. Hé s6 goc ciia dwong thangy = ax + b (a =0)
- Goc tao bai duong thang y = ax + b va truc Ox.
- Goc tao boi dudng thang y = ax + b va tryc Ox 13 gdc tao boi tia Ax va tia AT,
trong d6 A 1a giao diém cta dudng thang y = ax + b véi truc Ox, T 1a diém
thudc duong thang

+ dEd'@{
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y=ax +b vaco tung do duong
Hé s6 goc cia dwong thang y = ax + b
- Hé s6 a trong y = ax + b dugc goi 13 hé sé goc cia dudng thang y = ax +b
Il. CAC DANG BAI TAP CO BAN
Dang 1: Xac dinh ham sb da cho 1a ham ddng bién — nghich bién
Phwong phap giai:
+) Cho ham s6 y = f (X) Véi x;X, eR:
Néu x, <x,ma f(x)< f(x,)thi y=f(x) la ham dong bién
)> f(x,)thi y= f(x) 1a ham dong nghich bién
+) Cho ham sb bac nhit y=ax+b xac dinh voi VxeR:
Pong bién trén R khi a>0
Nghich bién trén R khi a<0
Bai 1: Cho ham s y=2x, ham s6 d4 cho 1a ham dong bién hay 1a ham nghich
bién? Vi sao?

Néu x, <x,ma f(x

HUONG DAN GIAI
Céch 1: Ham s6 y=2x 1a ham dong bién trén R Vi
Xétham so y = f (x)=2x ¥x,x, eR taco
y,=f(x)=2x,
Néu X, <X, < X —X, <0do d6 Yy, — Y, =2% —2X, =2(X — X,) <0
Vay ham s6 y=2x 1a ham d6ng bién
Céch 2: Ham s6 y=2x 1a ham s6 bac nhat voi a =2 #0 xac dinh voi VxeR
Mat khac a=2>0 nén ham s6 y=2x la ham dong bién
Tuong tu ta c6 ham s6 y=-2x 1a ham s6 nghich bién.
Bai 2: Cho ham sé y:(l—JE)x—l
a) Ham s trén dong bién hay nghich bién trén R ? Vi sao ?
b) Tinh gié tri ctia y khi x=1++/5
c) Tinh gia tri cia x khi y = J5
HUONG DAN GIAI:
a) Lam tuong tu bai 1

b) Khi x =1+ /5 ta cé: y=(1—\/§)(1+\/§)—1<:> y=1-5-1<y=-5

¢) Khi y =+/5ta co: (1—\/§)x:\/§+1<:>x_\/_\7_1 X = (\E_—J;l)

Bai 3: Pé thi vao 10 Vinh Phuc 2018 — 2019
Tim m d¢ ham s6 y =(m—4)x+ 7 dong bién trén R
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HUONG DAN GIAI:
Pé ham s6 dong bién trén R thi m—4>0< m>4
Dang 2: V& db thi ciia ham sé bac nhat va cac bai toan lién quan
Phwong phap giai:
Cich vé dé thi ham sé y =ax + b (a =0)
Buéc 1: Choy =0 thi X = -b/a ta dugc diém A[—Q;O

a

thudc truc hoanh

Cho x = 0 thi y = b ta duoc diém B(0;b)thudc truc tung Oy.

Buée 2: V& dudng thang di qua hai diém A va B ta duoc d thi ham sb
y=ax+b(a=0)

: : 1 : )
Dién tich tam giac: S = > ah vai a la canh day h 1a chiéu cao.

Dién tich hinh chir nhat S =ab véi a la chiéu rong, b 1a chiéu cao.
Dién tich hinh vuong S =a’ véi a la do dai mot canh.
Bai to4n 1: Xac dinh gi tri ctia tham s6 m dé duong thang y=mx+b di qua
A (c; d).
Vi y=mx+b di qua A (c; d) nén ta cé d =m.c+b giai phuong trinh bac

nhét theo 4n m ta dugc m= M
C
TH1: ¢ =0 khong t6n tai m
d-Db

TH2: ¢#0 tontai m=——
C

Tuong tu cho trudng hop m nam & b.
Bai toan 2:Tim giao diém cua dd thi y=ax+b; y=cx+d
+) Giao diém cua hai d6 thi noi trén 14 nghiém ctia phuong trinh

ax+b=cx+d <:>ax—cx:d—b<:>x(a—c)=d—b<:>x=M
a—cC
TH1: a—c =0 hai do thi trén khong c6 giao diém
TH2: a—c#0 giao diém ciia hai dd thi trén 13 A(d —b.ad-ab +bj
a—-C a-—-cC

Bai toan 3: Hé sd goc cta dudng thang y=ax+b
Ta c6 hé sd goc cla dudng thing y=ax+b la a ( a=tana véi a 1a goc tao boi
duong thang véi chiéu duong truc Ox.
Bai 1: Cho ham s6 y= (m-3)x +2

a) Vi gia tri nao cia m dé do thi ham sé di qua A (1 ; 2)

b) Xac dinh gia tri cia m dé dd thi ham s di qua B (1 :-2)

HUONG DAN GIAI:
a) Vido thi hamsddiqua A (1;2)néntaco: 2=(m-3).1+2<m=3
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Vay m=3 d0 thi ham sb di qua A (1 :2).
b) Tuong ty a.
Bai 2 : Cho ham s y=(a-1)x+a
a) Xac dinh gia tri cua a dé dd thi ham sd cit truc tung tai diém c6 tung do
bang 2.
b) Xac dinh gia tri ctia a && ham s cit truc hoanh tai diém c6 hoanh do
bang -3.
HUONG DAN GIALI:
a) Viham sb cat truc tung tai diém c6 tung do béng 2néntaco:
2=(a-1).0+a < a=2.
b) Viham sd cat truc hoanh tai diém c6 hoanh d6 13 -3 nén ta co:

(a-1).(-3)+a=0 < a:% .

Bai 3:a) V& d6 thi cia ham s6 y=x; y=2x+2 trén cung mit phing toa do

b) Goi A 1a giao diém ctia hai do thi néi trén, tim toa do A

¢) V& qua diém B(0;2) mot duong thang song song vai truc Ox, cat
duong thang y=x tai diém C rdi tinh dién tich tam giac ABC

HUONG DAN GIAI:
a) Cho x=0 thi y=0 ta c6 O(0;0); cho x=1 thi y=1 ta c6 M(1;1)
Cho x=0 thi y=2 ta cé B(0;2); cho y=0 thi x=-1 ta c6 N(-1,0)
- /|

b) Toa d6 giao diém cua hai d6 thi n6i trén 1a nghiém cua phuong trinh
X=2X+2&X=-2 v6i x=-2tacod y=-2= A(-2;-2).
Vay giao diém cua hai d0 thi trén la A(-2;-2).
) Vi duong thang di qua B(0;2) song song véi truc Ox va cat dudng thang
y=x tai diém C nén ta c6 vdi y=2 thi x=2, Vay C(2;2).
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Dung AH 1 BC Ta cé AH=4. Vay S, :%AH BC = %.4.2 = 4 (dvdt)

Bai 4: Cho ham sé y=-3x+3
a) V& d6 thi ham s6

b) Tinh goc tao bai duong thang y = % X+ 3véi truc Ox

HUONG DAN GIAI:
a) Lam tuong tu phan a bai 3 ta dugc dd thi ham sd y = —3x + 3 nhu sau:

Goi a 1a goc tao boi duong thang y =—3x +3véi truc Ox ta co a = ABX

Xét tam giac vuéng OAB, ta c6 tg ABO = % = % < OBA=7134

Vay a =180° —OBA ~108°26" .

Bai 5: Pé thi vao 10 Bic Giang 2018 — 2019.

Tim tham s6 m d€ dudng thang y =(m—1)x +2018 c6 hé s6 goc 1a 3
HUONG DAN GIALI:

Vi duong thang c6 hé s gocla3 néntacoé: m—1=3<m=4.

Viy m=4 thi duong thing y =(m—1)x+ 2018 c6 h¢ sb goc 1a 3.

Dang 3: Tim m dé hai dwong thing cit nhau, song song, tring nhau

Phwong phap giai

Cho hai dudng thang (d): y=ax+b(a =0)va(d’):y=a’x+b’.

Khi do:

a=a'

+d//ld'e
bxb'
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+d'nd'={Alca=a’
a=a'
b=b'
+dld'<aa=-1
Bai 1: Tim m d¢ hai duong thang y=(m-1)x+3 va y=mx+2, song song,

+ dEd'@{

cit nhau, vudng goc.
HUONG DAN GIAI:

+) Pé hai duong thang song song véi nhau thi m—1=4m< m= _?1 .
« -1, . .. 2 .
Vay m=—thi hai duong thang song song véi nhau.
3
+) Pé hai duong thang cat nhau thi m—1=4m < m = _?1

Vay m# %thi hai duong thang cit nhau.
+) Pé hai dudng thang vudéng goc v4i nhau thi:

(m-1)4m=-1l< 4m2—4m+1:0<:>m:%

Vay m= %hai duong thang vudng goc véi nhau
Dang toan 4: Xac dinh ham sé bac nhat
Phwong phap giai:
+)X4c dinh ham s6 bac nhat di qua 2 diém A(X,,Y,);B(X,.Y,)
Gia s phuong trinh duong thang 13 y=ax+b (1). Thay toa do
A(X.,Y,);B(X,.Y,) vao (1) ta dugc hé phuong trinh:

yp=ax,+b . \ \ \ \ 4
giai hé phuong trinh tim dugc a,b thay vao (1) ta dugc ham so
y,=ax,+b
bac nhit

+) Xéc dinh ham s0 bac nhét di qua A(X;;Y,) va c6 hé s6 goc 1a k

Goi ham s6 bac nhat can tim 1a y=ax+b(1). Vi hé s6 goc 1a k nén
a=k, vi duong thang di qua A(X;Y;) nén thay toa do A vao (1) tim dugc b.
Tir a va b vira tim duoc thay vao (1) ta dugc phuong trinh duong thang can
tim.
+) Xéc dinh ham s0 bac nhét di qua A(x;Y,)va tao véi Ox mdt goc « .

Goi ham sb bac nhat can tim 1a y=ax+b(1), vi dudng thang tao véi
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truc Ox mot goc a nén a=tana. Thay toa do A(Xl; yl) vao (1) ta tim dugc b.
Tir d6 két luan phuong trinh dudng thing can tim.
+) X4c dinh ham sb bac nhat di qua A(Xl; yl) va song song véi dudng thing
(d) y=ax+Dh.

Goi ham sb bac nhét can tim 13 y =mx+n(1). Vi y =mx+n song song
voi dudng thang (d) nén a=m, thay toa o A(X;; Y, ) vao duong thang
y, =ax, +n, tr d6 tim dugc n. Thay m,n vao (1) ta dwgc ham s6 bac nhat
+) Xac dinh ham s6 bac nhat di qua A(X;Y;)va vudng goc véi dudng thang
y=ax+b.

Goi phuong trinh dudong thang can tim 1a y =mx+n(1). Vi y=mx+n

song song v4i dudng thang (d) nénm = - . Thay toa d0 A(X;y,) vao dudng
a

2 _1 [P N\ N N \ \ \
thang y, =—X, +n, giai phuong trinh tim n. Thay m va n vua tim dugc vao
a

(1) ta dugc dudng thang can tim.
Bai 1: Lap phuong trinh dudng thang di qua hai diém A(1;-1) va B(2;1)
HUONG DAN GIAI:
Goi phuong trinh dudng thang can tim 13 y =ax+b(1). Thay toa do A, B
a+b=-1 a=2
<
2a+b=1 b=-3
Viy dudng thang can tim 12 y=2x-3.
Bai 2: Lap phuong trinh dudng thang cit truc tung tai 4 va cat truc hoanh
tai -2.

vao (1) ta dugc {

HUONG DAN GIAI:
Goi phuong trinh dudng thang can tim 13 y =ax+b(1). Vi duong thang cit truc
tung tai 4 nén A(0,4) thudc d6 thi, va cit truc tung tai -2 nén B(-2,0) thudc do thi

b=
thay toa d§ A, B vao (1) ta dugc {a

Vay duong thang can tim 1 y=2x+4
Bai 3: Cho duong thang y=(m-1)x+2n—-3(1). Lap phuong trinh dudng
thang biét hé sb goc 1a 3 va di qua A(2;1)

HUONG DAN GIALI:
Vi hé s6 goc 1a 3 nén m-1=3< m=4. Vi duong thang di qua A(2;1) thay
x=2;y=1 vao (1) tadugc 1=42+2n-3< n=-1.
Vay duong thang can tim 13 y=3x-1.
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Bai 4: Lap phuong trinh duong thing di qua A(2,1) va tao voi truc Ox mot
goc 30°

HUGONG DAN GIAI:
Goi dudng thang can tim 1a y=ax+b(1), vi duong thang tao véi truc Ox mot

goc 30°nén a=tan30° = g , vi duong thang di qua A(2;1) nén thay x=2, y=1

V3 V3 _3-243

va a:? Ve‘lo(l)taduo’clz?.2+b<:>b— :

3
3-243
3
Bai 5: Cho duong thang y=(m+1)x+2n—3(1). Tim m, n biét dudong thang

Vay dudng thing can tim 13 y = 33 X+

song song v&i duong thang y=x+1 va di qua A(2;2).

HUONG DAN GIAI:
Vi duong thang (1) song song voi dudng thang y=x+1 nén m+1=1<m=0
Vi duong thang di qua A(2, 2) nén thay x=2; y=2 vao duong thang (1) ta duoc

2=(m+1).2+2n—3<:>2m+2n=3<:>nzg :

Vay m=0;n= g 1a hai gia tri cAn tim.

Bai 6: Viét phuong trinh dudng thang di qua N(2; -1) va vudng goc voi
duong thang y=4x+5

HUONG DAN GIATI:
Goi dudng thang can tim 1a y=ax+b (d). Vi (d) vudng goc voi dudng thang

y=4x+5 nén az%, Vi (d) di qua N(2; -1) nén thay x=2 va y=-1 vao duong

thang ta duge: —1=2a+b ma a:_Zl nén b:%l.

Vay dudng thang can tim 1a y = _?1 X —% :

Dang 5: Tim m dé khoang cach tir géc toa dd dén dwong thang l6n nhat,
nhé nhat.

Phwong phap giai:

Pé tinh khoang cach tir diém O(0; 0) dén mot duong thang, ta tim giao diém
ctia duong thang véi hai truc Ox va Oy lan luot 13 hai diém 1a A va B. Tir O
ké OH vudng goc voi AB 1oi tinh OH dua vao hé thirc lwong trong tam giac
vuong OAB.

Sau khi tinh dugc khodng cach, ta tim Min, Max cua khoang cach.
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Bai 1: Dé thi vao 10 — Pha Tho (2017 — 2018)
a) Viét phuong trinh dudng thang di qua A(-1; %), B(2;2)

b) Tinh khoang cach tir O dén duong thang A va B.
HUONG DAN GIALI:
a) Gia str phuong trinh duong thang can tim di qua hai diém A va B 1a

y=ax+b(d). Vi (d) di qua A(-L %), B(2;2) nén ta co:

—a+b== 3a:§ a:E
2 2 & 2 .
2a+b=2 2a+b=2 b=1

Vay duong thang can tim 13 (d): y = % X+1.

b) Ta co (d) cit truc Oy tai diém C(0; 1) va cit truc Ox tai D(-2;0)
Vay do dai doan OC 1a 1 va d¢ dai doan OD 1a 2. Dung OH L CD
Ap dung hé thire luong vao tam giac vuong OCD ta cé:

12: 12+ 12:1+£:—:>OH:§.
OH® OD° OC 4 4 5
2.5

Vay khoang cach tir O dén duong thang AB 1a TS :
Dang 6: Xac dinh tham s6 m d@é @6 thi ham sé y=f(x,m)théa man mét diéu
kién cho truéc.

Phwong phap giai:

Bai todn 1: Chirng minh dd thi ham so6 y=f(x,m) luén di qua diém co
dinh:

Budc 1: Chuyén y=f(x,m) vé dang f(x,m)-y=0

Budc 2: Nhom céc s6 chua m lai véi nhau: m.f(x)+g(x,y)=0

\ . f(x)=0
Budc 3: Dong nhat thire gidi he {g(( ) )=0 Tim duogc (x,,y) tu do suy ra
X,Y) =

diém cb dinh.

Bai to4n 2: Tim gia tri cia m dé d6 thi ham s6 y=f(x,m) tao v6i truc Ox
mot goc nhon hoac mot goc tu.

Goc tao boi duong thang y=ax+b voi truc Ox 1a  sao cho tana =a

Néu a>0, duong th.'flng tao voi truc Ox mgt goc nhon

Néu a <0, duong thang tao véi truc Ox mot goc til

Goéc tao boi duong thang y =a,x +hy, véi duong thang y=a,x+b,la goc «

LUYEN THI VAO LOP 10 Trang 38



Bién soan: Vii Xuin Hung-0965225972

a-a

1+aa,
Cha y: Khi tinh goc tao boi hai dudng thang, néu tinh ra goc ti cac em phai
lay goc ké bu voi goc ti do, vi goc giira hai dudng thang ludn 14 goc nhon

sao cho tana =

Bai 1: Cho ham sb y=(m-2)x+3m-2. V&i gid tri ndo cua m thi dudng thang
trén tao vdi truc Ox mot goe nhon, tu
HUONG DAN GIAI:
Vi goc tao boi truc Ox va duong thang 1 o, nén tang =m—2
pé duong thrfmg trén tao voi truc Ox mdt goéc nhon thi:
tana >0 m-2>0m>2
Pé duong thing tao voi truc Ox mot goc tu thi
tana <0 mM-2<0<m<2.
Bai 2: Pé thi vao 10 — Pha Tho (2016 — 2017)
Cho ham s6 y=2m+1)x+m+4 ( m 1a tham sd) c6 d thi 1a duong thang (d)
Chtng minh rang khi m thay doi thi (d) luon di qua mot diém cd dinh
HUONG DAN GIAI:
Goi N(X,;Y,) 1a diém cb dinh ma (d) di qua. Khi do ta c6
Yo =(2m+1)x, + m+4,vm
< (@2m+1)X, +m+4-y,=0,vm

< (2% +1)m+x, -y, +4=0,vm

-1

X, =—

2x,+1=0 - L)
Xo— Y, +4=0 _Z
° 2

Vay diém cd dinh ma (d) luon di qua 1a N (‘?19 .

Dang 7:Chirng minh 3 diém thiang hang
Phwong phap giai
Bai toan: Chimg minh 3 diém A(X;;Y;), B(X,;Y,),C(Xs; Y, ) thing hang
+) Viét phuong trinh dudng thang di qua AB, thay toa do diém tht 3 vao, néu
thoa man thi 3 diém thang hang, néu khong théa man thi 3 diém khong thang
hang.
Bai 1:
Chtng minh 3 diém A(1;2), B(-2; 0), C(O;%) thang hang. Viét phuong

trinh dudng thang di qua 3 diém do.
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HUONG DAN GIAI:
a) Viét phuong trinh duong thang di qua hai diém A, B xem Dang 4

(d): y=%x+%, thay toa do C vao (d) ta dugc %:%_04_% luén dang nén C
nam trén duong thang AB. Vay 3 diém A, B, C thang hang va phuong trinh

duong thang di qua 3 diém 1a (d): y=%x +% :
Dang 8: Tim m dé 3 dwong thang dong quy (cung di qua mot diém)
Phwong phap giai:

Tim giao diém cua hai duong thang khong c6 tham sé m dé 3 dudng
thang ddng quy thi giao diém d6 khi thay vao dudng thing sb 3 phai thoa
man, tir d6 tim duoc diém m.

Bai 1: Tim m dé 3 duong thang sau dong quy.
(d):y=2x-1,(d,):3x+2,(d,): y=(m-1)x+3
HUONG DAN GIAI:
Xét hoanh d¢ giao diém cua d, va d, taco: 2x—1=3x+2 < x=-3, véi
X=-3=>y=-7.Vay giao diém cta d, va d, 1a A(-3; -7).
Pé 3 duong thang dong quy thi A phai thudc d,nghia la:
—7=(m-1).(-3)+3<m :% . Vay m= %thi 3 duong thang dong quy.
I11. BAI TAP MINH HQA
Bai 1:
a) Viét phuong trinh duong thang di qua hai diém (1 ; 2) va (-1 ; -4).
b) Tim toa d6 giao diém cua duong thang trén véi truc tung va truc hoanh.
HUGONG DAN GIAI:
a) Goi phuong trinh duong thang can tim c6 dang: y =ax +b.
Do duong thang di qua hai diém (1;2) va (-1;-4) ta c6 hé phuong trinh:

2=a+b a=3
&
—4=-a+b b=-1
Vay phuong trinh duong thang can tim la: y=3x -1
b) D6 thi cit truc tung ( X = 0), suy ra c6 tung do bang -1. Giao diém 13 (0;-1).

P thi cat truc hoanh (y = 0), suy ra c6 hoanh d6 bang % Giao diém la (%;oj

Bai 2: Chohamsby=(m-2)x+m+ 3
a) Tim diéu kién ctia m dé ham sb luon nghich bién
b) Tim m dé dd thi ciia ham s6 cit truc hoanh tai diém c6 hoanh d6 béng 3
c) Tim m dé dd thi ciia ham sd trén va cac d6 thj cua cac ham sb y=-X+2;
y = 2x - 1 déng quy
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HUONG DAN GIAI:
a) Him s y = (m - 2)x + m + 3 nghich bién & m-2<0 < m<2.
Vay m < 2 thi ham s6 d& cho ludn nghich bién.
b) Do dd thi ctia ham sb cat truc hoanh tai diém c6 hoanh do béng 3.
Suyra:x=3;y=0.

Alw

Thay x=3;y=0vao ham séy = (m - 2)x + m + 3, ta duoc m =

¢) Giao diém cta hai d6 thi y = -X + 2;y = 2x - 1 1a nghiém cta hé phuong
N y=—X+2
trinh: {y P <(x;y) = (1;1).
Pé3ddthiy=(m-2)x+m+3,y=-x+2vay=2x- 1 dong quy can: (x;y) =
(1;1) 1a nghiém cua phuong trinh (hay y = (m — 2)x + m + 3 phdi di quan diém
(1;1)):
y=(Mm-2)x+m+ 3. Véi (x;y)=(1;1) = m=0.
Vay khi m = 0 thi 3 ham s di cho dong quy.
Bai 3: Chohamsdy=(m-1)x +m + 3.
a) Tim gié tri cia m dé do thi ctia ham sd song song véi dd thi
hamsdy=-2x +1
b) Tim gia tri cia m dé d6 thi cia ham s6 di qua diém (1;-4)
¢) Tim diém c6 dinh ma d6 thi ciia ham s6 luon di qua véi moi m
HUGONG DAN GIAL:
a) D¢ hai d6 thi cia ham sb song song véinhau can: m-1=-2 < m=-1.
Vay véi m = -1 d6 thi ciia ham sb song song voi dd thi ham s6 y = -2x + 1.
b) Thay (x;y) = (1; -4) vao phuong trinh: y=(m - 1)x + m + 3. Ta dugc m = -3.
Vay voi m = -3 thi d6 thi ctia ham s6 di qua diém (1;-4).
¢) Goi diém c6 dinh ma d6 thi ludn di qua 1a M(xo;Yo). Ta c6
Yo=(M-1Xo+m+3 < (Xo-1)M-Xo -Yo+3=0
C:){XO—1=O Q{x(J:l
X, — Yo +3=0 Yo =2
Vay v6i moi m thi d6 thi ludn di qua diém c6 dinh (1;2).
Bai 4: Cho hai diém A(1 ; 1), B(2 ; -1).
a) Viét phuong trinh dudng thang AB.
b) Tim cac gia tri cia m dé dudng thang y = (m? - 3m)x + m? - 2m + 2 song
song voi duong thang AB dong thoi di qua diém C(0 ; 2).
HUGONG DAN GIAI:
a) Goi phuong trinh duong thang AB c6 dang : y =ax +b.
Do duong thang di qua hai diém (1;1) va (2;-1) ta c6 hé phuong trinh:

l=a+b a=-2
1=2a+b T \b=3
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Viy phuong trinh dudng thang can tim la: y = - 2x + 3.
b) Bé duong thang y = (m? - 3m)x + m? - 2m + 2 song song véi duong thang AB
m? —3m = -2

dong thoi di qua diém C(0;2) ta can : { , S m=2,
m°—-2m+2=2

Vay m = 2 thi dudng thang y = (m? - 3m)x + m? - 2m + 2 song song v&i duong
thang AB dong thoi di qua diém C(0 ; 2).
Bai5: Cho ham sé y=(2m-1)x+m - 3.

a) Tim m dé dd thi ctia ham s6 di qua diém (2; 5)

b) Chung minh rang d6 thi cia ham sé luon di qua mot diém cb dinh véi moi

m. Tim diém c6 dinh 4y.

HUONG DAN GIAI:

a)m=2.
b) Goi diém cb dinh ma d6 thi ludn di qua 1a M(xo;Yo). Ta co
Yo=(2m-1DXo+m-3 < (2X+1)M-Xo-Yo-3=0

-1
2%, +1=0 % 2

= =
—X,— Y, —3=0 -5
)

Vay v6i moi m thi dd thi ludn di qua diém cé dinh (‘?1 ; ‘?5 ).
IV - BAI TAP TU LUYEN:
Bai 1: Cho hai ham s6: y =x vay = 3x

a) Vé dd thi cua hai ham s d6 trén cung mot h¢ truc toa do Oxy

b) Pudng thang song song voi truc Ox, cat Oy tai diém c6 tung d6 bang 6,
cit cac duong thang: y = x va y = 3x lan lugt & A va B. Tim toa d6 cac diém A
va B. Tinh chu vi, dién tich tam giac OAB.

Bai 2: Cho ham sb: y = (m + 4)x - m + 6 (d).

a) Tim cac gia tri cia m dé ham s6 dong bién, nghich bién.

b) Tim céc gia tri ctia m, biét rang duong thang (d) di qua diém A(-1; 2).
V& d6 thi ctia ham sb vai gia tri tim dugc ciia m.

¢) Chimg minh rang khi m thay doi thi cac duong thang (d) ludn luon di
qua mot diém cb dinh.

Bai 3: Cho ba dudng thangy =-x+ 1,y =x+1vay =-1.

a) V€ ba duong thrfmg da cho trén cung mot hé truc toa do Oxy.

b) Goi giao diém cua duong thangy =-x + 1 vay =x + 1 13 A, giao diém
ctia dudng thang y = -1 véi hai duong thang y = -x + 1 vay = x + 1 theo thu tu
1a B va C. Tim toa do cac diém A, B, C.

c) Tam giac ABC la tam gidc gi? Tinh dién tich tam gidc ABC.

Bai 4: Cho duodng thang (d): y = - 2x + 3.
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a) Xac dinh toa do giao diém A va B cua duong théng d vo1 hai truc Ox,
Oy, tinh khoang cach tir diém O(0; 0) dén dudng thang (d).

b) Tinh khoang cach tir diém C(0; -2) dén dudng thang (d).
Bai 5: Cho hai dudng thang: y=(m + 1)x - 3vay = (2m - 1)x + 4.

a) Chimg minh rang khi m = 0 thi hai dudng thang d cho vudng goc véi
nhau.

b) Tim tit ca cac gia tri cia m dé hai duong thang dd cho vudng goc voi
nhau.
Bai 6: Xac dinh ham sb y = ax + b trong mdi trudng hop sau:

a) Khi do thi ham s6 cat truc tung tai diém c6 tung do bang .

b) Khi a = - 5, dd thi ham s di qua diém A(- 2; 3).

¢) D6 thi ham sb di qua hai diém M(1; 3) va N(- 2; 6).

d) Do thi ham s song song voi dudng thang va di qua diém .
Bai 7: Cho duong thang: y = 4x (d).

a) Viét phuong trinh dudng thang (d;) song song véi duong thang (d) va
c6 tung d6 gdc bang 10.

b) Viét phuong trinh dudng thang (dz) vudng goc véi dudng thang (d) va
cat truc Ox tai diém c6 hoanh do bang -8.

¢) Viét phuong trinh duong thang (ds) song song véi duong thang (d) cat
truc Ox tai A, cét truc Oy tai B va di¢n tich tam gidc AOB béng 8.
Bai 8: Cho hai dudng thang: y = (k - 3)x - 3k + 3 (d1); y = 2k + 1)x + k + 5 (do).
Tim cac gia tri cua k dé:

a) (d1) va (dy) cat nhau.

b) (dy) va (d2) cit nhau tai mot diém trén truc tung.

c) (d;) va (d) song song v6i nhau.

d) (d1) va (dz) vuéng goc véi nhau.

e) (dy) va (dy) trung nhau.
Bai 9: Cho ham sb bac nhat: y = (m + 3)x + n (d).
Tim céc gia tri cua m, n dé dudng thang (d):

a) i qua diém A(1; - 3) va B(- 2; 3).

b) Cit truc tung tai diém co tung do b:?lng x=2 , cit truc hoanh tai diém
c6 hoanh d6 y=4.

¢) Cit duong thang 3y - x -4 = 0.

d) Song song v&i duong thang 2x + 5y = - 1.

e) Trung v6i dudng thang y - 3x - 7= 0.

2

Bai 11: Trong mit phang toa dd6 Oxy cho parabol (P):y =X7 va duong thang

(d): y = mx + n. Tim cac gia tri cia m va n biét duong thang (d) théa man mot
trong cac diéu kién sau:
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a) Song song véi duong thang y = x va tiép xtc voi (P)
b) bi qua diém A(1,5; -1) va tiép xtic voi (P).
Tim toa do tiép diém cua (P) va (d) trong mdi trudng hop trén.
Bai 12: Trong cung hé truc toa do goi (P) 1a do thi ham s6 y=ax* va (d) 1a dd
thi ham s y = - X + m.
a) Tim a biét rang (P) di qua A(2; -1) va vé& (P) v6i a tim dugc.
b) Tim m sao cho (d) tiép xuc véi (P) (6 cau 1) va tim toa do tiép diém.
Bai 13: Cho ho duong thang c6 phuong trinh: mx + (2m - 1)y + 3 = 0 ().
a) Viét phuong trinh dudng thang di qua A(2; 1).
b) Chimg minh rang cac duong thing trén ludn di qua mot diém cd dinh
M v61 mo1 m. Tim toa do cua M.
Bai 14: Cho parabol (P): y = x* —4x+3
a) Chting minh dudng thang y = 2x - 6 tiép xuc véi (P).
b) Giai bang d6 thi bat phuong trinh: x* —4x+3> 2x - 4.
Bai 15: Cho ham sb y=x* ¢4 do thi (P) trong mit phang toa do Oxy.
a) Ve (P).
b) Goi A va B 14 hai diém nam trén (P) 1an lugt c6 hoanh do -1 va 2. Chimng
minh rang tam gidc OAB vudng.
¢) Viét phuong trinh duong thang (d) song song véi AB va tiép xuc voi (P).
Bai 16: Cho ham sb: y = 2x (P).
a) V& do thi (P) ctia ham so.
b) Tim quy tich cac diém M sao cho qua M c6 thé ké dugc hai dudng
thang vudng goc va cung tiép xtc véi (P).
Bai 17: Trong cing mit phang toa dd cho parabol (P):y=—x?+4x—-3 va dudng
thang (d): 2y + 4x - 17 = 0.
a) V& (P) va (d).
b) Tim vi tri ciia A thudc (P) va B thudc (d) sao cho do dai doan AB ngan nhat.
Bai 18: Cho parabol (P): y=-x*+6x-5.
Goi (d) 1a dudng thang di qua A(3; 2) va ¢ hé s6 goc m.
a) Chung t6 rang voi moi m, dudng thang (d) ludn ludn cat (P) tai hai diém phan
biét B, C.
b) Xéc dinh duong thang (d) sao cho d6 dai doan BC dat gia tri nho nhat.
Bai 19: Cho hai dudng thang (d1): y =(m? +2m)x va (d2): y = ax (az0).
a) Pinh a dé (d2) di qua A(3; -1).
b) Tim céc gid tri m dé cho (d1) vudng goc véi (d2) & cau 1).
Bai 20: Cho ham sb: y = ax + b (dy).
a) Tim a va b cho biét d6 thi ham s di qua hai diém M(-1;1) va N(2; 4).
V& d6 thi (d1) cua ham s6 véi a, b tim dugc.
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b) Xac dinh m dé @6 thi ham sb (d2): y =(2m’>—m)x+m’ +m 12 mot duong
thang song song véi (di). V& (dy) vira tim dugc.

c) Goi A 1a diém trén dudng thang (d1) c6 hoanh do x = 2. Tim phuong
trinh duong thang (ds) di qua A vudng gboc véi ca hai dudng thang (dy) va (dy).
Tinh khoang cach gitta (d;) va (dy).

Bai 21: Cho ham sb: y = mx - 2m - 1 (1) (m+0).

a) Xac dinh m dé d6 thi ham s6 di qua goc toa do O. V& d6 thi (dy) vira
tim duoc.

b) Tinh theo m toa do cic giao diém A, B cta dd thi ham s6 (1) 1an luot
v6i cac truc Ox va Oy. Xac dinh m dé tam giac AOB c6 dién tich bang 2
(d.v.d.t).

¢) Chimg minh rang dd thi ham sd (1) luon ludén di qua mot diém cb dinh
khi m thay doi.

Bai 22: Cho parabol (P): Y = ax’ va hai diém A(2;3), B(-1;0).

a) Tim a biét rang (P) di qua diém M(1; 2). Khao sat va v& (P) v4i a tim
duoc.

b) Tim phuong trinh dudng thang AB rdi tim giao diém cua dudng thang
nay véi (P) (6 cau a).

¢) Goi C 1a giao diém c6 hoanh d6 duong. Viét phuong trinh dudng thing
qua C va c6 v6i (P) mot diem chung duy nhat.

Bai 23: Cho ham sb: Y = X* —2x+m—1¢6 db thi (P).

a) V& d6 thi (P) khim = 1.

b) Xac dinh m dé d6 thi (P) ctia ham sd tiép xtic voi truc hoanh.

¢) Xac dinh m dé d6 thi (P) ctia ham s cit dudong thang (d) c6 phuong
trinh: y = x + 1 tai hai diém phan biét.

Bai 24: Cho duong thang (d1):y = mx -3 va (d2): y =2mx + 1 -m.

a) V& trén cing mit phang toa do Oxy cac duong thang (d1) va (do) tng
voi m = 1. Tim toa d§ giao diém B cua ching.

b) Qua O viét phuong trinh duong thang vudng goc voi (di) tai A. Xac
dinh A va tinh dién tich tam giac AOB.

¢) Chimg t6 rang cac duong thang (di) va (dz) déu di qua nhitng diém cb
dinh. Tim toa d6 cua diém cb dinh.
Bai 25: Cho parabol (P): y=X*—4x+3va diém A(2; 1). Goi (d) la dudng thing
di qua A va c6 hé s6 goc m.

a) Chtng minh rang (d) ludn ludn cit (P) tai hai diém phan biét M va N.

b) Xac dinh m dé MN ngén nhat.
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CHUYEN DE 3 - HE PHUONG TRINH BAC NHAT HAI AN SO
| - KIEN THUC CAN NHO:

ax+by=c 1)

Dang hé phuong trinh: {az x+b,y=c,(2)

1. Giai hé phwong trinh bang phwong phap thé

BuGe 1: Tt phuong trinh (1) ta rt an x theo y hodc y theo x.

Bueée 2: Thé vao phuong trinh (2).

Buoc 3: Giai phuong trinh (2) ta tim dugc x hodc y.

Burée 4: Thé nghiém x hodc y vira tim dugc vao phuong trinh (1).
Chu y: Ta c6 thé rat tir phuong trinh (2) r6i thé vao phuong trinh (1) tiy vao
tung bai toan
2. Giai hé phwong trinh biang phuong phap cong dai s6

Buée 1: Nhan céc vé cua phuong trinh voi mot sd thich hop dé dugc hé sé
nao dé ctia méot an ddi dau nhau.

Buoc 2: Cong hai phuong trinh v6i nhau ta dugc phuong trinh (3).

Buorce 3: Giai phuong trinh (3).

Buée 4: Thé nghiém tim dugc cta phuong trinh (3) vao phuong trinh (1)
hodc (2) dé tim an con lai.
ChU ¥: Trong qua trinh thé hodc cong dai s6 néu xuat hién ca hai vé cia phuong
trinh déu bang 0 thi hé phuong trinh da cho vo s6 nghiém, con néu mot vé bang
0 mot vé khac 0 thi hé phuong trinh di cho v6 nghiém.
I1 —Cac dang bai tap co ban
Dang 1: Giai hé phwong trinh bang phwong phap thé
Phwong phap gii: Da dugc trinh bay ¢ phan kién thirc can nhé (ban doc xem

lai).
Bai 1: Giai hé phuong trinh sau bang phuong phap thé
Xy
4x -5y =3 X—y=3 7x—-3y=5 ——==1
a){3x— y—16 b){Bx—y4 =2 C){4x+ y—2 )12 3
Y= Y= Y= 5x -8y =3
HUONG DAN GIAI:
4x -5y =3 4x -5y =3 4x —5(3x-16) =3
a) o o
3X—y=16 y=3x-16 y=3x-16
4x -15x+80=3 —11x=-77 X="7
o < =
y=3x-16 y=3x-16 y=>5

Vay nghiém cua hé phuong trinh 1a (x;y)=(7;5)
Cau b, c, d lam tuong tu a.

LUYEN THI VAO LOP 10 Trang 47



Bién soan: Vii Xuin Hung-0965225972

Dang 2: Giai hé phwong trinh bang phwong phap cong dai s6
Phwong phap giai: Pi duoc trinh bay ¢ phan kién thirc cin nhé ( ban doc xem
lai).
Bai 1:Giai hé phuong trinh bang phuong phap cong dai sb

2x+1 y-2 1

{2x—11y=—7 o {8x—7y:5 0 A 3 12
10x+11y =31 15x+ 21y =0,5 x+5: y+7_4
2 3
HUONG DAN GIAL:

{2x—11y:—7 {12x:24 {x:z {x:z
a) < =
10x+11y =31 10x+11y=31(10.2+11y =31 y=1
Vay nghiém cua hé phuong trinh 1a (x;y)=(2; 1)

Cau b, ¢, d lam tuong tu a.

Dang 3: Giai hé phwong trinh biang phwong phap dit an phu
Phwong phap giai:

Tim moi lién hé gitta cac dai luong trong hé phuong trinh, xem xét cac
dai lugng gidng nhau rdi dit an. Khi dit an cha ¥ diéu kién ctia an. Roi giai hé
phuong trinh méi br?mg cong dai sb hodc thé, sau khi tim duoc nghiém cua h¢
m&i ta thay gia trj vira tim duogc giai hé ban dau dit rdi két luan.

Bai 1: Giai hé phuong trinh sau bang phuong phap dit 4n phu

§+E___3 2 4 14
X 2 X+y-1 x-y+1 5
XY oy Y -
5 2 8 3 N 2 13
X y 3 X+y-1 x-y+1 5
HUONG DAN GIALI:

(3 5 -3

4 ==

Xy
a I

)E_E_§ 0

X y 3

1 -3

~“-a 3a+5h=— [6a+10b=-3 31
Clx 2 3la=—
bat 1 RS 5 & 255 _10b 40 & 3
yzb 5a—2b:§ a- T3 6a+10b=-3
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3 1 1 1
3 X 3 X=3
= = =
b=— |==—
2 y 2

Vay nghiém cia h¢ phuong trinh 1a (x;y) = (3; -2)
b) Lam tuong tu a
Dang 4: Xac dinh gia tri tham s6 m dé hé¢ phwong trinh vo nghiém
Phwong phap giai:
X+by=c
+) Cach 1: H¢ phuong trinh ax+hy=6 v6 nghi¢m khi a_h 4
a,X+h,y=c, a, b, ¢
+) Céch 2:Giai hé phuong trinh bang phuong phap cong dai sé hodc phuong
phép thé roi dya vao diéu kién tim gia tri cia m dé két luan hé phuong trinh
v nghiém.
: m-1)x+2y=1
BAi 1: Cho hé phuong trinh 4 " X2V =1
3x-2y=4
a) Giai (I) véi m =2
b) Tim gi4 tri cia tham s6 m dé hé phuong trinh (I) v6 nghiém
HUONG DAN GIAL:
a) Thay m =2 vao (I) r6i 4p dung quy tac thé hodc cong dai s6 da trinh
bay & trén giai hé.
b) Pé hé phuong trinh (I) v6 nghiém thi:

m-1_-2
a_b o )3 2
a, bz C, i E

-2 4

Vi —1¢% nén 2m-2=-6<2m=-4<m=-2

Vay m=-2 thi h¢ phuong trinh v6 nghiém

Dang 5:X4c dinh gié tri tham s6 m dé hé phuong trinh da cho c6 nghiém duy
nhat, tim nghiém duy nhat do.

Phwong phap giai:

X+hy=c
+) Cach 1: H¢ phuong trinh ax+hy=6 c6 nghiém khi &, b
a,x+b,y=c, a, b,
+) Céch 2: Giai hé phuong trinh biang phuong phap cong dai s6 hoic phuong
phap thé rdi dua vao diéu kién tim gia tri cia m dé két ludn hé phuong trinh

c6 nghiém duy nhét.

LUYEN THI VAO LOP 10 Trang 49



Bién soan: Vii Xuin Hung-0965225972

Bai 1: Dé thi vao 10 Pha Tho dot 2 (2008 — 2009)
2mx+y=1
2X—(2m+1)y=—
a) Giai hé phuong trinh véi m =2
b) Tim tat ca cac gia tri cia m dé hé phuong trinh c6 nghiém duy nhét
HUONG DAN GIAI:
a) Thay m=2 vao hé (I) rdi xem lai cach giai & dang 1 va dang 2
b)
Céch 1:Dé hé phuong trinh ¢6 nghiém duy nhét thi:

Cho hé phuong trinh { . () ( m 14 tham sd)

2
2m¢ <:>2m2+m+1;t0<:>2(m+l +Z¢O,Vm
2 -2m-1 4 8
Vay hé phuong trinh (I) ludn ¢6 nghiém vdiVm
Céach2:
2mx+y=1 y =1-2mx y =1-2mx
S
2X—(2m+1)y=-1(2x—-(2m+1)y=-1 2X—(2m+1)(1-2mx)=-1
y=1-2mx y=1-2mx
= =
2X—2m+4m*x+1-2mx=-1 [ x(4m’-2m+2)=-2
y =1-2mx y=1-2mx
1 Sdx= 5 = 0(vm)
M —m+1 2(m+=)°+
4° 8
-1
y=@-2m)(—————)
2(m+ =) +—
=
Y -1
1
2(m+ =)+~
(m+3)" + 2

Vay hé phuong trinh ¢6 nghiém duy nhat véi moi m.
Chd y: Khi 1am cach 2 ngoai viéc chirng minh dugc phuong trinh ¢6 nghiém duy
nhat thi ta c6 thé chi ra duoc nghiém duy nhat do.
Dang 6:Tim nghiém x, y ¢4 chira tham s6 m sau @6 tim GTLN hoic GTNN
ciia biéu thire cho truéc
Phwong phap giai

Dung phuong phap thé hodc cong dai sé tim nghiém cua hé phuong
trinh da cho sau d6 thay nghiém x, y vira tim dugc thay vao biéu thirc ban dau
Ap dun bat dang thirc cau — chy, hoic dua vé hang dang thirc s6 1, 2 danh gia
voi mot s6 roi ket luan GTLN hodc GTNN.
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Bai 1:Dé thi vao 10 Vinh Phic (2017 — 2018)
A \ X—-2y=3-m \ A
Cho hé phuong trinh (1), m la tham so
2X+Yy=3(m+2)
a) Giai h¢ (I) véi m =2
b) Tim tat ca cac gia tri cia m dé hé c6 nghiém duy nhat
¢) Tinh GTNN cua biéu thic A=x?+ y? v6i (x, y) 1a nghiém duy nht

cua hé (I)

HUONG DAN GIAI:
Phén a, b 1am theo cach giai dd duogc trinh bay ¢ trén
X—2y=3-m X=3-m+2y X=3-m+2y
C < S
2X+y=3(m+2) 6-2m+4y+y=3m+6 S5y =5m
{x=3+m
o
y=m

Vay hé c6 nghiém duy nhét (x; y) = (3+m; m).
A:x?+W:{3+mf+( )_9+6m+2m2

:Zmﬁ+3m+g):2( Ej+—>-—Vm

Dau “="xay ra khi m+§ O m=

Vay GTNN cua A—g khi m —73
Dang 7: Hé phwong trinh chira dau gia tri tuyét doi
Phuwong phap giai:
Khr gia tri tuyét d6i sau d6 ding phuong phap thé hoic cong dai s dé
tim cdp nghiém (x; y)
Bai 1: Pé thi vao 10 Ha Noi (2018 — 2019)
4x—|y+2/=3

Giai hé phuong trinh {X . 2| - 2| _
HUONG DAN GIAI:
4x-|y+2/=3 [4x-|y+2|=3 —9ly+2/=-9 ly+2|=1
= < = (1
X+2|y+2|= 4x+8ly+2/=12  |4x—|y+2|= 4x—|y+2|=3

y+2=1 x=1
THL: y+2>0&y>-2 < (TM)
4x-1=3 y=1
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2=-1 =1
TH2:y+2<0¢:>y<—2{y+ cz{x

™
4x-1=3 ——3( )

Vay nghiém cua hé phuong trinh 1a (1; 1), (1;-3)
Bai 1:Giai hé phuong trinh:
6x-3_ 2y _,
2) y—-1 x+1 ){X(y—Z)z(x+2)(y—4)
4x-2 4y (x=3)(2y+7)=(2x-7)(y+3)
-1

y X+1

+—=2

c)

2.1
Xy
6 2,
Xy

HUONG DAN GIAI:

a) bat u=

2X_1 y A ~ 2 \ 3u_2v:5 u
V= . Hé da cho tro thanh =
y—1 X+1 2u-4v=2 V=

NI~ N

2x-1 X=0
1 2x—-2y=-1 -
Ta dugc hé phuong trinh: y-1 & { 4 < { 1
y z
— 2

1 X—=2y=-1 y=
1
ayS =< 0;=
e {[ 2}
b)
X(y-2)=(x+2)(y-4) o Xy —2X=Xy+2y—-4x-8 - X-y=-4 - x=-2
(x=3)2y+7)=(2x-T7)(y+3) 2Xy -6y +7x-21=2xy-7y+6x-21 |x+y=0
Vay hé phuong trinh d cho c6 nghiém duy nhat (-2; 2).
4 2
—t—= 4+§:4+1 E: x=2 o9
y )IC P =12 1_2<:>{ :1 (théa man)

X+1 2

y=2

4

X
c)H¢é <
9__:1 +—=2 %.}.122 §+; y=

Xy y Xy
Vay hé co nghiém (x;y)=(2;1).

x
2
X

e, ey n ., |2X+y=3
Bai 2: a) Giai hé phuong trinh: {x+3y _4
b) Xac dinh cac gia tri cia m dé hé phuong trinh sau v6 nghiém:
(Mm+2)x+(M+)y=3 . p
{x+3y _4 (m la tham so)

HUONG DAN GIAI:
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2x+y=3 {2x+y=3 {5y=5 {x=1

a) Giai hé phuong trinh: {x+3y=4<:> 2x+6y=8<:> x+3y=4<:> y=1

Vay, h¢ phuong trinh c6 nghi¢m la: (1;1)
b) Hé phuong trinh vé nghiém khi:
m+2_m+1 §:> 1 3 :{3m+6:m+1 5

=>m=——
dm+4 =9 2

1 3 4 m+1 3
—i_
3 4
Vay m = -5/ 2 thi h¢ phuong trinh da cho v6 nghiém.
Bai 3:4) Gidi hé phuong trinh 40« =) 1
al o. uo .
a) Giai h¢ phuong trin X 43y=2
. 2X—-y=m-1

b) Tim m dé hé phuong trinh
X+y=4m+1

c6 nghiém (x; y) thoa mén diéu kién x +y > 1.
HUONG DAN GIAI:
a) Giai hé phuong trinh

{3x—2y:1 {3(3y—2)—2y=1 {7y:7 {y:l
& < <

) . X y v b >

2X—-y=m-1 5X =5m X=m X=m
{3x+y:4m+1©{2x—y:m—lQ{Zm—y:m—la{y:mH
Max+y>lsuyram+m+1>1<2m>0<m>0.
Vay voi m > 0 thi hé phuong trinh c6 nghiém (x; y) thoa mén diéu kién x+y > 1.
.. R . (m+Dx—(m+1)y=4m
Bai 4. Cho h¢ phuong trinh {X F(m—2)y =2 , VOl meR
a) Giai hé da cho khi m =-3
b) Tim diéu kién ctia m dé phuong trinh c6 nghiém duy nhat. Tim nghiém duy nhat
do.
HUONG DAN GIAI:
a)Giai hé da cho khi m =-3
i ‘ —2X+2y=-12 —X+y=-6 X=7
Ta dugc hé phuong trinh {x—5y=2 Q{X—5y=2 Q{yzl
Vay hé phuong trinh c6 nghiém (x;y) vai (7;1)

b)Piéu kién c6 nghiém duy nhat ctia hé phuong trinh:
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m+1¢ —(m+1)
1 m-2

< (m+1)(m-2)=—(m+1)

m+1+0 m=-1
1 -2 1)#0 1 -1)#0
@(m+ )(m )+(m+ );t <:>(m+ )(m );t Q{m—l;to Q{m;tl

Vay phuong trinh ¢6 nghiém khi m=-1 va m=1

Dx—(m+1y=4m . 1
Gidi hé phuong trinh {(“” XomrDy=am i {W

X+(m—-2)y=2 m=1
(m+Dx—(m+1l)y=4m  |x—y=_T K=y g tme2
{x+(m—2)y=2 Q{ Smil e _2m+1® rilzﬂ'
X+(m-2)y=2 y:m+1 y:m+1
A LA s = ,. (4m-=2 2
Vay h¢ c6 nghiém (x; y) V()'l(m_l_l m]
2X+y=5m-1

( m la tham s6)

Bai 5:Cho h¢ phuong trinh: {
X—-2y=2

a) Gia1 hé phuong trinh vé1 m=1

b) Tim m dé hé phuong trinh ¢6 nghiém (X;y) théa méan: X* -2y” =1,

HUONG DAN GIAI:
a) Vai m=1 ta c6 hé phuong trinh: {

{X:Z
=
y=0

X—2y=2 X—-2y=2

X=2
Vay h¢ phuong trinh c6 nghiém {y o
et o |2X+y=05m-1 4x+2y=10m-2 5x=10m X=2m
b) Giai hé: = = =S
X—2y=2 X—2y=2 X—-2y=2 y=m-1

Ta co: x> —2y* =1 < (2m)° —2(m-1)" =1 < 2m*+ 4m-3=0

-2-10 | -2+4/10
va m=

2 2
3X+y=2m+9

X+y=5

Vay gia tr1 m théa man yéu cau la:m=

Bai 6: Cho hé phuong trinh { c6 nghiém (x;y).

Tim m dé biéu thirc (xy+x-1) dat giai tri 16n nhét.

HUONG DAN GIAI:
Tur hé phuong trinh =>x=m+2vay=3-m
=> A = (Xy+x-1)=...= 8 - (m-1)?

Amax= 8 khim = 1.

2X+y=4 4x+2y =8 5x =10
= <
X—2y=2
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Bai 7:a) Gii hé phuong trinh: 1~ 0~

:a) Giai h¢ phuong trinh: X+3y=4
b) X4c dinh cac gia tri cia m dé hé phuong trinh sau v6 nghiém:
{(m+2)x+(m+1)y:3

X+3y=4
HUONG DAN GIAI:
e n L |2X+y=3 2X+Yy=3 oy =5 x=1
a) Giai hé phuong trinh: {x+3y=4©{2x+6y=8©{x+3y=4©{y=1
b) H¢ phuong trinh v nghi¢ém khi:
m+2 m+l
m+2 m+1 3 1 3 {3m+6:m+1 5
=—r = = =>m=-=
1 3 4 m+1¢§ dm+4+9 2
3 4
x2+i2+—:3
Bai 8: Giai hé phuong trinh Y «
X+—+—=3
y vy
HUONG DAN GIAI:
2
X_a x2+i2+§=3 (X+lj _X_3
bat y Taco ]Y Xy 2SS y y
X+==h X+=+2=3 wili X s
y y 'y y y
. |b*-a=3 [b’+b-6=0(a=6 [a=1
nen = \Y
b+a=3 b+a=3 b=-3 |[b=2
N epias 1 . X|+|y-3=1
Bai 9:Giai hé phuong trinh : |
HUONG DAN GIAI:
T y-|x|=3< y-3=|x=y-320=>|y-3=y-3
x=+1
|X|+|y -3/ =1 x|+y-3=1 x| +y=4 2|x|=1 Y ;
=S =S =S = (nhan)
y—|x=3 y—|x=3 y—|x/=3 y=|x+3 y:Z
A 1A . . - 17 17
Vay hé phuong trinh ¢6 2 nghiém (x; y)=(5;5),(—§;§)

Bai 10:
3x—-2y=1

a) Giai h¢ ph trinh :
) Giai h¢ phuong trin {—x+3y:2
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. 2X—-y=m-1
b) Tim m dé h¢ phuong trinh
X+y=4m+1
c6 nghiém (x; y) thoa man diéu kién x +y > 1.
HUONG DAN GIAI:

a)Giai h¢ phuong trinh:
{3x—2y=1 {3(3y—2)—2y_1 {7y:7 {y:l

= = =

—X+3y=2 " |x=3y-2 x=3y-2 (x=1
. 2X—-y=m-1

b) Tim m d€ hé phuong trinh
X+y=4m+1

c6 nghiém (x; y) thoa man diéu kién x +y > 1.
2X—-y=m-1 59X =5m X=m X=m
& & &
X+y=4m+1 2X-y=m-1 2m-y=m-1 y=m+1

Max+y>lsuyram+m+1>1<2m>0<m>0.
Vay voi m > 0 thi hé phuong trinh c6 nghiém (x; y) thoéa méin diéu kién x+y > 1.
Bai 11:Cho h¢ phuong trinh | %MDY TAM R

:Cho h¢ phuong trin X+ (m—2)y=2 , VOl me
a) Giai hé da cho khi m =-3
b) Tim diéu kién ctia m dé phuong trinh c6 nghiém duy nhat. Tim nghiém duy nhat
do.

HUONG DAN GIAI:
a)Giai h¢ da cho khi m =-3
R . —2X+2y=-12 —X+y=-06 X=17

Ta dugc hé phuong trinh {X—Sy ), 2SS {x 5y-2 & {y 4
Vay hé phuong trinh c6 nghiém (X;y) véi (7;1)
b)Piéu kién c6 nghiém ctia phuong trinh

m+l —(m+1)

1 m-2
< (Mm+1)(m-2)+(m+1)#0 < (m+1)(m-1)=0
{m +1#0 {m *-1
=
m-1+0

< (Mm+1)(m-2) = —(m+1)

m=1
Vay phuong trinh ¢6 nghiém khi m#=-1 va m=1
(m+Dx—(m+1)y =4m Khi {m -1

Giai hé phuong trinh {X F(m—2)y=2 1
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| | A Am x=y+ 4m X:4m—2
{(m+ )X;(m_"'z)y— m@ X—y=m+1 - m+1<:> m+1
X+(m-2)y= X+ (m—2)y =2 y= -2 y= -2
m-+1 m-+1
. ", n ) . [(4m=2 2
Vay h¢ co6 nghiém (x; y) voi ( — ,m+1j
.. e . x2+xy—4x=—6
Bai 12: Giai h¢ phuong trinh: )
y +xy=-1
HUONG DAN GIAI:
Néu (x;y) 1a nghiém cta (2) thiy # 0.

2
=6
y
Thay (3) vao (1) va bién d6i, ta duoc: 4y® + 7y? + 4y + 1 =0
e (y+1)@y*+3y+1)=0
oy=-1
=-1 =>x=2
Vay hé c6 mdt nghiém: (x;y)=(2; —1).
111 - BAl TAP TU LUYEN
Bai 1. Giai cac hé phuong trinh
{(x+2)(y—2)=xy b. c {(x+5)(y—2)=xy
(x+4)(y-3)=xy+6 {(X—l)(Y—2)—(X+1)(Y—3) =4 ((x=5)(y+12) =xy
(x=3)(y+1) - (x-3)(y—5) =18

Do dé: (2) >x =Y

d. 97x_2_3y=_28 X+y:4x—3
2x—5y—1+x—2y=16 e o/ f. 2 g
11 3 ?+?y:15 X+3y: 14 y
7x+y+2(x—1):31
5 3
_+_:10 4 — 1 — i+i:E
g x=1 y-1 h X+2y x-2y ] X y 36
1 + 3 =18 20 + 3 =1 i+£:1
x-1 y-1 X+2y X-2y X y
2 5 _3 T4 5 m.
K 3x-y Xx-3y | Jx=7 \Jy+6 3 3 2
o 2 3 15 3 13 X+y-3 x-y-1_
3x-y x-3y 5 _ "6
y y Jx-7 Jy+6 6 3 1 15

+ =
X+y-3 x-y+1

Bai 2. Giai cac hé phuong trinh
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a {|x—]4+|y—2|:1 b {\/x2+10x+25=x+5 c {|x—2|+2|y—]4:9
1

[x-1+3y=3 X —10x+ 25 =5-x X+|y-1=-
d X2 +y?=2(xy+2) e X+Yy+xy+1=0 f X+y+xy="7
Ix+y=6 XX +y?—x—y=22 x4yt +xy =13
g X +y*>=10 h. X2 +y?= i X2y +xy> =6
' X+y=4 (x=D(y- 1) 18 ' Xy+X+y=5
K X +yi=1 " X+y=1 (x+D(y+1) =10
X+ yS = x4y X +y°=x*+ m. (x+Yy)(xy+1) =25

Yy =X"+y y° y’ YIXY

X+y=5 X +y%= x*+y* =97
Nyx_ y_13 P Ly say? = Fxy0e +y?) =78

y X 6

—y=-m
Bai 3. Cho h¢ phuong trinh: y
9X-m’y=-3 33

a) V&1 gia tri nao cua m thi hé phuong trinh v6 nghiém

b) Vi gié tri ndo ctia m thi hé phuong trinh ¢6 v6 s6 nghiém? Khi d6 hay
tim dang tong quat nghiém ctia hé phuong trinh

c¢) Véi gia tri ndo cia m thi hé phuong trinh c6 nghiém duy nhat

N TN T LA . mx+y=4 , . ) ~
Bai 4. Véi gié tri nao ctia m thi hé phuong trinh: {x my_ c6 nghiém thoa man

diéu kién x+y= 1 Khi d6 hay tim cac gia tri cia x va y.
m* +

L. . y o eg ) Yy 21 . 2mx+3y=m
Bal 5. Tim cac gia tri nguyén cua m dé hé phuong trinh: {x fy=mil
c6 nghi¢m nguyén, tim nghiém nguyén do.

Bai 6. Cho h¢ phuong trinh: {XJF 2y=6
2X—y=2
a) Giai hé phuong trinh da cho bang phuong phap d6 thi
b) Nghiém cua hé phuong trinh da cho c6 phai la nghiém cua phuong trinh:
3x - 7y = -8 khong ?
c¢) Nghiém cua hé phuong trinh da cho c6 phai 1a nghiém cua phuong trinh:
4,5x + 7,5y = 25 khong ?
Bai 7. Cho hai dudng thang (d1): 2X - 3y = 8 va (do): 7x - 5y = -
Tim céc gié tri ctia a dé duong thang y = ax di qua giao diém cua hai dudng thang (d)
va (dz)
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Bai 8. Cho ba duong thang: (di):y = 2x —5; (d2): y = 1; (d3): y = (2m - 3)x -1
Tim céc gid tri cia m dé ba dudng thang dong quy.
Bai 9. Cho hé phuong trinh: {”ay =2
ax—-2y=1

Tim céc gia tri ctia a dé hé phuong trinh di cho c6 nghiém thoa man diéu
kiénx >0,y <0
Bai 10. Tim céc gid tri ctia a va b dé dd thi ham sd y = ax + b di qua diém
A(-5; -3) va diém B(3; 1)
Bai 11. Tim céc gid tri ciia m dé:
mx—y=>5

c6 nghi¢m thoéa man diéu kién x >0, y<0
2X+3my =7

a) H¢ phuong trinh: {

mx+y=3

c6 nghiém thod man diéu kién x > 1, y>0
4X+my=06

b) H¢ phuong trinh: {

mx+y=2m

Bai 12. Cho hé phuong trinh: {x+ my =m+1

Tim cac gia tri nguyén cia m dé hé phuong trinh c6 nghiém x, y 1a cac s6
nguyén.
Bai 13. Cho hé phuong trinh:{(m+1)x+ sk
mx—y=m"-2
Tim céc gia tri cia m dé hé phuong trinh c6 nghiém théa man diéu kién xy dat
gia tri 10n nhét.
Bai 14. Hay tim gia tri cia m va n sao cho da thtrc:
P(x) = mx® + (m + 1)x?- (4n + 3)x + 5n dong thoi chia hét cho (x - 1) va (X + 2).
.. R ) (M+)x—y=m+1
Bai 15. Cho hé phuong trinh: {x+ (M-1)y=2
Tim cac gia tri cia m dé hé phuong trinh c6 nghiém théa man diéu kién: S =x +
y dat gia tri 16n nhat.
mX+my =m

m, n la cac tham so
mx+y=2m

Bai 16. Cho hé phuong trinh:{

a) Giai va bién luan hé phuong trinh
b) Trong trudng hop hé c¢6 nghiém duy nhat hdy tim gia tri cia m dé
nghiém ctia phuong trinh thda man diéu kién x >0,y <0
Bai 17. Tim a va b dé hé phuong trinh sau c6 nghiémcé nghiém véi moi gié tri
ctia tham sé m.
(m+3)x+4y=5a+3b+m
{x+my:am—2b+3m—1

Bai 18. Tim tham sb a dé hé phuong trinh sau c6 nghiém duy nhét:

LUYEN THI VAO LOP 10 Trang 59



Bién soan: Vii Xuin Hung-0965225972

y? = x> —4x* +ax
x* =y® -4y +ay

X+y=m

2

Bai 19. Biét cip sb (x, y) 1a nghiém cta hé phwong trinh:
Yo+ x> =-m’+6

Hay tim gi tri nho nhat cta biéu thirc: P = xy + 2(x + y).
X+y=2a-1

2

Bai 20. Gia su (x, y) la nghiém ctia hé phuong trinh:
y’+x*=a’+2a-3

Xéc dinh gia tri ctia tham s a dé hé thoa mén tich xy nho nhét.

Xy = a’
Bai 21. Cho hé phuong trinh: 1 1 !
X Y b

Giai va bién luan hé phuong trinh biét rang x, y 1a do dai cac canh ctia mot hinh
chit nhat.
Bai 22. Cho hé phuong trinh: {ZX rmy=1
mx+2y =1
a) Giai va bién luan theo tham s m.
b) Tim cac s6 nguyén m dé cho hé c6 nghiém duy nhat (x; y) voi x, y 1a cac s6
nguyén.
X+my=4

(m la tham s).
mx+4y =10—-m

Bai 23. Cho hé phuong trinh: {

a) Giai va bién luan theo m.
b) Véi gia tri ndo cua s6 nguyén m, hé c6 nghiém (x; y) voi x, y 1a cac sé nguyén
duong.
.. . . m-1)x—my=3m-1
Bai 24. Cho hé phuong trinh: (m-1) d
2X—y=m+5
Xac dinh tat ca cac gia trj ctia tham s6 m dé hé c6 nghiém duy nhat (x; y) ma S =
x? + y? dat gia tri nho nhat.
.. " . m+1)x+my=2m-1
Bai 25. Cho hé phuong trinh: {( ) zy
mx—y=m-"-2.
Xac dinh tat ca cac gia tri ctia tham s6 m dé hé c6 nghiém (x; y) ma tich P = xy
dat gia trj 16n nhat.
mx+y=2m

Bai 26. Cho hé phuong trinh: {
X+my=m +1.

a) Giai h¢ khi m=-1.
b) Tim m dé hé c6 vo sb nghiém, trong d6 c6 nghiém: x =1, y = 1.
Bai 27. Giai va bién luan hé phuong trinh sau day theo tham sé m:
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mx+2y=m+1
{ZX +my =3.
Bai 28. Cho hé phuong trinh: {“ =2
mx—2y=1.
a) Giai h¢ khi m = 2.
b) Tim s6 nguyén m dé hé c6 nghiém duy nhat (x; y) ma x>0 vay <O0.
c¢) Tim sd nguyén n dé c6 nghiém duy nhat (x; y) ma x, y 1a cac sb nguyén.

L. =1
Bal 29. Cho hé phuong trinh: {XJF m
mx—3my =2m+3.

a) Giai hé¢ khim=-3.

b) Giai va bién luan hé da cho theo m.
2X+Yy=m
3X—-2y=5
Xéc dinh m dé hé c6 nghiém duy nhét (x; y) ma x>0,y <0.
mx—y=2

3X+my =5.

Bai 30. Cho hé phuong trinh: { (m 14 tham sb nguyén).

Bai 31. Cho hé phuong trinh: {

a) Giai va bién luan hé da cho.
b) Tim diéu kién ctia m dé hé c6 nghiém duy nhat (x; y) thoéa man hé thuec:
m2

m?+3

X+y=1-

Bai 32. Cho hé phuong trinh: {m“ . i
X+(M+1)y=2.
a) Chung minh rang néu hé c6 nghiém duy nhét (x; y) thi diém M(x; y) ludn
ludn thudéc mot duong thang ¢ dinh khi m thay doi.
b) Xac dinh m dé M thudc goc vudng phan tu thir nhat.
¢) Xac dinh m dé M thudc duong tron co6 tdm la géc toa do va ban kinh
bang 5.
Bai 33. Vi gia tri nao cua s6 nguyén m, hé phuong trinh: {;ni ;jyjm m+2

c¢6 nghiém duy nhat (x; y) voi x; y 1a cac s6 nguyén.
Bai 34. Cho hé phuong trinh: {2” my=1
mx+2y =1.

a) Giai va bién luan theo m.

b) Tim s6 nguyén m dé hé c6 nghiém duy nhat (x; y) véi x; y 1 cac sd
nguyén.

c¢) Ching minh rang khi hé c¢6 nghiém duy nhat (x; y), diém M(x; y) ludn
luon chay trén mot duong thang c6 dinh.
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d) Xac dinh m dé M thudc dudng tron co6 tam la géc toa do0 va ban kinh béng
J2
-

—2mx+Yy =5

Bai 35. Cho hé phuong trinh: {
mx+3y =1.

a) Giai h¢ phuong trinh laic m = 1.
b) Giai va bién luan h¢ phuong trinh theo tham $0.
Bai 36. Cho hé phuong trinh (m 13 tham s6 ): {mx‘ y=1
—X+Yy=-m,
a) Chung to lic m = 1, hé phuong trinh ¢6 vo sb nghiém.
b) Giai hé luc m khac 1.
X*+y?> =25

cO nghiém?
mx—y=3m-4

Bai 37. Vi gia tri nao ciia m, hé phuong trinh: {
x*+y?=2a

Bai 38. Cho hé phuong trinh: {
2xy+1=2a

Xac dinh a dé hé c6 hai nghiém phan biét. Tim cac nghiém do.
XY _m

Bai 39. Cho hé phuong trinh: {y x
X+y=8

Xéc dinh m dé hé phuong trinh ¢6 nghiém kép.

X—y=m

y2+xi=1

Bai 40. Cho hé phuong trinh: {
Xéac dinh m dé hé co nghiém duy nhét. Tim nghiém do.
.- . Z =71
Bai 41.Cho x, y 1a hai s6 nguyén duong sao cho: {XZJF * Z :

X“y+xy” =880

Tim gia tri ctia biéu thitc: M = x? +y?.

L. =m+1
Bai 42. Cho hé phuong trinh: {“ my=me

mx+y=3m-1

a) Giai va bién luan hé phuong trinh trén.
b) Khong giai hé phuong trinh, cho biét v6i gia tri nao cia m thi hé phuong

trinh c6 nghiém duy nhat?
(@+D)x—y=a+1

14 tham s9).
X+ (a_1)y=2 (a 1a tham s0)

Bai 43. Cho hé phuong trinh: {

a) Gia1 h¢ phuong trinh véi a = 2.

b) Gidi va bién luan h¢ phuong trinh.

c) Tim gié tri nguyén cua a dé hé phuong trinh ¢6 nghiém nguyén.

d) Tim gia tri cia a dé nghiém cua hé théa man diéu kién x + y nho nhéat.
Bai 44. Lap phuong trinh dudng thiang di qua gbc O va song song véi AB biét:

LUYEN THI VAO LOP 10 Trang 62



Bién soan: Vii Xuin Hung-0965225972

a) A(-1; 1), B(-1; 3).
b) A(1; 2), B(3; 2).
c) A(1;5), B(4; 3).
Bai 45. Cho ba diém A(-1; 6), B(-4; 4), C(1; 1).
Tim toa do dinh D cua hinh binh hanh ABCD.
Bai 46. Cho bdn diém: A(0; -5), B(1; -2), C(2; 1), D(2,5; 2,5).
Chutng minh rang bon diém A, B, C, D thang hang.
Bai 47. Cho bdn diém A(1; 4), B(3; 5), C(6; 4), D(2; 2).
Hay xac dinh tir gidc ABCD la hinh gi?
Bai 48. Tim gia tri cia m dé hé phuong trinh sau v nghiém, v6 sé nghiém:
2(m+D)x+(mM+2)y=m-3
{(m+1)x+my =3m+7
(m-Dx+2my+2=0

(m la tham s6).
2mx+(m-1)y—-(m-1)=0

Bai 49. Cho hé phuong trinh: {

a) Giai hé phuong trinh trén.
b) Tim gia tri cia m dé hé phuong trinh c6 nghiém duy nhat thoa man
x<0,y<O0.

(m-D)x+y=3m-4

X+ (M-Dy=m (m la tham 50)

Bai 50. Cho hé phuong trinh: {

a) Giai hé phuong trinh.
b) Tim gia tri nguyén ctia m dé hé c6 nghiém nguyén.

¢) Tim gia tri cia m dé hé phuong trinh ¢6 nghiém duong duy nhat.
X+my=m+1

Bai 51. Cho hé phuong trinh: {
mx+y=3m-1

(m la tham s0)

a) Giai hé phuong trinh.

b) Tim m dé hé phuong trinh c6 nghiém duy nhét théa man diéu kién xy nho
nhat.

X +y?=2a+1

Bai 52. Tim gia tri cta a dé hé sau c6 nghiém duy nhAt: { A
X+Yy=4a
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CHUYEN PE 4: HAM SO y =ax?,(a=0)
PHUONG TRINH BAC HAI MQT AN
I. Ham sé6 y=ax?,(a=0).
Cho ham sé y=ax?,(a=0):
+) Néu a > 0 thi ham s6 nghich bién khi x <0 va ddng bién khi x>0 .
+) Néu a <0 thi ham sb ddng bién khi x < 0va nghic bién khi x> 0.

Do thi ciia ham sé y = ax?, (a = 0) 1a mot dudng cong di qua gbc toa do va
nhan truc Oy 1am truc ddi xting. Puong cong d6 dugc goi 1a mot parabol véi
dinh O.
+) Néu a>0 thi d6 thi ham s6 nam phia trén truc hoanh, O 1a diém thap nhét
ctia do thi.
+) Néu a <0 thi d6 thi nam phia dudi truc hoanh, O 1 diém cao nhat cta do thi.
I1. Phwong trinh bac hai mt an
1. Pinh nghia: Phuong trinh bac hai mét an 14 phuong trinh c6 dang:

ax®>+bx+cvéixlaan, a, b, cla nhiing hé sb cho trudc va a=0
2. COng thic nghiém cia phwong trinh bac hai
Phuong trinh bac hai ax®+bx+c=0(a=0). TacO: A=b*—4ac

—b+JZ_X —b—+/A
1 A2

*)Néu A >0 phuong trinh c6 hai nghiém phan biét: x, = > >

*)Néu A=0 phuong trinh c6 nghiém kép: x, =x, = %
*)Néu A<0 phuong trinh v6 nghiém.
3. Cong thac nghiém thu gon :

Phuong trinh bac hai ax®+bx+c=0(a=0)va b=2b'
A'=b”-ac
*) Néu A'>0 phuong trinh c6 hai nghiém phén biét:
‘ -b'+JE;X _ b=

! a 2 a

*)Néu A'=0 phuong trinh c6 nghiém kép: x, =x, = %

*) Néu A'<0 phuong trinh v6 nghiém.
4. Hé thwrc Vi-et va ing dung:
Néu Xi; X 1a hai nghiém cua phuong trinh ax?+bx+c=0(a=0) thi:
b

X, +X,=——
1 2

a
XX, =2
=L
! a

Mudn tim hai sé u va v, biétu + v =S, uv = P, ta giai phuong trinh:
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x*—-Sx+P=0
(Piéu kién dé couvavia SS-4P>0)
+Néu a + b + ¢ =0 thi phuong trinh ax?+bx+c=0(a=0) c6 hai nghiém:
c
X, =LXx, = 3
+ Néu a— b + ¢ = 0 thi phuong trinh ax®+bx+c=0(@=0) c6 hai nghiém:
c
X, =-1X, = 3
I11. Cac dang bai tip co ban
Dang 1: V& d6 thi ham s6 y =ax?,(a =0)
Phwong phap giai:
Lap bang gia tri cho x nhan cac gia tri 0, £1;+2 tim cac gia tri cua y tuong

ung. Sau d6 v€ do thi di qua céc diém vira tim duogc.

Bai 1: V& d6 thi hAm so y = %xz

HUONG DAN GIAI
Bang gia tri
X -2 -1 0 1 2
y= 1 2 E 0 E 2
2 2 2

Taco A (-2; 2), B (-1; %), O (0; 0), C (1, %), D (2; 2).

!

3
wh—

Dang 2: Xac dinh hé s6 a ctia ham s6 bac haiy = ax?,(a = 0)
Bai toan 1: Xac dinh hé s6 a ciia ham sé bac hai y=ax’ (a=0)(1) di qua

mjt diém A(x;Y,).
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Y1
(x)*

Bai to4n 2: Xac dinh hé sé a ciia ham s6 bac hai y=ax?(a=0)(1), biét (1)

Huwéng din gidi: Thay toa do A vao (1) ta duge y, =a(x)’ < a=

cat dudng thang (d): y=cx+d tai diém A c6 hoanh d¢ x, .

Hudéng dan gidi: vi A thugc d nén thay x, vao (d) ta tim duoc y,

Vay A (X y,) sau d6 tro thanh bai toan 1 cach lam duogc trinh bay ¢ trén.
Bai 1: Cho ham $b y = ax’ xac dinh hé sb cua a, biét di qua A( 3; 12).
HUONG DAN GIAI

Viham sb y =ax?di qua A( 3; 12) nén 12=a.9<:>a:g.

Bai 2: Cho ham s6 y = ax’ xac dinh hé s cua a, biét né cat duong thang
y=-2x+3 tai diém A c6 hoanh d6 bang 1.

HUONG DAN GIAI

Vi diém A thudc duong thing y=-2x+3 nén y=-2.1+3<y=1, vay A (1; 1)
Vi A (1; 1) thudc duong thang y =ax?,(a=0)nén 1=a.1> < a=1.

Dang 3: Giai phwong trinh bac hai ax® +bx+c=0,(a=0)
Phuong phap giai: Giai theo cong thirc nghiém di duoc trinh bay & phan 1y
thuyét
Bai 1:Giai phuong trinh bac hai sau
a)2x* —5x+1=0 b)4x* +4x+1=0
HUONG DAN GIAI
a) Taco: a=2, b=-5,c=1. A=b’-4ac=(-5)°-4.21=17>0

_x 3 —b++/A B 5++/17
= =
Vi A >0 nén phuong trinh ¢6 hai nghiém 2a 4
. _b-A _5-17
|"?  2a 4
b) Tacoa=4,b’=2,c=1. A=b*-ac=2°-4.1=0
Vi A =0 nén phuong trinh c¢6 nghi¢m kép X, =X, :i:—?l.
a

Dang 4: Phwong trinh quy vé phwong trinh bac hai

Phuong phap giai: Rat gon dit an phu dua vé phuong trinh bac hai.

Bai 1: Giai cac phuong trinh sau

a.(x+2)*=3x-5=(1-x)(1+x) b.x* —8x*-9=0
HUGONG DAN GIAI
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a(X+2)°-3x-5=(1-X)1+x) & x> +4x+4-3x-5=1-%°

_X -1-17
ik 18
4
S22 +x-2=0&
—1+17
X, = ———
L 4
b.x* —8x°-9=0,(1) Pit x> =t,(t>0)
t=-1 X=3

(1)t2—8t—9:0<:{ . Két hop voi diéu kién ta co x2:9<:{

X=-3

2
Vay nghiém cua phuong trinh 1a X =+3.

Dang 5: Tim diéu Kién ciia tham s6 m dé phwong trinh ax? +bx+c=0c6
nghiém théa min mét diéu kién cho trudéc

Bai toan 1: Tim diéu kién cta tham sd m dé phuong trinh ax?+bx+c=0c0
nghiém cung du

Phuong phap giai: Néu tham s6 m =a ta xét 2 truong hop:

TH1: Néu m=0 thi phuong trinh c6 mot nghiém x = _FC (loai).

A>0
ac>0

A>0
ac>0

TH2: Néum # 0 dé phuong trinh c6 hai nghiém cung dau thi {

Néu tham s6 m = a dé phuong trinh ¢6 hai nghiém cing dau thi {

Bai toan 2: Tim diéu kién cta tham sd m dé phuong trinh ax?+bx+c=0cd
nghiém khac dau
Phuong phap giai:: Néu tham s6 m =a ta xét 2 trudng hop:

+) TH1: Néu m=0 thi phuong trinh c6 mot nghiém x = _FC (loai) .
A>0

ac>0

A>0
ac<0

TH2: Néum # 0 dé phuong trinh c6 hai nghiém khéac dau thi {

+) Néu tham s6 m=a dé phuong trinh c6 hai nghiém khac dau thi {

Bai toan 3: Tim diéu kién cua tham s6 m dé phuong trinh ax*+bx+c=0 co
hai nghiém duong phan biét

+) TH1: Néu m=0 thi phuong trinh c6 mot nghiém x = _FC (loai) .

TH2: Néum # 0 dé phuong trinh c6 hai nghiém dwong phan biét thi:
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A>0

XX, >0

X, +X, >0
+) Néu tham s6 m=a dé phuong trinh c¢6 hai nghiém duong phén biét thi:

A>0

XX, >0

X, + X, >0
Bai toan 4: Tim diéu kién ctia tham s6 m dé phuong trinh ax? +bx +c¢ =0c6 hai
nghi¢m am phan biét

+) TH1: Néu m=0 thi phuong trinh c6 mot nghiém x = _FC (loai) .

A>0
TH2: Néum # 0 dé phuong trinh c6 hai nghiém 4m phan biét thi XX, >0
X, +X, <0
+) Néu tham s6 m == a dé phuong trinh ¢ hai nghiém am phan biét thi:
A>0
XX, >0
X, +X,<0

Bai toan 5: Tim diéu kién cta tham s6 m dé phuong trinh ax® +bx +c =0c6 hai
nghiém doi nhau

+) TH1: Néu m=0 thi phuong trinh c6 mot nghiém x = _FC (loai) .

A>0

X +X,=0
A>0

X, +X,=0

TH2: Néum #0 dé phuong trinh c6 hai nghiém ddi nhau thi {

+) Néu tham s6 m=a dé phuong trinh c6 hai nghiém d6i nhau thi {
Bai toan 6: Tim diéu kién cta tham sé m dé phuong trinh ax? +bx+c =0c6 hai
nghiém nghich ddo cta nhau

+) TH1: Néu m=0 thi phuong trinh c6 mét nghiém x = _FC (loai) .

A>0

XX, =1
+) Néu tham s6 m==a dé phuong trinh c6 nghiém nghich dao ciia nhau thi:

TH2: Néum # 0 dé phuong trinh c6 hai nghiém nghich déo cta nhau {
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A>0
XX, =1

Bai toan 7: Lap hé thtrc lién h¢ giita 2 nghiém cua phuong trinh sao cho khong
phu thudc vao tham s6 m

Phwong phap giai: Tim diéu kién dé phuong trinh bac hai ¢ hai nghiém phan
biét roi dua vao hé thurc Vi ét nhan chia cac hé s6 cua X;, X, vO1 mot ) hop li sao
cho triét tiéu tham sd m

Bai toan 8: Tim tham s6 m dé phuong trinh bac hai c6 hai nghiém phan biét
théa man mot biéu thirc cho trude

Phwong phap giai: Tim diéu kién dé phuong trinh bac hai ¢ hai nghiém phan
bi¢t. Dua vao hé thic Vi - ét thay vao biéu thirc cho trude.

Bai 1: Pé thi vao 10 Bic Giang (2018 — 2019)

Cho phuong trinh bac hai x> —(2m+5)x+2m+1=0(1) véix 1a 4n, m 1a

tham so.
a. Giai phuong trinh (1) vé1 m= %1 :
b. Tim gi4 tri clia m dé (1) c6 hai nghiém duong phan biét x, x, sao cho
biéu thic P = ‘\/Z — \/Z ‘ dat gia tri nho nhét
HUONG DAN GIAI
a. Thay m= _?1 vao (1) gidi phuong trinh bac 2 tuong ng.

b. Tacd: A=(2m+5)°-4(2m+1)=4m* +12m+21
(2m+3)*+12>0,vm.
Vay (1) ludén c6 hai nghi€ém phan biét.
. L , [ X +X,=2m+5
Theo Vi—éttaco
XX, =2m+1
2m+5>0 -1

Sm>— .
2m+1>0 2

. 2
Taco P? :(\/Z—\/xj) = (X, + %) — 24/ %X,
:2m+5—2\/2m+1:(Zm+1—2\/2m+1+1)+3=(\/2m+1—1)2+323
—P>.3 (do P>0 ). D4u ”=" x4y ra khi:
P2m+1-1=0<V2m+1=1<m=0 ( Thoa man didu kién)

Vay m =0 1 gi4 tri cAn tim va gié tri nho nhét la P =+/3
Bai 2: Pé thi vao 10 Bac Ninh (2018 — 2019)

Pé phuong trinh c¢6 hai nghiém dwong thi: {
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Cho phuong trinh X2 —2mx+m?—-1=0 (1), m I tham s6
a. Giai phuong trinh (1) vo1i m=2
b. Chirng minh (1) ludn c6 hai nghiém phan biét vdi moi m. Goi X, X,
lahai nghi¢m cua phuong trinh (1), 1ap phuong trinh bac hai nhan
x> —2mxZ +m*x, —2 va x5 —2mx; + m’x, — 21a nghiém.
HUONG DAN GIAL
a. Thay m=2 vao (1) ta dugc x> —4x+ 3 =0 gidi phuong trinh nay ta dugc
nghiémx, =1, =3
Vay khi m=2 phuon trinh c6 hai nghiém x, =1;x, =3
b.Taco A'=m*-m?+1=1>0,vm. Vay (1) ludn c6 hai nghiém phan biét véi
moi m.
Theo Vi — ét ta co: {Xl T _sz
XX, =m” -1
Tu (1) ta co:
X? —2mx+m?-1=0
< X -2mx+m? =1
= x> —2mx* + m°x = X
<X -2mx¥P +mPx—2=x-2
Vi x,X, 1a cac nghiém cta phuong trinh nén :
X2 —2mx? +m’x, —2=x%—2(2), X, —2mx,> + m’x, —2=x, — 2 (3).
Cong (2) véi (3) ta duogc:
(X} —2mx,> +m’x, —2) + (X5 — 2mx,* + mx, — 2) = (X, — 2) + (X, — 2)
=(x+X,)—4=2m-4.
Nhan (2) v6i (3) ta duogc:
(x5 —2mx,> + m?x, — 2)(X5 —2mx,” + m*x, — 2) = (X, — 2)(X, — 2)
= XX, —2(X +X,) +4=m>—4m+3
— Phuong trinh can 1ap 13 x* — (2m—4)x+m? —4m+3=0.
Bai 3: Pé thi vao 10 Bén Tre (2017 — 2018)
Cho phuong trinh X2 —2(m—1)x—(2m+1) =0 (1) (m la tham s6)
a. Giai phuong trinh (1) vé1 m=2
b. Ching minh phuong trinh (1) ludn c6 hai nghiém phéan biét véi moi m.
¢.Tim m dé phuong trinh (1) ludn c6 hai nghiém bang nhau vé gia tri tuyét
do6i va trai dau nhau
HUONG DAN GIAL
a. Lam tuong ty nhu trén.
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b.Tacd A'=(m-1)7°+2m+1=m*+2>0,vm. Vay (1) ludn c6 hai nghiém

v&1 moi m.
o, , X+ X =2-2m
c. Theo Vi—ettaco:
XX, =—2m-1
Vi phuong trinh ludn c6 hai nghiém bang nhau vé trj tuyét doi nén hai nghiém
nay doi nhau.
Do d6 dé phuong trinh ludn c6 hai nghiém bang nhau vé gia tri tuyét doi

S=0 {x1+x2:2—2m=0 m=1

= 1=>m=1
P<0

va trai ddu nhau thi: =
XX, =—2m-1<0 m>7

Vay m=1 thi phuong trinh ludn c6 hai nghiém bang nhau vé gia tri tuyét dbi va
trai dau nhau.
Bai 4: Pé thi vao 10 Ha Tinh ( 2018 — 2019 )
Cho phuong trinh x> —2(M-1)x+m?*—m=0 (1), (m 13 tham sd) . Tim gia
tri ctia m dé phuong trinh c6 hai nghiém x, X, théa man
(1+%) +(1+x,) =6
HUONG DAN GIAL

Tacd A'=(m-1)*—m*+m=-m+1.Pé (1) c6 hai nghiém thi
AN'>20=-m+1>0< m<1 ().
X + X, =2(m-1)

Theo Vi —éttaco )
XX, =M —m

Taco (1+ xl)2 +(1+ x2)2 =6 2+2(X +X,) —2XX, + (X +X,)* =6
& (X +%,)7 = 2% %, + 20 + X,) =4 < 4(m -1’ —2(m2 —m)+4(m—1)=4

. Két hop voi (*) ta c6 m=2 thoa min

mz—m—Z:Oc{
m=-1

Bai 5: Cho phuong trinh bac hai an x, tham sé m : x> +mx+m+3=0(1)
a) Tim m dé phuong trinh c6 hai nghiém x1; X, thoéa mén : 2x; + 3x, = 5 (2).
b) Tim m dé phuong trinh c6 nghiém x; = - 3. Tinh nghiém con lai.
c) Lap h¢ thurc lién h¢ gitra hai nghiém cua phuong trinh khong phu thude
vao gia tri cia m.

HUONG DAN GIAL
a) Taco A=m?—4m—124d¢é (1) c6 hai nghiém thi A>0<= m?-4m—-12>0 (*)
+ X, =—m(3
Theo Vi — éttace | > 2 )
XX, =M+ 3(4)
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Tu (2) va(3) tacd hé
X, + X, =—m 2%, + 2X, =—2m
=
2X, +3X, =5 2X, +3X, =5
2X, +3X, =5 =-3m -
- X 279 X m->5
X, =2Mm+5 X, =2mMm+5

Thay x,x, vao (4) ta duge (-3m—5)(2m+5)=m+3 <> 3m* +13m+14=0

m =-2 m =-2
—7 . Thtrlai vao (*) ta co —7 (thoa man)
mz = ? I’T']2 e ?

A \ _7 > ~ A A A N e
Vay m =-2va m, = 3 théa man yéu cau deé bai

b) Vi (1) c6 mot nghiém x=-3 nén thay x=-3 vao (1) ta duogc
9-3m+m+3=0<m=6.Theo Vi—éttacod
X, +X, =M< -3+ X, =—6< X, =-3

Vay m=6 va x, =—31a gi4 tri théa min yéu cau bai toan.

c) Giasu (1) c6 2 nghiém x;, x, theo Vi — ét ta co

{x1+x2:—m<:>{—m:x1+x2 & X + X, + XX, —3=0

XX, =m+3 m=xX, -3

Vay h¢ thuc lién hé gitra X, X, khong phu thudc vao m 1a x, + X, + x,x, —3=0
Dang 6: Su twong giao ciia ham bic nhit va ham béc hai
Bai toan 1: Sy tuong giao cua do thi ham béc hai (P): y = ax’,(a = 0) ham béc
nhat (d)y=a'x+b,(a=0).
Phwong phap gii:
Céch 1: V& do thi caa ham bac hai y =ax?,(a = 0) va do thi ham bac nhat
y =ax+Db, (a=0).trén cung mat phing toa do, tir 6 thi tim gia diém cua ching.
Céch 2: Phuong trinh hoanh d6 giao diém cta (P) va (d):
ax’=a'x+b giai phuong trinh tim x tir x thay vao (P) hoic (d) ta tim duoc y.
Tu do két luan giao di€m cua hai do thi.
Bai 1: Cho hai ham s yzéx2 VA y=—Xx+6

a) V& d6 thi ctia hai ham s6 nay trén cuing mit phang toa do

b) Tim toa do giao diém cua hai d6 thi

HUONG DAN GIAI
a) Lam twong tu dang 1 ta duoc do thi sau:
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b) Cachl: Dya vao do thi ta c6 dao clia ham sd y = %XZ va y=-x+6 la
B (3;3)vaC(-6;12).

Céch 2: Phuong trinh hoanh d¢ giao diém cua y =%X2 va y=-x+6la:
%xz:—x+6<:>x2+3x—18:0<:>x2—9+3x—9:0

@(X_3)(X+3)+3(X—3)=0<:>(x—3)(x+6)=0<:{x_320 {X=3

X+6=0 g X=-6
V6i x=3=y=-3+6=3=B(3;3), v6i x=—6=y=12= C(-6;12)

Vay giao diém ctia hai ham s6 1a B(3;3)va C(-6;12).

Bai toan 2: Sy twong giao ctia ham bac nhat va ham bac hai ¢ chua tham sd
Phwong phap giai:

Lap phuong trinh hoanh d6 giao diém cta ham bac nhit va ham béc hai,
dua vé phuong trinh bac hai c6 chwa tham sb. Bién luan s6 nghiém ctia phuong
trinh bac hai chinh 1a s6 dao diém ctia ham bac nhat va ham bac hai.

Bai 1: Pé thi vao 10 Ha Noi ( 2018 — 2019)
Trong mat phang toa do Oxy cho dudng thang (d): y=(m+2)x+3 va
parabol (P): y = x?. Tim tit ca cac gia trji ctia m dé (d) cat (P) tai hai diém
phan biét c6 hoanh d 1a cac s6 nguyén

HUONG DAN GIAI

Sb giao diém cua (d) va (P) chinh 1a s6 nghiém cua phuong trinh
(M+2)x+3=x> < x> —(M+2)x-3=0 (*).
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Taco: A=(m+2)*+12>0,vm
Vi A>0,Vm nén (d) ludn cit (P) tai hai diém phan biét

. \ ‘A ) .oz XX =m+2 A Tons
Goi X, X, 1a nghiém cua (*). Theo Vi — ét ta co: , theo dé bai

XX, =—3

cac hoanh d¢ 1a cac so nguyén nén va gia st X, < X, thi ta c6 cac truong hop sau:

=-3
Tru:(‘)*ngh(,)’plz{X1 L SX+X,=-2=>m+2=-2m=-4
X, =
. X =-1
Truong hop 2: 3 SXK+X,=2=>m+2=2m=0
X, =

Vay m =0 va m =-4 13 gia tri cdn tim thoa mén yéu cau dé bai.
Bai 2: bé thi vao 10 Ba Ria — Viing Tau ( 2017 — 2018)
Cho ham s6 (P): y = x* va duong thang (d): 2x —m. Tim tit ca cac gid tri cia
m dé (P) va (d) c6 mot diém chung duy nhét,
HUONG DAN GIAI

S6 giao diém cua (P) va (d) 1a s6 nghiém ctia phuong trinh
X2=2X-me X2 -2x+m=0(*). Tacd A'=1+m, dé (P) va (d) c6 mot diém
chung duy nhét thi (*) phai c6 mot nghiém < A'=0<m+1=0<m=-1.

Vay m=-1 1a gia tri thoa man yéu cau bai toan
111 - BAI CO LOI GIAl

Bai 1. Giai cac phuong trinh sau:
al2x*-8=0
b/3x*-5x=0
e/x*+3x*—2x-6=0
c/-2x*+3x+5=0
d/x*+3x*-4=0

+
X-5 2—X

HUONG DAN GIALI:
al2x’-8=02x’ =8 X" =4 x=12
Vay phuong trinh c6 nghiém x =42

x=0
b/3x?-5x =0 < X(3x -5) < BXZ—OS _o® [x _5. Vay phuong trinh c6 nghiém
3
x:O;x=§
3
c/-2x*+3x+5=0
Nham nghiém :
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Ta c6 : a-b+c=-2-3+35 =0 => phuong trinh c¢6 nghiém:
X, ==L X __>.>
TR 202

d/x*+3x*-4=0.Dat t=x*t>0) . Ta ¢c6 phuong trinh: t*+3t—4=0
a+b+c=14+3-4=0

: » 4 :
=> phuong trinh ¢6 nghiém: t, =1>0 (thoa man); t,= 1 —4 <0 (loai)

Véi: t=1<x*=1< x =11, Vay phuong trinh ¢6 nghiém x =+1
e/x*+3x*-2x-6=0= (x*+3x*) - (2x+6) =0 = x* (X +3) - 2(x +3) =0 = (x +3)(x*=2) =0

X+3=0 X=-3 X=-3
& & &
x?-2=0 |[x*=2 X =+/2

Vay phuong trinh c¢6 nghiém X=-3,X= +2
f/

);J_’§+3: fo (DKXD: x#2:x#5)

R X+2 6
Phuong trinh : x——5+3_ﬂ
(Xx+2)(2-x) +3(x—5)(2—x) _ 6(x—5)
(x-5)(2-x) (x-5((2-x) (x-5)(2-x)
= (X+2)(2—x)+3(x-5)(2—x) =6(x-5)
< 4—-x*+6x—3x*—30+15x =6x—30
< —4x*+15x+4=0

A =157 —4.(-4).4 =225+ 64 = 289 > 0;+/A =17

Phuong trinh ¢6 hai nghiém : x, = _21? +41)7 = —% (thoa man DKXP)
X, = —15-17 4(théa man PKXD)
2.(~4)

Bai 2. Cho phuong trinh bac hai 4n x, tham s6 m : xX*+mx+m+3=0 (1)
a) Giai phuong trinh v6i m = - 2.
b) Goi xi; X2 1a cac nghiém cua phuong trinh. Tinh X2 +X5; %0 + X3 theo m.
¢) Tim m d€ phuong trinh c6 hai nghiém xi; X, thda man : X; +X; =9
d) Tim m dé phuong trinh c6 hai nghiém xi; x> thda man : 2x; + 3x, = 5.
e) Tim m dé€ phuong trinh ¢6 nghiém x; = - 3. Tinh nghiém con lai.
f) Tim m d€ phuong trinh c6 hai nghiém trai dau.
g) Lap hé thic lién hé giita hai nghiém cua phuong trinh khong phu thuoc
Vao gia tri ctia m.

HUONG DAN GIAI:
a) Thay m = - 2 vao phuong trinh (1) ta c6 phuong trinh :
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x*—2x+1=0
< (x-1)°%=0
< x-1=0
o x=1
Vay v6i m = - 2 phuong trinh cé nghiém duy nhat x = 1.
b)Phuong trinh: x> +mx+m+3=0 (1).Tacld: A=m?*-4(m+3)=m*-4m-12
Phuong trinh ¢6 nghiém x;;x, < A >0
Khi d6 theo dinh Iy Vi-et, tac6: { 2 @
i d6 theo dinh 1y Vi-et, ta c6: XX, =m+3 (b)
) X2+ X2 = (X, +X,)" —2%X, = (—m)* —=2(m+3) =m*-2m -6
) X X5 = (X +X,)° = 3%, X, (X, +X,) = (=m)* =3(m +3)(-m) =—m® +3m* +9m
c¢) Theo phan b) => Phuong trinh c6 nghiém x;;x, <A >0
Khi d6 X2 +X;=m’-2m-6
Do d6 X} +X:=9<m’-2m-6=9< m*-2m-15=0
A = (-1)? ~1.(~15) =1+15=16 > 0; A, =4

. ) 1+4 1-4
=> phuong trinh c6 hai nghiém: m, = N 5m, = 7
Thr lai : +) V6i m=5=A=-7<0 =>]oai.

+) V6i m=-3=A=9>0 =>thdéa man.

-3

Vay v6i m = - 3 thi phuong trinh ¢6 hai nghiém xi; x> thda man: X +X2=9.
d) Theo phan b) => Phuong trinh ¢6 nghiém x,;x, <> A>0
. ) A . L[ X X, =—m (@)
Khi do6 theo dinh ly Vi-et, ta co:
XX, =m+3 (b)
Hé thuc: 2x1 + 3x2 =5 (c)
Tu (a) va (c) ta c6 hé phuong trinh:
{xl +X,=-Mm {3Xl +3X, =-3m {xl =-3m-5 {xl =-3m-5
= = =

2X,+3X, =5 2X, +3%X, =5 X, =—-Mm-X, X, =2m+5
X, ==3m-5
Thay {xlz —om45 vao (b) ta c6 phuong trinh:

(-3m-5)(2m+5)=m+3

< —6m? —-15m—-10m—-25=m+3
< —6m? —-26m—-28=0

< 3m?* +13m+14=0

A =137 -4.3.14=1>0

=> phuong trinh c6 hai nghiém phan biét:
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-13+1 -13-1 7
m].: :—2'm2:—:——
2.3 2.3 3
Thur lai : +) V6i m=-2=A=0 => thoa man.
25

) —7/ ) ~
+) Véi m=?:>A=?>O => thoa man.

: 7 . oy :
Vay véi m=-2;m= 3 phuong trinh c6 hai nghiém xi; x»

thdéa man: 2x; + 3x2 = 5.

e. Phuong tronh (1) cu nghiém

X, =-3< (-3’ +m.(-3)+m+3=0<-2m+12=0<m=6

Khi do: x,+x,=—m<x, =—m-x, < X, =—6—-(-3) < x, =-3

Vay v6i m = 6 thi phuong trinh ¢6 nghiém x; = x; = - 3.

f) Phuong trinh (1) co hai nghiém trai dau

Sac<0=1(m+3)<0em+3<0em<-3

Vay v6i m < - 3 thi phuong trinh ¢6 hai nghiém trai dau.

g) Gia st phuong trinh c6 hai nghiém xi; x2. Khi d6 theo dinh Ii Vi-et, ta c6 :
{xl+x2 =-m @{m =—X,— X,

S =X =X, =X X, =3
XX, =m+3 m = X,X, -3

Vay hé thirc luong hé gitra x;; x> khdng phu thudc vao m la:
X1.X2 + (X1 + Xz) -3=0

Bai 3: Cho phuong trinh (m-1)x*+2x -3 =0 (1) (tham s6 m)
a) Tim m dé (1) c6 nghiém
b) Tim m d€ (1) ¢6 nghiém duy nhat? Tim nghiém duy nhat d6?
c¢) Tim m dé€ (1) ¢6 1 nghiém bang 2? Khi d6 hdy tim nghiém con lai(néu c6)?

HUONG DAN GIALI:
a)+ Néum-1=0<m=1thi(l)cédang 2x-3=0<=x= g (1a nghiém)
+ Néu m # 1. Khi d6 (1) 1a phuong trinh bac hai c6: A'=1%- (-3)(m-1) = 3m-2

(1) c6 nghiém <A =3m-2>0< m 2%

+ Két hop hai truong hop trén ta c6: V6i m 25 thi phuong trinh c6 nghiém

b)+Néum-1=0< m=1thi(l)cédang 2x -3 =0 x= g (1a nghiém)
+ Néu m # 1. Khi d6 (1) 1a phuong trinh bac hai ¢6: A" = 1- (-3)(m-1) = 3m-2

, 2
(1) c6 nghiém duy nhit @A =3m-2=0< m = 3 (thod man m # 1)
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ol 1 1
Khi d6 x = - =— =3,
m-1 2,
3

. 3
Vay v6i m = 1 thi PT ¢6 nghiém duy nhat x = 3
c) Do phuong trinh c6 nghiém x; = 2 nén ta c6:

(m-1).22+22-3=0 ©4m-3=0m= 3

4
Cag N . R : 3 1
Khi d6 (1) 1a phuong trinh bac hai (dom -1 = Z—lz—zqﬁ 0)
e . -3 -3
Theo dinh Ii Viet ta c6: xi.x2 = m—_1=—1=12:> X, =6
4

3 . N . 1s
Vay m = 2 va nghiém con lai la x,= 6.

Bai 4: Cho phuong trinh: x?-2(m-1)x -3-m=0
a) Ching to rang phuong trinh ¢6 nghiém xi, X» v6i moi m
b) Tim m dé phuong trinh ¢6 hai nghiém trai dau
¢) Tim m dé phuong trinh ¢6 hai nghiém cling Am
d) Tim m sao cho nghiém s6 xi, x> clia phuong trinh thoa man x;*+x,>> 10.
e) Tim hé thuc lién hé gitra x; va x» khong phu thudc vao m
f) Hay biéu thi x; qua x»

HUONG DAN GIAI:

2
a) Taco:A =(m-1)*(-3-m)= (m_%j +%

1) . . 15 .
Do (m—zj >0 v6i moi m; Z>0:>A>0V0'1 moi m

=>Phuong trinh luén cé hai nghiém phan biét hay phuong trinh luén cé hai
nghiém.
b) Phuong trinh c6 hai nghiém trdi ddu < a.c<0<-3-m<0< m>-3
Vay m>-3
c) Theo y a) ta c6 phuong trinh luén c6 hai nghiém
Khi d6 theo dinh li Viet ta c6: S = x; + X2 =2(m-1) va P = x; X2 = - (m+3)
Khi d6 phuong trinh c¢6 hai nghiém am < S<0vaP >0
2(m-1)<0 m<1
{—(m+3) >O©{m<—3
Vaym < -3
d) Theo y a) ta c6 phuong trinh lu6én c6 hai nghiém
Theo dinh Ii Vietta c6: S=x1 + X2 =2(m-1) va P = X1 X2 = - (m+3)
Khi d6 A = x%+x2° = (X1 + X2)* - 2x1X2= 4(m-1)*+2(m+3) = 4m?* - 6m + 10

S m< -3
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Theo bai A > 10 < 4m? - 6m > 0 < 2m.(2m-3) > 0

) m=>0
m>0 3
2m-3>0 sz sz
= = & 2
{mgo m<0 m<0
|2m-3<0 mgg

3
VaymZE hoaicm<0

e) Theo y a) ta c6 phuong trinh luén c6 hai nghiém
X, + X, :2(m—1)c>{xl+x2 =2m-2

Theo dinh 1i Viet ta co:
€o dinh 1 Vi€t ta co {Xllx2=—(m+3) 2%y X, = —2m—6

= X1 + Xo+2X1Xo =- 8
Vay xi+xo+2x:X2+ 8 = 0 1a hé thuc lién hé gitra x; va x, khong phu thudéc m

8+ X
f) Tix y e) ta c6: X1 + Xx2+2X1X2 = - 8 <> x1(14+2x2) = - ( 8 +x2) <X, = _1++2x2
2
8+ X, 1
AV X, = — X, #——
Vayx, 1+2x, (% 2)

Bai 5: Cho phuong trinh: x*+ 2x + m-1=0 ( m la tham s0)
a) Phuong trinh ¢6 hai nghiém la nghich dao cua nhau.
b) Tim m dé phuong trinh c¢6 hai nghiém xi; x> thoa man: 3x;+2x, = 1
, \/ _ 1 1 . N
c) Lap phuong trinh an y thoa man y, =X + Y ; Yo =X 1t o vOl Xi1; X2 la
2 1

nghiém cua phuong trinh & trén.

HUONG DAN GIAI:

a) TacoA =1°-(m-1)=2-m

Phuong trinh ¢6 hai nghiém la nghich dao cua nhau

A>0 [2-m>0 ([m<2

Q{le Q{m—lzl <:>{m22<:>m=2

Vaym =2
b)TacoA =1 (m-1)=2-m
Phuong trinh ¢6 nghiém ©A>0<2-m>0< m <2 (%)
Khi d6 theo dinh 1i Vi-et ta c6: xi+ X2 =-2 (1); xixa=m -1 (2)
Theo bai: 3x;+2x> =1 (3)

x1+x2:—2@{2x1+2x2:—4c>{x1:5 <:>{x1:5
2

Tir (1) v O:
u(l)va(3)taco {3x1+2X2:1 3%, +2x, =1 X, +X, =— X, =—1

Thé vao (2) taco: 5(-7) =m -1 < m = - 34 (thod madn (*))
Vay m = -34 1a gia tri can tim.
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d) V61 m <2 thi phuong trinh da cho c6 hai nghiém
Theo dinh 1i Vietta co: xi+x2=-2 (1); xixa=m-1(2)
e 1 1 X, + X -2 2m
Kh1d0:y1+y2:X1+X2+Z+Z:X1+X2+ﬁ:_2+m——1:m (m#1)
1 m®
2:
m—1Jr m-1 (m#1)

yly2 = (Xl +i)(X2 +i) = X]_XZ +i+2 = m—1+
X2 1 172

N LN 9 N 2 Zm m2

= yi; y2la nghiém cua phuong trinh: y~ - m y+ —

=0 (m#l1)

Phuong trinh 4n y can lap la: (m-1)y?+ 2my + m? = 0.

Bai 6: Cho phuong trinh: x? - (4m - 1)X + 3m?- 2m = 0 (m la tham s6). Tim m dé
phuong trinh ¢6 hai nghiém phan biét x,, X, thoa man diéu kién: X’ +x3=7

HUONG DAN GIAI:
+ Phuong trinh da cho c6 A = (4m - 1)>- 12m? + 8m =4m?+1>0, Vm
Vay phuong trinh c6 2 nghiém phan bi¢t Vm
. .4 , X +x, =4m—1
+ Theo dinh ly Vi-€t, ta co: { 2 .
X, X, =3m" —2m
Khi do: x7 +x; =7 < (x, +x,)* =2x,x, =7
< (Am-1)%-2(3m?-2m) =7 < 10m?>-4m -6=0<>5m?>-2m-3=0

. 2 . -3
Ta thay tong cac h¢ s6:a+b+c=0 => m=1haym=?.

Bai 7: Cho phuong trinh x*—2mx+m-2=0 (x la an s0)

a)Ching minh rang phuong trinh luén ludn c6 2 nghiém phan biét véi moi m.
b) Goi x1, X2 1a cac nghiém cta phuong trinh.

24

——— {Jat gi4 tri nho nhat.
X2+ X5 —BXX, sta th

Tim m dé biéu thic M =

HUONG DAN GIAI:
a/ Phuong trinh (1) ¢c6 A’ = m? - 4m +8 = (m - 2)? +4 > 0 Vi moi m nén phuong
trinh (1) c6 2 nghiém phan biét véi moi m.

‘ . i . b
b/ Do d6, theo Viet, voi moi m, ta co: S = —g=2m ;P =

~24 _ -4 6 6
(X +%) —8xX, 4m*—-8m+16 m?-2m+4 (m-1°+3

Khi m=1taco (m—1)>%+3nhé nhat

l6n nhatkhim=1=M=—2_ nhé nhitkhim =1

T (Mm-17+3 (M-1)2+3
Viy M dat gi4 tri nho nhat 1a - 2 khi m = 1.

Bai 8: Cho phuong trinh x2 - 2x - 3m? = 0, véi m 1a tham sé.

LUYEN THI VAO LOP 10 Trang 80



Bién soan: Vii Xuin Hung-0965225972

a) Giai phuong trinh khi m = 1.
b) Tim tat ca c4c gia tri cia m dé phuong trinh c¢6 hai nghiém X1, X, khéc 0
X _ X _8

va thoa diéu kién +--2=—,
X, X 3

HUONG DAN GIAI:
Khi m = 1, phuong trinh thanh : X2 - 2x-3=0<>x=-1hay x=3
(c6danga-b+c=0)

X, 8

b) Vi Xy, Xo# 0, taco : %—Z = §<:>3(xf —X3) =8%%, & 3(X1 + X2)(X1- X2) = 8X1Xo.
2

Tacé: a.c =-3m?< 0 nén A> 0, Vm.
Khi A>0tacl: x; + X, = —2:2 va X1.Xp = §=—3m2§ 0
Piéu kién dé phuong trinh c6 2 nghiém khac 0 mam =0
=A> 0 va X1.X2< 0 = X1<X;
Véia=1=x,=-b—vA' vVax,= -b+JA" = X; — Xp = 2JA" = 2y1+3m?
Do d6 <3(2)(-2v1+3m*) =8(-3m?) vam = 0
<+1+3m” =2m? (hién nhién m = 0 khong |& nghiém)
< 4m*-3m2-1=0< m?=1hay m?>=-1/4 (loai) & m=+1

Bai 9: Cho phuong trinh: x2- 2(m+2)x + m? + 4m +3 = 0.
a) Chung minh rang : Phuong trinh trén luén c6 hai nghiém phén biét x1, X2
vG1 moi gia tri ciia m.

b) Tim gia tri cia m dé biéu thirc A = x? +x2 dat gia tri nho nhat.

HUONG DAN GIAI:
Cho phuong trinh: x? - 2(M+2)x + m? + 4m +3 = 0.
a) Chimg minh rang : Phuong trinh trén ludn c6 hai nghiém phén biét x1, X, véi
moi gia tri cuia m.Taco A'= [—(m+2)]2 —m’-4m-3=1> 0 v4i moi m.
Vay phuong trinh da cho luén c6 hai nghi€ém phén bi¢t x1, X2 v61 moi gia tri cua
m.
b) Phuong trinh da cho luén c¢6 hai nghiém phan biét x3, X, v&i moi gia tri clia
=2 2
m. Theo hé thirc Vi-éttaco : | % =22
X, X, =m"+ 4m +3
A= x]+x] = (Xg + Xp)%- 2 XXz = 4(m + 2)? - 2(m? + 4m +3) = 2m? + 8m+ 10
=2(m?+4m) + 10
=2(m+2)2+2>2 v4i moi m.
Suyra minA =2 < m+2=0<m=-2. Vay vdi m =- 2 thi A dat min = 2.

Bai 10: Cho phuong trinh : x2 +2mx + m?-2m+4 =0
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a) Giai phong trinh khi m =4
b) Tim m dé phuong trinh c6 hai nghiém phan biét

HUONG DAN GIAI:
a) Khi m = 4, ta c6 phuong trinh: X2+ 8x +12=0c6 A’ =16-12=4>0
Vay phuong trinh ¢6 hai nghiém phan biét: X; =-4+2=-2vax;=-4-2=-6
b) Tim m dé phuong trinh c6 hai nghiém phan biét
X2+ 2mx + m2-2m+4=0.Taco: A> =m? (m? 2m +4) =2m - 4
Pé phuong trinh ¢6 hai nghiém phan biét thi A>>0
=>2m-4>0=>2.m-2)>0=>m-2>0=>m>2
Vay v6i m > 2 thi phuong trinh c6 hai nghiém phén biét.

Bai 11: Cho phwong trinh (an s6 X): X* —4x—m?+3=0 (*).
a) Chung minh phuong trinh (*) luén c¢6 hai nghi€ém phan biét véi moi m.
b) Tim gia tri cia m dé phuong trinh (*) ¢6 hai nghiém x,, x, théa x, = -5x, .

HUONG DAN GIAI:
a) Cho phuong trinh (an s6 X):
X* —4x—m*+3=0(*)
A=16+4m?>-12=4m*+4>4>0;¥Ym
Vay (*) ludn cé hai nghiém phan biét vai moi m.
b) Tim gi4 tri ctia m dé phuong trinh (*) c6 hai nghiém x,, x, thoa x, =-5x, .
Theo hé thuac VI-ET ¢o :
X1.X2 =-M?+3 X+ Xp=4;ma X,=-5% =>X1=-1;X=5

Thay Xi=-1;X =5Va0 X1.Xo=-m2+3 =>m=+2y2

Bai 12: Cho phuong trinh: x*- 2(m-1)x + m*- 6 =0 (m la tham s6).
a) Giai phuong trinh khi m =3
b) Tim m dé phuong trinh c6 hai nghiém x;, x> théa man X +X; =16

HUONG DAN GIAI:
a) Thay x = 3 vao phuong trinh x? - 2(m - 1)X + m? - 6 = 0 va giai phuong trinh:
X2 - 4x + 3 = 0 bang nhiéu cach va tim dugc nghiém x; = 1, x; = 3.
b) Theo hé thirc Viét, goi X1, X2 1a hai nghiém cua phuong trinh :
X2-2(m-1Dx+m?-6=0,

L[ XX =2(m-1) | ) ”_ ) 3
Ta co: , va X1© + X2 = (X1 + X2)° - 2X1.X2 = 16
XX, =m*—6

Thay vao giai va tim dugc m =0, m = -4,

Bai 13: Cho phuong trinh x2- 2.(m - 3)x-1=0

a) Giai phuong trinh khim =1

b) Tim m dé phuong trinh c6 nghiém X; ; Xo ma biéu thuc:

A = x1%- X1Xz + Xo? dat gia tri nho nhat? Tim gia tri nho nhat do.
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HUONG DAN GIALI:
) X1 = -2-45 ;Xo= —2+4/5
b) Thay hé sé cua phuong trinh: a=1 ; ¢ = - 1 = phuong trinh ludn ¢é 2 nghiém
Theovi- éttaco X3 + X, =2(M—3) ; X1X2 =-1
Ma A=X12 - X1Xo + X2 = (X1 + X2 )?-3%XX; =4(M-3)?+3> 3
= GTNNcuaA=3 © m=3.

Bai 14: Cho phuong trinh x2-2(m+ 1)x +4m=0 (1)

a) Giai phuong trinh (1) vo1 m = 2.

b) Tim m dé phuong trinh (1) ¢6 nghiém x1, X, thoa méan:
(X1 + m)(xz + m) = 3m? + 12

HUONG DAN GIAI:

a) Thay m = 2 vao phuong trinh (1) ta dugc phuong trinh:
x%- 6x + 8 = 0 Khi va chi khi (x - 2)(X - 4) = 0 khi va chi khi x =2 hodc x = 4
Vay véi m = 2 thi phuong trinh c6 2 nghiém x; =2, X2 = 4.
b) Tacd A'=(m+1)’—4m=(m-1)">0 viy phuong trinh ludn c6 nghiém véi moi
m.
‘ o ,_{822(m+1)
Ap dung dinh li Vi-et ta co:

P =4m
Pé (x1 + M)(X2 + m) = 3m? + 12 khi va chi khi xqXo + (X1 + X2) m-2 m?—12 = 0.
S khi va chi khi : 4m + m.2(m + 1) — 2m? — 12 = 0 khi va chi khi 6m = 12 khi va
chi khi m= 2

Bai 15:
a) Giai phuong trinh x2-7x-8=0
b) Cho phuong trinh x?- 2X + m - 3 = 0 voi m 13 tham s6. Tim cac gia trj ca

m dé phuong trinh c6 hai nghi€m x3; X, théa man diéu kién Xf X, + Xlxz =—6

HUONG DAN GIAI:
a) Giai phuong trinh x2-7x-8=0c6a-b+c=1+7-8=0suy rax;=-1vax,=
8.
b) Cho phuong trinh x% 2X + m - 3 = 0 voi m 1a tham sb.
+ Tim cac gia tri ciia m dé phuong trinh c6 hai nghiém x1; X, thda man diéu kién
XX, + X X5 =-6
+ Pé phuong trinh c6 hai nghiém x3; Xo thi A >0 1-m+3 >0& m< 4
Theo viet ta cO: X3+ X2 =2 (1) va X1. X =m - 3 (2)
Theo diu bai: X)X, + XX} =—6 < XX, (X, +X,) —2XX,= 6 (3)
+ Thé (1) va (2) vao (3) ta co: (m - 3)(2)? - 2(M-3)=6 <> 2m =12 & m = 6
khong thoa man diéu kién m < 4 vay khong cé gia tri ndo cia m dé phuong

trinh c6 hai nghi€m x1; X2 théa man diéu kién XfX2 + Xlxz =—6.
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Bai 16: Cho phuong trinh: x> —2(m+Dx+m—2=0, v¢i x 1a 4n s6, meR
a) Giai phuong trinh da cho khi m =- 2
b) Gia su phuong trinh da cho c6 hai nghiém phan biét x, va x, .

Tim hé thtrc lién hé gitra x, va x, ma khong phu thudc vao m.

HUONG DAN GIAL:
a) Giai phuong trinh da cho khi m = - 2. Ta c6 phuong trinh: X° +2X —4 =0
X2 +2X-4=0< x> +2x+1=5 <:>(x+1)2 =5=(\/5)2

<:>|x+]4:\/§<:> x+1:—\/§C> Xx=-1-+/5
x+1=+/5 x=-1++/5
Vay phuong trinh ¢6 hai nghiém:x =-1-+/5 va x=-1++/5
b) Theo Vi-et, ta c6
X, +X,=2m+2 (1) - x1+x2:2m+2© X, +X, =2(XX, +2)+2
XX, =m-2 (2)

m=X,X, +2 m=X,X, +2

Suy ra X, +X, =2(XX, +2)+2 < X, +X, —2X,X, -6 =0 .

Bai 17: Cho phuong trinh béc hai x? + 5x + 3 = 0 ¢6 hai nghiém x;; X,.
Hay 1ap mot phuong trinh bac hai ¢6 hai nghiém (x;2 + 1) va ( x22 + 1).

HUONG DAN GIAI:
Tacd A=25-12=13>0
Nén phuong trinh luén ¢6 2 nghiém phan biét
=>X1+ X2 = -9 X1X2 = 3
DOdéS:X12+1+X22+1:(X1+X2)2-2X1X2+2:25—6+2 =21
VaP=(X2+1) (X2? + 1) = (XaX2)> + (X1+ X2)* - 2 X1Xo + 1 =9+ 20 = 29
Vay phuong trinh can lap 1a x? - 21x + 29 = 0.

Bai 18 : Chimg minh rang phuong trinh: x* +mx+m—1=0 ludn c6 nghiém voi
moi gia tri cua m. Gia sir x1,X2 1a 2 nghi€ém cia phuong trinh da cho,tim gia tri

nhé nhat ctia biéu thire: B =X, +X°, —4.(X +X,)

HUONG DAN GIALI:
Xét phuong trinh: X +mx+m-—1=0
A=m’—4m—1)=m’>—4m—+4=m—2)* >0
Vay phuong trinh ludn c6 nghiém véi moi m
+X, =—m
Theo hé thuc Viet ta cc’){x1 2
XX, =m-—1

Theo dé bai:
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B = X", + X%, —4.04 + %) = (X +%,)* —2%%, — 4.0, + X,)
=m’—2(m—1) —4(—m)=m*—-2m+2+4m=m*+2m+1+1
=(Mm+1)°>+1>1

Vay minB=1 khi va chi khim=-1

Bai 19:Cho phuong trinh: mx% (4m -2)x +3m-2=0 (1) (m la tham s6).
a) Giai phuong trinh (1) khi m = 2.
b) Chting minh rang phwong trinh (1) ludn c6 nghiém v&i moi gia tri cua m.
¢) Tim gia tri cia m dé phuong trinh (1) c6 cac nghiém 13 nghiém nguyén.

HUONG DAN GIAI:
a) Thay m = 2 vao phuong trinh ta co:
() ©2x* —6x+4=0=%x*-3x+2=0
Ta thay: 1 - 3 +2 = 0 nén phuong trinh c6 2 nghiém: x, =0; x, =2
b)
*Néum=0thi (1) =2x-2=0<x=1.
Suy ra: Phuong trinh luén c6 nghiém véi m=0
*Néum # 0 thi phuong trinh (1) 12 phuong trinh bac 2 an x.
Taco: A'=(2m-1)°—-m(Bm-2)=4m* —4m+1-3m*+2m=(m-1)*>0 Vm =0
Két hop 2 trudng hop ta c6 phuong trinh ludn c6 nghiém véi moi m (dpem)
¢) * Néum=0thi (1) ©2x-2=0< x=1 nguyén
Suy ra: V61 m = 0 phuong trinh c6 nghiém nguyén
* Néum = 0 thiphuong trinh (1) 1a phuong trinh bac 2 an x.

2Zm-1-m+1
Xlszl
Tu v b) ta cOphuong trinh ¢6 2 nghiém:
y ) p g ghie « _2m—1+m—1_3m—2
2 m m

Pé phuong trinh (1) c6 nghiém nguyén thi nghiém x, phai nguyén
3m-2
2=
m

2 .
eZ <:>3—an (m#0)=2:m hay m la uéc cua 2 =>m ={-2; -1, 1; 2}

Vay véi m = {+1;,£2;0 } thi phuong trinh c6 nghiém nguyén.

Bai 20: Cho phuong trinh x?-2mx - 2m - 5 =0 (m la tham so)

a) Chimg minh rang phuong trinh luén c6 hai nghiém phan biét véi moi gia tri
cua m

b) Tim m dé |x —x,| dat gia tri nho nhat (x1; X2 la hai nghiém ciia phirong trinh)

HUONG DAN GIAI:
Cho phuong trinh: X?- 2mx - 2m - 5 =0 (m la tham sd)
a) Taco A’ =(-m)>~ 1.(-2m - 5)
=m? + 2m+5
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=(m+1)> + 4
Vi (m +1)?> 0 v6i moi m
=>(m + 1)+ 4 >0 v4i moi m. Hay A’ >0 v4i moi m
Vay phuong trinh da cho ludn c6 hai nghiém phan bi¢t vdi moi m.
b) Vi phuong trinh da cho Iudn c6 hai nghiém phan biét véi moi m
. {xl +X, =2m

XX, = —2m—5 (theo dinh Iy Vi-et)

Dat A = [x —x,|
=>A2 = (|, —X,| )% = X312 — 2X1X2 + X22 = (X1 + X2)? - 4X1 X2
=>A? =(2m)?-4(-2m-5)=(2m)? + 8m + 20
=(2m)2+2.2m.2+4+16 = (2m+2)>+ 16 > 16
=>Gia tri nho nhat ctia A2 = 16. Gi tri nho nhat cia A la4 khi2m+2=0 < m
=-1
Vay voim = -1 thi |[x —x,| dat gid tri nho nhét 1a 4.

Bai 21: Cho phuong trinh: x>~ 4x + m + 1 =0 (m la tham so).

a) Giai phuong trinh voi m = 2.

b) Tim m dé phuong trinh ¢ hai nghiém trai dau (xi< 0 < Xy).
Khi d6 nghiém nao co gia tri tuyét dbi 16n hon?

HUONG DAN GIALI:
a) Vi m = 2, phuong trinh da cho thanh: x- 4x + 3 = 0.
Phuong trinhnay c6a+b +c=1-4+ 3 =0nén co hai nghiém: x; = 1; x, = 3.
Vay véi m = 2 thi phuong trinh da cho ¢6 hai nghiém phan biét: x; = 1; x, = 3.
b) Phuong trinh da cho cé hai nghiém trai diu < ac<0<m+1<0<m<-1.
{xl +X,=4
Theo dinh Ii Vi-et, ta co: %2 = m+l.
Xet hiéU: |X1| - |X2| =X =X = -4 <0 (Vi X1<0 <X2) = |X1| < |X2|-
Vay nghiém x, co gia tri tuyét doi nho hon nghiém x, .

Bai 22: Cho phuong trinh: x2—2.(m + 4 )x + m2- 8 =0 (1), vi m 1 tham s0.
a) Tim m dé phuong trinh (1) c¢6 hai nghiém phén biét 12 x; va x, .
b) Tim m dé x1+ X, - 3X1X2 ¢ gia tri 16n nhat.

HUONG DAN GIAI:
a) A'=8m+24
Phuong trinh (1) c¢6 hai nghiém phan biét:
A'>0<8m+24>0 < m>-3

2
b) CO: X1+ X2-3X1.X2= -3m +2m + 322—(\/§m—%j +g3ﬂ

J3 373
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, 1 1 .
Dau “=" Xé,y ra ©&m= 5 . Vé.y m= g thi X1 + X5 - 3X1X2 dat GTLN.

Bai 23: Chang minh rang phuong trinh sau ¢6 2 nghiém phan biét x,, x, véi moi
giatrim: x* —(m-Dx+m—-3=0. Xac dinh cac gia tri cia m thoéa man:

2 2
XX, +x,x" =3

HUONG DAN GIAI:
Phuong trinh: X —(m - Dx+m-3=0 ¢
A=[-M-1P-4.1(M-3)=m*2m+1-4m+ 12 =(m?- 6m + 9) + 4
=(M-3)?+4>0voi vm
Vay phuong trinh da cho c6 2 nghiém phan biét x,, x, véi moi m
X +x,=m-1

Theo dinh |1 Viét ta co: { @.

XX, =m-3

Theo dé ta co: XX, +xx” =3 xx,(x +x,)=3 (1)

Thay hé thie (1) vao (1) taco: (m-1).(m-3)=3 om?-4m=0 <m.(m-4)=0
m=0

< {m =4

Vay vai m = 0 hoac m = 4 thi phuong trinh ¢6 2 nghiém thoa man:

2 2
XX, +x,x," =3

Bai 24:Cho phuong trinh: x> =2(m+2)x+m’ +5m+4=0 (¥)
a) Chung minh rang véi m < 0 phuong trinh (*) ludn ludn c6 2 nghiém phan biét
X, X,
b) Tim m dé phuong trinh (*) c6 hai nghiém phan biét x,, x, thoa hé thuc:
11

—+—=1
X Xy

HUONG DAN GIAI:
a) Phuong trinh: x* —2(m+2)x+m” +5m+4=0 (*)
Taco: A =[-(M+2)P-(M?+5m+4)=m?+4m+4-m%-5m-4=-m
Voim<0 = A =-m>0 = Phuong trinh (*) luén ludn c6 2 nghiém phan biét

X5 Xy

. X, +x, =2(m+2)
b) Theo dinh li Viét ta co: > )
XX, = m '+ 5m+4
. I 1 X, +Xx, —Xx,X
Theo détaco: —+—=1l—"—2=0(1)

X XN XXy

2(m +2) - (m® +5m+4)
m’ +5m+4

Thay (1) vao (1) ta co: 0 BK:m#-1vam+#-4)
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<2(Mm+2)-(M?+5m+4)=0
o2m+4-m?-5m-4=0
o m2+3m=0
smm+3)=0

m = 0 (loai vi trdi dk: m <0)

{m = -3 (thoa diéu kién: m < 0; m # —1 vam # -4)
Vay véi m = -3 thi phuong trinh (*) ¢6 2 nghiém phén biét x,, x, théa hé thuc:
11

LI I
X X

Bai 25: Cho phuong trinh X* —=2(m+1)x+m?+3=0,

a) Tim m dé phuong trinh ¢6 nghiém.

b) Goi x., x, la hai nghiém cua phwong trinh da cho, tim gia tri nho nhét cua
biéu thirc A = X, + X, + XX, .

HUONG DAN GIAL:
a) Tim m dé phuong trinh c6 nghiém.
A'=(m+1)° -1(m*+3)=m*+2m+1-m’ -3=2m-2.
Phuong trinh ¢6 nghiém < A'>20 < 2m-2>20< m21.
b) Tim gia tri nho nhat cua biéu thac A= x, +X, + XX, .
Piéu kién m>1.Theo Vi-éttacd : x, +X, =2m+2; XX, =m’+3,
A=x1+x2+x1x2=2m+2+m2+3=m2+2m+5=(m+1)2+424.
= A__ =4 khi m+1=0 < m=-1 (logi vi khong théa diéu kién m>1).
Mzt khac : A=(m+1)’ +4>(1+1)" +4 (vi m>1) =A>8.
= A, =8 khi m=1. Vay khi m=1 thi A dat gia tri nho nhatva A__ =8.
Ciach 2: Biéu kien m>1,
Theo Vi-éttacod : x, +x, =2m+2; XX, =m”+3,
A=X+X, +XX, =2M+2+m*+3=m*+2m+5 .

Vim=>1nén A=m”*+2m+5>1°+2.1+5 hay A>8.Vay A . =8 khi m=1,

Bai 26: Cho phuong trinh bac hai tham sé m : x?-2 (m-1) x-3=0.
a) Giai phuong trinh khi m=2
b) Chttng minh rang phuong trinh ludén c¢6 hai nghiém phan biét x1; Xz voi
moi gia tri cia m. Tim m thoa man iz+:((—22 =m-1,
2 1

HUONG DAN GIAI:
a) X =-1 hoacx =3
b)Co A'=(m-1)?+3>0vVm=>Phuong trinh luén c6 2 nghi€m phan biét
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Theo Vietcod: x +x,=2m-2 vax.x, =-3

A 1as X
Theo dé bai : iz+—22=m—1
XZ Xl

& X% =(M=D00%)" & (% +%)[ (X +%)* =3%X, | = (M=1)(x,)*
& (2m=-2)[ (2m-2)*=3.(-3) | = (M-1)(-3)’ < (2m—2)[ 4m* —8m+13]=9(m -1)
< 8m®—16m* +26m —8m* +16m—26-9m+9=0 < 8m*>—-24m* +33m-17=0
m=1
< (M=1)(8m* -16m+17)=0 < {sz _16m+17 = 0Qvi)
Vay m = 1 1a gid tri can tim.
V. Bai tap 4p dung
Bai 1: Dé thi vao 10 Binh Dinh 2017 — 2018
Cho phuong trinh x> —2mx—6m-9=0
a. Giai phuong trinh khi m=0
b. Tim m dé phuong trinh c6 hai nghiém x,,x, théa man x> + x> =13
Bai 2: Dé thi vao 10 Thai Nguyén 2018 — 2019
Cho phuong trinh X2 —4x+4m—3=0 ( m la tham sd)
Tim m dé phuong trinh c6 hai nghiém X, X, thda man x° + X =14
Bai 3: Dé thi vao 10 Pht Tho 2017 — 2018
Cho phuong trinh x> —2(m+1)Xx+m’*+m—-1=0
a. Giai phuong trinh véi m = 0
b. Tim m dé phuong trinh ¢ hai nghiém phan biét X, X, thoéa man diéu kién
1,1y
X%
Bai 4: D¢ thi vao 10 Vinh Phiic 2017 - 2018,
Trong mat phang toa do Oxy cho parabol (P): y = —x* va dudng thang
(d) y=X—2cit nhau tai hai diém A va B.Tim toa d0 cac diém A, B va tinh dién
tich tam giac AOB ( trong d6 O 1a gdc toa d9, hoanh do cta A 16n hon hoanh d6
cua B).
Bai 5: D¢ thi vao 10 Vinh Phiic 2018 — 2019
Cho phuong trinh x> —2(m+1D)x+m?+3=0,(1) vi m 1a tham s
a. Giai phuong trinh khi m=3
b.Tim tat ca céc gia tri ciia tham s m dé phuong trinh (1) ¢6 hai nghiém
phan biét.
Bai 6: D¢ thi vao 10 An Giang 2018 — 2019
Cho phuong trinh bac hai x> —=3x+m=0 ( m la tham s6)

LUYEN THI VAO LOP 10 Trang 89



Bién soan: Vii Xuin Hung-0965225972

a.Tim m dé phuong trinh c6 nghiém bing -2. Tim nghiém con lai tng véi
m vura tim duoc

b.Go1 X, X, 1a hai nghiém cua phuong trinh da cho. Tim gia tri nho nhat
cia A=X + X5 —3XX,
Bai 7: D¢ thi vao 10 Ha Noi 2017 — 2018

Trong mit phang Oxy cho Parabol (P): y = x? va duong thang
(d): y=mx+5. Tim tat ca cac gia trj cia m dé (P) cat (d) tai 2 diém phan biét co
hoanh d¢ 1an lugt 1a X, X, v6i X, < X,5a0 cho x> |x,|.
Bai 8: D¢ thi vao 10 Phti Tho 2018 — 2019

Trén mit phang toa d6 Oxy cho dudng thang (d) di qua A(3;7) va song
song voi duong thang c6 phuong trinh y=3x+1

a.Viét phuong trinh duong thang (d)

b.Tim toa d6 giao diém ciia duong thang (d) va parabol (P): y = X?
Bai 9: Dé thi vao 10 Binh Dwong 2018 — 2019.

Cho phuong trinh x? —2(m+2)Xx+m? +3m—2=0,(1) v6i m 1a tham s

a.Giai phuong trinh (1) vo1 m=3

b.Tim tit ca cac gia tri ciia m dé phuong trinh (1) c6 hai nghiém phén biét
X,, X, sa0 cho biéu thuc A=2018+3xx, — x> —x? dat gi4 tri nho nhat.
Bai 10: D¢ thi vao 10 Ho Chi Minh 2017 — 2018

Cho phuong trinh X* —2mx+m—2=0,(1) m la tham s

a.Chtrng minh (1) luén c6 nghiém véi moi m

b.X4c dinh m dé hai nghiém X, X, cua phuong trinh (1) thoa man

(L+X)(2= %) + L+ %) (2= %) =X +X; +2

Bai 11: D¢ thi vao 10 ha Tinh 2018 — 2019.

a. X4c dinh hé s6 cua ham sd y =a.x?,(a=0), biét d6 thi ctia n6 di qua

M (Lllj
3

b. Cho phuong trinh X*> —2(M—-Dx+m? -m=0 (m 1a tham s6) . Tim m
dé phuong trinh d3 cho c6 hai nghiém X, X, thoa man (1+x)° +(@1+X,)* =6
Bai 12: Dé thi vao 10 Pht Tho 2016 — 2017

Cho phuong trinh: x? —2x+m+5=0 (m la tham so)

a, Giai phuong trinh v1 m=1

b, Tim m dé phwong trinh c¢6 hai nghiém phéan biét X,,X, thoa man
2X, +3X, =7
Bai 13: D€ thi vao 10 Phu Tho nam 2015 — 2016
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Cho Parabol (P): y=x*va dudng thing (d) co6 phuong trinh:
y=2(m+1)x—3m+2.
a) Tim toa d6 giao diém cua (P) va (d) véi m=3.
b) Ching minh (P) va (d) ludn cét nhau tai hai diém phan biét A, B v6i moi
m.
c) Goi x,;x, 14 hoanh d¢ giao diém A, B. Tim m dé x? + x? = 20.
Bai 14: Dé thi vao 10 Phi Tho ndm 2014 — 2015,
Cho phuong trinh : x2— (2m + 1)x + m2 =0, véi m la tham s6 . (1)
a) Giai phuong trinh véi m =1
b) Véi gia tri nao cua m thi phuwong trinh ( 1 ) ¢6 nghiém kép. Tim nghiém
kép do.
Bai 15: Pé thi vao 10 Ha Noi ( 2016 — 2017)
Trong mit phang toa d6 Oxy cho duong thang (d): y=3x+m?-1 va
Parabol (P): y = x°.
a.Chimng minh (d) cét (P) tai hai diém phan biét véi moi m.
b.Goi x,,x,la hoanh d§ cic giao diém ctia (d) va (P). Tim m dé
(X, +D(x, +1) =1.
Bai 16: Dé thi vao 10 Ha Noi (2015 — 2016 )
Cho phuong trinh X? — (M +5)X+3m+6=0 ( m la tham sd)
a. Chtng minh phuong trinh lu6n ¢6 nghiém véi moi sb thuc m.
b. Tim m dé phuong trinh c6 hai nghiém X,, X, la d¢ dai hai canh goc vudng
clia mot tam giac vudng c6 do dai canh huyén bang 5.
Bai 17: Dé thi vao 10 H6 Chi Minh ( 2017 — 2018)

Trong mat phang Oxy. Cho parabol (P) y = % x?

a. V& do thi (P)

b. Cho duodng thang (d): Y :gx +m di qua C(6;7). Tim toa do giao diém

cua (P) va (d).

Bai 18: Dé thi vao 10 Hué (2017 — 2018)

Cho phuong trinh x> —2(m+1)x+ m+5=0, (1)

a.Giai phuong trinh (1) vé1 m=2

b.Tim m dé phuong trinh (1) c6 hai nghiém X,, X, thoa man dang thic sau:
2%, X, —5(X +X,)+8=0.
Bai 19: Pé thi vao 10 Hué (2016 — 2017)

Cho phuong trinh x? —2(m —1)x —4m —3=0,(1) voi m la tham sb.
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a.Khong sir dung may tinh cam tay giai phuong trinh (1) khi m=1
b.Chiing minh (1) luén c6 hai nghi€ém phan biét v&i moi gia tri cia m
¢.Goi x,,X, 1 hai nghiém cua (1), tim m dé
(% —2mx, —4m)(x; —2mx, —4m) <0
Bai 20: Dé thi vao 10 Nghé An (2017 — 2018 )
a.Giai phuong trinh 2x* —5x+2=0
b.Cho Parabol (P): y=x? va duong thang (d): y=2Xx+m—6. Tim m d¢
duong thang (d) cit Parabol (P) tai hai diém phan biét c6 hoanh d6 duong.
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CHUYEN DE 5: GIAI BAI TOAN
BANG CACH LAP PHUONG - TRINH HE PHUONG TRINH
| - KIEN THUC CAN NHO:
1. Phwong phap chung:
Buée 1: Goi an phu hop, don vi tinh, diéu kién cho an néu co.
Bude 2: Biéu dat cac dai luong chua biét thong qua a4n va cac dai luong
da biét.
Buorce 3: Lap phuong trinh hodac hé phuong trinh.
Buoc 4: Giai phuong trinh, hé phuong trinh 1ap duoc & budc 3.
Bude 5: Dbi chiéu didu kién va két luan.
2. Mot s6 dang toan thwong gap
Dang 1: Bai toan Hinh hoc
Dang 2: Bai toan Tim s6
Dang 3: Bai toan ty 1€ %
Dang 4: Bai toan Ning suat
Dang 5: Bai toan Chung - Riéng
Dang 6: Bai toan Chuyén dong
Dang 7: Bai toan Thuc té van dung
I1 - BAl TAP MINH HQA
Dang 1: Bai toan Hinh hoc
*Phwong phap:
Hinh chii nhat:
Goi a, b 1an luot 1a chiéu dai, chiéu rong cta hinh chit nhat (a > b > 0).
Goi S, C lan lugt la Dién tich, Chu vi cua hinh chir nhat: S = a.b; C =
(at+h).2
Hinh vuéng:
Goi a la canh hinh vuéng (a > 0).
Goi S, C 1an luot 1a Dién tich, Chu vi cia hinh vuong: S=a% C=4a
Hinh tam giéac:
Goi a, h 1an luot 13 canh day, duong cao cua tam giac (a,h > 0).

Goi S la Dién tich cua tam giac: S =%a.h
*Bai tap:
Bai 1: Pé thi vao 10 Binh Pinh (2017 — 2018).
M6t manh dat hinh chit nhat c6 chu vi 24m. Néu tang do dai mot canh 1én 2m
va gidm dg dai con lai 1m thi dién tich manh dat ting 1én 1 m®. Tinh do dai
cac canh cta hinh chit nhét ban dau.
HUONG DAN GIAL:
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Vi manh dat hinh chit nhat c¢6 chu vi 24m, nén téng chiéu dai va chiéu
rong la 12m.

Goi chiéu dai hinh chit nhat 1a x (m), (xe N",x<12).

Chiéu rong hinh chit nhat 1 12-x (m).

Dién tich hinh chit nhat ban dau 1a S = x(12 - x)(m?)

Gia st tang chiéu dai 1én 2m va giam chiéu rong 1m ta co:

(Xx+2)(11-Xx) =x(12-x)+1 (m?*) < x =7 (m) thda man
Vay chiéu dai hinh chit nhat 1a 7 (m)va chiéu rong hinh chit nhat 1a 5 (m).
Bai 2: Pé thi vao 10 Ha Ngi (2018 — 2019)
Mot manh dat hinh chit nhéat ¢ chu vi bang 28 mét va do dai duong chéo
bang 10 mét. Tinh chiéu dai va chiéu rong cia manh dat d6 theo don vi mét.

HUONG DAN GIAI:

Goi d6 dai chiéu rong 1a x (m) xe N™,x <14, vi tong chiéu dai va chiéu
rong 1a 14 nén d6 dai chiéu rong 1a 14 — X.

Vi d¢ dai duong chéo hinh chit nhat 1a 10 (m) nén ta co:

x* + (14 -x)*=100(1)

X, =8
(1) & x* +196 — 28x + x> =100 < 2x* — 28X +96=0 < {xl 6
, =

Vay chiéu dai hinh chit nhat 1a 8 (m) va chiéu rong hinh chit nhat 1a 6(m).
Bai 3: M6t hinh chit nhét c6 chiéu rong bang mot nira chiéu dai. Biét rang néu
giam mdi chiéu di 2m thi dién tich hinh chir nhat da cho giam di mot nira. Tinh
chicu dai hinh chit nhat da cho.

HUONG DAN GIAI:

Goi chiéu dai cta hinh chir nhat da cho 13 x (m), véi x > 4.

v 1A A 3 ! "X qns oA A A X
Vi chiéu rong bang ntra chiéu dai nén chi€u rong la: > (m)

2
—> dién tich hinh chit nhat da cho 1a: x.g - X? (m2)
Néu giam mdi chiéu di 2 m thi chiéu dai, chiéu rong cta hinh chit nhat lan luot
la: x-2 va 2—2 (m)

Khi do, dién tich hinh chir nhat gidm di mot nira nén ta c6 phuong trinh:
1 x?

X
(X—Z)(E—Z)=E‘7

x2 X2
@7—2x—x+4:7<:>x2—12x+16:0

X, =6+2:/5 (thoa man x>4);
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X, =6- 245 (loai vi khong thod man x>4)

Vay chiéu dai cua hinh chit nhat di cho 13 6+2v5 (m).

Bai 4: Mot thira dat hinh chit nhét ¢6 chu vi béng 198 m, dién tich béng 2430

m2. Tinh chiéu dai va chiéu rong cua thira dAt hinh chir nhat da cho .
HUONG DAN GIAL:

Goi x (m ) 1a chiéu dai thira dat hinh chit nhat (49,5 <x <99 )

Chiéu rong cta thira dat hinh chir nhat 1a: 99 - x (m)

Theo dé bai ta c6 phuong trinh: X.( X - 99 ) = 2430

Giai duoc: X3 = 54 (nhén ); x, =45 (loai )

Vay chiéu dai thira dat hinh chir nhat1a 54 (m)

Chiéu rong cua thira dat hinh chit nhat 13: 99 - 54 =45 (m)

P A 1 ~ A r * A A M 3 * A N e A 9 * A N e
Bai 5: Mot hinh chit nhat ¢6 chiéu rong bang 7 chiéu dai, néu gidm chiéu dai

Im, tang chiéu rong 1m thi dién tich hinh chir nhat 1a 200m?2. Tinh chu vi, dién
tich hinh chit nhét ban dau?
HUONG DAN GIALI:

Goi chiéu dai hinh chit nhat 1a x (m), thi chiéu rong la gx (m), (Piéu kién x> 0)
Vi hinh chit nhat ¢ chiéu rong bang % chiéu dai, va giam chiéu dai 1m, ting
chiéu rong 1m thi dién tich hinh chit nhat 1a 200 m? nén ta c6 phuong trinh:
(x-1)(§ x+1) = 200
Giai phuong trinh ta dugc x; = 21(TMbDK)

X2 = -6?7 (loai)

Vay chiéu dai hinh chir nhat 12 21m, chiéu rong 1 9m.
Chu vi hinh chit nhat ban dau 1 (21+ 9) 2= 60m

Dién tich hinh chit nhat ban dau 1a 21. 9 = 189m?
Dang 2: Bai todn Tim sé

*Phwong phap:

Cdch viét so trong hé thip phén ciia sé tw nhién

- S6 ¢6 hai chit s6: ab=10a + b

- S6 ¢6 ba chit sb: abc =100a +10b +¢

- S6 ¢6 ba chir s6: abed =1000a +100b +10c +d

Quan hé chia hét va chia c6 du:

- S a chia cho b bang ¢ va ¢6 s6 du 1a r, duoc viét lai 1a: a =b.c +r.
- Néu a chia hét cho b thi s6 dur = 0.

-Néu a khong chia hét cho b thi s6 du r % 0.
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*Bai tap:
Bai 1: Tim mot s ¢ hai chir sd, biét rang chit s6 hang chuc 16n hon chir s6
hang don vi 1a 5 va néu dem s6 d6 chia cho tong cac chir sd ciia nd thi duoc
thuong 1a 7 va du 1a 6.

HUONG DAN GIAI:
Goi sb can tim ¢6 2 chir s 12 ab, véi a,b{0,1,2,3,4,5,6,7,8,9}, a=0.

Theo gia thiét ta c6 hé phuong trinh:
{a—b=5 {a—b=5 {a—b:S {a—b:S {a=8
< = = =

10a+b=7(a+b)+6 3a—6b=6 a—-2b=2 a-2b=2 b=3
(théa man diéu kién)
Vay s6 can tim 1a: 83
Bai 2:Mot s6 c6 hai chit s6. Néu dbi chd hai chit s6 cua né thi ta dugec mot sb
m&i 16n hon s6 da cho 13 63. Biét tong cta s6 da cho va sé méi tao thanh bang
99.

HUONG DAN GIAI :
Goi chir s6 hang chyc 14 x va chit s6 hang don vi 1a y
bK:x,y eN;1<x,y <9
Theo d& bai ta c6 s6 dd chola: xy = 10x +y
D6i chd hai chir s6 cho nhau, ta duge s§ méi 1a yx = 10y + X
Néu d6i chd hai chir sb ban dau thi ta dugc mot sé méi 16n hon sb ban dau 1a
63 néntaco: (10y +x) - (10x +y) =63 (1)
Biét tong cua s6 dd cho va s6 méi tao thanh bang 99 nén ta co:
(10x +y) + (10y + x) =99 (2)

(10y +x)—(10x + y)=63

Tu (1) va (2) ta c6 hé phuong trinh: {(10x +y)+(10y+x)=99

x=1
Giai hé phuong trinh ta duoc: {y _g (TMDBK)

Vay s6 di cho 1a 18,
Dang 3: Bai toan dan sé, phén trim
*Phuong phap:

Todn din sé:

Goi a 1a s6 dan dugc biét trude. Khi do:

- Néu ting dan s6 thém b% thi ta c6 s6 dan sau khi ting la: a + ab%.

- Néu giam dan s6 b% thi ta c6 s6 dan sau khi giam 1a: a - ab%.

Todn ldi sudt:

Goi x 1a s6 tién dugc giri ¢b dinh, voi 14 sudt giri s6 tién x 12 y%/ thang va
khong thay d6i 13i suat. Khi dé:
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- S6 tién tinh dugc trong mot thang 1a: x + x.y%
- S6 tién tinh dugc trong hai thang 13: x + (x +x.y%).y%
Tuong tu nhu vay, ta tinh dugc s6 tién gui trong mot nam.
*Bai tap:
Bai_1: Nam ngoai, hai don vi san Xuat nong nghiép thu hoach dugc 600 tAn
thoc. Nam nay, don vi thu nhét lam vuot mic 10%, don vi tht hai lam vuot
muc 20% so v&i nam ngoai. Do d6 ca hai don vi thu hoach dugc 685 tan thoc.
Hoi nim ngoai, mdi don vi thu hoach dugc bao nhiéu tan thoc?
HUONG DAN GIAI:

X +y=600va 0,1x + 0,2y = 85 hay x + 2y = 850.

Tir d6 tinh duge y =250 tin, x = 350 tan
Bai 2: Trong thang thanh nién Poan trudng phat dong va giao chi tiéu mdi chi
doan thu gom 10kg gidy vun 1am ké hoach nhé. Pé nang cao tinh than thi dua bi
thu chi doan 10A chia cac doan vién trong 16p thanh hai to thi dua thu gom giay
vun. Ca hai to déu rat tich cuc. T6 1 thu gom vuot chi tiéu 30%, t6 hai gom vuot
chi tiéu 20% nén tong sd gidy chi doan 10A thu duoc 13 12,5 kg. Hoi mdi to
dugc bi thu chi doan giao chi tiéu thu gom bao nhiéu kg gidy vun?

HUONG DAN GIAI:

Goi s6 kg gidy vun to 1 dugc bi thu chi doan giao la x (kg) (Pk:0<x<10)
S6 kg gidy vun t6 2 dugc bi thu chi doan giao lay (kg) (Pk:0<x<10)
X+y=10

Theo dau bai ta c6 hé phuong trinh: { 13x+1,2y =12,5

Giai h¢ trén ta dugc: (x;y ) = (5;5)
Viy sb gidy vun t6 1 duoc bi thu chi doan giao 1a 5 kg
S6 gidy vun t6 2 dugc bi thu chi doan giao 1a 5 kg
Bai 3: Cho mdt lugng dung dich 10% mubi. Néu pha thém 200 gam nudc thi
dugc mot dung dich 6%. Ho1 ¢6 bao nhiéu gam dung dich da cho.
HUONG DAN GIAI:
Goi s6 gam dung dich da cho 14 x (g), (Piéu kién x>0)
Vay s6 gam dung dich sau khi d6 thém 200 gam nuéc 1a x + 200 (g).
Vi trude va sau khi d6 thém nude luong mudi khong d6i, do do ta c6 phuong
trinh
6% . (x + 200) = 10%x
< 6x + 1200 = 10x
< x =300 (TMDK)
Vay s6 dung dich da cho 1 300gam.
Dang 4: Bai toan Niing suit
*Phwong phap:
Nang suét 1am viéc 1a phan cong viée thue hién trong mot don vi thoi gian.

LUYEN THI VAO LOP 10 Trang 97



Bién soan: Vii Xuin Hung-0965225972

Cong thic: A=N.T
Trong do, A: Khoi lugng cong viéc.

N: Nang suét lam viéc.
T: Thoi gian lam viée.
Tong ning suit riéng bang ning suit chung khi cung lam. Biét ning suat lam
viéc, thoi gian hoan thanh dé ap dung hop 1.
Luweu y: Ning suat lao dong ting thém = (100% + mic ning suit %).quy dinh
cong viéc.
Bai 1:Hai nguoi tho cing 1am 1 cong viéc trong 16 gid thi xong. Néu ngudi thir
nhat 1am 3 gio va nguoi tha 2 1am trong 6 gid thi ca 2 ngudi hoan thanh 25%
cong viéc. Hoi néu 1am riéng thi mdi nguoi hoan thanh cong viée do trong bao
lau.

HUONG DAN GIAI:
Ngwoi 1 Ngwoi 2 Ca 2 Nguoi
E;:lr;ggsg x (h) y (h) 16h
, L v R pan
Nang suat/1ngay 3 (phdn cong viéc) M (phan cong viéc) | 16
cong viéc)

2. n A 1 . >
- D61 25% cong viée (= 7 cong Vige)

Goi s6 ngay dé nguoi thir nhat lam mot minh xong cong viéc 1 x ( ngdy)
S6 ngay dé nguoi th hai 1am mot minh xong cong viée 1a y (ngay) (PK: x, y>
16)

X: o . R 1 . A
Moi ngay nguoi thir nhat lam dugec: M (cong viéc)
Mot ngay nguoi thir hai lam dugc: 1 (cong viéc)
y
: : : . 1, .
Vi 2 nguot 1am trong 16 gid thi xong nén 1 gio ca 2 nguoi lam duoc: T (cong

] 1 1 1
viéc), ta co phuong trinh: =+==— (1
éc) p g PARTRET: @

- Theo bai ra ngudi thir nhat 1am trong 3 gid va nguoi thir hai 1am trong 6 gio

chi hoan thanh 25% cong viéc nén ta c6 phuong trinh: §+% =% 2
1 1 1
x'y 16 1 1
X

Tu (1) va (2) ta c6 hé phuong trinh : y bat a=—-; b==
3. 6_1 X y
X y 4
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1
a+b=-o {16a+16b=1 {48a+48b:3

ta c6 hé phuong trinh -
c phuong 1 J12a+240=1 " |24a+480=2
3a+6b==
4
24a=1
a+b=i
16
1 1 1_1
a=— a=_— MY
24 x=24 -~
=S 24 o 24 1% = (thoa man)
1 1 1 1_1 ly=48
—+b=— =— TS
24 16 48 y 48

Vay nguoi tha nhat lam mot minh thi sau 24 ngdy xong cong viéc . nguoi thir
hai lam mot minh thi sau 48 ngay xong cong viéc.

Dang 5: Bai toan Chung - Riéng

*Phwong phap:

Lam chung - lam riéng

- Néu x gio (hodc ngdy) lam xong cong viée thi mdi gio (hodc ngdy) lam duogc

1 . i 2,
— cong viéc do.

>

X . Lo \ 1 ~ .« A Ao 0 1
- Néu trong 1 gid: Doi tuwong A lam duogc S cong vice, doi tuong B lam dugce v

cong vi¢e thi lugng cong viéc ma ca hai lam dugc trong 1 gio 1a % + % cong
viéc.
Hai Vi ciing chdy vao bé
Buoc 1: - Tim lugng nude chdy chung cua 2 voi

- Luong nudc chay riéng ciia mdi voi vao bé hoan thanh

- Lap phuong trinh lugng nudce
Bude 2: - Thoi gian 2 voi chay day bé

- Thoi gian chay riéng hoan thanh cua mdi voi

- Lap phuong trinh thoi gian chay day bé
Buoc 3: Giai h¢é phuong trinh
*Bai tap:
Bai 1: Pé thi vao 10 Binh Dwong (2017 — 2018)

Hai d6i cong nhan dap dé ngan Triéu cuong. Néu hai doi cing 1am trong
6 ngdy xong cong viéc. Néu lam riéng thi doi I hoan thanh cong viéc cham
hon di 1T 12 9 ngay. Héi néu lam riéng thi mdi doi dap xong trong bao nhiéu
ngay.
HUONG DAN GIAI:
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Goi thot gian doi I hoan thanh cong viéc 1a x ( x>6 ), thoi gian do1 11
hoan thanh cong viéc lay (y>6 ).

A \ A \ A A . A N 1 Ao N e
Trong mot ngay doi I 1am dugc s6 cong viéc 1a —, doi II lam duogc so
X
R o1
cong vi¢e la —.

 n : 1 1
Do hai d6i lam trong 6 ngay xong cong viéc nén —+ — = 5 (1)

Do lam riéng déi I hoan thanh cong viéc chdm hon do6i I 9 ngay nén
x=-y=9(2)

Tu (1) va(2)taco hé:
X=9+
14_1_1 L_Fl:l X:9+y y Xx=18
X y 6<49+y y 69 <4ly=9 &
y?-3y-54=0 y=9
X—y=9 X=9+y y=-6(1)

Vay thot gian dgi [ hoan thanh cong viéc 1a 18 (ngay) va thoi gian doi I
hoan thanh cong viéc 1a 9 ngay
Bai 2 : Pé thi vao 10 Ha Tinh (2018 — 2019).
Hai cong nhan cung lam mot cong viéc thi hoan thanh cong viéc trong 16
gi0. Néu nguoi thir nhat 1am 3 gid va ngudi thir hai 1am 2 gio thi ho 1am duogc

s cong viéc. Ho1 néu lam mgt minh moi nguodi lam trong bao 1au thi hoan

thanh cong viéc trong bao lau.

HUONG DAN GIAI:
Goi thoi gian ngudi thtr nhat hoan thanh cong viée 1a x (h), x>16, thoi
gian nguoi thur hai hoan thanh cong viéc la y (h), y >16.

Ac e v 1AL 1S 1 . A
Trong mot gido nguoi thir nhat lam duge — (cong viéce).
X

: : : 1 :
Trong mot gid nguoi thu hai lam dugce V (cOng vi€c).

Vi hai cong nhan hoan thanh cong viéc trong 16 (h) nén
1,1 1y
X y 16

Vi ngudi thir nhat 1am 3(h) va nguoi thir hai 1am 2 gio thi ho lam duoc %

cong viéc ta co : §+£:1 (2).
X Yy 6
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1 1 1
_+_:E
Xy
Tur (1) va (2) ta co hé I
(1) va (2) ta co hé 3 2 1 Q)
—_t —=—
X y 6
1
;:a a+b=% a=i W = 24
bat 1 UR= 1<:> 214<:>{ _ 48
~=b 3a+2b== |pb=— Y7
y 6 48

Viy ngudi thtr nhat lam mot minh trong 24 (h) xong cong viée
Ngudi thtr hai lam mdt minh trong 48 (h) xong cong viéc
Bai 3: Gidi bai todn sau bang cdach ldp phwong trinh hodc hé phirong trinh:

. o \ ne A A 12 . £ x. .
Hai nguoi cung lam chung mot cong viéc trong T g10 thi xong. Néu mo1 nguoi

lam mot minh thi nguoi thtr nhat hoan thanh cong viéce trong it hon nguoi thi hai
1a 2 gio. Hoi néu 1am mot minh thi mdi nguoi phai 1am trong bao nhiéu thoi gian
dé xong cong viéc?
HUONG DAN GIAL:

Goi thoi gian nguoi thi nhat hoan thanh mot minh xong coéng viée 1a x (gid),
DK x> 12

5
Thi thot gian nguoi thr hai lam mdt minh xong cong viée 1a x + 2 (gi0)

1

x+2

,/‘\/ . N\ N 4 /( \ 1 A - A L 4 . \
MOoi gio nguoi thir nhat lam dugc— (Cong viéc), nguoi thir hai lam dugc
X
(cong viéc)
1 9 . N \ \ A *A 12 Y A X e Y s . A
Vi cd hai nguodi cung lam xong cong viéc trong T &0 nén moi gio ca hai do1

12 5
1\ 1: - :_ A .« A
am duoc "1 ( cong viéc)

1 5
Do d6 ta co6 phuong trinh: —+ ==
P & X x+2 12
X+2+X 5
& ==
X(x+2) 12

<SBEx2—14x-24=0

A’ =49 + 120 = 169, VA =13
-13 - ) 13 2
=>x=7T3:?6 (loai) va x= 12 =?0=4(TMDK)
Vay nguoi thtr nhat 1am xong cong viée trong 4 gio,
nguoi thr hai lam xong cong viéc trong 4+2 = 6 gio.
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Bai 4: Dé tranh i mot doi bién phong dén git giup xa Chinh Cong mot canh
dong lua. Ho lam viéc dugc 4 gio thi c6 doi thi hai dén cung gat. Ca hai doi
cung git tiép trong 8 gid thi xong viéc. Hoi mdi doi git mot minh thi bao 1au s&
git xong? Biét rang néu git mot minh thi d6i thir nhat mat nhiéu thoi gian hon
doi tha hai 1a 8 gio.

HUONG DAN GIAI:
Goi thoi gian doi thir nhat gt mot minh xong viée 1a x (gid), (x > 8).
Thot gian doi thir hai gat mdt minh xong viéc 1a x - 8 (gi0)

. . : 1 \
Trong mot gid doi thu nhat gat duoc " (canh dong )
. . . 1 \
Trong moét gid doi thir hai gat duogc: 8 (canh dong )
A . an- . 12 \
Theo dau bai doi thr nhat da gat duogc: M (canh dong )

. . 8 )
doi thir hai da gat dugc: 3 (canh dong )

, . 12 8
Ta c6 phuong trinh: ~ + 8 1
Giai phuong trinh ta ¢6: x1 =4 (loai)
X2 = 24
Vay: Doi thir nhét git riéng trong 24 gid thi xong.
D01 thir hai gat riéng trong 16 gio thi xong.

Dang 6: Bai todn Chuyén déng
*Phwong phap:
Bai toan thuong gip: Chuyén dong cing chiéu, nguoc chiéu, trén dong nudc. ..
Goi S, V, T lan luot 1a Quang dudng, Van toc, Thoi gian ciia vat thé chuyén
dong.

Quiang duong: S=Vt

A LK S
Van toc: V=?

N S
Thot gian: t=;

Chuyén djng ciing chiéu:

- Hai xe chuyén dong cung chiéu trén cing mot quing duong, dén khi gip nhau:
Ta c6 phuong trinh: S1=S;

- Hai xe cing xuat phat, ma xe 1 dén trudc xe 2 13 t gio:
Ta c6 phuong trinh: t; - t; =t

Chuyén djng ngwoc chiéu:

- Hai xe chuyén dong nguoc chiéu ctng dén chd gip nhau:
Ta c6 phuong trinh: S;+ $,=S
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Chuyén djng trén dong nuwéc:

A\ = Vthuc + Viwse

Vaeuoe = Vinge - Viuse
*Bai tap:

Bai 1: Pé thi vao 10 Binh Dwong (2018 — 2019).

Mot nguoi du dinh di xe may du dinh di tir tinh A dén tinh B cach nhau
90km trong mot thoi gian da dinh. Sau khi duge 1 gi6 nguoil d6 nghi 9 phut.
Do d6, dé dén tinh B dung hen, ngudi 4y phai ting van toc thém 4km/h. Tinh
van toc luc dau cia ngudi do.

HUONG DAN GIAI:

Goi van toc lac ddu nguoi d6 dila x (km/h), x >0, Van tdc lac sau nguoi

do dila x+ 4 (km/h).

Thoi gian ngudi d6 dy dinh di luc dau 1a 90 (h)
X

90 - X
X+4 ")

Vi sau khi d1 mot gio nguoi d6 nghi 9 phtit nén ta cé phuong trinh
90 90-x
X x+4
< 9x? +276x—21600=0

—200
N == Q)
X, =36(tm)
Vay van tbc ban dau ngudi d6 di 1a 36 (km/h).
Bai 2: Hai nguoi di xe dap xuét phéat cing mot luc di tir A dén B. van toc ciia ho
hon kém nhau 3 km/h, nén dén B sém mudn hon nhau 30 phut. Tinh van tdc cua
mdi nguoi biét rang quing dudng AB dai 30 km.
HUONG DAN GIAI:

Thoi gian nguoi d6 di sau khi ting van toc 1a

9
=1+—(1
sV

f—

Déi: 30 phit = % (h)

Goi van toc ctia xe dap di cham 1a x (km/h) (diéu kién x > 0)
thi van toc ctia xe dap di nhanh 1a x+3 (km/h)

. . ... 30 . . . 30
Thoi gian xe dap di cham di 1a - (h), Thoi gian xe dap di nhanh di 1a 23 (h)
Theo bai ra hai xe dén B sém muon hon nhau 30 phit nén ta ¢6 phuong trinh:
30 30 1

X X+3 2
& 30.2.(x+3)—30.2.x = x.(x+3)
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< 60x+180—60x = X* +3X
< x*+3x-180=0
Taco: A=3"-4.1.(-180)=9+720=729>0 = /A =729 =27
A P e L ST
2.1 2 2.1 2
Nhan thdy x, =12> 0 (thoa man diéu kién), x, =—15<0 (loai)
Két luan: Van tdc cia xe dap di cham 1a 12 (km/h)
Van tdc cua cua xe dap di nhanh 13 12 + 3 = 15 (km/h)
Bai 3: Hai 6 t6 di tir A dén B dai 200km. Biét van tdc xe thir nhat nhanh hon vén
tdc xe thir hai 13 10km/h nén xe thir nhat dén B sém hon xe tht hai 1 gio. Tinh
van tbc mdi xe.

Phuong trinh ¢6 2 nghi¢m phan biét: x, =

HUONG DAN GIAL:
Goi van toc xe tht hai 1a x (km/h). Pk: x >0
Van toc xe thi nhat 13 x + 10 (km/h)

Thoi gian xe thir nhét di quang dudng tir A dén B 1 - % (gid)
X

Thoi gian xe thir hai di quang duong tir A dén B 1a g00 (g10)
X

Xe thtr nhat d¢én B sém 1 gid so véi xe thir hai nén ta c6 phuong trinh:
200 200

X X+10

Giai phuong trinh ta ¢ x1 = 40, X2 =-50 ( loai)

X; = 40 (TMPK). Vay vén téc xe thr nhat 1a 50km/h, van tc xe tht hai 1a

40km/h.,
Bai 4: Cho quing duong tir dia diém A t6i dia diém B dai 90 km. Luc 6 gio
mot xe may di tir A dé toi B Lic 6 gid 30 phat cing ngdy, mdt 6 to cling di tir
A dé t6i B voi van tc 16n hon véan toc xe may 15 km/h (Hai xe chay trén cing
mot con dudng dd cho). Hai xe ndi trén déu dén B cung luc. Tinh van tbc mdi
Xe.

HUONG DAN GIAI:
. .. . . 1
Xe may di trude 6 t6 thot gian 1a: 6 gio 30 phut - 6 gio = 30 phat = > h.

Goi van toc ctia xe may 1a x (km/h ) (x>0)
Vi van tdc 6 t6 16n hon vén toc xe may 15 km/h nén van tc cua 6 t6 1a x + 15
(km/h)
e a1 A o . . 90
Thoi gian xe may di hét quang duong AB la: - (h)

90
h
+15 ()

Thoi gian 6 t6 di hét quang duong AB 1a: ”
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D LS S
Do xe may di trudc 6 to 5 giova hai xe déu té1 B cung mdt lic nén ta céd

phuong trinh:
% —1 30 =>90.2.(x+15) — x(x+15) =90.2x
X 2 x+15
< 180%x+ 2700 — x? —15x =180x <> x? +15x—2700=0
Taco:

A =152 —4.(-2700) =11025> 0

JA =11025 =105
_ 17105 ~60 (khong théa man diéu kién)
X, = -15+105
2
Viy van tdc ctia xe may 1a 45 (km/h ), van tc ctia 6 t6 13 45 + 15 = 60 ( km/h ).
Bai 5: Mot ca nd chay xudi dong tir A dén B 1di chay ngugc dong tir B dén A
hét tat ca 4 gio. Tinh van téc ca nd khi nude yén ling, biét rang quing song AB
dai 30 km va van tbc dong nudc 1a 4 km/gio.
HUONG DAN GIAL:
Goi van tdc ctia ca nd khi nudc yén ling 13 x km/gior ( x > 4)
Van tdc clia ca nd khi xudi dong 1a x +4 (km/gio), khi nguoc dong 1a x - 4

=45 (théa man diéu kién)

30 . .
(km/gio). Thoi gian ca nd xudi dong tir A dén B la "y gi0, di ngugc dong

30
tr B dén A la y gio.

Theo bai ra ta ¢6 phuong trinh: 3—04 + % =4 (4

(4) = 30(Xx—4) +30(Xx+4) =4(x+4)(Xx—4) < x* —15x—-16 =0 <= x=-1

hoac x =16. Nghiém x = -1 <0 nén bi loai

Vay van tdc ctia ca nd khi nude yén ling 1a 16km/gio.

Bai 6: Mot 6 to du dinh di tir A dén B cach nhau 120 km trong mot thoi gian quy

dinh. Sau khi di dugc 1 gio thi 6 t6 bi chan béi xe ctru héa 10 phit. Do do dé

dén B dung han xe phai ting véan toc thém 6 km/h. Tinh van tbc lic dau ca 6 to.
HUONG DAN GIAI:

Goi x (km/h) la van téc du dinh; x > 0 => thoi gian du dinh : %(h)

Sau 1 gio 6 t6 di duoc x (km)=> quang duong con lai 120 - x ( km)
Van toc luc sau: x + 6 ( km/h)
1 120 X 120

1+= =
Phuong trinh: 1+ 6 a6 x > x =48 (TMDK).

Vay van toc lac dau cua 6 t6 1a 48 (km/h).
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Bai 7: Quang dudong AB dai 156 km. Mot nguoi di xe mdy tor A, mot nguoi
di xe dap tir B. Hai xe xuat phat cuing mdt Iic va sau 3 gio gap nhau. Biét
rang van toc cta nguoi di xe mdy nhanh hon véan toc cua nguoi di xe dap la
28 km/h. Tinh van t6c ctia moi xe?
HUONG DAN GIAI:
Goi van toc cua xe dap 1a x (km/h), diéu kién x > 0
Thi van tdc ctia xe may 1a x + 28 (km/h)
Trong 3 gio:
+ Xe dap di dugc quang duong 3x (km),
+ Xe may di duoc quang duong 3(x + 28) (km), theo bai ra ta c6 phuong
trinh: 3x + 3(x + 28) = 156
Giai tim x = 12 (TMbK)
Van toc cta xe dap 1a 12 km/h va van toc clia xe may 1a 12 + 28 = 40 (km/h)
Bai 8: Khoang cach giita hai bén séng A va b 1a 30 km. Mot ca nd di xudi dong
tir bén A dén bén B rdi lai nguoc dong tir bén B vé bén A. Tong thoi gian ca nd
di xudi dong va nguoc dong 1a 4 gid . Tim van tdc cta ca nd khi nude yén ling,
biét van téc ctia dong nudc 1a 4 km/h.
HUONG DAN GIAL:
Goi van toc ciia ca nd khi nudc yén ling 1a x(km/h) (dk: 4 < = < 30)
Van toc ctia ca nd khi xudi dong: x + 4 (km/h)
Van toc cta ca nd khi ngugc dong: x — 4 (km/h)

. . ) 3
Thoi gian ca n6 di xudi dong: i (h)

. . 30
Thoi gian ca nd di ngugc dong: ) (h)

Tong thoi gian ca nd di xudi dong va ngugce dong 1a 4h nén ta c6 phuong trinh:
30 30 Y

—— + —— =4 = x*-15x—16=0.Giai phuong trinh trén ta dugc:

X+4 x-4
x, = —1(khong théa DK)
x, = 16(théa DK)

Vay van toc ctia ca nd khi nuéc yén ling 1a 16km/h.
Bai 9:Quang duong tir A dén B dai 50km.Mot nguoi du dinh di xe dap tir
A dén B v6i van tde khong d6i.Khi di dugce 2 gid,ngudi ay dung lai 30
phut dé nghi.Mudn dén B dung thoi gian dd dinh,ngudi d6 phai ting van
tdc thém 2 km/h trén quing dudng con lai. Tinh vén tdc ban dau cia ngudi
di xe dap.

HUONG DAN GIAI:
Goi x(km/h) 1a vtéc dy dinh; x > 0 ; ¢6 30 phut = % (h)
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Thoi gian dy dinh : 5—)?(h)

Quang duong di dugc sau 2h : 2x (km)
Quang duong con lai : 50 - 2x (km)
Van toc di trén quing dudng con lai : x + 2 (km/h)

. . \ \ .. 950-2
Thoi gian di quang duong con lai: . 2X (h)
Theo d& bai ta c6 phuong trinh:
1 50-2x 50
2+—+ =—
2 X+2 X

Giai ra ta duoc : x = 10 (thoa diéu kién bai toan)
Vay van toc du dinh 1a 10 km/h
Bai 10: Quang duong tur Viét Tri dén Ha Noi dai 100 km. Cung mot lac, mot xe
may khoi hanh tir Viét Tri di Ha N§i va mdt xe 6 t6 khéi hanh tr Ha Noi di Viét
Tri. Sau khi hai xe gip nhau, xe may di 1 gid 30 phut nita méi dén Ha Noi. Biét
van tc hai xe khong thay doi trén sudt quing duong di va van tdc cliia xe may
kém van tdc xe 6 t6 1a 20 km/h. Tinh véan téc mdi xe.
HUONG DAN GIAI:
D6i 1h30 =1,5h
Patdiadiém: ,
-ViétTrila A
- Hai xe gdp nhau la C
-HaNo¢i laB
Goi van toc clia xe may 1a x(km/h) . DK : x>0.

Suyra:
Van toc clia 6 to 1a x+20 (km/h).

Quéng duong BC 1a : 1,5x(km)
Quéng duong AC 1a: 100-1,5x (km)

\ . . : 100-1,5
Thoi gian xe may di tir A dén C la: —X(h)
Thi gian 6 t may di tir B dén C 1a; o (h)

slan 010 ay o 20

100-1,5x  1,5x
X+ 20

Vi hai xe khdi hanh cung luc, nén ta c6 phuong trinh:

Giai phuong trinh:
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100-1,5x  1,5x
= =
X x+20
= 100x + 2000 —1,5x% —30x =1,5x>
= 3x%> —70x—2000=0
A'=352 +3.2000 =1225 + 6000 = 7225 > 0 = A" = /7225 =85
35+85

(100-1,5x)(x+20) =1,5x*

Phuong trinh ¢6 hai nghiém phan biét : X, = =40 (thoa man DK)

Xy = 35—;85 = —% (khong thoa man DK)
Viy van tdc clia xe may 13 40km/h .
Van toc cia 6 to 1a 40+20=60(km/h).
Bai 11: Hai xe 6 to cung di tir TP. Viét Tri dén Thai Nguyén, xe tht hai dén
som hon xe thi nhat 13 1 gio. Luc tré vé xe thir nhat ting van téc thém 5 km mdi
gid, xe thir hai van giit nguyén van toc nhung dimg lai nghi & mot diém trén
duong hét 40 phut, sau d6 vé dén TP. Viét Tri cing luc véi xe thir nhat. Tim van
tbc ban dau ctia mdi xe, biét chiéu dai quing duong tir TP. Viét Tri dén Thai
Nguyén 1a 120 km va khi di hay vé hai xe déu xuét phat cing mot lic.

HUONG DAN GIAI:
Goi véan toc ban dau cia xe thir nhét 1a x (km/h), xe thit hai 1a y (km/h). PK: x >0;
y >0.

. L 4 : ; - A 1 12
Thoi gian xe thir nhat di tr TP. Viét Tri dén Thai Nguyén la TO(h)

Thoi gian xe thit hai di tir TP. Viét Tri dén Thai Nguyén 13 %(h) .

Vi xe thir hai dén sém hon xe thr nhat 1a 1 gio nén ta co6 phuong trinh:
@_@:1(1)

X y
Vian toc ltc vé ciia xe thir nhat 1a x+ 5 (km/h).

N L - R ; ) 120
Thoi gian xe thir nhat vé tir Thai Nguyén dén TP. Viét Trix—+5(h) :

Thoi gian xe th hai vé tir Thai Nguyén dén TP. Viet Tri%(h) .

Vi xe thir hai dirng lai nghi hét 40ph =§h, sau d6 vé dén TP. Viét Tri cung ldc

v6i xe thir nhat nén ta c6 phuong trinh: £05 _120 _ % (2).
X+ y
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120 120

|

\ \ f 1A k) X y

Twr (1) va (2) ta ¢6 hé phuong trinh: 120 120 2
x+5 y 3

Giai hé phuong trinh:

120 120,

oy 120 120 1

120 120 2 X Xx+5 3

x+5 y 3

= 360(Xx+5)—360x = X(X+5) = x*+5x-1800=0

A:25+4.1800=7225>0:>\/Z:85.
-5+85

Phuong trinh c¢6 hai nghiém phéan biét: x, = =40 (théa man DK)

—5-85
X, = > —45 (khong thoa man PK)
Thay x=40 vao pt (1) ta dugc: %—% =1= % = 2= y =60 (thoa man DK).

Viy van toc ban dau ctia xe thtr nhét 1 40 km/h, xe thi hai 1 60 km/h.
Dang 7: Bai toan thuc té van dung

*Phwong phap:

Todn sir dung kién thivc Vit Iy, Héa hoc

‘. ‘A ) N m
- Tinh khoi luong riéng cua vat: D= v

(D: Khoi lwong riéng; m: Khoi lwong; V: Thé tich)
- Cong thuic tinh thanh phan phan trim cta chat c6 trong dung dich:

C% =t 1009%
mdd

(C%: Nong do phan tram; me: Khoi lwong chdt tan; mqg: Khoi wong dung dich)
*Bai tap:
Bai 1: Pé thi vao 10 Bic Ninh (2018 — 2019)
Mot nhom hoc sinh gém 15 ban gdm ca nam va nit tham gia budi lao dong
tréng cay. Cac ban nam tréng dugc 30 cdy, cac ban nita tréng dugc 36 cay.
MJi ban nam trong dugc sd cdy nhu nhau va mdi ban nit trong dugc sd ciy
nhu nhau. Tinh sb hoc sinh nam va hoc sinh nit ctia nhom, biét r(fmg ban nam
tréng nhiéu hon ban nira mot cay
HUONG DAN GIAI:
Goi sb ban nam trong cy lax, (xe N",x<15).
Vi nhom c6 15 hoc sinh ca nam va nit nén sb hoc sinh nir 1a 15-x
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Vi cac ban nam trong dugc 30 cdy nén mdi ban nam trong dugce sd ciy 1a
30
Vi cac ban nit trong duoc 31 cdy nén sb ciy cac ban nit trong dugc 13
31
15-x
Do mdi ban nam trong duoc nhiéu hon ban nitr mot cay nén:
30 31
X 15-x
Giai (1) ta dugc x, =75 (loai), X, =6
Vay s6 ban nam trong cdy 12 6 vasd ban nit trong cay 14 9
Bai 2: Pé thi vao 10 Phu Tho (2018 — 2019)
Hai ban Hoa va Binh c6 100 quyén sach. Néu Hoa cho Binh 10 quyén sach thi

-1 (1)

s6 sach cua Hoa bang g s6 sach cua Binh. Hoi lic ¢du mdi ban c6 bao nhiéu
quyén sach.
HUONG DAN GIAI:
Goi sd quyén sach ctiia Hoa lac dau la x (xe N™,x<100).
Goi sd quyén sach cta Binh lic dau1a y (ye N”,y <100)
Vi s6 sach cua hai ban 14 100 quyén nén: x+y =100 (1)

, , . 3
Do Hoa cho Binh 10 quyén sach thi s6 sach ciia Hoa bang > sO sach cua
Binh nén ta co:

x—10:g(y+10)<:>2x—3y:50 (2).

. . o X+ Yy =100 x=70
Tu (1) va (2) ta c6 hé sau: &

2x—-3y =50 y=30
Vay s6 sach ciia Hoa 1a 70 quyén va sd sach cta Binh 12 30 quyén
Bai 3: Mot phong hop c6 320 ghé ngdi dugc xép thanh ting diy va sé ghé mdi
diy déu bang nhau. Néu s6 diy ghé tang ting thém 1 va s6 ghé mdi diy ting
thém 2 thi trong phong c6 374 ghé. Hoi trong phong c6 bao nhiéu diy ghé va moi
diy c6 bao nhiéu ghé?

HUONG DAN GIAI:
Goi s diy ghé trong phong hop 13 x (ddy) (x e N")
Goi sb ghé trong mdi diy lay (ghé) (YeN")
Vi phong hop c6 320 ghé ngdi duoc xép thanh timg diy va sé ghé mdi day déu
bang nhau nén ta c6 phuong trinh: xy =320 (1)

LUYEN THI VAO LOP 10 Trang 110



Bién soan: Vii Xuin Hung-0965225972

Vi s6 diy ghé tang ting thém 1 va sb ghé mdi dy ting thém 2 thi trong phong
c6 374 ghé nén ta c6 phuong trinh: (X+1)(y+2) =374 (2)
Tu (1) va (2) ta ¢6 h¢ phuong trinh:
xy =320
(X+1)(y+2)=374
320
xy =320 xy =320 Y= y=320
= = = = X
Xy+2X+y+2=374 2X+Yy =52 320

2X +— =52 x? —26x+160=0
X

y:@ y:@ x=10 . X=16
S X S X = 30 hoac _ 20
X2 —26x+160=0 |x?—26x+160=0 Y~ Y=

Vay trong phong hop c6 10 diy ghé va mdi day co6 32 ghé
Hoic 1a trong phong hop c6 16 day ghé va mdi day c6 20 ghé
Bai 4: Trong dot quyén gop ung ho ngudoi nghéo, 16p 9A va 9B c6 79 hoc sinh
quyén gop duoc 975000 d¢dng. Mai hoc sinh I6p 9A déng gop 10000 dong, mdi
hoc sinh 16p 9B dong gop 15000 ddng. Tinh sb hoc sinh mai 16p.

HUONG DAN GIAI:
Goi x l1a s6 hoc sinh 16p 9A (X e N*va x < 79)
— S hoc sinh 16p 9B la: 79 - x (hoc sinh)
Lép 9A quyén gop duoc: 10000x (d6ng)
Lép 9B quyén gop duoc: 15000(79 - x) (dong)
Do ca hai 16p quyén gép duoc 975000 ddng nén ta co phuong trinh:
10000x + 15000(79 - x) = 975000
e 10X + 15(79 - X) = 975 < -5x = - 210> X = 42
Vay 1op 9A ¢6 42 hoc sinh; 16p 9B c6: 79 - 42 = 37 (hoc sinh)
Bai 5: Mot phong hop c6 360 chd ngoi va duoc chia thanh cac day co sé chd
ngdi bang nhau. Néu thém cho mdi day 4 chd ngoi va bét di 3 day thi s6 chd
ngdi trong phong khong thay ddi. Hoi ban dau s6 chd ngdi trong phong hop duoc
chia thanh bao nhiéu day?

HUONG DAN GIALI:
Goi x (day) 1a sé day ghé hic dau duoc chia tir s6 chd ngdi trong phong hop
(PK:x e N'va x> 3)

C o x a. x. » 360 x
S6 cho ngoi & moi day luc dau: — (cho)
Do thém cho mdi day 4 chd ngdi va bét di 3 day va s chd ngdi trong phong

khéng thay doi nén ta c6 phuong trinh: (% +4)(x — 3) = 360
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x=18
x =-15 (loai)
Vay lac dau sé chd ngdi trong phong hop duoc chia thanh 18 day.
111 - BAI TAP TU LUYEN
Gidi bai todn bang cdch lip Phwong trinh hodc Hé phwong trinh
DANG 1: BAI TOAN HINH HQC
Bai 1: Mot hinh chit nhét ¢6 chu vi 1a 134m. néu giam moi kich thudc cta vuon

=x2-3x—-270=0 <:{

di 1m thi dién tich cia vuon bang dién tich cta hinh vudéng c6 canh bang 28m.
Tinh cac kich thudc cua hinh chir nhat do.

Bai 2: Mot tam ton hinh chir nhat c6 chu vi 1a 48 cm. Nguoi ta cat bo mdi goc
mot hinh vudng cé canh 2cm r6i gap 1én thanh mot hinh hop chit nhat khong co
nép co thé tich 96 cm3. Tinh céc kich thudc cta hinh chit nhat ban dau.

Bai 3: Mot manh vuon hinh chit nhat ¢ chu vi 34m, néu ting chiéu dai 3m va
tang chiéu rong 2m thi dién tich ting thém 45m2. Hay tinh chiéu dai, chiéu rong
ctia hinh chit nhat lic dau.

Bai 4: Mot tam giac vudng c¢6 chu vi 1a 30m, canh huyén 13 cm. Tinh do dai
cac canh goc vudng cua tam giac vuong do.

Bai 5: Mot san hinh chit nhat ¢ dién tich 1a 240 m2. Néu tang chiéu rong thém
3m, giam chiéu dai 4m thi dién tich khong d6i. Tinh chiéu dai va chiéu rong.

Bai 6: Mot dam dat hinh chir nhat c¢6 chu vi 124m. Néu tang chiéu dai 5m va
chiéu rong 3m thi dién tich ting thém 225 m2. Tinh kich thudc cua hinh chir
nhat do.

Bai 7: Mot hinh chir nhét c6 chiéu rong ngin hon chiéu dai 1cm. Néu ting thém
chiéu dai ¥ cua nd thi dién tich hinh chit nhat d6 tang thém 3cm?2. Tinh dién tich
hinh chit nhat ban dau?

Bai 8: Tinh d6 dai 2 canh goc vudng cua 1 tam giac vudng, biét ring néu ting
mdi canh 1én 3 cm thi dién tich tam giac d6 sé ting 1én 36 cm?, va néu mot canh
giam di 2 cm, canh kia giam di 4 cm thi dién tich cia tam giac giam di 26 cm? .
Bai 9: Nha Lan c6 mot manh vuon tréng rau cai bap. Vuon duoc danh thanh
nhiéu lubng, méi ludng trong ciing mot sé cdy cai bip . Lan tinh rang : Néu ting
thém 8 ludng rau, nhung mdi ludng trong it di 3 cdy, thi sé cdy toan vuon it di
54 cay. Néu giam di 4 lubng , nhung mdi ludng trong ting thém 2 cay thi sb rau
toan vudn s& tang thém 32 cay. Hoi vuon nha Lan trong bao nhiéu cay rau cai
bap.

Bai 10: Mot san truong hinh chit nhat ¢6 chu vi 340 m. 3 lan chiéu dai hon 4 1an
chiéu rong 12 20 m . Tinh chiéu dai va chiéu rong cua san truong.

Bai 11: Mot manh dat hinh chit nhat ¢6 chu vi 80 m, néu tang chiéu dai thém 3
m , ting chiéu rong thém 5 m thi dién tich cia manh dét ting thém 195 cm?
.Tinh chiéu dai va chiéu rong cia manh dat.
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Bai 12: mot thara rudng hinh chit nhat |, néu ting chiéu dai thém 2 m va ting
chiéu réng thém 3 m thi dién tich ting thém 100 m2 Néu cing giam ca chiéu
dai va chiéu rong di 2 m thi dién tich giam di 68 m2 Tinh dién tich cua thua
ruong do.
Bai 13: Tinh chu vi cia mot hinh chit nhat , biét rang néu ting mdi chiéu hinh
chit nhat 18n 5 m thi dién tich hinh chir nhat ting 225 m2. Néu ting chiéu rong
l&n 2 m va giam chiéu dai di 5 m thi dién tich hinh chit nhat bing dién tich ban
dau.
Bai 14: Mot khu vuon hinh chir nhat ¢6 chu vi 1a 280 m. Nguoi ta lam 16i di
xung quanh vuon (thudc dat trong vuon) rong 2 m. Tinh kich thudc cta vuon,
biét rang dét con lai trong vuon dé trong trot 1a 4256 m?.
Bai 15: Cho mdt hinh chit nhat. Néu tang chiéu dai 1én 10 m, tang chiéu rong
1én 5 m thi dién tich taing 500 m2 Néu giam chiéu dai 15 m va giam chiéu rong 9
m thi dién tich giam 600 m?2. Tinh chiéu dai, chiéu rong ban dau.
Bai 16: Cho mdt tam giac vudng. Néu ting cac canh gbc vudng 1én 2 cm va 3
cm thi dién tich tam giac ting 50 cm? Néu giam ca hai canh di 2 cm thi dién tich
s€ giam di 32 cm?. Tinh hai canh géc vudng.

DANG 2: BAI TOAN TiM SO
Bai 1: Tim sb tu nhién c6 2 chir s6 , biét rang 2 lan chit sé hang don vi 16n hon
chir s6 hang chyc 1 don vi va néu 2 chit s ay viét theo chiéu nguoc lai thi duoc
1 56 mai (c6 2 chit s6 ) bé hon s6 cii 27 don vi .
Bai 2: Cho mét sb ¢d 2 chir s6 . Néu ddi chd 2 chit s6 cta né thi duoc mot sé 16n
hon chir s6 da cho 1a 63. tong caa sé da cho va sé mai tao thanh bang 99 . Tim
sb da cho
Bai 3: Cho mét s tu nhién cd 2 chit s6 .Néu doi cho 2 chir sé cia n6 thi duge
mot s6 16m hon s da cho 1a 36. tong cua s6 da cho va sb mai tao thanh 1a 110.
Tim sb da cho
Bai 4: Tim mot s ¢d 2 chir s6 , biét rang téng cac chir s6 1a 16, néu doi cho 2
chit s6 cho nhau ta dugc s6 mai nho hon sé ban dau 18 don vi.
Bai 5: Tim 2 s ty nhién , biét ring tong cua ching bang 1006 va néu lay s 16n
chia cho s6 nho thi dugc thuong 1a 2 s6 du 1a 124.
Bai 6: Tong cua 2 sé bang 59 . Hai 1an cua s6 nay bé hon 3 1an cua s6 kia la 7. Tim
2 56 do.
Bai 7: tim 2 s6 tu nhién , biét rang hiéu cua ching bang 1275 va néu lay s6 16n
chia cho s6 nho thi dugc thuong 1a 3 s6 du 125.
Bai 8: Néu tir s6 clia mdt phan sb duoc ting gap doi va mau sb thém 8 thi gia tri clia

A 1= 1 A 5 A A \ X A o~ A N s . A A1~ 5
phén s6 bang 1 Neéu tir s6 thém 7 va mau so tang gap 3 thi gia tri phan so bang 20

Tim phan so6 do.
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Bai 9: Tim mot s6 N gdm 2 chit sb, biét rang tong cac binh phuong hai chit sb
béng s6 do cong thém tich hai chir s6. Néu thém 36 vao sb do thi dugc mot sb co
hai chit s6 ma céc chir sb viét thir tu nguoc lai.
Bai 10: Tim mdt sd c6 2 chit s6 biét rang néu dem s6 d6 chia cho téng cac chir
s6 ciia n6 thi dugc thuong 1a 4 va du 1a 3. Con néu dem sb dé chia cho tich cac
chit s6 cua n6 thi duge thuong 13 3 va du 1a 5.

DANG 3: BAI TOAN TY LE %
Bai 1: Mot ngudi mua hai loai hang va phai tra tong cong 2,17 triéu dong , ké ca
thué gia tri gia taing (VAT) voi mic 10% ddi véi loai hang thir nhat va 8% déi
Vvé6i loai hang th hai . Néu thué VAT 1a 9% dbi véi ca hai loai hang thi nguoi d6
phai tra tong cong 2,18 triéu dong. Hoi néu khong ké thué VAT thi ngudi d6
phai tra bao nhiéu tién cho méi loai.
Bai 2: Nam ngodi , hai don vi san xuat nong nghiép thu hoach 720 tan théc .
Nam nay , don vi thtr I lam vuot muac 15% , don vi thi I lam vuot muc 12% so
véi mim ngoai . Do d6 ca 2 don vi thu hoach duoc 819 tan thdc . Hoi mdi nim,
mdi don vi thu hoach duoc bao nhiéu tan théc.
Bai 3: Hai xi nghiép theo ké hoach phai lam tong cong 360 cong cu . Nho sap
xép hop ly day chuyén san xuat nén xi nghiép I da vuot mac 125 ké hoach , xi
nghiép II da vuot mac 10% ké hoach . Do d6 ca xi nghiép di lam dugc 400
cong cu . Tinh s6 dung cu mdi xi nghiép phai 1am theo ké hoach.
Bai 4: Thang thir nhat hai to san xuat dugc 800 san pham. Sang thang thua hai to
1 vuot 15%.t0 2 vuot 20%. Do d6 cudi thang ca hai to xan xuat duoc 945 san
pham. Tinh xem trong thang tha nhat mdi td san xuat dugc bao nhiéu san pham
Bai 5: Mot khéi 16p to chuc di tham quan bang 6 t6. Mdi xe chd 22 h/s thi con
thira 01 h/s. Néu bét di 01 6t6 thi c6 thé xép déu cac h/s trén cac 6td con lai. Hoi
lac dau c6 bao nhiéu 6td, bao nhiéu h/s. Mdi xe cha khong qué 32 his.
Bai 6: Mot phong hop ¢6 360 ghé ngoi duoc xép thanh tung hang va sé ghé ¢
mdi hang bang nhau. Néu s6 hang tang thém 1 va s6 ghé & mdi hang ting thém
1 thi trong phong c6 400 ghé. Hoi c6 bao nhiéu hang, mdi hang c6 bao nhiéu
ghé?
Bai 7: Hai nguoi tho clng 1am mot céng viéc trong 16 gio thi xong. Néu ngudi
thir nhat 1am 3 gio va ngudi thir 2 1am 6 gio thi ho 1am dugc 25% cong viéc. Hoi
mdi ngudi 1am mot minh cdng viéc d6 trong may giodi thi xong?
Bai 8: Mot phong hop ¢6 360 ghé ngoi duoc xép thanh ting hang va sé ghé ¢
mdi hang bang nhau. Néu s6 hang tang thém 1 va sé ghé & mdi hang tang thém
1 thi trong phong c6 400 ghé. Hoi c6 bao nhiéu hang, mdi hang c6 bao nhiéu
ghé?
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Bai 9: Hai nguoi tho clng 1am mot céng viéc trong 16 gio thi xong. Néu ngudi
thir nhat 1am 3 gio va ngudi thir 2 1am 6 gio thi ho 1am dugc 25% cong viéc. Hoi
mdi ngudi 1am mot minh cdng viée d6 trong may giodi thi xong?
Bai 10: mot dung dich chia 30% axit nitoric (tinh theo thé tich ) va mot dung
dich khac chira 55% axit nitoric .Can phai tron thém bao nhiéu lit dung dich loai
1 va loai 2 dé duogc 100lit dung dich 50% axit nitoric?

DANG 4: BAI TOAN NANG SUAT
Bai 1: Mot doi tho mo phai khai thac 260 tan than trong mot thoi han nhét dinh.
Trén thue té, mdi ngay doi déu khai thac vuot dinh muc 3 tn, do d6 ho di khai
thac duoc 261 tan than va xong trudc thdi han mot ngay. Hoi theo ké hoach mdi
ngay doi tho phai khai thac bao nhiéu tin than?
Bai 2: Mot xi nghiép co ké hoach san xuit 180 tn dung cu trong moét thoi gian
da dinh. Nhung nho tinh than thi dua, nén mdi ngay xi nghiép san xuat nhiéu
hon murc du kién 1 tan; chang nhitng rat ngan thoi gian dy dinh 1 ngdy ma con
san xuat thém 10 tdn ngoai ké hoach. Hoi thoi gian du kién bao nhiéu ngay ?
Mdi ngay du kién lam ra bao nhiéu tan dung cu ?
Bai 3: Trén mot canh dong cy 60 ha lta gibng méi, 40 ha lua gidéng cii . Thu
hoach dugc tat ca 460 ha tan thoc. Hoi nang suat mdi loai lda trén 1 ha I1a bao
nhiéu biét rang 3 ha tréng lta mai thu hoach duoc it hon 4 ha trong laa cii 1a 1
tan.
Bai 4: Hai t6 hoc sinh trong dugc mot s6 ciy trong san truong.
Néu lay 5 cay cua to 2 chuyén cho to6 mot thi s6 cay trong duoc cua ca hai to s&
bang nhau. Néu lay 10 cay caa té6 mot chuyén cho t6 hai thi sé cay trong duoc
cua to hai s& gap doi s6 cay cua té mot.
Héi mdi t6 trong dwroc bao nhiéu cay?
Bai 5: Mot doi xe can chuyén ché 120 tin hang. Hom lam viéc c6 2 xe phai diéu
di noi khac nén mdi xe phai chd thém 16 tan. Hoi dgi co bao nhiéu xe?
Bai 6: Mot nha may dy dinh san xuat chi tiét may trong thoi gian da dinh va du
dinh s& san xuat 300 chi tiét may trong mot ngay. Nhung thuc té mdi ngay da
lam thém dugc 100 chi tiét, nén da san xuét thém duoc tat ca 1a 600 chi tiét va
hoan thanh ké hoach truéc 1 ngay. Tinh sb chi tiét may du dinh san xuat.
Bai 7: Mot co s¢ danh ca du dinh trung binh mdi tudn danh bat duoc 20 tan ca ,
nhung di vuot muc duoc 6 tin mdi tudn nén chang nhitng di hoan thanh ké
hoach sém 1 tudn ma con vuot mic ké hoach 10 tin . Tinh muc ké hoach da
dinh
Bai 8: Mot doi xe can chuyén chd 36 tan hang . Triroc khi 1am viéc doi xe d6
duoc bd xung thém 3 xe nita nén mdi xe chd it hon 1 tan so voi du dinh . Hoi
d6i xe luc dau c6 bao nhiéu xe ? Biét rang sb hang cho trén tat ca cac xe c6 khbi
luong bang nhau.
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DANG 5: BAI TOAN CHUNG RIENG
Bai 1: Hai may cdy cung cay mot dam rudng. Néu ca hai may ciung lam thi sé
cay song trong 4 ngdy. Néu cay riéng thi may 1 s& cay song nhanh hon may 2 1a
6 ngay. Hoi néu cay riéng thi mdi may cay song dam ruéng sau bao nhiéu ngay.
Bai 2: Mot t6 may mic dinh may 600 4o trong thoi gian d dinh. Nhung do cai
tién k¥ thut nén ning suit ting 1én, mdi ngdy 1am thém 4 40, nén thoi gian san
xudt giam 5 ngdy. Hoi mdi ngay t6 du dinh may bao nhiéu 4o.
Bai 3: Mot t6 may mic dinh may 150 bd quan 4o trong thoi gian da dinh.
Nhung do cai tién k¥ thudt nén ning suat ting 1én, mdi ngdy lam thém 5 bd quan
40, nén thoi gian san xuat giam 1 ngdy so véi du dinh. Hoi mdi ngay t6 du dinh
may bao nhiéu ao.
Bai 4: Néu hai voi nudc cing chay vao mot bé khong c6 nude thi sau 4h day
bé. Néu cho chay riéng day bé thi voi 1 can it thoi gian hon voi 2 1 6h. Hoi néu
chay riéng thi mdi voi chay day bé sau bao lau.
Bai 5: Mot to may mic cb ké hoach may 720 b quan 4o theo ning xuat du kién.
Thoi gian 1am theo ning xuat ting 10 san pham mdi ngay kém 4 ngay so voi
thoi gian 1am theo ning xuét giam di 20 san pham mdi ngdy ( ting, giam so voi
nang xuat du kién ). Tinh ning xuat du kién.
Bai 6: Hai doi cong nhan cung lam mot cong viéc. Néu hai doi lam chung thi
hoan thanh sau 12 ngay. Néu mdi doi lam riéng thi doi mot s& hoan thanh cong
viéc nhanh hon d6i hai 1a 7 ngay. Hoi néu lam riéng thi mdi doi phai 1am trong
bao nhiéu ngdy dé hoan thanh cong viéc d6?
Bai 7: Hai d6i cong nhan cung lam mot doan duong trong 24 ngay thi xong.
MG&i ngay phan viéc ctua doi A lam duoc nhiéu gip rudi doi B. Hoi néu lam mot
minh thi mdi d6i lam xong doan dudong dé trong bao 1au?
Bai 8: Hai doi cong nhan cung 1am 1 doan duong trong 24 ngay thi xong .Moi
ngay , phan viéc doi A lam gap rudi doi B. Hoi néu lam mot minh thi méi doi
lam xong doan dudng do trong bao lau.
Bai 9: Hai nguoi tho ciing 1am chung mét cong viéc trong 16 gio thi xong . Néu
ngudi thir nhat 1am 3 gio va nguoi tha hai 1am 6 gio thi chi hoan thanh dugc
25% cdng viéc . Hoi néu 1am riéng thi mdi ngudi hoan thanh cdng viéc do trong
bao lau.
Bai 10: Hai doi xay dung lam chung mét cong viéc va du dinh hoan thanh trong
12 ngay . Nhung khi lam chung dugc 8 ngay thi doi I duoc diéu dong di lam
viéc khéac . Tuy chi con mot minh d6i 11 1dm viéc nhung do cai tién cach lam |
nang suat cua doi Il ting gap ddi , nén ho da lam xong phan viéc con lai trong
3,5 ngay . hoi véi ning sudt ban dau , néu mdi doi 1am mot minh thi phai 1am
trong bao nhiéu ngay mai xong cdng viéc trén.
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Bai 11: Hai nguoi tho cung xay mét but tuong trong 7 gio 12 phut thi xong ( voi
vita va gach c6 cong nhan khac van chuyén) . Néu ngudi thir nhat 1am trong 5

gio va nguoi tha hai lam trong 6 gio thi ca 2 xay duoc 7 buc twong . H6I moi

ngudi lam mot minh thi bao lau xay xong buc tuong.

Bai 12: Hai cong nhan cung son ctra cho mot cong trinh trong 4 ngay thi xong
viéc. Néu nguoi thir nhat 1am mot minh trong 9 ngay va ngudi tht hai dén 1am
tiép trong 1 ngay nira thi xong viéc . Hoi mdi ngudi 1am mot minh thi bao l1au
xong Viéc.

Bai 13: Hai can cau Ion béc v& mét 16 hang & cang Sai Gon. Sau 3 gio thi cd
thém 5 can cau bé ( cdng suit bé hon ) cung lam viéc .ca 7 can cau lam viéc 3
gio nira thi xong. Hoi mdi can cau 1am viéc mot minh thi bao 1au xong viéc , biét
rang néu ca 7 can cau cung lam viéc tir dau thi trong 4 gio xong viéc.

Bai 14: Hai t6 congnhan cing lam chung mot cong viéc va du dinh hoan hanh
trong 6 gio . Nhung khi lam chung trong 5 gio thi to II dugc diéu dong di lam
viéc khac . Do cai tién cach 1am, ning suét cua to I ting 1,51an, nén to I da hoan
thanh nét phan viéc con lai trong 2 gio . Hoi véi ning suat ban dau , néu mai to
lammot minh thi sau bao nhiéu gio méi xong cong Vviéc.

Bai 15: C6 hai voi nudc, voi 1 chay day bé trong 1,5 gio, voi 2 chay day bé
trong 2 gid. Nguoi ta d cho voi 1 chay trong mot thoi gian, roi khoa lai va cho
vOi 2 chay tiép, tong cong trong 1,8 gid thi day bé. Hoi mdi voi da chay trong
bao lau?

N = . N e 4 '3 hY A A r A Jé J4 N 4 HY
Bai 16: Hai voi nudc chay vao mot bé nudce can(khong co nudce) thi sau 4§ gio

day bé. Néu luc dau chi mé voi thir | va 9 gio sau mé thém voi tha 11 thi sau E

gid méi day bé . Hoi néu ngay tir dau chi mé voi thi 11 thi sau bao 1au méi day
bé.
Bai 17: Néu 2 voi nudc cling chay vao mot bé nudc can ( khong c6 nudc) thi bé
s& day trong 1 gio 20 phat. Néu mo voi thtr nhat trong 10 phat va voi thi hai
s 2 2y A A TR ST
trong 12 phut thi chi duoc 1 b&. Hoi néu ma riéng ting voi thi thoi gian d€ moi voi
chay day bé la bao nhiéu.
Bai 18: Hai voi nudc cing chay vao mot bé can thi sau 1 gio 30 phut day bé .
Néu ma voi thir nhat trong 15 phut rdi khoa lai va ma voi tha hai cho chay tiép
. - 1 . N T P s s A
trong 20 phat thi sé dugc c bé . Hai néu moi voi chay mot minh thi bao lau sé

dau bé.
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Bai 19: Hai voi nudc chay vao mot bé can thi bé s& day say 1 gio 12 phat . Néu
.. : fe o x o as i 17
voi thir nhat chay trong 30 phut va voi tha hai chay trong 45 phut thi day % bé

. Hoi néu chay mot minh thi mai voi chay bao 1au méi day bé.
Bai 20: Néu m¢ ca hai voi nudc chay vao mét bé can thi sau 2 gio 55phit bé
day bé. Néu ma riéng tirng voi thi voi thir nhat lam day bé nhanh hon voi thi hai
1a hai gio. Hoi néu mé riéng ting voi thi mdi voi chay bao 1au day bé?
Bai 21: Hai t6 cong nhan lam chung trong 12 gio s& hoan thanh xong cong viéc
da dinh. Ho 1am chung véi nhau trong 4 gid thi t tha nhat dugc didu di 1am viéc
khéc, t6 tha hai 1am nét cong viéc con lai trong 10 gio . Hoi t6 thar hai 1am mot
minh thi sau bao 1au sé hoan thanh cdng viéc.
Bai 22: Hai ngudi tho cung lam mot cong viéc trong 16 gio thi xong . Néu
nguoi thir nhat 1am 3 gio va nguoi the hai 1am 6 gio thi ho lam duoc 25%
congviéc . Hoi mdi ngudi 1am cong viéc d6 trong may gio thi xong.

DANG 6: BAI TOAN CHUYEN PONG
Bai 1: Hai nguoi di xe dap Xuat phat cung mot luc di tir A dén B. Van tdc cua ho
hon kém nhau 3 km/h nén ho dén B sém mudn hon nhau 30phut. Tinh van tbc
ctia mdi ngudi, biét quing dudng AB dai 30 km.
Bai 2: Mot chiéc thuyén khoi hanh tir mot bén song A. Sau 5h30p mot ca nd
dudi theo va dudi kip thuyén tai mot dija diém cach bén song A 20 km. Héi van
tdc cia thuyén biét van tdc cua ca nd chay nhanh hon thuyén 1a 12km/h.
Bai 3: Hai nguoi di xe dap khoi hanh cung mot Iuc tir hai dia diém A, B cach
nhau 54 km, di nguoc chiéu nhau va gip nhau sau 2h. Tinh van tdc cta hai
nguoi do biét rang van tdc cia nguoi di tir A bang  vén tdc cta nguoi di tir B.
Bai 4: Mot nguoi di xe dap tir tinh A dén tinh B cach nhau 50 km. Sau d6
1h30p, modt nguoi di xe may ciing di tir A dén B va dén B trudc nguoi di xe dap
1h. Tinh van toc ctia mdi xe biét van toc clia xe may gap 2,5 lan van toc xe dap.
Bai 5: Mot 6td chuyén dong déu véi van téc di dinh dé di hét quing duong
120km. Bi duoc nira quing duong, xe nghi 3p nén dé dén noi ding gio xe da
phai ting van tdc thém 6km/h trén nira quing duong con lai. Tinh thoi gian xe
lan banh trén duong.
Bai 6: Mot nguoi di xe dap tir A dén B trong mot thoi gian da dinh. Khi con
cach B 30 km, ngudi d6 nhan thy rang sé dén B mudn nira gid néu giit nguyén
vén toc dang di, nhung néu ting van toc thém Skm/h thi s& dén B som nira gio.
Tinh van tdc cta xe trén quing duong di lac dau.
Bai 7: Mot nguoi di xe dap tir A dén B cach nhau 33 km véi vén toc xac dinh.
Khi tir B trd vé A nguoi dy di bang con duong khac dai hon trudce 29 km nhung
v6i van tdc 16n hon vén tdc lac di 3km/h. Tinh van toc lac di, biét thoi gian vé
nhiéu hon thoi gian di 1h30p.
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Bai 8: Hai bén song A, B cach nhau 40 km. Cung mét lac véi ca nd xudi bén tir
bén A c6 mot chiée bé troi tir bén A véi van tde 3km/h. Sau khi dén bén B, ca nd
tré vé bén A ngay va gap be khi da tréi duge 8km. Tinh van tdc riéng cua ca nd,
biét rang vén tdc riéng cua ca nd khong doi.

Bai 9: Mot ca nd chay xudi dong tur bén A dén bén B, rdi lai chay nguoc dong tu
bén B trd vé bén A mat tit ca 4h. tinh van tdc cua cand khi nude yén lang, biét
quing song AB dai 30km va van toc ctiia dong nudc 1a 4km/h.

Bai 10: Pé di doan dudng tir A dén B, mot xe may da di hét 3h20 phut, con mot
6t chi di hét 2h30phut. Tinh chiéu dai quing duong AB biét rang van tbc clia
6t0 16n hon van toc xe may 20km/h.

Bai 11: Hai nguoi ¢ hai dia diém A va B cach nhau 3,6 km, khai hanh cung mot
lac nguge chidu nhau va gip nhau & mot diém cach A 1a 2km. Néu ca hai cing
giit nguyén van toc nhung ngudi di chim hon xuét phat trude ngudi kia 6 phut
thi ho s& gap nhau ¢ chinh gitta quing dudng. Tinh van toc ciia mdi nguoi.

Bai 12: Mot chiéc thuyén khoi hanh tir bén séng A. Sau d6 5h20° mot chiéc
cano chay tir bén song A dudi theo va gip chiéc thuyén tai mot diém cach bén A
20km. Hoi van tdc cia thuyén, biét rang cano chay nhanh hon thuyén 12km.
Bai 13: Mot nguoi di xe dap di tir dia diém A dén dia diém B cach nhau 30km.
Khi tir B trd vé A, ngudi d6 chon con duong khac dé di hon nhung dai hon con
duong cii 6km. Vi thé, khi di vé véi van tée 16n hon van tbe lac di 1a 3km/h nén
thoi gian vé it hon thoi gian di 20 phut. Tinh vén toc lic di.

Bai 14: Hai nguoi di xe dap cung khéi hanh tai mot dia diém vé hai hudng
vuodng goc voi nhau. Sau 2 gio ho cach nhau 60km theo duong chim bay. Tim
van toc ciia mdi ngudi. Biét rang van tdc ctia ngudi ndy hon van tde nguoi kia 1a
6km/h.

Bai 15: Mot xe gan may di tir A dén B cach nhau 150km. Néu mdi gio xe ting
thém 10km thi dén B som hon thoi gian du dinh 1a 30 phat. Tim van toc ban
dau?

Bai 16: Hai tinh A va B cach nhau 42km. Mot chiéc tau di tir tinh no dén tinh
kia. Khi di ngugc dong song tir A t6i B thi van téc ctia nd nho hon van téc lic
xudi dong 13 4km/h. Tinh van téc cua chiéc tau khi xudi dong va khi nguoc
dong, biét rang thoi gian nguoc dong nhiéu hon thoi gian xudi dong 1a 1 gid 12
phut.

Bai 17: Mot tau thuy chay trén mot khiic song dai 80km, ca di 13n vé mat 8h20’.
Tinh van téc cua tau khi nudc yén ling, biét rang van toc ctia dong nudc la
4km/h.

Bai 18: Mot chiéc thuyén khai hanh tir bén song A. Sau d6 5h20° mét chiée
cano chay tir bén song A dudi theo va gip chiéc thuyén tai mot diém cach bén A
20km. Hoi van tdc cua thuyén, biét ring cano chay nhanh hon thuyén 12km.
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Bai 19: Mot ngudi di xe dap di tir dja diém A dén dja diém B cach nhau 30km.
Khi tir B tré vé A, nguoi d6 chon con duong khac dé di hon nhung dai hon con
duong cit 6km. Vi thé, khi di vé voi van tdc 16n hon van tdc luc di 1a 3km/h nén
thoi gian vé it hon thoi gian di 20 phat. Tinh van toc lac di.
Bai 20: Quing dudng song AB dai 78 km. Mot chiéc thuyén may di tir A vé
phia B. Sau d6 1 gio, mot chiéc ca nd di tir B vé phia A. Thuyén va ca nd gip
nhau tai C cach B 36 km. Tinh thoi gian ctia thuyén, thoi gian cta ca nd da di tir
lac khoi hanh dén khi gap nhau, biét van tdc cta ca nd 1én hon van tc cua
thuyén 1a 4 km/h.

DANG 7: BAI TOAN THU'C TE VAN DUNG
Bai 1: Mot hoi dong thi c6 390 thi sinh phan déu cac phong. Néu xép mdi phong
thi thém 4 thi sinh thi s6 phong thi s& giam di 2 phong. Hoi luc dau mdi phong
thi du dinh xép bao nhiéu thi sinh ?
Bai 2: S tien mua 9 qua thanh yén va 8 qua tao ring thom 1a 107 rupi. S6 tién
mua 7 qua thanh yén va 7 qua tao rimg thom 1a 91 rupi . Hoi gia mdi qua thanh
yén va mdi qua t4o rimg thom 1a bao nhiéu rupi.
Bai 3: Hai anh Quang va Hung gép vén cung kinh doanh . Anh Quang gop 15
triéu ddng . Anh Hing gop 13 triéu dong . Sau mot thoi gian duoc 13i 7 triéu
dong . Lai duoc chia ti 18 vai von da gop . Hay tinh tién 14 mdi anh duoc huong.
Bai 4: Bay nam trudc tudi me bang 5 lan tudi con cong thém 4. Nam nay tudi
me Vvira ding gap 3 1an tudi con . Ho6i nim nay mdi ngudi bao nhiéu tudi.
Bai 5: HOm nay me ctia Lan di cho mua 5 qua trang ga va 5 qua trang vit hét 10
000 déng . HGm nay me Lan mua 3 qua trirng ga va 7 qua tring vit chi hét 9600
ddng va gia trang thi van nhu cii . Hoi gia mot qua trang mai loai 1a bao nhiéu.
Bai 6: Trong phong hoc c6 mot s6 ban ghé dai. Néu xép mdi ghé 3 hoc sinh thi
6 hoc sinh khdng cd chd ngdi . Néu xép mdi ghé 4 hoc sinh thi thira mot ghé .
Hoi 16p ¢6 bao nhiéu ghé va bao nhiéu hoc sinh.
Bai 7: Pé sira mot ngdi nha can mot sé tho 1am viéc trong mot thoi gian quy
dinh . Néu giam 3 nguoi thi thoi gian d6 kéo dai 6 ngay , néu ting thém 2 nguoi
thi thoi gian sém 2 ngay . Hoi theo quy dinh thi can bao nhiéu tho va lam trong
bao nhiéu ngay . Biét ring kha niang lao dong cua mdi cong nhan déu nhu nhau.
Bai 8: Trong mot phong hop c6 mot sé ghé dai . Néu xép mdi ghé 5 ngudi thi co
9 ngudi khong c6 chd ngdi , néu xép ghé 6 nguoi thi thira 1 ghé . Hoi phong hop
c6 bao nhiéu ghé va bao nhiéu ngudi du hop.
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CHUYEN DE 6
BAT PANG THUC - TIM GIA TRI MIN - MAX CUA BIEU THUC
| - KIEN THUC CAN NHO
1. Phwong phap chung
- K§ thuat bién d6i twong duong
- K¥ thuat minh phan ching
- K§¥ thuat quy nap toan hoc
- K§ thuat mién gia tri
- K¥ thuat sir dung nguyén li Diricle
- K¥ thuat tam thtrc bac hai
2. Phuong phap riéng:
2.1. Sir dung mét sé bét ding thirc cé dién théng dung:
a) x*+y?>2xy
b) x> +y?>| xy | ddu(=)khix=y=0
C) (x+y) >4xy
a b
d) o + " >2
2.2. Bdt ddng thitc Cauchy (Cosi):
a, +a, +e|;3 +....+an2nm Véi a >0
2.3. Bdt ddng thitc Bunhiacopski:
(a22 +al+...+ a,f)(xf X2 )2 (A% 3%, kA X, )
2.4. Bdt ddng thiic Tré- Bu-Sép:
as<b<c aA+bB+cC>a+b+c A+B+C

Néu {

A<B<C ~ 8 3 3

NEw {agbgc :>aA+bB+cCSa+b+c.A+B+C

A>B>C 3 3 3
Dé’ub:ﬁmgxé’lyrakhi{a:b:C
A=B=C

11 - BAI TAP MINH HOA

Bai 1:V X, y, z Chiing minh rang :

a)x* +y’ +2z2*> Xy+yz+zX

b) x* +y? +z?% > 2xy - 2xz + 2yz
C)X* +y? +72*+3>2(x+y+2)

HUONG DAN GIAI:
a) Ta xét hieu: x* +y° +z*-xy - yz - zx

1
=E.2.(X2 +y? +2°-Xy - yz - 7X)
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1 . .- .
=5 [(x— Y)? +(x-2)% +(y— 2)2]2 0 ding v6i moi x;y;ze R

Vi (x-y)*>0 v6iVx ; y Dau bang xay ra khi x=y

(x-2)*>0 Vv6iVx ; z Dau bang xay ra khi x=z

(y-z)*>0 v6iV z; y Dau bang xay ra khi z=y

Vay x* +y? +z° > xy+ yz+ zx. Dau bang xay rakhi x =y =z
b)Ta xét hicu: x* +y* + 2% - (2xy - 2xz +2yz )

=x’ +y’ +2z%- 2xy +2xz -2yz

=(x-y+2z)? >0 ding v6i moi x;y;ze R

Vay x> +y? +z? > 2xy - 2xz + 2yz diing v6i moi x;y;ze R . Ddu bang xay ra
khi x+y=z

c) Taxéthieu: x* +y> +z*+3-2(x+y+z)

=x’-2x+1+y? -2y +1 +2z*-2z+1

= (x-1)'+ (y-1) *+(z-1)* > 0. Dau(=)xay ra khi x=y=z=1

Bai 2:Ching minh rang :

2 2 2 2 2 2 2
2) a?+b 2(a+bj b) a’+b*+c 2(a+b+cj
2 2 3 3
HUONG DAN GIAI:
2 2 2
a) Taxéthiéu:a ;b _(a;b]

_Z(a2 +b2)_a2 +2ab +b?
4 4

:%(Za2 +2b% —a? —b? —2ab)

1 2 2 2 ) . )
=, (a-bf'20.vay ° ;b z[a;bJ . Ddu biing xdy ra khi a=b
b)Ta xét hié¢u:
a®+b*+c’ _(a+b+cj2
3 3

2 2 2 2
= fa-by +o-of +lc-af]>0. vay 2T EC z("“b”j

3 3
Dau bang xay ra khi a=b =c.

Bai 3:Cho a, b, c, d,e 1a cdc s6 thuc chiing minh rang:
2

a) a’ +b— > ab
4

b)a’+b*+1>ab+a+b

c)a’+b’+c’+d?+e’>alb+c+d+e)

HUONG DAN GIAI:
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2
a) a2+b72ab < 4a’ +b® >4ab < 4a’ -4a+b* >0

<(2a-b)’ >0  (bat dang thic ndy luon ding)

Vaya’® + % >ab (dau bang xdy ra khi 2a=b)

b) a’*+b*+1>ab+a+b < 2(a®+b®+1)>2(ab+a+b)

< a’-2ab+b*+a’-2a+1+b*-2b+1>0

< (a—-b)? +(a—1)? + (b—1)? > 0(bat dang thiic ny luon ding)
Vay a’? +b? +1>ab+a+b. Dau bang xay ra khi a=b=1

c) a’+b?+c?+d’+e’>alb+c+d+e)

<4 a®+b?+c?+d? +e? )>4alb+c+d+e)

& (a? —4ab+4b? )+ (a® —4ac + 4c? )+ (a® — 4ad + 4d? )+ (a? —4ac+4c?)2 0
o (@a-2b) +(a—2c)’ +(a—2d)’ +(a—2c) >0

Bat dang thitc diing vay ta c6 diéu phai chiing minh.

Bai 4:Chtmg minh rang(a® +b® fa? +b?)> (a® +b® fa* +b*)

HUONG DAN GIAI:
(a10 +b" XaZ + b2)2 (a8 + bSXa4 + b4)
< a? +a”b’ +a’h” +b” >a” +a’h’ +a’b® +b*
& a®b?(a? —b?)+a?b?(b? —a%)> 0
< a’b*(a>-b?)(@%b%> 0 < a’b*(a’-b’)*(a*+ a’b*+b*) > 0
Bat dang thitccudi ding vay ta c6 diéu phai chiing minh,

2 2

Bai 5:Cho x.y =1 va x.y. Chitng minh ~——2— > 22

X-y
HUONG DAN GIAI:
2 2
thz >2J2 vi:xx)y nén x-y) 0 =x>y>> 242 (x-y)

= X34y 242 x+2V2y 20 xP4y42- 2V2 x+2V2y -2 20
= x2+y2+(x/§ $- 242 x+242 y -2xy >0 vi x.y=1 nén 2.x.y=2
= (x-y-v2)*> 0 Diéu nay luon luon diing . Vay ta c6 diéu phii ching minh

Bai 6:Cho a, b ,c 1a cdc s6 khong am ching minh rang: (a+b)(b+c)(c+a)> 8abc

HUONG DAN GIAI:
Dung bat dang thic phu: (x+y)? > 4xy
Tac6:(a+bf >4ab; (b+c)’ >4bc; (c+a) >4ac
— (a+bY (b+c)’ (c+a)’ > 64ab’c® = (8abc)’
= (a+b)(b+c)(c+a) > 8abc.
Diu “="xayrakhia=b=c
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Véya® +b? +c? +d? +a(b+c)+b(c+d)+d(c+a)>10

Bai 7:Cho a>b>c>0 va a® +b” +c¢® =1. Chiing minh ring: > + + 1
- b+c a+c a+b 2

HUONG DAN GIAI:

a’>hb?>c?
Do a,b,c d6i xting ,giasta>b>c =4 & S b 5 C
b+c a+c a+b

ap dung BDT Tré- bu-sép ta c6

a’— 2 4p? b +c?C >a2+b2+cz( a . b L C j_1§_1

‘b+c ‘a+c  a+b 3 b+c a+c a+b) 32 2
3 3 3

Vay 2+ L. 21 pa bing xay ra khi a=b=c=—~

b+c a+c a+b 2 \/§

Bai 8:Cho a,b,c,d>0 va a.b.c.d =1.
Ching minh rang a® +b? +c? +d? +a(b+c¢)+b(c+d)+d(c+a)>10

HUONG DAN GIAI:
Tacdé a?+b?>2ab
c?+d?>2cd

Do abcd =1 nén cd =i
ab

Taco a®+b®+c® 22(ab+cd)=2(ab+$)24 (1)

Mat khic: a(b+c)+b(c+d)+d(c+a)
=(ab+cd)+(ac+bd)+(bc+ad)

=(ab+ij+(ac+ij+(bc+ijz2+2+2
ab ac bc

Bai 9:Cho 4 s6 a,b,c,d bat ky chiing minh rang:
J@+c)? +(b+d)? <va®+b® ++/c? +d?

HUONG DAN GIAI:
Tacd: (@+c) +(b+d)* =a® +b® +2(ac +bd)+c? +d?
S(a2 +b2)+2\/a2 +b?Ae? +d2 +c2 +d?
Dung bat dang thic Bunhiacopski
Tacé: ac+bd< va? +b?\c? +d?

— J@+c)? +(b+d)? <a? +b® +/c? +d?

Bai 10: Chitng minh ring a” +b* +c? > ab+bc+ac

HUONG DAN GIALI:
Dung bat dang thiic Bunhiacopski
Xét cap s6 (1,1,1) va (a,b,c) ta cé: (1> +12 +1°fa® +b? +¢?) > (La+1b+1c)
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—3(a® +b? +¢?)>a’ +b? +c? + 2(ab+bc +ac)
—a’+b*+c?>ab+bc+ac
Diéu phai chiing minh.Dau bang xay ra khi a=b=c

Bai 11: Cho a,b,c,d >0 .

\ a b c d
P . S 1 2
Ching minh rang <a+b+c+b+c+d+c+d+a+d+a+b<
HUONG DAN GIAI:
Theo tinh chat cta ti Ié thic ta c6: R L a+d (D)
a+b+c a+b+c a+b+c+d
a a
Mat khdc : > 2
at Khac a+b+c a+b+c+d @
. . . a a+d
Tr(Hva@tach ————<——<——— ()
. b b b+a
Tuong tu ta co: arbiord bacrd aibiced (%)
b
R S (5)
a+b+c+d c+d+a a+b+c+d
d d d
< <t (6)
a+b+c+d d+a+b a+b+c+d

cong vé€ va6i v€ cua (3); (4); (5); (6) ta co:
a b C d
< + + +
a+b+c b+c+d c+d+a d+a+b

<2(diéu phdi chiing minh)

Bai 12: Cho a,b,c 1a s6 do ba canh ctia tam giac.
Chidng minh rang:

a) a’+b’*+c?< 2(ab+bc+ac)

b) abc>(a+b-c).(b+c-a).(c+a-b)

HUONG DAN GIALI:
a)Vi a,b,c 1a s6 do 3 canh cua mot tam gidc nén ta c6:
O<a<b+c [a*<a(b+c)
O<b<a+c=1b*<b(a+c)
O<c<a+b c® <c(a+b)

Cong ting vé c4c bat dang thic trén ta c6: a>+b’*+c< 2(ab+bc+ac)
b)Tacé a>b-c|=a2>a?-(b-c)?>0
b>ac| =bp2>b2-(c-a)’>0
c> ab | =c*>c*—(a-b)*>0
Nhan vé c4c bat dang thifc ta dugc
— a%?c? > |a? - (b—c)*|p* — (c—a)*]c* - (a—b)|
= a’b’c?*>(a+b—-c)(b+c—a)(c+a-b)
=abc>(a+b—-c)(b+c—a)(c+a—b)
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s . ) . a b c
Bai 13: Cho a,b,c > 0. Ching minh rang + + >
- b+c c+a a+b
HUONG DAN GIAI:
+Z-X Z+X— X+y-—1z
bit x=b+c ; y=c+a ;z=a+b tacéazy > ; b= 5 y ;C= ;
- - - 3
tacé(1)<:>y+z X, Z2+X=y X+y-z.3
2X 2y 27 2
<:>X+E—1+5+£—1+5+X—123
X X y y 7 2
<:>(X+1)+(E+§)+(E+X)26
X y x 170y z
ny 32 PN .~ Y X zZ X z Yy A L o3 A
Bat dang thuc cuoi cung ding vi (—+—22;;+;22; —+-=>2nén ta co dicu
X y y z

phai chiing minh

Bai 14:Cho a,b,c > 0 va a+b+c <1. Chiing minh rang:

1 1 1
+ + >9
a’+2bc b’+2ac c?+2ab
HUONG DAN GIAI:
Diatx = a’+2bc ; y=b’+2ac ; z=c’+2ab
Tacé x+y+z=(a+b+c)f <1l
(1) <:>l+£+129 Vé6i x+y+z<1 vax,y,z>0

X y z

g 2 ~ A " 2 l
Theo bat dang thuc Cosi ta c6: x+y+z>3.3/Xyz :£+1+123. 3/x_yz
Xy

= (x+ y+z).(1+£+1J29
Xy z

Ma x+y+z< 1

1 1 1
Vay = +-+->9 (d
ay X+y+z (dpcm)

z

.. S . R
Bai 15: Cho x >y va xy =1.Chitng minh rang ~——-

(x-y)

>8

HUONG DAN GIAI:
Tacé X +y=(x—yf+2xy=(x-yf+2 (vixy=1)
— (x2 + y2)2 =(x—y) +4(x—-y) +4
Do d6 BDT can chiing minh tuong duong véi
(x—y) +4(x—y) +4>8(x—y)
& (x=y) —4(x—y) +4>0
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N [(x—y)2 —2]2 >0
BDT cu6i ding nén ta c¢6 diéu phai ching minh.

Bai 16:Cho xy > 1.Chiing minh rang: 1, 2

+ >
1+x% 1+y* 1+xy

HUONG DAN GIAI:
1 2
>
1+y*  1+xy

PR O S TN S T
1+x° 1+y* ) (1+y* 1+xy)

- Xy — X L= y?
[L+x®)@+xy) [@L+y?)a+xy)
o Xy=x)  y(x-y)
L+x)@+xy) @+ y?)@+xy)
o y=xfly-1)
L )L+ y2 )@+ xy)

1
Taco:——+
1+x

>0

>0

BDT cu6i nay ding do xy > 1.Vay ta c6 di€u phai chiing minh.

Bai 17:a) Cho a, b, ¢ 1a cac s6 thuc vaa + b +c =1.
. 1
Chting minh rang a*+b*+c*> 3
b) Cho a,b,c la cac so6 duong

. 1 11
Chiing minh rang (a+b+C).(g+B+Ej >9

HUONG DAN GIALI:
a) ap dung BDT BunhiaCopski cho 3 s6 (1,1,1) va (a,b,c)
Ta cé:(La+lh+1cf <(1+1+1)(a° +b° +c?)

o (a+b+cf <3(a® +b2+c?)

1
o a’+b’+c? 22 (Viatbtc=1) (dpem)

1 1 1
b+c) —+—+=1[>9
b)(a+ +C)(a+b+c)

<:>1+§+E+E+1+9+E+E+129
b ¢ a C a a

@3+(E+Ej+(g+£j+(9+gj29
b a c a c b

ap dung BDT phu §+¥22 Véix,y >0

Ta c6 BDT cuoi cung luon ding
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Vay (a+b+c).(§+%+%j29 (dpcm)
Bai 18: Tim gia tri nho nhat cta : T = Ix-11 + Ix-2] +Ix-3] + [x-4l
HUONG DAN GIAI:
Taco Ix-11+ Ix-4l = Ix-11+4-xI > Ix-1+4-x| = 3 (1)
Va  |x=2/+[x-3=[x-2|+[3-x|>[x-2+3-x|=1 (2)

Vay T = Ix-11 + Ix-2| +Ix-31 + [x-4] > 143 =4
Tacé tir (1) = Dau bang xay rakhi 1<x<4

(2) = Dau bang xay rakhi 2<x<3
Vay T c6 gia tri nho nhat 1a 4 khi 2<x<3

Bai 19: Tim gia tri 16n nhat cua S = xyz.(x+y).(y+2).(z+x), véi Xx,y,z > 0 va
x+y+z =1

HUONG DAN GIAI:
Vi x,y,z > 0 ,4p dung BDT Cosi ta c6:x+ y + z = 33/xyz

= 3xyz 31:>xyzgi
3 27

4p dung bat dang thic Cosi cho x+y ; y+z ; x+zta cé
(x+y).(y+z).(z+x)23§/(x+ y).(y+2).(x+2)
:>223§/(x+ y).(y+2).(z+X)

.1 s ) ) 1
Dau bang xay ra khi X=y=z=3

) g8 1
V&Y 5 <5797 " 79

R 1
Vay Sc6 gid tri l6n nhdt [a — khi x=y=z=

Bai 20: Cho xy+yz+zx = 1. Tim gia tri nhé nhét ctia x* +y* +2*

HUONG DAN GIAI:
Ap dung BDT Bunhiacopski cho 6 s6 (x,y,z) ;(X,y,z)

Ta c6 (xy + yz+zx)zs(x2+y2+zz)2
:>1£(x2+y2+22)2 (1)

Ap dung BDT Bunhiacopski cho (x%,y?,z%) va (1,1,1)
X+ Yy + 2 <@+ +1)(x +y*t+2%

S (X +y*+2)? <3(x +y*t+z2Y)

Tu (1) va (2) =1<3(x* +y*+2%)

Ta cod

1
:>x4+y“+z4s§
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e 4 L 1 : 3
Vay x*+y*+z* c6 gia tri nho nhat 1a 3 khi X=y=z=i%

Bai 21: Tim céac s6 nguyén x,y,z thoa man x* + y* +z> <xy+3y+2z-3

HUONG DAN GIAI:
Vi x,y,z la cac s6 nguyén nén:
X*+y*+2°<xy+3y+2z-3

S X +y +7°—xy-3y—-2z+3<0

2 2
2 y 3y 2
@(x —xy+7j+(T—3y+3j+(z —22+1)£O
2 2
@(x—%) +3[%— j +(z—1)2§0 *)

2 2
Ma (x—%} +3(%—1} +(z—1)220 vx,yeR

2 2
@( —1) +3[l—1j +(z-1) =0
2 2
Y_o
2 x=1
= %—l:0<:> y=2
z-1=0 z=1
x=1
Cac sO x,y,z phai tim la {y=2
z=1
Bai 22: Vi x, y 1a cac s6 duong thoa man diéu kién x >2y, tim gid tri nho nhat
) . X , x> +y’
cua biéu thirc: M = y
Xy

HUONG DAN GIALI:
Cach 1(khong sur dung BDT Cé Si)
X+y? (0 —Axy+4y*)+axy—3y®  (x—-2y)* +4xy -3y’ _
Xy Xy ) Xy -

Ta ¢c6 M =

2
(x=2y) 4, 3y
Xy X

Vi (x - 2y)? >0, déu “= X4y ra < X = 2y

y_1_ -3y -3

>y =
ny2x2

, ddu “="xdy ra < X = 2y
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3 .5
TfrdétacéM20+4—E=E,déu“=”xéyra<:>x=2y

Vay GTNN cua M 1a g , dat duogc khi x =2y
Céch 2:

2 2 2 2
Tacom=2"Y _* Y X ¥ ( y) X
Xy Xy Xy y X 4y X" 4y

Vix,y>0,épdungbdtCésichonédu:o’ng— tacdé — y_/ yzl,
4y X 4yx

ddu “=" xdy ra < X = 2y

, ddu “=" x4y ra < X = 2y

Vi X>2y:> >2> X5
y y

Nl
N | w

¢e_9

'\’|U" alw

, dau

le

TaudotacoM>1+ X4y ra < X = 2y

Vay GTNN cua M 1a E , dat duogc khi x =2y
Cach 3:

2 2 2 2
TacoM=2¥Y X Y _X.¥ (X 4y)
Xy Xy Xy y X

Vix,y>0, apdungBBTC051ch02sodu:0’ng— Xy tacd = 4y22 5.4—y=4

yx y X

€e__9

dau Xay ra < X = 2y
y 1 .3y =3 \
> (‘ 29 =
" 2 —= ~ > 2 dau Xay ra < X = 2y

3 5
Tu do ta COM>4_E_E’ dau “=" xdy ra <> X = 2y

Vi x>22y=>-=

Vay GTNN cua M la E , dat duoc khi x =2y
Céach 4:

e X2 XX X, e
TacoM= X1V __4 A S y+3X2—4 ’ X

Xy Xy Xy Xy 4xy Xy 4y

2

, 2 2
Vix,y >0, ap dung bdt Co si cho 2 s6 duong XT;yZ ta co XZ+ y’ 22,/%.y2 =Xy,

dau “=" xay ra < X = 2y

14
A ce__9

Vi x>2y=>-— X5053 E:é,du =" xdy ra < X = 2y
y 4 4 2

€69

TedotacoM> Y += , dAu “=" xay ra < X = 2y

Xy

11
|_\
+
N | w
11
N | ol
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Vay GTNN cua M la g , dat duogc khi x =2y

Bai 23:Cho a,b,c 1a cac sd duong théa man a+ b + ¢ =4. Chimg minh rang :

dad +4o* + 4 > 242

HUONG DAN GIAI:
Cach 1:
Y4a® +4ap?® +4/4ac?
:{1/(a+b+c)a3 +;‘/(a+b+c)b3 +{1/(a+b+c)c3
> 42t 14t 14t
=a+b+c
=4

DOdO\/_\/_\/_>\/_\/_ 2.2

Cach 2:
Patx = Ya;y=Yosz=Yc=>x,y,z>0vaxt +y* + z4= 4.
BDT cin CM tuong duong: x3 + y3 + 23>24/2
hay V2 (G +y3+23)>4=x4+y* + 74

& X3(V2 -x) + y¥(N2 -y)+ (N2 2) > 0 (*).
Ta xét 2 truong hop:

- Néu trong 3 s0 X, v, z ton tai it nhat mot s6 > V2 , gld sir x> V2 thix3> 242
Khi do: x3 + y3 + 23522 (doy, z>0).

~Néuca3sdx,y,zdéunho <+2 thi BDT(*) luon dung.

Vay x3 +y3 + 723> 242 duge CM.

Bai 24: Cho hai s duong x, y thoa man: x + 2y = 3. Ching minh rﬁng: i+§ >3

HUONG DAN GIAI:
2
Xét hiéu 1+%—3_L+2_3 y+6-4y-3yB-2y) _ 6(y-1) >
Xy 3-2y vy y(3-2y) y(3-2y)

(viy>0va3-2y>0)

x>0,y>0 x>0,y>0
x=1

1 1 A ce o o>
= —+-—23dau“="xdyra < {x=3-2y <ix=1 @{ |
y:

2
A y-1=0 y=1

LUYEN THI VAO LOP 10 Trang 131




Bién soan: Vii Xuin Hung-0965225972

L. . . ac
Bai 25: Cho a, b, ¢, d 1a cac s6 thuc thoa man: b+d = 0 va mZZ.

Chimg minh ring phuong trinh (x2 + ax +b)(x2 + cx + d)=0 (x /a an) ludn c6
nghiém.

HUONG DAN GIAI:
Xét 2 phuong trinh:x?+ax+b=0 (1)va x?+cx+d=0 (2)
A, +A, = (@’ —4b)+(c? —4d) =a® —2ac+c? + 2[ac - 2(b+d)]= (a—c)® + 2[ac - 2(b + d)]
+V6i b+d <0 = b; d c6 it nhat mot s6 nhd hon 0
= A, >0 hodc A,>0 = pt da cho c6 nghiém
+Voib+d >0 Ty %22 = ac>2(b+d)=>A,+A,>0
=> [t nhat mot trong hai biéu gia tri A,,A, >0 => {t nhat mot trong hai pt (1)
va (2) ¢6 nghiém.

. . A 5 ~ , ac
Vay voi a, b, ¢, d 1a cac so thuc thoa man: b+d # 0 va WZZ,

phuong trinh (x2 + ax +b)(x2 + cx + d)=0 (x 1& 4n) ludn c6 nghiém.

Bai 26: Khong dung may tinh cam tay , tim sd nguyén 16n nhat khong vuot qua
6
S, trong d6S :(2 + \/5)

HUONG DAN GIALI:
Xéthaisdba=2++3vab=2- 3.
Tacdé:a+b=4vaab=1,0<b<1.

(ath)®=43=64 =>a+ b3 =64 - 3ab(a+ b) =64 - 3.1.4 =52
(a%+b%)(a® + b®) = 52.52 => a® + b® = 2704 - 2(ab)® = 2704 - 2 = 2702
=> g% = S = 2702 - be (*).

Do 0<b<1 nén 0 < bb< 1

Két hop (*) thi s6 nguyén 16n nhat khong vuot qua S 1a 2701.

Bai 27: Cho a,b,c 1a cac s6 duong khong 4m thoa man : a? +b*+c? =3

: a b c 1
Chu inh rang : + + <—
e MM Ta0s - e oh+3 b2+20+3 C2+2a+3 2
HUONG DAN GIALI:
. . aZz b2 (a+b) cat br ¢ a+b+c)
* C/M bo dé: a—+—2u va a—+—+c—zg
X Yy  X+y X Yy X  X+y+z
That vay
2 2 b2
a_+b_ZM<z>(a2y+b2x)(x+y)2 xy(a+b)2 <:>(ay—bx)220

X Yy X+y

(bung) = bPCM
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A A a2’ p? o¢? (a+b+c)
Ap dung 2 lan , ta c6: a—+—+c—2¥
X 'y X X+y+z

*Taco a2+2b+3:a2+2b+1+222a+2b+2’tu,(mg tu Ta co: ... =

a b C a b C
=— +— +— < + +
a +2b+3 b°+2c+3 c°+2a+3 2a+2b+2 2b+2c+2 2c+2a+?2
<:>A§l a + b + ¢ @
2\la+b+1 b+c+1 c+a+l

B
a b c
+ +
a+b+1 b+c+l c+a+l
a -1+ b -1+ c __
a+b+1 b+c+1 c+a+l
-b-1 —-c-1 -a-1
+ + <
a+b+1 b+c+l c+a+1l
b+1 c+1 a+l
+ + >2
a+b+1 b+c+1 c+a+l
(b+1f (c+1f (a+1f
= + +
(a+b+1)(b+1) (b+c+1)(c+1) (c+a+1)(a+1)
3-B
* Ap dung B6 dé trén ta co:

(a+b+c+3)2

<1

Ta chiing minh

1<-2

-2

>2 (2)

3-B>
= (a+b+1)(b+1)+(b+c+1)(c+1)+(c+a+1)(a+1)
2
—3. B> (a+b+c+3) @)
Ca’+b*+c’+ab+bc+ca+3(@a+b+c)+3
* Ma:

Z[a?+w+£2+ab+bc+ca+%a+b+c)+3]
=2a’ + 2b® + 2¢* + 2ab + 2bc + 2ca + 6a + 6b + 6¢ + 6
=2a”+2b® +2c* + 2ab+2bc + 2ca+6a+6b+6c+6 (Do:a’ +b*+c* =3)
=a’+b? +c?+2ab+ 2bc + 2ca +6a +6b +6¢ +9
:(a+b+c+3f

(a+b+c+3f ~

a’+b’+c*+ab+bc+ca+3(a+b+c)+3
Tr(3)va(4) = (2)
Két hop (2) va (1) ta c6 diéu phai chimg minh.
Dau=xayrakhia=b=c=1

(4)

=

Bai 28: Cho tam giac ABC va cac trung tuyén AM, BN, CP.
Chiing minh ring: %(AB +BC + CA)<AM + BN + CP < AB + BC + CA
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HUONG DAN GIAI:
. ) 1 1 1
Goi G la trong tam ctia A ABC, ta c0: GM = gAM; GN = 3 BN:; GP =§ CP

Vi AM, BN, CP cac trung tuyén, nén: M, N, P 1an luot 1a trung diém cua BC,
AC, AB
Do dé: MN, NP, MP la cac duong trung binh cia A ABC

Nén: MN = %AB; NP = %BC; MP = %AC

Ap dung bit dang thirc tam giac, ta c6:
* AM <MN + AN hay AM <%AB n %AC &)

Tuong tu: BN <%AB + % BC (2)
1
2
Tu (1), (2), (3) suy ra: AM + BN+ CP <AB +BC + CA (*)

*GN+GM >MNhay ZBN+>AM >-AB (4)

cp<ipc+ %AC @A)

Tuong tu: % BN + %CP >% BC (5

1 1 1

SCP+2AM >2AC (6)

Tu (4), (5), (6) suy ra:

1 1 1 1 1 1 1 1 1
SBN+ZAM +2BN+2CP+>CP+ AM>_AB+ BC+ AC
:%(AM+BN+CP)>%(AB+AC+BC)

:»%(AB+BC+CA)<AM+BN+CP
**)
Tu (%), (**) suy ra: %(AB+BC+CA)<AM +BN+CP<AB +BC+CA

x> -5y? -8y =3

2x+4y-1)2x—y—-1=(4x—-2y—3)/x+2y

Bai 29: Giai Hé PT{

HUONG DAN GIALI:
o x> —5y? -8y =3(1)
2<x+2y>-Dy2x—y-1=2<2x-y—-1>-1)/x+2y(2)

Tu(2)datx+2y =a; 2x-y-1=Db (a:b >0)
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Tadc (2a-1)vb =(2b-1)va < (Va-+b)(2vab+))=0< a=b
< x =3y + 1thayvao (1) tadc
2y2—y—1=0=>y;=1;y,=-1/2

=>x,=4; X, =-1/2
Thay X, + 2y, = —1 < 0 (loai)
Vay hé co nghiém (x; y) = (4 ; 1)

Bai 30: Cho cac s6 thuc duong x,y , zthdamin x +y +z =4,

Chtng minh rang RS

Xy Xz
HUONG DAN GIALI:
Vix+y+z=4nénsuyrax=4—(y+2)
Mat khac: i+i21@l[l+3]21©£+12)( do x duong. (*)
Xy Xz x\y z y 2
Thay X = 4 — (y + Z) vao (*) ta co:

1

2 2
—+lz4—(y+z)<:>1—2+ y+1—2+220<:>[%—\/§] +(%—\E] >0
y Z

y ¢ y z

Ludn dang voi moi x, y, z duong, dau bang xay ra khi vachikhi:y=z=1,x =
2.

Bai 31: Cho x;ye R , théa man x? + y2 = 1. Tim GTLN cta: P=—>
y++/2
HUONG DAN GIAI:
Tu X2 +y2 =1=-1<xy<1=2-1<y+4/2<1+4/2
Vip=—2 = x=P(y++/2) thay vao x> +y2 =1
y++/2
Pua v& pt: (P2 +1)y? +2J2P?y+2P? -1=0
Dung diéu kién c6 nghiém cta pt bac hai =>P<1= B, =1< 5
y=—7

Bai 32:Giaiphuongtrinh: 7+20x —x =2 +VxN7-x

HUONG DAN GIAI:
§/Ft VT-x=t ;Jx=v §Kv,t>0
St2+2v=2+Vt< ... St-v)(t-2)=0=t=v ho&kct=2
NOu t=2thx V7-x=2=x=3(TM)
NOut=vthx J7-x=+/x=x=35

Bai 33: Cho a,b,c 1a 3 s6 thuc khac khong va thod man:
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a’(b+c)+b*(c+a)+c’(a+b)+2abc=0
a2017 _'_ b2017 _|_ C2017 — 1

. . 2 1 1 1
Hay tinh gia tri cua biéu thuc Q= o + oy + ey
HUONG DAN GIALI:

Ta co:
a’(b+c)+b’(c+a)+c’*(a+b)+2abc=0
< a’b+a’c+b’c+b’a+c’a+c’b+2abc=0
< (a’b+b%a) + (c’a+c’b) 4 (2abc +b’c+a’c) =0
< ab(a+b)+c’(a+b)+c(a+b)>=0
< (a+b)(@+c*+ac+hbc)=0
< (a+Db).(a+c).(b+c)=0
*THI: néu a+ b=0
a=-b a=-b 1 1 1

Ta Cé a2017 +b2017 +C2017 :1<:> C :1 ta‘ Cé Q - a2017 _I_ b2017 _I_ CZOl7 :1
Cdc truong hop con lai xét tuong tu
. 1 1 1

Vay Q= 22077 + ey + ey =1
Bai 34:

Cho x>0,y>0 théa min X°+y?=1. Tim gid tri nhé nhat cta biéu thirc
A2

1+xy
HUONG DAN GIAI:
Cach1:Taco A= 2 o Ao 2y 1 1y 11
- 1+ xy 1+xy —-A 2xy 2xy 2

Vi x>0,y>0:>A<O:>—A>O:>iA>O do do Ain © A <:>iAmin,

Mat khac (X—y)z20@X2+y222xy:>2xy£1:2i21 (Vi 2xy>0)
Xy
Dodé —21+2 = Ddu“="xay ra khi x
>4 =2 vy .
—A ) u y y
x>0,y>0 >
Tu X=Yy :>x:y—7
X2 +y% =
1
2.
. 2 ] 2
Luc do Az—zz—g.Vaiy minA=—— kh|x:y;£_
1+E
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Céach 2: Véi x>0, y>0 taco

X2 +y? 1 3 1 2 2 _4
2xy o Xy<-—<l+xy<—< > - > —
2 2 l+xy 3 l+xy 3
DOdé A=_2Xy=—2+ 2 Z-Z-ﬁ-i:—z_
1+ xy 1+xy 3 3
Dau “=" xay rakhi x=y.
x>0,y>0
‘ g 2
T {x=y =X=y=—"
X2 +y?=1
2
Vay mlnA——— khi X—y—g
Cach 3:Vgix>0,y>0 va x*+y? =1
Ta co
2_2 -2xy _2+2xy-6xy 2(X2+y2)—4xy 2(x-y)’ 2
3 3 1+xy 3(1+xy) 3(1+xy) 3(1+xy) 3
X . 2 2
Déu“=”xéyrakh1x=y—g Vay mlnA——g khIX—Y—g.

a a  —2xy > 2
A+—>0;(b>0)e> —+ >0 a+axy—2bxy>0<alx“+y“)—(2b—-a)xy >0
p 2 0i(b>0) o= Y~ 2bxy (x* +y?)-(2b-a)xy

a=0
, 5, 2b-a j a 2
< a Xy | >0« A ===
( a 2 2_27p 3

a

Bai 35:Cho cac s6 x,y thbamanx >0;y >0 vax +y = 1.
Tim gia tri 16n nhat va nho nhat ciia A = x? + y2,

HUONG DAN GIALI:
*Tim Min A
Cach 1.
(x+ y)2 =x"+2xy+y’ =1

Ta co: ,
(x—y) =x*-2xy+y*=0

4 . e 1 1

Cong vé vai vé ta co: 2(x2+y2)21<:>(x2+y2)25c>A25
3 1 1 A9 2 . 1
VayM1nA=E.Dau = xayrakh1x=y=§

Céch 2
T x+y=1=x=1-y Thayvao Ataco:

:(l—y) +y?=2y*-2y+1= 2(y——) E>2W
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. ) 1
Dﬁu«:»xéyrakhl:x=y=§

’

) 1 ) 1
Vay Min A = > Dau “="xayrakhix =y = >
*Tim Max A

Tl‘l’giéthiétsuyra{ XX +y?<x+y=1

0<x<1 X2 <X
o
0<y<1 y> <y

Vay : Max A=1khix =0,y

x'—x*+3x*-4y-1=0

= X+2y
2 3 y

HUONG DAN GIALI:
Tu (2)suyrax +2y>0.
Ap dung bt dang thic Bunhiacopxki, ta co:
2(X? + 4y?) = (P +12)[X* + (2y)*] = (x + 2y)?

2 2 2
:\/x +24y 2\/(x+42y) _X+2y 3)

2
Dau bang xay ra < X = 2y.

2 2
X° + 2Xxy + 4y 2x+2y 4)

Mit khac, dé dang chimg minh dugc: \/ 3 >

2 2 2 2 2
X+ 2xy+ 4y 2x+2y<:>x + 2Xy + 4y 2(x+2y)

(do ca hai vé
3 2 3

That vay, \/

déu > 0)
< 4(X2 + 2xy + 4y?) >3(x% + 4xy + 4y?) & (X — 2y)? > 0 (ludn dang VX, Y).
Dau bang xay ra < X = 2y.
2 2 2 2
Tur (3) va (4) suy ra: JX +24y +\/X hl 2>;y+4y > X+2y.
DAau bing xay ra < x = 2y.
Do d6 (2) @ x=2y>0 (vix+2y>0).
Khi do, (1) tro thanh: x* —x3+3x? - 2x-1=0< (X - 1)(x*+3x+ 1) =0

<:>x:1(v‘1x3+3x+121>0Vx20):>y=%.

Vay nghiémciaahédachola(x=1;y = %).

Bai 37: Chirng minh rang Q = x* —3x* +4x* —3x+1>0 v&i moi gia tri clia X

HUONG DAN GIALI:
Q = x"=3x’+4x* —3x+1
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= (X" =2x3 +x*) + (1-3x+3x* = x%)

x?(x=1)%+(1-x)°

2 (52 = -2 —x+ 2+ =% (x=1)2 43
(L1-x)*(x* —=x+1) = L-x)°(x x+4+4)_(1 X) [(x 2) +4}2OVX

Bai 38: Trén cac canh ctia mot hinh chit nhat dit 1an luot 4 diém tuy v. Bén
diém nay tao thanh mdt tir giac ¢6 do dai cac canh lan luot 14 x, y, z , t. Ching
minh rang:

25 < X2+ y2 + 72 + t2< 50. Biét rang hinh chir nhat c6 chiéu dai va chiéu rong la
4 va 3.

HUONG DAN GIALI: a b
Gia st hinh chir nhat c6 do dai cac canh
duoc dat nhu hinh veé.
Voi: 0< a, b, e, f<4 vaat+tb=e+f =4; .
O<c,d,g,h <3 vac+d=g+h=3. z d
Ta co:
x*=h*+a% y*=b’+c* 2 =d* +e*;t* = f? + ¢°

= x4y + 22 +tP=@%+b*)+(c®+d?) +(e* + £2)+(g° +h*) (*)
e Ching minh: X* +y*+2° +t* <50
Vi a,b>0 nén a’+b’<(a+b)* =16, Tuong tur:
c’+d*<9 e’ +f?<16;9°+h* <9,
T (*)=> X +y° +2° +1* <16 +9+16+9=50 (1)
e Ching minh: X +y* +2° +t*>25,
Ap dung bét dang thirc Bu - nhi - a- cdp — xki , ta co:

2
(12 +12)(a% +b?) > (La+1b)? = a? +b? > 8 +2b) :?
9 16 9
Tuong tu: cz+d22§;e2+f22?;g2+h225,
16 9 16 9
Te ()= X+ Y + 22+t >—+ -+ —+==25 (2
u (%) y BT (2)

T (1) va (2) = 25<x* + y* +2° +t* <50 (dpem)

Bai 39: Cho hai sd thuc x, y thoa man: x*+y?<x+y. Ching minh rang:
X+y<2

HUONG DAN GIAI:
Cach 1:
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2
Nhan xét: Xysw; vXx,yelR,

(x+y)*
4

That vay: Xy <

Do d6 tir gia thiét: x? +y? <x+y = (X+Y)> < X+ Y+ 2xy
(x+y)’
2
= (X+Y)’ <2(x+Y)
= (X+Yy)(x+y-2)<0 (*)

= (X+y) <X+y+

Vi x+y=>x>+y*>0;vx,y € R, nén ta xét cac truong hop sau:
e NéuxX+y?=0cx=y=0=x+y=0<2
o Néu x®+y?#0=x+y>0,tlr (¥)suyra: x+y—-2<0=x+y<2
Tir d6 suy ra: x+y<2.Dau bang xay rakhi x =y = 1.
Céach 2: Ap dung BPT Bu nhi a cbp xki: VX, y € R, ta co:
(Ax+1y)* < (@ +22)(X° +y?)
= (X +Y)* <2(x* +y?)
= (X+Y)* <2(X+Y)
= (X+y)(X+y-2)<0 (*)
Vi x+y>x*+y?>0;Vx,y € R, nén ta xét cac truong hop sau:
e NéuxX+y? =0 x=y=0=x+y=0<2
o Néux®+y’#0=x+y>0,tr(¥)suyra: Xx+y-2<0=>x+y<2

Tir d6 suy ra: x+y<2.Diubang xay rakhix =y = 1.

& (x+Yy)* 2 4xy & (x—y)* 20;Vx,y € R (ding)

Bai 40:Cho a,b 13 hai s6 thuc khong 4m thoa: a + b < 2.

Ch . h ﬂ_|_:l'_2b>§
eI 9 T2 T 7
HUONG DAN GIAI:
4 \ 1 2 8
A - 4 A 7 * "‘— >_
Bat dang thirc can chirng minh tuong duong véi: 1+a + 1420 7

2 1 122 1

1
Ta co: + = + (1) (bdt Cosi)
1 1.
a+l 2b+1 a+l b+§ (a+1)(b+1)
2
1 a+l+b+1 7
,/(a+1)(b+§) s%sz(bcﬁ Cb si)

2 8
=2 (2)

= / 1
(a +1)(b+§)
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1 2 8
\ N\ . >_
Tu (1) va (2) suy ra: 1+a+l+2b 2

. . 1 . 3
Dﬁu“=”xé1yrachikh1:a+1=b+5 vaa+b=2<:>a=z vab =

i
4

Bai 41: Cho hai s6 duong a, b thoa mén: a+b < 2v2.
\ L : .2 1 1
Tim gia tri nhé nhat ctia bi€u thue: P = 5+E'

HUONG DAN GIAL:
Taco (a+ b)?2—4ab = (a-b)’>0=(a+ b)?> 4ab
(a+b) 4 4 P 4
b (a+h) (a+h)  ~(a+h)

‘maa+h<2y2

\%

1 1
& g
b a

(a-b)Z:O
a+b=2J2

4 4 A (13 2 2
>~ =P>+2. Diu“="xdyra <:>{

:—
(a+b) 242
Véy: min P = 2.

<:>a:b:ﬁ,
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