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TRONG TAM ON THI TUYEN SINH VAO LOP 10

o NAM HOQC: 2021 - 2022
AN DE 1. Riit gon, don gian biéu thirc, chimg minh ding thirc.

Phwong phap: v Khai can bac 2‘, bac 3 Tinh chét cta cin bac 2, bac 3
v" Ap dung céc hang dang thic ddng nhd

v Quy ddng, truc can thirc
Can Hing ding thirc Truc can thirc
2_
lz[\/Z:|A|:{A,A20 @ (a+b)’ =a* +2ab+b’ \f__x/AB AB20.B%0
—4,A<0 @ (a—b)2 =a’ -2ab+b’
M\/Z.\/EZ\/AB;A,BZO @az—b2=(a—b)(a+b) __A\/E B>0
\/Z_ A 3 3 2 2 3 \/E B
M-—==,/~,A20,B>0 ® (a+b) =a’+3a’b+3ab’ +b
\/E B 3 3 2 2 3 v C —C(\/Z$B)
@ JAB =|A[VB.B 20 ® (a-b) =a’-3a’b+3ab’ —b VAtBE  A-(B)
® a’+b* =(a+b)(a’ —ab+b’
¥ AVB =JA'B;A, B0 @a% y (a b)(az ¢ bz) e c(VazB)
=b’=(a- + + =
¥ AVB=—JAB;A<0,B20 | ° (a=p)(a +ab+7) JA:VB  A-(B)
Bai 1. Riit gon céc biéu thic sau
= (VIT-2444 +3499): 411 B=(V27-212-75):243
HD Giai
—-24/12 2
oA =(TT 243 +3458):TT 8= (27 =212 - 5) 245
=(3v3-44J3-5 2
— (V1 -4 o) i (33443 f) v3
T =(-3\5):23
=6 = - é
2
Bai tip lam twong ty
Bai 2. Rt gon cdc bieu thirc sau
= (3v5-243) 5 +/60 b. B=(28- 2J§+J_)ﬁ+J_
= (V27 -Vi2+26):343 d. D=(V6+5) -V120
e E=(JiT-33) +6y3 e “fj NG
+

Bai 3. Riit gon céc biéu thic sau

a. A=6y12 =20 - 2427 +/125 b.
c. C =420 -245-380 +/125 d.

e. E =218 =380 —5147 +5+245 - 3/98

Bai 4. Riit gon céc biéu thuc sau

1 1
@ A=—F———F b.
3-47 3447
=(3-2v2)(3+2v2) d.
=(Vo++3)3-3v2 f
Bai 5. Riit gon céc biéu thic sau
1

Trong tim on thi tuyén sinh 10

B=3J2-8+50-432
D =27 -2/3+2J48 =375
f. F =424 —254 +3J6 =/150

1 1
= +
6+35 6-+35
D =+/8 +/18 ++/32 +/50

- (V6 +43) 2 +416 -T2
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a. A= 6 b. B= '4_2\/3

B

2+f 4- J_ NG V-2
3 4
=(3v2+6)y6-343 d. D=t
e. F = ﬁf % £, F=y17-4/9+445
g.G=?—3\/E+ (\/5—1)2 ho i =Vi2+,)(v2-1) —ﬁ
Bai 6. Riit gon céc biéu thirc sau
a.A:a\/Z\/%\/;:\/;i\/E véi a>0,b>0. b.B=(%+\/;1+J:x;/_f/; v6i x>0

. HD Giai
a. Voi dieu kién a >0, >0. Ta c6:

ab-bJa 1 @(\/E‘f) 1
Jab  Na+Jb  Jab  Ja++b

b. V61 x>0. Ta co:
B:(L+ ! j Vx :‘/;"‘1"'\/;, Jx :2\/;+1
o Vret) e e (eet) (Vael) o Vx

£ {525
Ja-1 Ja+2

a. Riit gon biéu thiic di cho b. Tim tat ca cdc gid tri nguyén ctia a dé biéu thirc H nguyén
HD Giai

A=

(=B (o 5) = () -

Bai 7. Cho biéu thie H = ( J véi a=0 v azl

a.Voi a=0 va a#1. Taco:

H= [“_*/;Hj [‘”2*/— ]_ \/5(\/5_1)” | Va(Ja+2) || =Yar

Ja-1 Ja+2 Ja-1 | Va2 | Ja-1
Ja+1 Ja-1+2 2 )
b. Tacé H = = =1+ 07 - (JZ—l) 1 w6 s6 cua 2
Ja-1  a-1 Ja-1
Ja-1 Ja=0 a=0
—1=+1
@{ ¢ o |Va=2 < |a=4.vay aD{0:4:9}.

Bai tip lam twong ty
Bai 8. Rit gon cdc bieu thirc sau

( ! ! j\/zvéia>0,a¢4.

Ja+2 Na-2)a-4
b.B=\/_\/_E\/_—\/_\/f\/_— 2_b voi a>0,b>0,a#b.
c.C= (“Jﬁ:i’/*[-\/a_J (\/Et*/_j Vv6i a>0.b>0.a%b.
\/Z \/Z+a s
d. D= [\/_ 1+2J.[2—mj voi a=20,a%1.
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o E- 5Vx+4  3-2x J}+2

vol x=20,x216;x # 1.
xosix+d Ji-d  Ja-l

_avb+bJa ~a'—~a’b+~ab® b .
f. F= - voi a>0,b>0,a%b.
va +\/Z \/a—\/g

o I N g

h H= [1:3[ JZJ (T‘FJ véi a20.a#1.

a

I Love Math
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3

3
2a2—(3b2—\3/a_2) +b?

= : v6i a va b khong dong thoi bang khong.
a* = (¥p* -4 | +2°

j‘J:( 11 j3+\/}

. , (v6i x > 0;x 2 9). Riit gon biéu thirc va tim tat ca cic gia tri
3—\/; 3+\/; \/;

nguyén cia x dé J >l.

k. K= [ll_a\/\[h/_J[l \FJ véi a0 vai a#1

a

. L= Va_ 1 \fJa=1_Ja+l voi a>0 va az1
2 2Ja )\Na+1 Ja-1

2 - r
Bai 9. Cho bidu thicc P(a)=+a* +ya* + f‘/_ al Vi a 1 sb thye khong Am.
a+t

a. Rit gon P(a). b. Tim a théa min a* +a—-P =0.

, 2 1 Ja+2
Bai 10. Cho biéu thuc P(a) =( + j: véi a>0,a#4
a-2\a a-2 \/a3+4(x/z—a)

a. Riit gon biéu thic P(a). b. Tim a 4 P(a)=1.

c. Tim gi4 tri nho nhét caa biéu thirc Q(a)= (\/Z - 3).P(a).

c. Tim s0 nguyén a 1a s6 nguyén.

Jx- 4 _
Bai 11. Cho hai bidu thirc P—( \/_) i \/_ M véi x>0,y >0,
Vr+fy NS

b. Tinh P.Q biét x =23,y =3

a. Riit gon biéu thic P va Q.

N . (x=3)" +3x-7
Bai 12. Cho biéu thirc M = "4
-

vOl x # 32.

P R % 1
a. Rut gon biéu thirc M. b. Tim c4c gid tricua x d¢ M =—.

Bai 13. Cho biéu thirc P = 1- */_ 2 ‘/_ voi x % +2.
2 x+\/_
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a. Riit gon biéu thic P. b. Tinh P(10).

: 1 1 la+1
Bai 14. Cho bi¢u thuc Q=( + 1+, —— | voi a>1.
Ja+a+1 \/E—x/a—lj [ a—lj

a. Riit gon biéu thirc Q. b. Tinh Q(5).

@ va B:[ls_\/;+ 2

Bai 15. Cho hai biéu thitc A =

x=25 +Jx+5

Je+l
: vol x20;x#25.
-X Jx -5
a. Tim gi4 tri cta biéu thic A khi x=9.
b. Riit gon biéu thiic B .
c. Tim tit ca céc gid tri nguyén ciia x dé biéu thuc P = A.B dat gi4 tri nguyén 16n nhét

AN PE 2. Giai phwong trinh
I. Phwong trinh béc hai: Phuong trinh c6 dang ax”> +bx+c=0,a 20 (1)

Cach giagi:  ©® Tinh A =b"—4ac hoic A=b"" —ac trong d6 b’ =§

@ Nhan dinh tir biét thic A
® A <0 suy ra phuong trinh (1) v nghiém

® A =0 suy ra phuong trinh (1) c6 nghiém kép x, =x, = ——

2a
—-hH + —_—p -
¢ A >0 suy ra phuong trinh (1) c6 hai nghi¢ém phan biét x, = b—\/z,x,z = bz—\/z
a a
® Két luan

Cach khac:

Nhin thiy: ® a+b+c =0 suy ra phuong trinh (1) ¢6 nghiém la x=Lx,= <
a

® qa—b+c =0 suy ra phuong trinh (1) c6 nghiém Ia x, =-Lx, = -£

Luu y: Phuong trinh tich AB=0 <« A=0 hodac B=0
Bai 1. Giai cac phuong trinh sau
a. x’=3x-10=0 b. x> —x-12=0 c. 6x°—x-2=0 d. -9x* +30x-25=0
HD Giai
a. x> =3x—-10=0. (X4c dinh cdc hé $6 a=1,b=-3,c=-10, Luu y: Truodc khi giai cidc em c6 thé st
dung mdy tinh kiém tra nghiém trudc)
Ta cé: A=b* —4ac =(-3)* —4.1.(-10) =49 >0

—(=3)+V49 __ _=(=3)-49 _

Do d6 phuong trinh da cho c6 hai nghiém x, = 1 5 x, = o1 -2
b. ¥’ —x—12=0.Tacé: A=b"—4ac=(-1)’ —4.1.(-12) =49 >0
Do d6 phuong trinh da cho c6 hai nghiém x, = % =4;x, = %_1\/@ =-3

c. 6x*—x-2=0.Tacé: A=b*—4ac=(-1)>-4.6.(-2)=49>0
e IRV N | e GO |

Do d6 phuong trinh da cho c6 hai nghiém x, =

2.6 37 2.6 2
d. =9x* +30x-25=0.Ta c6: A=b*—4ac =30° -4.(-9).(-25) =0
Do d6 phuong trinh da cho ¢6 nghi¢m x = _b = 30 = >
2a 2.(-9) 3
4
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Hodc giai nhu sau: Ta c6: =9x” +30x-25=0 = 9x* =30x+25=0 = (3x-5)" =0 = ng.

Bai tap tuwong tu
Bai 2. Giai cac phuong trinh sau
a. 4x*—-7x+4=0 b.2x"-8x=0 c. X’ =7x+6=0 d. x> +10x+21=0
e. X’ —14x+48=0 f. 2x*-5x+2=0 g X +2x+7=0 h. x> +6x+9=0
II. Phuong trinh trung phwong: Phuong trinh ¢6 dang ax* +bx* +¢=0,a %0 (2)
Cach giai:  ©® Pat t = x*,(t 2 0), phuong trinh (2) tr thanh: at® +bt+c =0 (2')
@ Giai phwong trinh (2') 12 phuong trinh bac hai theo bién ¢, luu ¥ diéu kién ¢ =0
® Két luan
® Phuong trinh (2') v6 nghiém suy ra phuong trinh (2) v nghiém
® Phuong trinh (2') ¢6 1 nghiém suy ra phuong trinh (2) c¢6 2 nghiém
® Phuong trinh (2') ¢6 2 nghiém suy ra phuong trinh (2) c6 4 nghiém
Bai 3. Giai cac phuong trinh sau

a. x"—16x* =0 b. x*=5x*+4=0 c. x*+5x*+6=0 d. x*-7x*-18=0
HD Giai
=0 =0
a. x'-16x"=0 < xz(x2—16)=0 = o = o .
xX*-16=0 x=%4

Véy phuong trinh da cho c6 tap nghiém la § ={-4;0;4}

t=1 X
b. Pat ¢t =x7, t 20. Phuong trinh di cho tré thanh: > =51 +4 =0 < [ 4 (thda dicu kién)
=

eVgit=1,tacé: x* =1 < x=%1 e VGit=4,tachd: x’ =4 o x=%2
Vay phuong trinh da cho ¢6 tap nghiém la S ={—2; —1;1;2}

r=-2 \
c. bat t =x?, t 0. Phuong trinh di cho tr¢ thanh: 1> +5r+6=0 < { 3 ( khong thoa diéu kién)

Vay phuong trinh da cho v nghi¢m
=
d. Pit £ =x7, t 2 0. Phuong trinh di cho tré thanh: > =7t +-18=0 = { 9
=

2 5
(thda dicu ki¢n)

® Vé4i t =-2: khong thoa diéu kién e V4it=9, tact: X’ =9 & x==%3
Vay phuong trinh da cho ¢6 tdp nghiém la S :{—3;3}
Bai tap lam tuong tw
Bai 4. Giai cac phuong trinh sau
a. 4x*+7x° -2=0 b. 3x* +10x* +3=0 c. 9x* —40x* +16=0 d. x*—4x*-12=0
e. x'—x"-6=0 f. 2x*=5x"+2=0 g x*+10x°+21=0 h. 3x* —-18x* =0
III. Mt s6 phwong trinh khic
Phwong phép chung: Pua cic phuong trinh bac nhit ax+5 =0 hoic bac hai ax® +bx+c¢ =0 hoic
phuong trinh tich.
1. Phuong trinh chira 4n & mau
® Mau c6 chtra bién thi ta can lay diéu kién.
@ Quy dong bo mau va giai phuong trinh méi tim duoc
® Két luan nghiém can so vai diéu kién dé nhan loai nghiém
2. Phuong trinh chita ddu cin ¢6 cdc dang co ban

B=0 B=20 (hayAz=0
®¢2=B@{ 2 @ V=B - 72000420
A=B A=B
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A=20
® JA+J/B=JC = B=20(C=0) dua vé dang @.
A+B+2JAB=C
3. Phuong trinh chita ddu gi4 tri tuyét ddi c6 cic dang co ban

B=0 A=B
OlA=B =1 ,_ . @ [4[=[B| -
A"=B A=-B
4. Giai phuong trinh bang cach dat an phu .
® Chon bi€n hay ham phu hop d€ dét va luu y difu kién
@ Pua phuong trinh da cho ve phuong trinh theo an phu
® Giai, so véi diéu kién nhan loai nghiém cho phu hop
Bai 5. Giai cac phuong trinh sau
1 -2 1 1
Py — :i b TS - > c. (x2—4x). x=3=0
x+2 2x+1 10 x-1 x x -x

4 2276, o iti=0 e. x-3x-4=0 £ 2x—1=x-2
Vvx-—1

g Sx+1-|x+1]=0 h. (x> +2x) = (x+1)"=5=0 i x(x+D(x+2)(x+3) =24
HD Gisi

A 1n . 1
a. biéu kién: x# -2 va x % —5.

X 1 3
Ta c6: - =— o 10x(2x+1)-10(x+2) =3(x +2)(2x +1
aco 212 2241 10 x(2x+1)—10(x+2) =3(x +2)(2x +1)

o 14x* =15x-26=0 « x=2hodc x = —g (thoa diéu kién)

Vay tdp nghiém cua phuong trinh [a S = {2; —5}
b. Diéu kién: x#0 va x#1.
—_ X =
Tace: 2-2=1_ 21 o x(x=2)=(x=1)—1 = ¥*=3x+2=0 « {
x-1 x x -x x=
So véi diéu kién, Vay tap nghiém cuia phuong trinh 1a § :{2} .
x*—4x=0 =0
c. Piéu kign: x23. Tacé: (" —4x)/x-3=0 = - |x=4
VJx=3=0 -3

So véi diéu kién, Vay tap nghiém cua phuong trinh 1a § :{3;4} .
2x-6
Vx-1
So v6i diéu kién, phuong trinh di cho ¢6 nghiém 1a x =2
e. Diéu kién x20. Dt r =+/x, 120.

x=2

d. Piéu kién: x>1. Ta cé:
x=-3

+xvx—-1=0 o 2x—6+x(x-1)=0 = x*+x-6=0 = [

t =—1(loai)

Phuong trinh da cho tr thanh: +* -3r-4=0 <
t =4 (nhan)

Vi t =4, taco: \/7 =4 < x=16. Vay phuong trinh da cho c6 nghi¢m 1a x =16.
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x=2

x=1 = x=5.

f. Taco: V2x—-1=x-2 = {

x—220 {xZZ

2x-1=(x=20° | -6x+5=0 {
x=5

Vay phuong trinh da cho c6 nghiém la x =5.

g. Piéu kién: x> —%.

Tacé: VSx+1=|x+1=0 = J5x+1=|x+1] = Sx+1=(x+1)* = x*=3x=0 = [x
X =

h. Ta cé: (x2+2x)2—(x+1)2—5=0 - (x2+2x)2—(x2+2x)—6=0(*)

t=-2

1=3

® Vi r=-2,tacéd x> +2x=-2 = x* +2x+2=0 v nghiém

bit 1= x* +2x. Phuong trinh (*) tré thanh: F=1t-6=0 = [

=1
®VGir=3 tacd x> +2x=3 = x> +2x-3=0 = {x ;
x=-

Vay tap nghiém cua phuong trinh da cho la S = { =3; 1} .

So véi diéu kién, Vay tap nghiém cua phuong trinh da cho 1a S ={0;3}.
i. Taco: x(x+D(x+2)(x+3)=24 = [x(x+3)][(x+D(x+2)] =24 o (¥ +3x)(x* +3x+2) =24 (%)
1=4
Dit ¢+ = x* +3x, Phuong trinh (*) tro thanh: (1 +2)=24 = * +2t-24=0 = ¢
t=-
N . , 1=1
eVoit=4,tacd x +3x=4 = x +3x-4=0 = A
r=-
® Vit =6, tacé x” +3x=-6 = x> +2x+4 =0: Phuong trinh v nghiém
Vay tap nghiém cua phuong trinh da cho la S = { -4; 1} .

Bai tap lam tuong tw
Bai 6. Giai cdc phuong trinh sau

1 I 1 2x _ x*=5x+10 _
a ot b. TG c. (x+1)(x+2)(x+3)(x+4)=24
d. 2x2—x-3=+2-x e. (x2—5x+6)(x2—5x+6):24 f. (2x+3)2(x+1)(x+2)=18

Bai 7. Cho phuong trinh: x> =(m-1)x—m =0. Tim m dé phuong trinh trén ¢ mdt nghiém

bang 2. Tinh nghiém con lai.

‘ / an dé 3. Hé phuong trinh
1. H¢ hai phwong trinh béac nhét hai an

ax+by=c

(1)

Hé phuong trinh bac nhét hai an c6 dang tong quét 1a
a,x+byy=c,

Trong d6 x, y 12 hai an; cac chir s6 con lai 12 hé s6.
Néu cdp 6 (x,;y,) dong thoi la nghiém cuia ca hai phuong trinh ciia hé thi (x,;y,) duoc goi la mot
nghiém cua hé phuong trinh (1) .Giai hé phuong trinh (1) la tim tdp nghiém cua nd.

Cich giai: C6 hai cdch giai quen thudc va sir dung ho tro méy tinh bo tii.
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Céach 1. Phwong phdp thé: Tir mot phuong trinh ndo d6 cua hé, biéu thi mot 4n qua 4n kia rdi thé vao
phuong trinh con lai dé dugc phuong trinh bac nhét mot an.

Céach 2. Phuong phdp cong dgi so: Bién dbi cho hé sd ctia mot an nao d6 trong hai phuong trinh 1a hai
s6 ddi nhau rdi cong timg vé hai phuong trinh lai & dwoc phuong trinh bac nhat mot an.

Cach 3. Str dung mdy tinh bo tdi.

Bai 1. Gidi cac h¢ phuong trinh sau

. 2x+y=-4 b 3x+5y=1
C|3x-4y=-17 |5x+2y=9
HD Giai

Cach 1. Phuwong phép thé
X 2x+y=—4 y=—4-2x 11x =-33 x=-3
CBx-dy=-17  [Bx-d4(-4-20)=-17  |y=—4-2x |y=2

Vay h¢ da cho ¢6 nghiém 1a (x;y) =(-3;2).

1 _1y 43
) {3x+5y=1 x—g(l Sy) x—g(l 5y) X_E
S5x+2y=9 1 25 5 22
5—(1-5y)+2y=9 ——y+2y=9-= =——
3( y) Y 3 yrey 3 Y 19

43 22

Vay hé da cho ¢6 nghiém la .

Y ghiém Ia (x:y) = [19 19}

Céch 2. Phuwon phap cong dai so
. {2x+y:—4 {8x+4y:—16 {11x=—33 &3 {x:—3

3x—-4y=-17 3x—-4y=-17 3x—-4y=-17 y= 1 =2
Vay h¢ da cho ¢6 nghiém 1a (x;y) =(-3;2).
< _ 43
y [Bresy=1 [-6x-10=-2 192543 19
Nsx+2y=9 " |25x+10y=45  |y=2"% T 2
y=-==
19
43 22
Vay h¢ da cho c6 nghi¢m la .
Y s (v)= [19 19}
Bai tap lam twong tu (chon hop 1y mot trong 2 cach dé giai)
Bai 2. Giai cac h¢ phuong trinh sau
. 3x—4y=2 b x—=5y=2 c 3x—4y =18 d 6x+9y=-5
S |-6x+8y=1 " |-2x+10y=—4 C|2x+3y=-5 2x+3y=-2
4x-y=5 3x+2y=4 3x+y=17 2x+5y=-8
e. f. g. h.
—-8x+2y=-10 x=2y=4 x=2y=1 3x—-y=5
Bai 3. Giai cac h¢ phuong trinh sau
2x + = +vy= - = +
a'x3y8 b‘xy2 C'5x2yll d2xy4
2x—4y=1 2x—-y=4 x+y=-2 3x—y=1
. 2x-y=5 ¢ 2x+3y =8 Sx=2y=-11 h. x+2y=5
C|3x+4y=8 " |3x-4y=-5 C3x+2y=3 3x+4y=5

2. Hé gdom mot phwong trinh bac nhit va mdt phwong trinh béc cao
a. Binh nghia ‘ '
H¢ phuong trinh gobm mot phuong trinh bac nhat va mét phuong trinh bac cao c6 dang
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. Trong d6 f(x;y) =012 mot phuong trinh bac cao theo hai dnx vay.
fsy)=0 (2
b. Phuong phdp giai i i )
- Tu phuong trinh (1) rdt an x hoac an y theo an con lai;

{ax+by+c=0 )]

- Thé vao phuong trinh (2), dé du phuong trinh (2) vé phuong trinh mot an.
Bai 4. Giai cac h¢ phuong trinh sau:

x+2y=5 x—=y=0 x—y=2 2x+y=1
a. 2 2 _ _ b. 2_ .2 — c. 2 2 _ d. 2 2 _ —
X +2y" =2xy=5 x =y +xy=1 x +y =164 x +y =Sxy=7

HD Giai
X
x+2y=5 x=5-2y

a. 2 2 = 2 = y=1
X +2y =2xy=5 y =3y+2=0 )

Vay h¢ phuong trinh da cho ¢6 nghiém la (3;1 va (1; 2)
X

x—y=0 xX=y Y

b.y, 7, <9, = 9]l x=1
x =y +xy=1 x =1

x=-1
Vay hé phuong trinh d4 cho c6 nghiém la (1;1) va (—1; —1)
x=2+y
x—y=2 x=2+y

O 9, =< y=8
x +y =164 y +2y=-80=0
y=-10

Vay h¢ phuong trinh da cho ¢6 nghiém la (10;8) va ( 8; —10)
=

y=1=-2x
d 2x+y=1 y=1-2x
' x>+ y*=5xy=17 5x2+6x—11=0

Vay hé phuong trinh da cho c6 nghiém la L 1) va —lg 2?
Bai tap lam tuong tw
Bai 5. Giai cac h¢ phuong trinh sau
x—y+2=0 b 2x-3y=1 4x+9y=6 q x—y—=7=0
a. . c. .
X +xy=4 x*—xy=24 3x* +2xy—x+3y =0 X =y +2x+2y+4=0
(x+y+2)2x+2y-1)=0 ; (x+2y+D)(x+2y+2)=0 x+y=1
3x* =32y*+5=0 ' xy+y>+3y+1=0 & X-y =x-y

3. Hé phwong trinh doi xing loai 1
a. Pinh nghia
Hé {f(x’ )’) - 0
g(x;y)=0

trong hé khong thay doi.
b. Phuong phdp giai

- bat S=x+y;P=xy

- Pua hé dd cho vé hé c6 hai an S; P

- TimS;P.Khi d6 x;ylanghiém ciia phuwong trinh X* -SX +P =0
c.Chuy

duogc goi 1a hé d6i xtng lai I néu khi thay xbdi y va ngugc lai thi mdi phuong trinh
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- bicu kién c6 nghigm §* —4P 20
- Néu (x; y)la mot nghi€m cua hé, thi(y; x)cling 1a mdt nghi¢ém cta h¢
- Céch bién doi:
e X4y’ =(x+y)2 -2xy=8*-2P
o Xy =S(S2 —3P)
o x4+y4=(Sz—2P)2—2P2
Bai 6. Giai cac hé phuong trinh sau:
. {x2+xy+y2:4 b {x2+x+y+y2:8 . {x2+y2—x—y:102 d {xz
x+xy+y=5 x+xy+y=69
HD Giai

x+xy+y:2

a. HD: bat S =x+y; P=x.y. Khi do:

X Hxy+y’ =4 [SP-P=4 [$?+5-6=0 =2
x+txy+y=2 S+P=2 P=2-5
X

S=2
* Vi {P _0:>x,y 12 nghiém ctia phuong trinh: X* -2X =0 < [

Suy ra h€ cé nghiém la (2;0);(0;2)

+y° =160

3(x+ty)=xy

S=-3
* Véi {P _s = x, y 1a nghiém ciia phuong trinh: X*—3X +5 =0=> phuong trinh v nghiém.

Vay hé da cho cé nghiém la (2;0);(0;2).

b) (152);(2:1) ©)(6:9):(9;6) d)(=5-/55;-5++/55 ) (-5 +/55:-5 /55

‘ J 4n d@¢ 4. Ung dung dinh 1y Vi_ét
Cho phuong trinh ax* +bx+c=0,a#0 (¥)

S=x +x,=——
® Néu x,,x,1a hai nghiém cua phuong trinh (*) thi a
P=x.x,= <
a
@ Néu a+b+c =0 thi phuong trinh (*) ¢6 hai nghiém x =lx, = <
a

® Néu a—b+c =0 thi phuong trinh (*) ¢6 hai nghiém x =-lx,= -

@ Néu a.c <0 (a,ctrdi ddu) thi phwong trinh (*) ¢6 hai nghiém tréi déua

® Néu X,, X, 12 hai nghi¢m ctia phuong trinh (*) thi ax’+bx+c=a (x X, ) (x - xz)

® Xéthai 0 u,v théa S=u+v, P=uv va S>=4P20.

Khi d6 u,v 1a cdc nghiém cta phuong trinh X> -SX+P =0

Luu y: H¢ thuc lién hé gilra x,, x,

* X +x; =(x1 +x2)2 -2xx,=S>-2P . (x1 —x2)2 =(x1 +xz)2 —4xx, =8 —4P

* X +x =()c1 +x2)(x12 — XX, +x§)=S(S2 —3P)

o x'+xl :(xf)2+(x22)2 :(xlz+x§)2—2x12xz2 :(SZ—ZP)Z—ZP2
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1 1 _x+x, _ S 1
® 4+ = £ =__ *

2 2 2
xl x2 x1x2 P xl x2 (X X ) S

Bai 1. Goi x,x, la cdc nghiém cua phuong trinh 3x* —7x—6=0. Khong giai phuong trinh, hay tinh gia

tri cua cdc biéu thirc sau:

a. A=xlzx2 +x1x§ b. B=xl3 +x;’ C. C=‘x1 —xz‘
HD Giai
U o _b_7 _c_
Theo h¢ thirc Vi_ét, tac6: § =x, +x, =—— _E; P=xx,=—=-2
a a
7 14
a. A fox2 +x1x§ = XX, (x1 +x2) = —2.5 = —?
2
b 5= =(x1+x2)(xf—x1x2+x§):s(sz—3P):§[@ -3.<-2>J:%
7Y 121
2 2 2
c. C2=‘xl—x2‘ =(xl—x2) =(x1+x2) —4x1x2=52—4P=[§j —4(—2):?.

11
Suy ra C=? vi C=‘x1—x2‘20.

Bai tap lam tuong tw
Bai 2. Goi x,x, 1a cdc nghiém ctia phuong trinh 2x> —9x+2 =0. Khong giai phuong trinh, hay tinh gia
tri cia céc biéu thirc sau:
a.A=x12+x22 b.B:i+i C.C=x13+x§ d.D=x14+x§ e.E=2‘x1—x2‘
xl x2
Bai 3. Cho phuong trinh x> =2mx+m* —m+1=0, v6i m1a tham s6. Tim céc gia tri cia tham s& m
trong cac truong hop sau
a. Phuong trinh c6 nghiém
b. Phuong trinh ¢6 hai nghiém x,,x, thoa man xl2 + xj =3xx, =1
HD Giai
Phuong trinh x* —2mx+m* —m+1=0 (1). Ta cé: A' = (-m)> —1.(m2 —m+1) =m-1
a. Phuong trinh (1) c6 nghiém < A20 « m—120 = m=1.
Vay m =1 thi thoa yéu cau bai toan.
b. Phuong trinh (1) ¢6 hai nghiém phan biét x,x, = A'>0 < m>1(¥)

N e 4 . b R c
Theo h¢ thirc Vi_ét, ta ¢6: x, +x, =——=2m va x,.x, =—=m*-m+1
a a

(o242 2
Taco: x; +x, =3xx, =1 = (x1 +x2) =5xx, =1
=2
= (2m) =5(m* —=m+1)=1 = -m* +5m=6=0 = | " ~ " (thoa (¥))

m=3
Vay m D{2;3} thoa yéu cau bai todn.
Bai 4. Tim tat ca gid tri ctia tham s6 m dé phuong trinh x* —2mx +m” —1=0 c6 hai nghiém phén biét
x,,x, thbamin x <I<x,.

HD Giai

Phuong trinh dd cho ¢6 A' = (—m)2 —(m2 —1) =1>0
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Do d6 phuong trinh ¢6 hai nghi¢ém phan biét x, = -1, x =m+1 (x, <x,)

2

b -IN _ b+
a a

= 0<m<2

. m-—1<1 m<0
Theo gia thi€t, tacé x, <1<x, < { - {

m+1>1 m>0
Vay: mO (0;2) thi thoa yéu cau bai toan.
Bai tap lam tuwong tw
Bai 5. Cho phuong trinh 2x” =(m+3)x+2m=3=0, v6i m la tham s.
a. Chimg minh rang phuong trinh ludn c¢6 hai nghiém phén biét X, X, v6i moi m .
b. Tim h¢ thuc gitta x, x, doc 1ap ddi véi m
c. Tim tat ca gid tri cia m dé ‘xl - xz‘ dat gia tri nhd nhat
Bai 6. Cho phuong trinh mx? =2 (m +1)x+m=3=0, v6i m I tham so.
a. Tim tat ca gia tri cua m de¢ phuong trinh vd nghiém
b. Tim tat cd gid tri cia m d€ phuong trinh c6 hai nghi¢m phén biét x , x, théa man x, +3x, =8
Bi 7. Cho phuong trinh x> =2(m—=1)x+m’ +2m =8 =0, v6i m la tham sb.
a. Voi gia tri nao cua m thi phuong trinh da cho v6 nghiém?
b. Vi gia tri nao cua m thi phuong trinh da cho c6 hai nghi¢m phan biét?
¢. Vi gid tri nao ciia m thi phuong trinh da cho hai nghiém duong phén biét?
d. Vi gid tri nao cua m thi phuong trinh da cho hai nghiém trdi dau?
Bai 8. Cho phuong trinh x” —(3m +14)x +(4m+12)(2-m) =0, v6i m Ia tham sb.
a. Pinh gia tri ctia v6i m d€ phuong trinh c6 hai nghi¢m phan biét
b. Goi x, x,1a hai nghi¢ém ctia phuong trinh. Dinh gid tri cia m d€ bi€u thirc P = x,.x, dat gid tri lon
nhat.
Bai 9. Cho phuong trinh x* — (m + l)x —3m+2=0, véi m 1a tham sb. Tim tat ca cdc gid tri ctia m dé
phuong trinh da cho ¢6 hai nghiém x, x, théa mén 3x, +2x, =5
Bai 10. Cho phuong trinh x* — (2m + 1)x +m+2=0, voi m 12 tham sb. Tim tat ca céc gid tri cia m dé
phuong trinh da cho c6 hai nghi¢ém x,, x, thda man ‘xl —xz‘ =3
Bai 11. Cho phuong trinh bac hai x’ —(m + 2)x +2m=0 (*) ( mlatham sb)
a. Chirng minh rang phuong trinh (*) ludn c6 nghi€ém véi moi s6 m.
b. Tim céc gi4 tri ciia m dé phwong trinh (*) ¢6 hai nghiém X5 X, thbamin -1< @ <1
1°72
Bai 12. Cho phuong trinh: x> +ax+b+2=0 (a,b 12 tham sd). Tim cdc gid tri ciia tham s6 a,b dé phuong

\ X, —x, =4
trinh trén c6 hai nghiém phan bi¢t x,,x, thoa diéu kién: { L

Bai 13. Cho phuong trinh x* —(m+2)x+m+8=0 (1) v6i m la tham s6.

a. Gidi phuong trinh (1) khi m =-8.

b. Tim céc gié tri ctia m dé phwong trinh (1) c¢6 hai nghiém duong phan biét x;x, théa x, —x; =0.
Bai 14. Trong mit phang toa dd Oxy, cho dudng thing (d): y =2mx—m” +1 va parabol (P):y = x*

a. Chung minh (d) ludn cét (P) tai hai diém phan biét
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b. Tim tit ca gid tri cia m dé (d)cat (P) tai hai diém phan biét c6 hoanh do x,,x, thoa man

i+i:__2+1

XX, XX,
Bai 15. Cho parabol (P) : y=x" vaduong théng (d):y=2(m-1)x+m’+2m (mlatham sb, mOR).
a. Xdc dinh tat ca céc gid tri cia m dé duong thang (d) di qua diém I (1;3).

b. Tim m d¢ parabol (P)cét dudng thang (d) tai hai diém phan biét A, B. Goi x,,x, 1a hoanh d¢ hai
diém A, B; tim m sao cho x +x, +6x,x, =2020.

Bai 16. Cho phuong trinh x* —x+3m—-11=0 (1) (voi m 1a tham s6)

a. Voi gia tri nao cua m thi phuong trinh (1) c6 nghiém kép

b. Tim m & phuong trinh (1) 6 hai nghiém phéan biét x,x, sao cho 2017x, +2018x, =2019

Bai 17. Cho phuong trinh x* —(2m+1)x+m? +1=0 (m la tham s6). Tim gi4 tri nguyén ctia m dé

phuong trinh da cho ¢6 hai nghiém phan biét x,;x, sao cho biéu thic P = XI:C2 c6 gid tri nguyén.
'xl 'x2
an dé 5. Phuwong trinh duwong thang
1. Ham s6 bac nhat
a. Pinh nghia: Ham $b bac nhét 12 ham s6 cho béi cong thuc y=ax+b voi a#0,a,b0R
b. Tinh chit: Ham s bac nhat y = ax +b c6 tinh chat sau:
v" Xéc dinh moi gid tri cua x thudc R.
v Pong bién trén R khi a >0 v Nghich bién trén R khi a <0
c. Po thi: Trén mit phang toa dd Oxy, dd thi ham s6 y =ax+b (a # 0) 12 mot duong thang di qua hai

iy . _b.
diém A(O,b), B[ a’OJ

2. Puong thing y=ax+b (a#0)
e D) thi ham s6 y=ax+b (a# 0) con goi la dudng thang d:y =ax+b, a dugc goi 1a hé sb géc; b
duogc goi 1a tung d6 gdc cia dudng thang.
* Puong thang di qua diém M (xo;yo ) v6i hé s6 géc k #0 cho trude ¢6 phuong trinh y = k(x - x,)+y,
® Puodng théng d tao véi cdc truc toa do nlét gécla a,tacéd: k=tana.
3. Phuong trinh tong quat cia dwdng thang . .
Phuong trinh ¢6 dang ax+by =c, a,b,cJR, a, b khong dong thoi bang 0.
a ¢

Tacé: ax+by=c = y:—zx+Z:kx+m hay dua vé dang ham s y =ax+b

4. Vi tri twong déi giira hai dwong thing
Cho hai dudng thang d,:y =ax+b, va d,:y=a,x+b,

al:aZ — a1:a2
®d/ld, - @d=d -1

b1¢b2 bl—b2
@dlci'ltd2 = a #a, ®d 0d, = a.a, =-1

Bai 1. Viét phuong trinh d: y =ax +b biét d:
a. bi qua A(4;3),B(2;-1)
b. Pi qua diém C(l;—l) va song song voi truc Ox

c. Pi qua diém D(—5;4)Va song song vdi truc Oy
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d. Song song vé6i dudng thing y =3x-2 va di qua diém E(2;3)
e. Pi qua diém F(3; —2) va vudng géc duong thing (d) ty=3x-4
HD Giai

. Vay y=2x-5

. B i ” . ~ _|4a+b=3 a=2
a. Puong thang y =ax+b di qua di€ém A va B, nén ta c6 -

2a+b=-1 b=-5
b. Puong thang y =ax+b di qua diém C va song song v&i truc Ox , nén ta c6 phuong trinh can tim la
y=b=-1
c. Puong thang y =ax+b di qua diém D va song song véi truc Oy , nén ta c6 phuong trinh can tim Ia
x=a=-5
d. Puong thang y =ax+b di qua diém E va song song v6i dudng thang y =3x—2, nén ta cé
2a+b=3 a=3 Vi —3c-3

{a=a'=3 - {b=—3' Wy
e. Puong thang y =ax+b di qua diém F va vudng géc voi duong thang y =3x—4, nén ta c6
{3a+b=—2 a=-1 . 1

o 3.Vay y=-—-x-1

b=-1 3

Bai tap lam twong tw ‘ )
Bai 2. Dinh ava b sao cho d6 thi ham s0y =ax+b:
a. Pi qua hai diém A(2:8)va B(-10)

aa'=-1

b. Pi qua diém C(5;3) va song song véi duong thing (d) ty=-2x+8

c. bi qua diém D (3;—2) va vudng géc dudng thang (d) y=-3x+4

d. Di qua diém E(1;-2)va c6 hé s6 géc Ia 0,5

Bai 3. Viét phuong trinh duong thiang y = ax + b thoa :

a. Pi qua hai diém A (5;3) VElB(3; —4) b. Pi qua hai diém C (— 1;3) va D (1;2)

c. bi qua diém E(—5;4) va song song véi trucOy  d. Pi qua diém F(\/E;l) va song song voi truc Ox
Bai 4. Cho hai ham s6 y = (m —1)x+15 va y =(3—=4m)x~17, m 1a tham sb. Véi gid tri nao cia m thi

do thi cua hai ham s6 di cho 1a nhitng duong thang:
a. Cat nhau b. Song song c. Trung nhau d. Vudng gbc
HD Giai

a. D thi hai ham s cit nhau = m—-1#3-4m < m¢%

3 . -1=3-4
b. D6 thi hai ham s0 song song v6i nhau < " "o m= 4
15%#-17 5
X s pas 1 A, m=1=3-4m N TP . ~
c. B0 thi hai ham s6 trung nhau < 15==17 . Khong c6 gid tri m théa man YCBT.

\ , +
d. Do thi hai ham s6 vudng géc nhau - (m—l)(3—4m) =1 o —4m*+Tm-2=0 = m= 7—;/E
Bai 5. Cho duong thing (d):y =(2-3m)x+2m+1, m la tham s0.
a. Vi gid tri nao ctia m thi (d) khong di qua gdc toa do?
b. Chirng minh rang (d)luén di qua mot diém cd dinh véi moi m . Tim toa d6 diém dé.
HD Giai
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a. Puong thang (d) khong di qua gbc toa do = (2 —3m).0 +2m+1#£0 = m# —%.
b. Goi M (x,:y,) 1a diém 6 dinh
Puong thang (d) luén qua M véi moi m - (2 —3m) X, +2m+1=y, vOoimoi m

= (3x,=1)m=2x, -y, +1 véi moi m

2
3x,-2=0 Y T3
2x, =y, +1=0 _7
Yo 3
A A s A X . 27) .. .
Vay (d)ludn di qua diém co dinh M [E,EJ vOi moi m .
Bai tap lam twong tw ) )
Bai 6. Vi gia tri nao cua tham s6 m thi ham so0
a. y=(2m=5)x+m—-2 dong bién trén R ? b.y= (—m2 +2m —Z)x +3 nghich bién trén R ?

c.y= (m2 - 16)x +3 vudng géc vai truc tung? d. y= (m - Z)x +m di qua diém A(—2;3) ?

Bai 7. Vi gid tri ndo ctia tham s6 m thi ham s hai duong thang (d,):y =2x+5m =3 va
(d)):y=—x+2m cit nhau tai mot diém nam trén truc tung?

Bai 8. Cho hai duong thang (d,):y =(m=2)x+2m va (d,):y =(2-3m)x+m~1, m la tham sé. Tim
gid tri cua m trong moi trudng hop sau

a. (d)) va (d,) catnhau b. (d,) va (d,) song song nhau c. (d)) va (d,) vudng goéc nhau

Bai 9. Cho hai dwong thing (d,):y =mx =3 va (d,):y =(m*=2)x=m =1, m Ia tham 6. Tim gié tri
cua m trong moi trudng hop sau

a. (d,) va (d,) catnhau b. (d,) va (d,) song song nhau c. (d)) va (d,) trung nhau

Bai 10. Tim gid trj cta tham s m dé duong thing (d):y = (~3m® +12m+5)x+2m+1 c6 hé s6 géc 16
nhat.

Bai 11. Tim gid trj cta tham s6 m dé duong thing (d):y = (m® =3)x+2=m tao v6i hai truc toa do mot
tam gidc vudng can.

Bai 12. Trong mit phing toa @ Oxy cho ba duong thang d:y=2x-1;d,:y=x;d,:y=-3x+2.
Tim ham s6 c6 d0 thi 1a duong thang d song song v&i duong thang d, dong thoi di qua giao diém cia
hai dudng thang d, va d, .

Bai 13. Trong mit phang toa @ Oxy ,cho Parabol (P) : y =2x” va duong thang (d) ty=2x+4

a. Vé Parabol (P) va duong thang (d ) trén ciing mot mit phang toa do Oxy .

b. Tim toa d¢ giao diém ciia Parabol (P) va duong thang (d ) bang phép tinh.

c. Viét phuong trinh duong thang (d ') :y=ax+b. Biétring (d ’) song song voi (d) va (dl)vé di qua
diém N (2:3).

Bai 14. Xac dinh hé s0 ava b ciia ham s0 y =ax+b bict do thi ciia né la duong thang (d) song song vdi
duong thang y =-3x+2019 va di qua diém M (2;1) .
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‘ 7 4n @é 6. Parabol (P):y=ax’,a#0
1. Céach vé do thi ham s6 (P):y=ax*,a#0
® Lay 5 diém nhu sau: Diém X, déi véi X, Va x, déi véi X,

30x1x2

v=ax [y, y 0 y v,
@ V& d6 thi di qua 5 diém trén

X |X4 X

Ta c6 bang bién thién:

Y

&
&
S
=
~
S
=Y

2. Twong giao giira parabol (P):y =ax’,a# 0 va dwong thiang (d):y=mx+n
@ Lap phuong trinh hoanh d¢ giao diém cta (P) va (d): ax* =mx—-n=0 (*¥)
@ Giai phwong trinh (*) va dwa ra két luan i
® Phuong trinh (*) vd nghi¢m. Khi d6 (d) va (P) khong c6 diém chung
® Phuong trinh (*) ¢c6 nghiém kép. Khi d6 (d) va (P)cé mot diém chung
® Phuong trinh (*) ¢6 hai phan biét nghi¢m. Khi d6 (d) va (P) cé hai diém chung
Bai 1. Cho parabol (P):y =2x? va dudng thing (d):y=6-x.
a. V€ (P) va (d) trén cing mat phéng toa do
b. Tim toa d¢ giao diém cua (P) va (d) béng phép tinh

HD Giai
a. Vé (P) va (d)
y
Ta cé: s
x |2 -1012 ! !
y=2x"[8 2 0 2 8 | |
o [N
x | 6 0 | |
=6-x 0 6 o\ 2./
v=67r] T e
L L x
2 -1 o1 2
x=-2
b. Phuong trinh hoanh do giao diém cta (P) va (d) 1a: 2x* =6-x = 2x*+x-6=0 = 3
x==

Vay (d) cit (P) tai hai diém A(-2;8) va BG;%).
Bai 2.

a. V& dd thi cua ham ) y= x” trén mat phﬁng toa do Oxy.
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b. Cho ham s6 y = 2x +m —6 ¢6 d0 thi 1a (d). Tim tham sé m & (P): y = x* cit (d) tai hai diém phén biét
c6 hoanh d6 duong.
HD Giai
a. HS tu vé
b. Phuong trinh hoanh d6 giao diém cia (P) va (d) 1a: x> =2x+m—-6 = x> —2x-m+6=0

Tacé: A=(-2)" —4(-m+6)=4+4m-24=4m-20

bé (P) cét (d): y=2x+m—6 tai hai diém phan biét cé cac hoanh d6 duong thi phuong trinh phai c6 hai
A>0 4m-20>0 S
nghiém phén biét duong = <x,+x,>0 < {2>0 - {m = 5<m<6

x,.x, >0 -m+6>0 ms
Vay 5<m<6 thi (P) cit (d) tai hai diém phén biét c6 hoanh d6 duong
Bai 3. Cho ham sb y = %xzcé dd thi (P).
a. V& dd thi (P)trén mit phang toa do Oxy.
b. Tim tat ca cdc gid tri cua tham s6 m dé duong thang(d): y = x+m* va (P) cét

nhau tai hai diém c6 hoanh do cdc giao diém 1a x,, x, théa man x +x; +x,x, =8.
HD Giai
a. HS tu vé

b. Phuong trinh hoanh d6 giao diém cua (P) va (d) la: lx2 =x+m’ = x> =2x-2m* =0

\S]

Tacé A'=(-1)* -1.(-2m*)=2m* +1>0 v&i moi m
Vay (d)ludn cit (P)tai hai diém phan biét.

X, t+x, =2

Theo hé thirc Vi-ét, ta cé: {

XX, = -2m

Theo giéthiét: xl2 +x§ +x,x, 28 = (x, +xz)2 -x x, 28
o 442m* 28 = m* 22 = m2~2 hoic m<—2
Bai 4. Trong mat phang toa d§ Oxy.

2
a. V& db thi (P) ctia hamsé y = "7

b. Chimg minh dudng thang d : y =mx—m+1, véi m 1a tham sd, ludn cit (P) tai hai diém phan biét
A(x;3y,), B(x,;y,) v6i moi gid tri cia m. Tinh y, +y, theo m.

HD Giai
a. Ta co:
X -2 -1 0 1 2
x* 1 1 2
=2 — 0| — _*
Y75 213 R y==
2 x
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2
b. Phuong trinh hoanh d¢ giao diém cua d va (P) la: x? =mx—-m+1 o x> =2mx+2(m—-1)=0 (¥)

Phuong trinh (*) ¢c6 A'=(-m)* =2(m—=1)=m’ —2m+2=(m—1)> +1>0,0m OR.
Do d6 (*) ludn c6 hai nghiém phén bi¢t x,x, v6i moi m.

Suy ra d ludn cdt (P) tai hai diém phan biét A(x;y,) va B(x,;,),

Trong d6 y, =mx, —m+1, y, =mx, —m+1.

Suyra y +y, =m(x +x,)=-2m+2=m.2m)-2m+2 = 2m* =2m+2.

Bai tip lam twong tw

Bai 5. Trong mat phang toa do Oxy.

a. V& dd thi (P) ctiahamsd y = x°.

b. Cho ham s6 y = mx +n c¢6 db thi 1a dudng thing (d). Tim m va n biét (d) song song véi dudng
thang(d'):y = x+3 va di qua diém M(2;4).

Bai 6. Trong mit phang toa do Oxy.

a. V& dd thi (P) ciaham sd y = 2x°.

b. Ching minh rang duong thiang (d):y =kx +1 ludn cat do thi (P) tai hai diém phan biét vi moi k.
Bai 7. Trong mit phang toa do Oxy.

2
a. V& dd thi (P) ctiahamsd y = "7

b. Chirng minh rang khi m thay doi, cic duong thang y = mx —%(4m —1) 1udn di qua diém cb dinh nim
trén (P).

Bai 8. Trong mit phang toa do Oxy.

a. V& dd thi (P) ctiahamsd y = x°.

b. Tim tham s m dé duong thfmg (d):y=2x-m cit (P) tai hai diém phén biét.

Bai 9. Trong mit phing toa do Oxy.

a. V& @0 thi (P) ciaham s y = ixz.

b. Cho diém A thudc (P) va c6 hoanh d6 bang 4. Tim tham s6 m dé duong thang(d):y = x—m di qua
A.
Bai 10. Trong mit phang toa do Oxy.

a. V& d0 thi (P) ciahamsd y = %xz.

b. Puong thang (d):y = x +§ cit (P) tai M va N. Tinh dién tich tam gidc OMN.

Bai 11. Trong mit phing toa do Oxy.

a. V& @0 thi (P) ciahamsd y = ixz.

b. Tim tat ca cdc gid trj cia tham s6 m dé dudng thang (d):y =mx—m+1 cét (P) tai hai diém phan biét
c6 hoanh d¢ 1a x, va x, sao cho xl2 +x§ +xx, =6.

Bai 12. Trong mit phang toa do Oxy.

a. V& dd thi (P) ciaham s y = x°.

b. Tim tham s m dé duong thing (d):y = (m2 - 4)x +m? =3 cit (P) tai hai diém phan biét.

Bai 13. Cho parabol (P):y = x*va duong thang (d):y =mx+2, véi m 1a tham sd.
a. Khi m =1, tim toa d6 giao diém cua (P) va (d)
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b. Chig minh (d) luon cat (P) tai hai diém phan biét A(x;y, ), B(x,:y,) véi moi m.

c. Tim m & xx, +y +y, dat gid tri nho nhét

Bai 14. Cho parabol (P):y = x* va duong thang (d):y =mx+2, véi m 1a tham sb. Tim gid tri cta m
trong cdc truong hop sau )

a. (d) va (P)khong c6 diém chung b. (d) va (P)tiép xuc v6i nhau

c. (d) cat (P)tai hai diém phéan biét d. (d) song song véi duong théng 2x—y+4=0

Bai 15. Cho parabol (P):y = —x’ va dudng thang (d):y = (m —)x —m, v6i m 1a tham sd.

a. Khi m =3, hay vé(P) va (d) trén cung mat phéng toa d0 Oxy. Tim toa d¢ giao diém cua (P) va (d)
bang phuong phép tinh. i i )

b. Tim m dé (d) cat (P)tai hai diém phén biét ndm trén cing mot phia doi vdi truc tung.

Bai 16. Cho Parabol (P): y = —2x” va duong thang (d): y = x—m (véi m la tham s6).

a. vVé pa{abol P). ) ) i ) )

b. Tim tat ca cac gia tri cua tham s6 m d€ duong thang (d) cat (P) tai hai diém phan biét c6 hoanh do
x,, X, théa man diéu kién x, +x, = x,.x,

Bai 17. Cho phuong trinh x° —2mx—2m—1=0 (1) voi m 1atham sb. Tim m dé phuong trinh (1) c6 hai

nghiém phén biét x,, x, sao cho \/xl +x, + \/3 +xx, =2m+1.

Bai 18. Cho Parabol (P):y= %xz va duong thflng (d): y=x+m=—1 (m 1a tham sd)

a. V& do thi (P).

b. Goi A(xA; Va4 ) ,B (xB; yB) la hai giao diém phén biét cua (d) va (P) Tim tat ca cdc gia tri ciia tham

s6 m dé x, >0 va x, >0.
Bai 19. Cho parabol (P):y =%x2 va duong thfmg (d):y=x+2.

a. V& parabol (P) va dudng thang (d) trén ciing hé truc toa do Oxy.

b. Viét phuong trinh dudng thang (d,):y =ax+b song song voi (d) va cit (P) tai diém A c6 hoanh do
bang 2.
Bai 20. Trong mit phang toa d Oxy, cho parabol (P):y =x* va duong thing

(d):y=2x+4m* =8m+3 (m la tham s6 thyc). Tim céc gid tri cia m dé (d) va (P) cét nhau tai hai
diém phan biét A(x3,), B(x,;y,) thoa man diéu kién y, +y, =10.

Bai 21. Cho Parapol (P):y = x> va dudng thiang (d):y =2x+3.

a. V& Parapol (P):y = x* va duong thang (d): y = 2x+3 trén ciing mot mit phing toa do.

b. Tim toa d¢ giao diém (néu c6) cua (P) va (d).

Bai 22. Trong mit phing toa dd Oxy cho parabol (P) c6 phuong trinh y = %xz va duong thing (d ) co
phuong trinh y = —mx +3 —m (v6i m 1a tham s6).

a. Tim toa do diém M thudc parabol (P), biét diém M c6 hoanh do bang 4.

b. Chirng minh dudng thing (d) ludn cat parabol (P) tai hai diém phan biét. Goi x,,x, lan lugt 12 hoanh

dd cua hai diém A,B. Timm dé x7 +x; = 2x,x, +20
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an dé 7. Giai bai toan bing cach 1ap phwong trinh hoic h¢ phwong trinh
Phwong phap chung:
® Chon 4n, don vi cho an va diéu kién thich hop cho an.
@ Biéu dat cdc dai lugng khac theo an da goi, luu y théng nhat don vi
® Duya vao dit kién, diéu kién ctia bai toan dé 1ap phuong trinh hodc hé phuong trinh
@ Giai phuong trinh hodc hé phuong trinh, so sanh diéu kién ctia 4n dua ra két qua bai toan yéu
cu va két luan.
Bai 1. Lop 9A c6 40 hoc sinh dugc chia thanh mot s6 t6. Néu tang thém 1 t6 thi mdi to Idc nay sé& ¢6 it
hon 2 hoc sinh so véi ldc chua ting. Tinh sd t6 lic dau ctia 16p 9A (biét rang s6 hoc sinh & mbi t6 ludn
bang nhau).
HD Giai
Goi s to lic dau cua 16p 9A 1a x (x nguyén duong).

S4 hoc sinh chia theo t6 12 : @ (hoc sinh)
X

. .4
Tang thém 1 t6, s6 hoc sinh chia theo t6 1a —+01 (hoc sinh)
by

Theo dé bai ta c6: E—Z :ﬂ
X x+1
=4 hd
PN 40(x+1)—2x(x+1):40x e 2x2=2x+40=0 X (n a”l)
x =-5 (loai)

Vay s6 to lic dau cua lop 9A 1a 4 t6.
Bai 2. Anh Nam trong ciy trén mot manh dat hinh chir ‘nhét. Anh dy dinh trong theo tung hang va moi
hang c6 s6 cay bang nhau. Néu ting thém 1 hang va moi hang bot di 1 cay thi s6 cdy phai trong ting
thém 7 cay. Néu b6t di 1 hang va tang thém moi hang 5 cdy thi s6 cdy phai trong ting thém 11 ciy. Hoi
s6 luong cAy ma Anh Nam dy dinh trong 12 bao nhiéu ?

) ‘ HD Giai ‘ N
Goi x (hang) la s6 hang dy dinh trong va y (cdy) la so cay du dinh trong trén moi hang
Diéu kién x,y ON". Khi d6 s6 cdy du dinh trong 1a x.y (ciy)
Néu tang thém 1 hang va mdi hang bot di 1 ciy thi sd cdy phai trong ting thém 7 ciy , ta ¢é phuong trinh
la: (x+1)(y=1)=xy+7 (D)
Néu b6t di 1 hang va ting thém mdi hang 5 ciy thi s6 cdy phai trong ting thém 15 cdy, ta c6 phuong
trinh fa: (x=1)(y+5)=xy+15 ()

(x+1)(y—1):xy+7 @{x_y:_g @{x:7
(x=1)(y+5)=xy+15  [5x-y=20 |y=15

Vay sd cdy ma anh Nam dy dinh trong 12 : 7.15=105 ciy

Bai 3. D¢ thuc hién chuong trinh khuyen mai nhén ki niém ngay thanh 1ap, mot cong ty dién tir thyc hién
giam gid 20% trén mot tivi cho 16 hang gom ¢6 30 cdi tivi voi gid ban 1€ moi cdi trude d6 1a 6200000VND.
Ngay thir nhét cong ty da ban duoc 20 cdi. Qua ngay thir 2, cong ty quyét dinh giam gid thém x% trén mot
tivi cho cdc tivi con lai, v6i x 1a s6 nguyén duong.

a. Cho x =10, tinh so tién ma cong ty thu dugc néu ban hét 16 hang khuyén mii.

Do do, tur (1) va (2) ta ¢6 hé phuong trinh : {

b. Biét gid von ctia mdi chiéc tivi 12 4500000VND. Tim gi4 tri 16n nhat ciia x dé cong ty khong bi 19.
o ~ HDGiai
a. SO tién thu dugc cua cdng ty ngay thu nhat: 20.0,8.6200000 =99200000 VND

Sb tién thu dugc ciia cong ty ngay thi hai: 10.0,7.6200000 = 43400000 VND
Vay tong s0 tién ma cong ty thu dugc khi ban hét 16 hang khuyén mai 1a 142600000 VND
b. Tong gid von ciia 30 cdi ti vi 1a 30.4500000 = 135000000 VNP
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Téng s tién ma cong ty thu dugc khi ban hét 16 hang khuyén mii 1a

20+ x
0 .6200000 =148800000 — 620000x

20.0,8.6200000 + 10.(1 -

Cong ty khong 15 khi: 148800000 — 620000x = 135000000 = 62x <1380 < x< % = 22,258

Vay x =22 thoa man yéu cau bai todn.
. . . 4 2
Bai 4. Mot nguoi di xe mdy tir A dén B cach nhau 150km vai vén toc du dinh. Khi di dugc 3 quing

duong AB, nguoi d6 dung xe nghi 15 phiit. Pé dam bao dén B ding thoi gian du dinh, nguoi d6 da ting
toc thém 10km/ h trén quang dudng con lai. Tinh van toc du dinh ctia nguoi di xe mdy.

HD Giai

Goi x (km/h) 1a vén tée dy dinh (x >0).

150
Thoi gian dy dinh di tr A dén B 1a — ()

X
2 1
Tho gian di 3 quang duong la 100 (h)
X
1
Thoi gian di hét — quing duong con lai 1a (h)
3 x+10

Theo dé bai ta c6:
x x+10

Bai 5. Quang duong AB dai 120km . Hai 6 t0 khoi hanh ciing mét Iic tir A dén B. MSi 2io 0 to thir Qhét
chay nhanh hon 6 t6 thtr hai 12 kmnén dén B trudc 6 to thir hai 30 phut. Tinh van toc cia 6 to thu nhat.
) ) . HD Giai
Goi van toc 0 to thu nhat la x (km/ h) . Diéu kién x >12
Vian tdc 6 to thtr hai 1a x—12 (km/ h)

. 150 (100 50
- +
X

J :i . Giai phuong trinh, ta dugc x =40 (km/ h)

Thoi gian 6 to th nhat di tr Adén B 1a 120 (h)

X
120

X =

Thoi gian 6 to thu hai di tr A dén B 1a (h)

Theo dé bai, ta cé: 120 +% = 12(1)2 = x*-12x-2880=0 = x =60 (nhan) hoac x =-48 (loai)

X x-
Vay van toc 6 td thir nhat 1a 60 (km/ h)
Bai 6. Mot nhém hoc sinh ¢6 ké hoach nhan trong 200 cdy tram gitip cho gia dinh ban An. Vi c6 2 hoc
sinh bi bénh khong tham gia dugc nén moi hoc sinh con lai phai trong thém 5 cay so v6i du dinh de hoan
thanh ké hoach (Biét s6 cAy mdi hoc sinh trong 1a nhu nhau). Tinh s6 hoc sinh thyc té tham gia trong cay.

HD Giai

Goi x 12 s6 hoc sinh thyc té tham gia trong ciy (x > O)

S6 hoc sinh tham gia trong cdy theo du dinh 13 x +2

Theo dé bai, ta co: @ _ 200

x  x+2
Vay sb hoc sinh thyc té tham gia trong ciy 12 8 hoc sinh.
Bai 7. Trong mot budi 1é tong két cubi nam, 16p 9A1 c6 moi thém 15 ban 16p khac dén dy. Vi 16p di c6
45 hoc sinh nén phai ké thém 1 ddy ghé nita va mdi day phai ngdi thém 1 hoc sinh méi du chd. Biét rang
mdi day ghé c¢6 s6 hoc sinh ngdi nhu nhau va khong thé ngdi qua 6 em. Hoi 16p 9A1 ban dau c6 bao
nhiéu diy ghé?

=5 < 5x*+10x =400 =0 < x =8 (nhan) hodc x =-10 (loai)
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HD Gii
Goi x 1a sb day ghé lic ddu (x ON"). Khi d6 s6 ddy ghé lic sau 1a x +1

S6 hoc sinh ltc ban dau ngdi mdi day ghé 1a ) (hoc sinh)
X

S6 hoc sinh ldc sau ngdi mdi day ghé 1a 6_?1 (hoc sinh)
X
A s . . 45 60 ) 5
Theo dé bai, ta c6 phuong trinh: —+1 =—+1 o x —14x+45=0  x =5 hoac x=9
X X

Thir lai: V&i x =5 s6 hoc sinh ngdi mdi diy ghé 1a 4?5 =9 hoc sinh(vi pham diéu kién khong thé ngdi

qua 6 hoc sinh)
Vay 16p 9AI lic dau c6 9 diy ghé.
Bai 8. Mot to trong ciy ciia truong nhan ké hoach tréng 200 ciy. Vi 2 t6 vién dugc diéu sang lam viéc
khac nén mdi to vién con lai nhan trong thém 5 ciy so voi dy dinh lic ddu dé hoan thanh ké hoach. Biét
s6 cdy mdi ngudi trong nhu nhau. Tim s6 t6 vién ldc dau.

HD Giai
Goi x 1256 td vién ldc dau (x >2,x ON). S t6 vién ldc sau 1a x —2.

S6 cAy mdi nguoi trong theo du tinh 1a 200 (cy)
X

S6 ciy thuc mdi nguoi trong 1a 2002 (cay)
¥ -
Theo dé bai, ta c6 phuong trinh: 200 +5= 2002 o x*=2x-80=0 < x =10 (nhan) hoic x =-8 (loai)
X x-

Vy s6 0 vién lic dau Ia 10 nguoi.
Bai 9. Mot nguoi di xe gan mdy tr A dén B cach nhau 90km . Sau khi di dugc 2 gid, xe bi hong, nguoi
ay phai dung lai 15 phit d€ sira r6i tiép tuc di voi van toc tang thém 10km/ hva di dén B ding gio da
dinh. Tim vén toc ban dau cua xe gan may.
HD Giai

Goi x(km/ h) Ta van toc ban du cia xe gn mdy (x >0). Vén téc ltic sau Ta x +10 (km/ h)
Quing duodng di sau 2 gio dau 1a 2x km
Quang duong di sau khi stra xe 1a 90 —2x (km)

1,90-2x

Theo d¢ bai, ta c6 phuong trinh: 20 =2+4+—+

= x*+90x-3600=0 = x =30 (nhan) hoic
X 4 x+10

x =-120 (loai)
Vay van toc ban dau cua xe gan mdy 1a 30 km/ h
Bai 10. Mot phong hop ¢6 120 ghé dugce xép déu thanh cdc ddy. Néu muon bét di 2 day thi phai xép thém
3 ghé vao mdi day con lai. Hoi phong hop c6 bao nhiéu diy ghé va mdi diy c6 bao nhidu ghé?
HD Giai
Goi x 1as6 ghé trén mdi diy (x ON")
120
x+3

S6 day ghé lic dau 1a 120 o5 day ghé ltic sau Ia
X

Theo d bai, ta c6 phuong trinh: 120 _ 120
x x+3

+2 » x*+3x-180=0 = x =12 (nhan) hoic x =-15
(loai)

Vay mdi day ghé ¢6 12 chiée va s6 day ghé 1a % =10 (day).
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Bai 11. Mot don vi theo ké hoach phai san Xuét 20 chi tiét mdy trong mot thoi gian da dinh, nhung sau
d6 don vi ting nang suét thém 10 chi tiét mdy mdi ngay nén da hoan thanh ké hoach sém duoc 1 ngay.
Héi nang sudt dy dinh cua don vi 1a bao nhiéu chi tiét may mdi ngay?

HD Giai

Goi ning suat du dinh 1a x (x ON"). Nang suét thuc lam I3 x +10.
200
x+10°

. ) 2 ;
S6 ngay du dinh lam la ﬂ So ngay thuc lam la
X

Theo dé bai ta c6 phuong trinh: 200 =1+ 24(_)?0 = x> +10x-2000=0 = x =40 (nhan) hoic x =-50
X X

Gosi) .
Viay nang suat du dinh la 40 chi tiét may moi ngay.

Bai 12. Mot t6 san xuit, theo ké hoach phai san xuét 180 tin dung cu trong mot thoi gian da dinh. Sau khi
2 : 2 c Ao FO L2 N £ \
thuc dugc 3 ke hoach thi t6 dugc bo sung thém ngudi nén nidng suat hang cua to tang thém 2 tan. Nho

vay to dd hoan thanh ké hoach trudc thoi han 1 ngay. Hoi ning suat mdi ngay lic dau cta t6 12 bao nhiéu
tan?

HD Giai
Goi x (tin/ngay) I nang suat ban dau cua to (x >0)

Nhu vay % ké hoach nghia 1a thyc hién dugc 1a 180% =120 (tan)

Thoi gian hoan thanh ké hoach dy dinh 1a 180

X

Thoi gian thyuc hién % ké hoach dau 1a 120
X

60
x+2
120 60

Theo dé bai, ta ¢6 phuong trinh: 180 = + 7 +1 & x> +2x-120=0 = x =10 (nhén) hoic
X X X

Thoi gian thuc hién % ké hoach dau 1a

x=-12 (loaj) . . )
Véy nang suat ban dau cua t6 1a 10 tan/ngay
Bai 13. C6 Lan tap | thé duc mdi sang trong 40 phut. C6 Lan thyc hién sy két hop ctia thé duc nhip di¢u
d6t chdy 11 calo mdi phiit va kéo cang co thé dbt chay 4 calo moi phiit. Muc ti€u cua c6 Lan la d6t chay
335 calo trong qud trinh tap luyén ctia minh. Hoi ¢6 Lan can thyc hién mdi hoat dong trong bao 14u?
) HD Giai 7

Goi x (phut), y (phut) lan luot 1a thoi gian ¢6 Lan tap thé duc nhip diéu va kéo cin co the (0 <x,y <40)

x+y=40 x=25
11x+4y =335 y=15
Vay ¢6 Lan danh 25 phiit dé tap thé duc nhip diéu va 15 phiit kéo cing co thé. 7
Bai 14. Huong tng Ngay Chu nhat xanh do UBND huyén phéat dong véi chu dé “Hay hanh dong d¢ Tuy
Phong thém Xanh, Sach, Sang”, mot trudng THCS Nguyén Binh Khiém d cir hoc sinh cua hai 16p 9A1

Theo d& bai ta c6 hé phuong trinh: {

N N . N A A s A \ 35 PN NIEN A A A N
va 9A2 cung tham gia lam tong v€ sinh mot con dudng, sau I gi0 thi lam xong cong viéc. Néu lam

riéng ting 16p thi thoi gian hoc sinh 16p 9A1 1am xong c6ng viée it hon thoi gian hoc sinh 16p 9A2 1a 2
gio. Hoi néu mdi 16p 1am riéng thi sau bao nhiéu gio s& 1am xong cong viéc?
HD Giai

Goi thoi gian 16p 9A1 lam mot minh xong cong viéc 1a x (gio) (x > %}
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Goi thoi gian 16p 9A2 lam mot minh xong cong viée la y (gid) (v >2)

Mdi gid 16p 9A1 1am duoc phan cong viéce 1a: !

— (cdng viéc)
X
1

Mbi gid 16p 9A2 1am duogc phﬁn cong viéc la: (cong viéc)

y
M3di gior 16p ca hai 6p 9A1, 9A2 lam dugc phan cong viée la: 1 +l (cong viéc)
Xy

Theo d¢ bai, hai 16p cling 1am chung cong viéc trong % gi0 thi xong cdng viéc nén ta cd phuong trinh:

l+l:1 E P l+l:£ (1)

Xy 12 x y 35

Néu 1am riéng ting 16p thi thoi gian hoc sinh 16p 9A1 lam xong cong viéc it hon thoi gian 16p 9A2 14 2 gio
nén ta c6 phuong trinh: y=x+2  (2)

Thé phuong trinh (2) vao phuong trinh (1) ta duoc:

(1).=,l+ ! —2@35(x+2)+35x—12x(x+2)
x x+2 35

o 35x+70+35x=12x* +24x = 12x* —46x-70=0
o 12x* —60x+14x-70=0 < 12x(x=5)+14(x-5)=0
x =5 (tm)

x=5=0

o (x=5)(12x+14)=0 < -
(r=3)(12x+14) sz+14:0 x=—%(Ktm)

Vay néu Iam mot minh thi 16p 9A1 1am xong cong viée trong 5 gid, 16p 9A2 1am xong cong viéce trong
5+2=7 gio

Bai tap lam twong tw

Bai 15. Mot manh dat hinh thang vudng c6 dién tich 1a 70m?; chiéu dai ddy nho gap 4 1an chiéu cao va
ngan hon ddy 16n 3m . Tinh chu vi ciia manh dét trén. (Ddp sd: Chiéu cao bang 4m, chu vi 1a 44 m)

Bai 16. Phong hop ctia cong ty c¢6 240 ghé ngdi dugc xép thanh timg diy ngang song song voi nhau. S6
ghé trén mdi day nhu nhau va duoc sip xép cich déu nhau. Ban gidam doc dinh moi 320 nguoi du 18 to
chtrc ki niém thanh 1ap cong ty. Dé dam bao du sé ghé ngdi cho khach moi, ban td chirc phai ké thém 4
day ghé va mdi day ghé phai bd tri thém 1 ghé sao cho s ghé trong tat ca cdc day nhu nhau. Biét rang
phong hop chi c6 thé bd tri ti da 20 day ghé. Hoi lic dau phong hop c¢6 bao nhiéu diy ghé va mdi diy
ghé c6 bao nhiéu ghé? (Pdp sé: 16 day ghé va 15 ghé)

Bai 17. Hai d6i xay dung lam chung mét cong viéc va du dinh hoan thanh trong 30 ngay. Nhung khi lam
chung dugc 20 ngay thi doi I dugc diéu dong di lam viéc khac. Tuy chi con d6i II 1am viéc, nhung do cai
tién cach lam, nang suat doi II tang gap doi, nén ho 1am xong phan viéc con lai trong 8 ngay. Hoi véi
ning sut ban dau, néu mdi doi 1am riéng thi phai Iam trong bao nhiéu ngay méi xong cong viéc trén?
(Diap s6: Doi I 12 80; doi 11 1a 48)

Bai 18. C6 Bong 1a chii cho thué cin ho loai 2 va 3 phong ngt v6i gid mdi phong 1an lugt 12 6 triéu dong
va 8 triéu dong mdi thang. Thang trudc co6 Bong ¢6 6 can ho khong co ai thué va that thu 40 triéu dong.
Hoi c6 bao nhi€u can hd 2 phong ngu khong c6 nguoi thué? (bép s6: 4 can ho 2 phong ngi)

Bai 19. Trong ky thi Tuyén sinh vao 16p 10 THPT niam 2019, tong chi tiéu tuyén sinh cua Truong THPT
A va truong THPT B 1a 900 hoc sinh. Do ca hai truong déu c6 chat lugng gido duc rat t6t nén sau khi hét
han thoi gian diéu chinh nguyén vong thi s luong thi sinh dang ky du tuyén vao Truong THPT A va
Truong THPT B téng lan luot 12 15% va 10% so voi chi tiéu ban dau. Vi vay, tong s0 thi sinh dang ky du
tuyén ciia ca hai truong 1a 1010. Hoi s6 lugng thi sinh dang ky du tuyén ctia mdi trudng 1 bao nhiéu?
(Diép sb: 400 va 500)

Bai 20. Bic B vay 0 mot ngan hang 100 tri¢u d6ng dé san xuat trong thoi han 1 nam. L& ra ding 1 nim
sau bdc phai tra ca tién vbn 1an tién 14, song bac da duoc _ngan hang cho kéo dai thoi han thém 1 nam
nira, s6 tién 13i ctia nam dau dwoc gop vao véi tién von dé tinh 13 nam sau va ldi suat van nhu cii. Hét 2
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niam bic B phai tra tit ca 121 triéu dong. Hoi ldi suat cho vay ctia ngan hang d6 1a bao nhiéu phan trim
trong 1 nam? (Pap $6: 10%/nam)

Bai 21. Mot cong ty van tai du dinh dung loai xe 16n dé van chuyén 20 thn hang héa theo mot hop dbng
Nhung khi vao vi¢c, cong ty khong con xe 16n nén phai thay bang nhirng xe nho. MJi xe nhd van chuyen
duoc khoi luorng it hon 1 1an so véi m01 xe 1én theo dy dinh. bé dam bao thoi gian da horp dong, cong ty
phai dung mot so lugng xe nhiéu hon sb xe du dinh 12 1 xe. H6i mdi xe nho van chuyen bao nhiéu tn
hang héa? (Blet céc xe cung 10a1 thi c6 khéi lugng véan chuyen nhu nhau) (Pap s6: 4 tan)

Bal 22. Bac Binh du dinh trong 300 cay cam theo nguyen tac trong thanh cac hang, mdi hang c6
s6 ciy bang nhau. Nhung khi thuc hién bac Binh di trong thém 2 hang, mdi hang thém 3 ciy so
v6i dy kién ban dau nén trong duoc tat ca 391 cdy. Tinh s6 cdy trén 1 hang ma bac Binh du kién
trong ban dau.(Pdp so: 20 cdy, 15 ciy)
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4an dé 8. Hinh hoc
Céc dang toan thwong gip trong Ki thi tuyén sinh vao 16p 10
Dang 1. Chirng minh ti gidc ndi tiép
Phwong phap co ban:
® Chung minh tr giac ¢6 tong hai géc d6i bang 180°.
@ Chig minh tir gidc c6 bon diém cua tir gide cach déu mot diém nao do.
® Chtng minh tir hai dinh cling k& mot canh ciia tir gidc, ciing nhin mot canh duéi hai géc bang nhau
@ Néu mot tir gidge c6 tong sd do hai géc d6i bang nhau thi tir gidc d6 noi tiép dudng tron
® Chitng minh tir gidc c6 géc ngoai tai mot dinh bang géc trong tai dinh ddi cia dinh d6
Dang 2. Tam giac dong dang va ing dung ciia né.
Phwong phap co ban:
® Hai tam gidc c6 hai géc twong ting bang nhau (g — g)
@ 2 canh twong tng ti 1¢ voi nhau — géc xen giita hai canh bang nhau(c — g — ¢)
® 3 canh tuong rng ti 1€ vdi nhau (¢ — ¢ —¢)
@ Dinh 1i Talet — Hai duong thang song song
Luu y: Céc dinh 1i dong dang cta hai tam gidc vudng
1. Binh 1i 1 (canh huyén — canh géc vudng).
Néu canh huyén va canh géc vudng ctia tam gidc ndy ti 1¢ v6i canh huyén va canh géc vudng cua tam gidc
kia thi hai tam gidc dong dang.
2. Pinh i 2 (hai canh géc vudng).
Néu hai canh géc vudng ciia tam gidc nay ti 18 véi hai canh géc vudng ctia tam gidc kia thi hai tam gidc
ddng dang.
3. Binh Ii 3 ( gbc).
Néu géc nhon ciia tam gidc nay bang géc nhon ctia tam gidc kia thi hai tam gidc dong dang.
Dang 3. Chirng minh ba dwong thing dong quy
Phwong phap c6 ban:
® Chitng minh ¢6 mot diém dong thoi thudc ca ba dudng thang do.
@ Chitng minh giao diém cta 2 dudng thang nay nam trén duong thing thir ba.
® Chig minh giao diém ciia 2 duong thang thi nhit va thi hai triing véi giao diém ciia hai duong thang
thtr hai va thi ba.
@ Sir dung tinh chat ddng quy ctia ba dudng trung tuyén, dudng cao, phéan gidc, trung tryc trong tam gidc.
® Swr dung tinh chét ciia dudng chéo cia céc tir gidc dic biét.
Dang 4. Chimg minh ba diém thing hang
Phwong phap co ban:
® Sir dung tinh chat géc bet
@ Chig minh hai doan thang tao tir ba diém da cho cling song song véi mot dudng thing ( Str dung tién
dé Oclit)
® Swr dung tinh chét cua hai duong thing vudng géc
@ Sir dung tich chat duong trung tryc cua doan thang
® Sur dung tinh duy nhét ciia tia phan gidc cia mot géc khac géc bet
® Sur dung tinh chat dong quy clia tam gidc
Dang 5. Tinh
Dang nay thyc hién tinh: S6 do (d6 dai) canh; g6c; dién tich tam gidc; dién tich xung quanh, dién tich toan
phan va thé tich tuong g cua hinh non, try va cau.
Cén nim lai cac kién thirc sau
1. H¢ thirc lwgng trong tam giac:
Cho AABC vudng tai A, ¢6 duong cao AH.

w AB*>+ AC? =B(C? = AB=AC.tanC=AC.cotB
= =BC.BH 4
w AC*=BC.CH c b
1 1 1
= Tt B H a ¢
AH® AB° AC
w AB=BC.sinC =BC.cosB
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Ti s6 lugng gidc clia géc nhon: 0 <sina <1;0<cosa <1. Ta cé:

sina cosa in>a+cos’qa =
tang = cota =& sin“a +cos”a =1
cosa sin
tana.cota =1 ) )
l+tan" a =— l+cot” a =——
cos” a sin“

2. Cac cong thirc tinh dién tich:
a) Tam gidc:

S:la.h :lb.hb :lc.h S:lbcsinA:lca.sinB:labsinC
2 42 2 ¢ 2 2 2
+bh+ —
S=pr; p=Z 129 < S=j—l;§ S‘\/P(p_a)(p_b)(p_c)

3 2 R : 1 1
AABC @éu, canh a: S = a 4\-/5 R du’(‘)'ng cao AH :# AABC vudng tai A: S :EABAC :EBCAH

b) Hinh vudng: S=a’ (a: canh hinh vuéng)
¢) Hinh chit nhat: S=ab (a, b: hai kich thudéc)
d) Hinh binh hanh:  § = ddy Xcao = AB.AD.sinBAD
¢) Hinh thoi: S = AB.AD.sinBAD = %AC.BD

1 .
f) Hinh thang: § :E(a +b).h (a, b: hai ddy, h: chiéu cao)

1
g) T gidc c6 hai duong chéo vudng géc: S = EAC .BD
3. Hinh tron

Hinh Tinh chat Tinh
M ® Duong tron tdim O, ban ® B¢ dai duong tron: C =271R = 71d
kinh R =OM =0A o T o 7Rn°
f AB @ bo daicungtron n: [ = 5
g =0B =22 Ki hi¢u (0:R) 180
A ) B 2 | ® Dién tich hinh tron: S = 77R*

® Buong kinh d = AB di @ Dién tich hinh quat tron:
quatam O. R IR

: | ®* Géc AMB=90"; 5= 360° 2

- Cach xdc dinh: Qua ba diém | o sd MB: - Quan hé vudng géc giita duong kinh

khong thang hang ta v& dugc |~ -
mot va chi mot duong tron. MOA =sd MA;
- Tam déi xtmg, truc dbi xung | _— | —
: Pudng tron c6 mot tam doi | MAB =—sd MB ;
xung; ¢6 vo sb truc ddi xing. 2

va day. Trong mot duong tron

+ Pudng kinh vudng géc véi mot day thi
di qua trung diém cta ddy 4y

+ Puong kinh di qua trung diém cua
— ] — mét day khong di qua tam thi vudng
MBA = ESd MA gbc vobi day ay.

4. Dién tich — Thé tich hinh nén, hinh tru va hinh ciu

Hinh Dién tich Thé tich
Cho hinh nén N c6 chiéu cao A, dudng sinh /
va ban kinh ddy bang r.

S =l
xq

Trong tim on thi tuyén sinh 10 27 I Love Math _0916620899



On thi vao 16p 10 I Love Math GV. Lu Si Phap

o _
Stp - SXq + Sda’y Vv, = l 717 h
S P w’ 3
~
M
Cho hinh try c6 chiéu cao h, dudng sinh / va
ban kinh ddy bang r. S, =2ml
— 2
S =S +28 Vp =1 h
p xq day
S =m’

dday

Mit cau ban kinh bang R .
Goi S, 1a dién tich mit cu va V. 1a thé tich

khdi cau
4 5
V.=—nR
6 SC:4;-[R2 c

Bai 1. Cho dudng tron (O;R) va diém A sao cho OA = 2R. Tir diém A v& tiép tuyén AB dén (O) (B la tiép

diém). Ké dudng kinh BC ciia (0), goi M 1a trung diém cta doan thang OB, ké MN vudng géc v6i AC tai
N.

a. Chtng minh t&r gidc ABMN ndi tiép.
b. Ké BH vudng goc voi OA tai H. Cho R =3cm, tinh BOA va canh BH.

c. Pudng thing vudng géc véi OA tai O cit tia AB tai E. Ching minh ba diém E, M, N thang hang.

) HD Giai
a. Chuing minh tr gidc ABMN noi tiep
Xét ta gidc ABMN ta cé:
MBA = MNA =90° (gt)
= MBA + MNA =180°
Vay tr gidc ABMN ndi tiep
b. Tinh BOA va canh BH o A
AOBA vuong tai B
:>cosBOA:0—:—:§:>BOA=6O° N
OA 2R 6
XétAOBH vudng tai H, ta c6 C
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33

BH = OBSinBOH = 3Sin60° = em

c. Chtng minh ba diém E, M, N thang hang
Xét AOAE vudng tai O, tacé OB JAE = OB’ = AB.BE

:>23MG;—BC=AB.BE = BM .BC = AB.BE hay ;—E—B—C

BE

AB BC

Mit khic, ta c6: ABC ~ AMBE (c-g-c) (do ABC = MBE =90° va ekl
BM ~ BE

— BME = BAC ma CMN = BAC (do t& gisc ABMN ndi tiép)
— BME = CMN ma BMN +CMN =180° (k& b)) nén BMN + BME =180°
= Ba diém E, M, N thang hang.

Bai 2. Cho duong tron tim O dudng kinh AB = 2R, C 1a mot diém tuy ¥ trén dudng tron (C khéc A va B);
cic tiép tuyén voi dudng tron tai A va C cit nhau tai M, BM cét dudng tron (O) tai diém th hai 1a D.

a. Ching minh tir gide OAMC ndi tiép duong tron;
b. Ching minh: MC? =MD.MB:
c. ChoOM =2R . Tinh dién tich phan tam gidc AMC nam ngoai duong tron (O) theo R.

HD Giai )
a. Chuing minh tir gidc OAMC ndi ti€p dudng tron
Xét tu gidc OAMC , Taco

M OAM =90° va OCM =90° (Vi MA,MC 1a tiép tuyén)
Nén OAM +O0CM =90° +90° =180°

Vay tir gide OAMC noi tiép

b. Chimg minh: MC* = MD.MB

A B Xét AMCD va AMBC ,tacé

BMC 1a gbc chung va MCD = MBC ( ciing chan cung DC)
Suyra: AMCD«»AMBC(g — g)

MC _ MD

g
) MB " MC
c. Tinh dién tich phan tam gidc AMC nam ngoai duong tron (O) theo R

Tacé:*AM =JOM? —0A* =JAR* -R* =R\3

= MC*=MD.MB

. cosm =%=l:>m =60°
oM 2

* Spue =2.Souy = OA.AM = R*\J3

2
7R
quat OAC - 3

.

\ 7TR2 2 (3\/5 - ﬂ)
Viy dién tich cin tim 12 : S = § R3-

OAM C quat OAC 3

( dvdt)

Bai 3. Cho tam gidc ABC vudng tai A. Trén canh AC lay mot diém M khong tring v6i A va C. Goi
(%) 1a duong tron dudng kinh MC. Cic duong thing BM va BC cit (%) tai cdc diém thi hai 1an luot
tai D va E. Ching minh ring

a. Hai duong thang BM va CD vudng géc voi nhau; b. MED = MBA.
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HD Giai
a. Ching minh rang hai dudng thing BM va CD
vudng géc voi nhau
Ta c6 BDC = MDC =90° (géc ndi tiép chén nira
dudng tron)
Suy ra BM UCD.

b. Chimg minh rang MED = MBA.

Ta c6: CAB = BDC =90° nén tit gidc ABCD ndi tiép duoc dudng tron.
Do d6: MBA = MCD.

Mat khac ta cé: Aja) = @ (vi cung chin cung A/l—ﬁ trong (%))
Suy ra: MED = MBA.

Bai 4. Cho tam gi(¢ ABC vudng tai A c6 AB =4cm, AC =3cm . Lay diém D thudc canh AB
(AB < AD). Pudng tron (O) dudngkinh BD cét CB tai E , kéo dai CD cét duong tron (O) tai F .

a. Chimg minh ring ACED 1a t gidc ndi tiép.
b. Biét BF =3cm . Tinh BC va dién tich tam gidgc BFC .

c. Kéo dai AF cit duong tron (O)tai diém G . Chimg minh ring BA la tia phan giéc ciia goc CBG .

HD Giai
a. Chimg minh ring ACED 1a ti gidc ni tiép. C

Ta c6: CAD =90° (gié thiét)
CED’= 90" (gbc ndi tiép chin nira duong tron)
=Bon diem C, D, A, E cung nam trén duong tron duong kinh CD.
Vay ti gidc ACED 1a ti gidc noi tiép. ASD ) B
b. Biét BF =3cm . Tinh BC va dién tich tam gidc BFC .
AABCvudng tai A, tacé: BC? =AB’+AC* =4*+3* =25 F~
= BC=5cm
ABFC vuong tai F ,tacé: CF* =BC>-BF*=5"-3"=16=CF =4cm

Vay: Sy = %.BF.CF = %.3.4 =6 (cm’)

c. Chimg minh rang BA I tia phan gi4c cta goc CBG .
Tt gisgc ACBF noi tiép duong tron ( do CAB=CFB = 90”) nén ABC = AFC (ciing chin cung AC)

Ma ABG = AFC (cing b véi DFG)=> ABC = ABG . Viy BA 1a tia phan gidc cia CBG

Bai 5. Cho dudng tron (O,R) va diém M & ngoai duong tron. Tir M , ké hai tiép tuyén MA,MB (A,B
12 hai tiép diém) va cét tuyén MCD.

a. Chuing minh tr gidc OAMB ndi tiép

b. Chimg minh ring khi cit tuyén MCD thay d6i, ta ludn c6 MA*> = MB*> = MC.MD

c. Trong truong hop AMB = 60°, tinh theo R d6 dai cung AOB ciia dudng tron ngoai tiép tir gidc
OAMB va dién tich phan tir gidc OAMB nam tron dudng tron (0, R)
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a. Chtng minh tr gidc OAMB ndi tiép

Ta c6: OAM = OBM =90° (tinh chit tiép tuyén)

Suy ra: OAM +OBM =180"

Vay tir gidc OAMB ndi tiep duong tron duong kinh OM
b. Chting minh: MA® = MB*> = MC.MD

Xét AMAC va AMDA . Ta c6:

AMC = DMA

. - —\=>AMMAC»AMDA(g-g)
MAC = MDA(cilng chan AC)

MA _MC
=>——=—
MD MA

= MA* = MC.MD

Vi MA = MB (hai tiép tuyén cit nhau) nén MA> = MB* = MC.MD

c. Tinh theo R d¢ dai cung AOB ctia duong tron ngoai tiép tir gide OAMB va dién tich phan tir gidc
OAMB ndm tron dudng tron (O, R)

7TR120° _ 271R

Ta c6: AOB=2AMB =2.60° =120°. D dai cung AOB 1a [ = e

Ta lai c6: AMO :%A/]\E? :%.60" =30° = OM = OA.sin30° = 2R: AM =\JOM> —0A> = R\3

Miit khic, ta c6: A,B dbi xémg qua OM nén S, =28, =0AAM =R\3
T gidc OAMB ndi tiép va c6 AMB =60° nén AOB =120"
PN . _ TR*120° _ nR?
Dién tich hinh quat OAB 1a Swt o =g T 3
A A s s 3 <. \ N N 2 T
Dién tich phan tir gidlc OAMB nam ngoai duong trong (O,R) 1a $=S8,,, . =S .., =R (\/g —gJ

Bai 6. Cho tam gidc ABC vuédng tai C ndi tiép trong dudng tron tim O , duong kinh AB = 2R , ABC =60
. Goi H la chin dudng cao ha tir C xuéng AB, K 1a trung diém doan thang AC . Tiép tuyén tai B cia
dudng tron tim O cat AC kéo dai tai diém D.

a. Chung minh ttr gidc CHOK ndi tiép trong mot duong tron

b. Chimg minh ring AC.AD =4R*.

c. Tinh theo R dién tich ctia phan tam gidc ABD nam ngoai hinh tron tim O .

HD Giai
a) Chirng minh t gidc CHOK noi tiép trong mot dudng tron
Vi K la trung diém ciia ddy cung ACnén OK OAC = CKO =90

Xét tu gidc CHOK c6:

CKO =90" (cmt); CHO =90° (viCH [1AB)

— CKO +CHO =90° +90° =180° nén tir gisc CHOK ndi tiép
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b) Ching minh ring AC.AD = 4R>.

ACB = ABD = 90"
Xét AACB va AABD tacd:q ?
BADIa gbéc chung

Vay AACB«>NABD = % =% ~ AC.AD = AB* =(2R)’ =4R? (dpcm)

¢) Tinh theo R dién tich ciia phan tam gidc ABD nam ngoai hinh tron tim O .
Goi S1a dién tich ciia phan tam gidc ABD nam ngoai hinh tron tim O . Khi d6: S =S,,,, = Sppe =S

P

Tacé: OB=0C =R va ABC =60° = AOBC 1a tam gidc déu = OB =0C =BC =R va BOC =60’

Lai c6 CH 0 AB = H la trung diém OB = BH =§:>AH =37R
R* R
Trong ACHB vudng tai H tacé: CH> +BH* =BC* = CH =~ BC*> -HB’ =,|R’ T :T‘/g
R\3
AH _CH ABCH RS~ 2R3
Vi CH //BD (cung vudng géc véi AB) nén — =——= BD = = =
AB  BD AH 3R 3
2
2
Khi d6: S,,p, ~Lagap=Lor 2R3 _2R K
2 2 3 3
2
SAABC :lCHAB :lR_\/gZR = R \/5
2 27 2 2
~ _TR260° 1 TR 1 R3_ TR R3
Svp _SqBOC _SABOC —W_EOBCH - 6 _ER 2 - 6 - 4
Vay dién tich phan tam gidc ABD nam ngoai hinh tron tim O1a :
_ 2R3 RAB (MRPRAB R*(10V3 -7 o
S =Spusp ~Saasc =S, = 3 - > - 6 - 1 = 2 (dvdt)

Bai 7. Cho duodng tron (O;R) . Tr mot diém M & ngoai duong tron (O;R) sao cho OM =2R, vé
hai tiép tuyén MA, MB véi (0) (A, B 12 hai tiép diém). Ly mot diém N tuy y trén cung nho AB.
Goi I,H,K lan luot 1 hinh chiéu vuong géc cia N trén AB,AM ,BM .

a. Tinh dién tich to gidc MAOB theo R.

b. Chitng minh: NIH = NBA.

c. Goi E lagiao diém cia AN va IH, F 1a giao diém ctia BN va IK . Chiing minh t&r gidgc IENF

noi tiép duogc trong duong tron.

d. Gia st O,N,M thang hang. Chig minh: NA® + NB* = 2R’
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HD Giai

a. Tinh dién tich tir gidc MAOB theo R .
Xét tam gidc OAM va tam gidc OBM ta c6:

OA=O0B(=R); OM chung;

MA = MB (Tinh chét 2 tiép tuyén cit nhau);

= AOAM =AOBM (c.c.c)= Spoun = Snosm

= SMAOB =S AOAM + SAOBM =25 AOBM

Ap dung dinh i Pytago trong tam gidc vuong OAM ta c6: AM* = OM* — OA* = (2R)2 -R’> =3FR’
= AM =R\f3.

1

= Suion = 2Ssom =25 OAAM = RR\3 =R*\3 (dvd).

b. Chting minh NIH = NBA

Xét th gide AINH ¢6: AIN + AHN =90° +90° =180° = Tir gidc AINH Ia tir gide ndi tidp (T gidc c6
téng hai géc dbi bang 180°).

— NIH = NAH (hai géc noi tiép ciing chian cung HN ).

Ma NAH = NBA (g6c tao bai tiép tuyén va diy cung va géc ndi tiép ciing chan cung AN cua (0) )
— NIH = ]@(= lm) (dpcm).

¢. Chung minh ttr gidgc IENF ndi tiép duoc trong dudong tron.

Xét ti gide NIBK tac6 NIB+NKB =90 +90 =180’

Ma hai géc nay 1a hai géc doi dién

— NIBK Ia t& gidc noi tiép = KBN = NIK

Xét duong tron (0) ta c6: KBN = NAB = NIK = 1@(= I&U\V)

Xét AMANB ta c6: ANB + NAB + NBA =180

Lai cé6: ]WFI =]@=]VITE; 1717<=1@=17ﬁ“;1?1@=1§v?

— ENF +EIN + NIF = ENF + EIF =180’

Ma ENF, EIF 1a hai géc dbi dién = T gidc NEIF 1a ti gidc noi tiép

d. Chitng minh: NA® + NB* =2R’ >
Theo dé bai ta ¢6: O,N,M thing hang = ON =R = %OM N\
= N la trung diém ciia OM. \{ ]

Tacé: ON OAB={I} = I latrung diém cua AB. !
Lai c6: OA =0B =R = ON la duong trung truc cua AB

= NA=NB
Xét AMAO ta c6: 8
cosAom =24 = R -1 _ S0M =60 = AoN
OM 2R 2
OA=ON =R .
Xét AAON c6: ¢ . =>AAON latam giac deéu.
AON =60

= NA=ON=0A=R=NB
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= NA>+NB’ =R’ +R’ =2R’ (dpcm)

Bai 8. Cho duong tron tdim O duong kinh AB . Trén duong tron (0) lay diém C khéng tring B sao cho
AC > BC . Céc tiép tuyén cua duong tron (0) tai Avatai C citnhautai D.Goi H la hinh chiéu vudng
géc cia C trén AB, E la giao diém ciia hai dudng thing OD va AC .

a. Chiing minh OECH 1a tir gidc ndi ti€p.

b. Goi F la giao diém cuia hai duong thing CDva AB . Chimg minh 2BCF + CFB =90°

c. Goi M la giao diém ctia hai dudng thing BDvaCH . Chimng minh hai duong thang EM va AB song
song v6i nhau.

) HD Giai

a. Chung minh OECH la tir gidc ndi ti€p.
Ta c6: DC = DA (tinh chat hai ti€p tuyén cat nhau)
OA = OC (bén kinh)
Do d6 OD la dudng trung truc cta doan thang AC
= OD OAC
T gidc OECH c¢6 CEO+CHO =90°+90° =180°
= Tu gidc OECH la tu giac ndi ti€p.
b. Chitng minh 2BCF +CFB =90°
Xét (0) c6: BCF =BAC (géc ndi tiép va géc tao boi tia tip
tuyén va ddy cung ciing chin cung BC) (1)

HCB = BAC (Cung phu CBA) (2)

Tir (1) va (2) suy ra BCF = HCB = CB la tia phan gidc ciia HCF = HCF =2.BCF

Ta lai c6: ACHF vuéng tai H nén HCF +CFB =90° hay 2.BCF +CFB =90°
c. Chung minh hai duong thang EM va AB song song vdi nhau.
Goi Kla giao diém cia DBva AC .

Xét (0) ta co: ABC = ACD (g6c nodi tiép va goc tao boi tia tiép tuyén va day cung cuing chin AC ) (3)
Tacé AACH vudng tai H c6 ACH =90°-CAH

AABC vuéng tai C ¢c6 CBA=90°—-CAB
— ACH = ABC (Cing phu CAH) 4)

Tir (3) va (4) suy ra ACH = ACD = CA Ia tia phan gidc trong ciia tam gidc ABCD
KM _BM _CM

Theo tinh chat tia phan gidc trong ABCD ta c6: =
BD CD

KM BM CM

KD BD AD
Mat khac ta c6: CH //AD (cung vudng géc AB)
N HM _ BM (Binh Iy Ta Iét)=> HM _BM _CM N HM _CM

AD  BD AD BD AD AD AD
Ma CE = AE (Do OD la dudng trung tryc cia AB ) nén ME 1a dudng trung binh cia ACAH
= ME//AH hay ME//AB

(DoDC =DA)

= HM =CM

Bai 9. Cho tam gidc ABC c6 ba géc nhon (AB < AC ) ndi tiép duong tron (0) . Hai duong cao BE va
CF cla tam gidc ABC cét nhau tai diém H .

a. Chung minh bon diém B, C, E, F cing thudc mot dudng tron.

b. Chtng minh duong thing OA vudng géc v6i dudng thang EF .
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c. Goi K latrung diém cta doan thang BC . Puong thing AO cit dudng thang BC tai diém 1 ,
duong thang EF 7ce'it duong thing AH tai diém P . Ching minh tam gidc APE ddng dang véi tam gidc
AIB va duong thing KH song song voi duong thang IP .

HD Giai
a. Chung minh boén diémB, C, E, F cung thudc mét

duong tron.

Xét tr gidc BCEF tacd:
BEC =90° ( BE la duong cao) E

BFC =90° (CF la duong cao) F
= BCEF lata gidc noi tiép (dinh E, F cing nhin canh 0
BC dudi mot géc vudng).

b. Chirng minh dudng thing OA vudng géc voi duong B
thang EF.

V& tiép tuyén Ax nhu hinh v& = BAF = ACB (tinh S
chat giita duong tiép tuyén va diy cung).

Do tit gide BCEF néi tiép = AFE = ACB.

Ta suy ra BAF = AFE = EF//Ax (do hai géc so le trong) . Lai c6 Ax UOA = OA UEF (dpcm).
c. Ching minh AAPE <> AABI

Tacé: AEB = ABI (Vi AEB+EFC = ABI + EFC =180°)

Mit khic APE + PAI =90° (vi AI [ PE)

AIB+ PAI =90° (Vi AH [0 BC)=> APE = AIB

Vay AAPE <> ABI ( g-g).

* Chiing minh KH //PI

Goi M la giao diém cta AO va EF , dung duong kinh AS

Tacé BE//CS cung vuong géc AC

BS //CF cung vudng goc AB = BHCS 1a hinh binh hanh nén H,K,S thang hang
Tacé AE.AC=AH.AD va AE.AC = AM .AS

:AH.AD=AM.AS:%:%:MHM ~ MSD = AHM =MASD

— HMSD Noi tiép dudng tron. Két hop PMID ndi tiép duong tron = PIM = PDM = HSM = HS//PI .

Bai 10. Cho tam gidc ABC ¢6 AB<AC ndi tiép dudng tron (O). Hai dudng tron BD va CE cla tam
gidc ABC cit nhau tai H. Puong théng AH cit BC va (O) lanluottai F va K (K#A). Goi L 1a
hinh chiéu ctia D 1én AB.

a. Ching minh rang t&r gidc BEDC ndi tiép va BD* = BL[BA.

b. Goi J 1a giao didm ctia KD va (0), (J # K). Chimg minh ring BJK = BDE.

c. Goi I 1a giao diém cia BJ va ED. Ching minh tir gidc ALIJ noi tiép va I 1a trung diém ED.

HD Giai
a. Tacé6 BEC = BDC =90° nén céc diém E,D ciing nam trén duong tron duong kinh BC. Do d6 tir gidc
BEDC nbi tiép.
Xét tam’giéc ABD vuong & D c6 DL la duong cao nén theo hé thic luong, ta cé6 BD* = BLBA.
b. Ta thay H la tryc tim tam gidc ABC nén AF ciing la duong cao cua tam gidc va AF [JBC. Xét

duong tron (O) cé BJK = BAK , cling chin cung BK .
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Ti gide ADHE ¢6 ADH + AEH =90°+90° =180° nén ndi tiép.
Suy ra HAE = HDE nén BAK = BDE .
Tt céc két qua trén, ta suy ra BJK = BDE .
c. Xét hai tam gidc BID va BDJ
Tacé: BDI = BJD (theo ciu b) va DBI chung.
BI _BD
Suyra ABID»»ABDJ (g —g) = ——=— hay BD> =BI[BJ.
y (g—8) B0 By W
Theo ciu a, tacé BD* = BLIBA nén BL[BA =BI[BJ nén
BL _BJ

BI BA

: : : BL _BJ
Lai xét hai tam gidc BIL va BAJ c6 géc B chung va — =—.
BI BA
Do d6: BIL = BAJ = LAI + LID =180°. Suy ra tir gidc ALIJ noi tiép.
Tur d6, ta suy ra ILE = IJA. Ma JJA = BJA =BCA (cing chin cung BA)
Theo cau a, t gidc BEDC néi tiép nén LEI = AED = BCA do d6 LEI = ELI .
Tur d6 ta c6 tam giac LEI canva IE =IL. Do d6 ILD =90°—ILE =90° - LED = LDI nén tam gidc LID
cling can va ID =IL.
Tu céc diéu trén, ta c6 dugc ID = [E nén di€ém [ chinh la trung di€m cua DE.

Bai 11. Cho duong tron tim O, dudng kinh AB va Cla diém nam trén doan thang OB ( véi CkhicB).
Keé day DE cta duong tron (O) vudng géc v6i AC tai trung diém H cua AC . Goi K 1a giao diém thir hai
cua BDvd6i duong tron duong kinh BC .

a. Chung minh ttr gidc DHCK 1a tir gidc noi tiép.

b. Chimg minh CE song song v6i AD va ba diém E,C, K thing hang.

c. Puong thang qua K vudng géc véi DE cat duong tron (O) tai hai diém M va N (véi M thudc cung
nhé AD). Chéng minh ring EM? + DN = AB®

_HD Giai
a. Chirng minh tr gidc DHCK 1a ti giac ndi tiép
Tac6: DHC =90°(g1) 5

BKC =90" ( gb¢ noi tiép chan nira duong tron duong kinh BC)
= DKC =90°( K& bu v6i BKC)

Xét tir gide DHKC ta c6: DKC + DHC =180" m W
g \1 ¢ 2

Ma DKC va DHC déi nhau A H 7
Suy ra DHKC 1a t&r gidc ni tiép.

b. ® Chung minh CE song song véi AD

Tacé: OAODE = H la trung diém ctia DE ( quan hé vudng
gbc gitta duong kinh va day cung).

Tt gidgc ADCE c6 H l1a trung diém ciia AC, DE va AC O DE
Nén ADCE la hinh thoi AD//CE .

e Chiing minh ba diém E,C, K thang hang

e —

-]

Ta c6: ADB =90 ( gbc noi tiép chan nira dudng tron dudng
kinh AB )= CE UBD

Ma CK UBD (cmt)

= hai duong thing CEva CK tring nhau = E,C,K thiang
hang.
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c. Ching minh raing EM* + DN* = AB?

V& duong kinh MI cua dudng tron O . Ta cé MNI = 90° ( g6¢ ndi tiép chan nira dudng tron duong kinh
MI) = NI UMN

Ma DE JMN = NI// DE ( cung vudng géc v&i MN )

= DN = EI (hai diy song song chin hai cung bang nhau)

Ta lai c6 MEI = 90°( géc ndi tiép chan nira dudng tron duong kinh MI)

= AMEI vudng tai E, ta c6: EM* + EI* = MI* ( Dinh 1y py-ta-go)

Ma DN =EIva MI = AB=2R = EM*+ DN’ = AB’

Bai 12. Cho duong tron tim O, ban kinh R va mot duong thang d khong cit duong tron (O) . Dyng
duong thang OH vudng géc voi duong thang d tai diém H . Trén duong thang d ldy diém K (khic
diém H ), qua K v& hai tiép tuyén KA va KB véi dudng tron (0), (A va B la céc tiép diém) sao cho
A va H nim vé hai phia cua duong thiang OK .

a. Chiing minh tir gidc KAOH noi tiép duogc trong dudng tron.

b. Duong thang AB cat duong thang OH tai diém /. Chimg minh rang JAUB =IH UO va I la diém
c0 dinh khi diém K chay trén duong thang d co dinh.

c. Khi OK =2R,0H = R\/3 . Tinh dién tich tam gidc KAI theo R.

HD Giai
a. Tacé KAO=90" (KA 0 AO), K H 4
KHO =90 (OH O KH) B
Xét tir gide KAOH ¢6 KAO +KBO =180 nén a ttr gidc noi

tiép.

b. Tac6 KBO+KAO =180" nén KAOB Ia tir gidc ndi tiép
va dinh H,B, A cung nhin canh OK du6i mdt géc vudng
nén nam diém K,A,B,0,H cung thudc duong tron duong
kinh OK

Xét tam gidgc JAH vatam gidc OB c6 HIA = BIO (d6i dinh) va AHI = ABO (hai géc noi tiép ciing
chan cung AO).

) 1A _ IO
Do d6 AIAH <> AOB (g.g) = — =— = IAB = [H O

IH IB
Xét tir gidc AOBH c¢6 OHB 12 géc noi tiép chian cung OB, OBA 1a géc ndi tiép chin cung OA; Ma
OA=OB =R nén OHB=OBA.
Xét AOIB va AOBH ¢6 BOH géc chung va OHB = OBA (cmt).
2 2
Do d6 AOIB <> AOBH (g.g):ﬂ:@:m 08 _ R
OB OH OH OH
Ta lai c6 dudng thing d cb dinh nén OH khong d6i (OH Od).
Vay diém I cb dinh khi K chay trén duong théng d cb dinh.
c. Goi M 1a giao diém cua OK va AB . Theo tinh chit tiép tuyén ta c6: KA =KB;
Lai c6 OA=0B =R nén OK la dudng trung truc cua AB, suy ra ABUOK tai M va MA=MB.
2 2

Theo cau b) ta cé OI:R—— R R

OH RBZ B

Xét AOAK vudng tai A, tac60A> =OM [DK = OM =——=—="—
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2
Suy ra: KM =OK —OM = 2R—§=37R OMD(M——BL 3R AM-M
Xét AOMI vuong tai M , c6MI =\/OI* —OM* = /
Suyra Al =AM +MI = RV3 +R;/_ = 2R3\/_
RZ«/_

Dién tich AAKI 1a S —EAID{M ——BLG2—3

Bai 13. Cho tam giac nhon ABC (AB > AC ) noi tiép duong tron tim O. Céc dudng cao BD va CE cit
nhau tai H (D thudéc AC, E thudc AB). Goi M, N lan lugt 12 trung diém ciia céc canh AB va AC.
a. Ching minh cdc t gisdc BCDE va AMON ndi tiép.
b. Ching minh AE.AM = AD.AN.
c. Goi K lagiao di€ém cia ED va MN, F la giao diém cia AO va MN, I la giao diém cia ED va
AH. Chimg minh F 14 tryc tam cta tam gidc KAI.
HD Giai
a. Tac6: BEC =90°, BDC =90°
= E, D thudc duong tron duong kinh BC.
= T gidc BCDE ndi tiép duong tron dudong kinh BC.
Do M,N lan lugt la trung diém AB va AC
= OM 0 AB, ON 0 AC = OMA =90°, ONA =90°
T gidc AMON c6:
OMA+ ONA=90°+90°=180° ma OMA va ONA la hai
gbc doi nhau
= AMON la tor gidc ndi tiep.

l;l'/I,C?\(/:hlé 'lzﬁn luot 1a trung diém cia AB, AC = MN 1a duong trung binh ciia AABC
= MN // BC = ANM =A/C\B (so le trong) (1)

Mat khac, ta co:

ACB+BED = DCB + BED =180° (t&t gide BCDE ndi tiép)

AED + BED =180° (ké bu) = ACB = AED (2)

Tir (1) va (2) = ANM = AED.

Xét AAMN va NADE c6:

A gbc chung va ANM = AED.

= AMN <« AADE :ﬂ—% = AE.AM = AD.AN

AD

Cach 2:
Xét AABD va AACE c6:
A goc chung va ADB = AEC =90°

= AABD «» NACE = AB AD 24M _AD = AM _ AD = AE.AM = AD.AN

AC AE 2AN AE AN AE
¢) H la giao di€ém cua BD va CD = H latryc tim cua AABC

= AH OBC ma MN // BC nén AH OMN = KN O AI (3)
Goi J la giao diém ciia AF va DE . Trong dudng tron ngoai tiép tr gide AMON
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Ta c6: EAJ = EAO = MNO (goc noi tlep cung chan cung oM )

Xét AJE c6: AEJ +EAJ = AED + EAJ = ANM +MNO = ONA = 90°
= AJE =90°= AJ O JE = AJ OKI (4)

KN cit AJ tai F (5)

Tt (3), (4), (5)= F 1atruc thm cua AKAL.

‘ Bai 14. Tinh thé tich ctia mét hinh nén ¢6 ban kinh ddy r =4 cm, d6 dai duong sinh /=5 cm.

HD Giai
Ta cé ’,‘v\o

AH =r=4em;AO =1=5cm= OH =+ AO> - AH? =+/9 =3cm

Thé tich hinh nén 13 V = %.OH.m2 = 167T(cm3) .

o e E—

—~— H _—

Bai 15. Nguoi ta mudn tao mot cdi khudn dic dang hinh try, c6 chiéu cao bang 16 cm, ban kinh ddy bang
8cm, mat ddy trén 16m xuong dang hinh nén va khoang céch tir dinh hinh nén dén mat day dudi hinh tru
bang 10cm. Tinh di¢n tich toan by mat khuon (lay 77=3,14 ).

HD Giai

Hinh tru ¢6 ban kinh r =8cm va chiéu cao h =16¢m nén dién tich xung — T
quanh hinh try Ia ,/ o \
S, =27rh =278.16 = 25677 (cm” ) | /

|
Dién tich | mt ddy ciia hinh try 1a S, = 7* = 728" = 6477(cm”) \-\x-{f—-
Phan hinh nén bj 16m xudng c6 chiéu cao 4 =16—-10=6cm va ban iC

LI
kinh ddy r =8cm AN
s | Y

Puong sinh cta hinh nén 1a [ =v/r? + h* =y/8 +6* =10cm ST
Dién tich xung quanh ctia hinh nén 1a: S, = 7l = 728.10 =807z(em®) Pl .. b g

Q
Dién tich toan bd mit khuon Ia: e /

S =8,+8, +S, = 25671+ 6471+807= 4007r=1256 (cm?)
Vay dién tich toan b mét khuon Ia 1256 (cm?)

Bai 16.

a. Mot bon nudc inox ¢6 dang mot hinh try véi chidu cao 1,75 m va dién tich ddy 12 0,32 m*. Hoi bon
nude nay dung diy duoc bao nhidu mét khéi nude ? (B6 qua bé day ciia bdn nude).

b. Mot hinh try c6 dién tich xung quanh 14077{cm’ ) va chiéu cao h =7em. Tinh thé tich hinh try do.

a. S6 mét khdi nudc dung duoc ctia bdn chinh lal;llg t(l;'cllz:lcﬁa bdn chira. Nhu vdy sb mét khdi dung duge
ctia bén s& 1 : V =0,32.1,75=0,56 (m*).

b. Theo bai ra ta c6: 277rh =14071= r =10cm . Ap dung cong thirc tinh thé tich hinh try, ta cé:

V =mr’ h= 107 =7007(cm’)

Bai 17. Mot 'hop stra hinh try ¢6 chléu cao 12cm va bén kinh ddy 5cm. Mat xung quanh hop sita dugc bao
phii bang gidy in cdc thong tin vé hop sita ay. Do gidp mi, dién tich gidy sur dung bang 105% dién tich
mat xung quanh hop sira. Gia sir do day cua gidy 1n va vo hop khong déng ké, hdy tinh dién tich phan
gidy trén (ldy 77=3,14; két qua 1am tron dén chir s6 thap phan thir hai).
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o ‘ HD Giai

Dién tich phan gidy in can dung 1a: S =105%.27rh

Vay: §=105%.2.3,14.5.12=395,64(cm’ )

Bai 18. Mot cai mil béng vai ctia nha 4o thuat cé éng mi hinh try, vanh mii hinh vanh khan véi kich
thudc nhu hinh bén. Hay tinh tong dién tich vai can dé€ lam cdi mii nay biét rang mli dugc may hai
16p vai va dién tich vai dung may mot 16p vanh mii bang 110% di¢n tich hinh vanh khan tuong tng.

_ ‘ HD Giai
Ong mii hinh tru véi chiéu cao & = 30cm

Bén kinh ddy 1a: R :35_—210'2 =7,5(cm)

Dién tich vai dé 1am 1 16p éng mii l1a :

S, =27Rh+ nR* =271.7,5.30 + 71.7,5" =506,2571(cm’”)

Dién tich hinh vanh khan 1a :

2
S, = '{gj -RZJ =(17,5* = 7,5°)r=25071(cm’)

Dién tich vai dung may mot 16p vanh mii 1a
S, =110%.5, =110%.25077=27511(cm’)

Tong dién tich vai dé lam mil la

S=2(S, +8,)=2.(506,25+275m) =1562,57m(cm’)

Bai 19. Tir mot tim ton hinh chit nhat kich thudc 50cm % 240cm, ngudi ta gd thanh mat xung quanh cia
céc thing dyng nudc hinh tru ¢6 chiéu cao bing 50cm theo hai cich sau (xem hinh minh hoa):

-

Cich 1: Gd tam ton ban dau thanh mit xung quanh cta thiing.
Céch 2: Cat tam ton ban dau thanh hai tdm bang nhau, moéi tam go thanh mat xung quanh ctia mot thung.
Hoi céch 1am nao chira dugc luong nudc t6i da nhiéu hon? Vi sao?

HD Giai
240 _ 120 .
Theo céch 1, thing nudc tao thanh 1 hinh tru c6 chiéu cao h =50cm, ban kinh R = P =—cm. Khi
T T
2
d6, thé tich nudc (t6i da) c6 thé chirala V, = zR*h = [120j p=220 0 1y
T T
120 60
Theo cdch 2, mdi thiing nudc tao thanh 12 hinh tru ¢6 chiéu cao & = 50cm, ban kinh R, = 2— =—
T T
Y ST ¢ P RS 2 2 60 2.60°h 4
Khi d6, thé tich nudc (t6i da) c6 thé chira ¢ cd hai thung1a V, =zR;h+ 7R, h = 2rn h= cm
T T

(2). Tix (1) va (2) tac6 V, =2V,
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Vay céch g0 ton theo cich 1 s& chira dugc lugng nude ti da nhidu hon.

Bai 20. Mot chiéc cdc thiy tinh ¢6 dang hinh try chita ddy nude, c6 chiéu cao bang 6¢m , ban kinh ddy
bang lem . Nguoi ta tha tir tir 1an lugt vao cdc nude mot vién bi hinh cau va mot vét cé dang hinh nén
déu bang thily tinh (vira khit nhu hinh v&) thi thdy nudc trong chiéc cdc tran ra ngoai. Tinh thé tich ctia
luong nude con lai trong chiée cde (biét rang dudng kinh ciia vién bi, duong kinh ctia ddy hinh nén va
duong kinh cia ddy cde nude xem nhu bang nhau; bo qua bé day ctia 16p vo thiy tinh).

HD Giai
Chiéu cao hinh tru la: h, = 6(cm)
Thé tich hinh try 1a: V, = 72.1°.6 = 671(cm’ )
Ban kinh hinh cau va hinh try la: r =1(cm)
Thé tich hinh cAula: V. = %75 =2 g =2 71(cm’)
3 3 3
Chiéu cao hinh nén la: h=h, —2r =6-2.1=4(cm)

Thé tich hinh nén la: V, = %m%hﬂ = % 14 = gn(cnﬁ )

Thé tich lwong nudc con trong chiéc coc 1a: V =V, -V, -V = 67T—§7T—%7T= ?ﬂ(cmﬂ

Bai tap lam tuwong tw

Bai 21. Cho mét diém M ndm bén ngoai duong tron (0;6cm). Ké hai tiép tuyén MN,MP (N, Pla hai
tiép diém) ctia dudng tron (0) . V& cit tuyén MAB ciia dudng tron (0) sao cho doan thang AB =6c¢m véi
A, B thugc duong tron (0), A nam gilta M va B.

a. Ching minh tr gide OPMN noi tiép duong tron.

b. Goi H latrung diém doan thing AB . So sinh géc MON va gbc MHN .

c. Tinh dién tich hinh vién phéan gi6i han béi cung nhd AB va day AB cua hinh tron tdm (0) .

Bai 22. Cho tam gidgc ABC ndi tiép dudng tron (O) c6 hai duong cao BD va CE cit nhau tai tryc tim
H . Biét ba gbc @,I@E,Bﬁ déu 1a gbc nhon.

a. Chiing minh bon diém B,C,D,E cung thugc mot duong tron.

b. Ching minh DE vudng goc véoi OA.

¢. Cho M,N lan luot la trung diém ctia hai doan BC, AH . Cho K, L 1an luot 1a giao diém ctia hai
duong thang OM va CE, MN va BD. Chiing minh KL song song véi AC .

Bai 23. Cho tam gidc ABC c6 ba géc nhon (AB < AC) va duong cao AH (K UBC).

V& duong tron (O ) duong kinh BC. Tu A ké céc ti€p tuyén AM, AN véi duong tron (O) (voi M,N1a
céc tiép diém, M va Bnam trén nira mit phang c6 bo 1a duong thing AO). Goi H 1a giao diém cta hai
duong thang AN va AK.

a. Chuing minh tir gidc AMKO la tir gidc ndi ti€p

b. Chung minh KAla tia phin gidc géc AKN

c. Chimg minh AN’ = AK.AH

Bai 24. Cho ntra duong tron (O;R) duong kinh AB . Trén ciing nira mit phang bo AB chira nira duong
tron (O;R) v& céc tiép tuyén Ax, By véi nira dudng tron d6. Goi M 1a mot diém bat ki trén nira dudng
tron (O;R) (véi M khdc A , M khdc B), tiép tuyén clia nira dudng tron tai M cdt Ax, By lan luot tai
CvabD.

a. Ching minh ttr gide ACMO noi tiép.

b. Chung minh tam gidc COD vuong tai O .

c. Chimg minh AC.BD = R”.
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d. Ké MN OAB,(NOAB); BC cit MN tai I.Chimg minh 7 la trung diém ctia MN .
Bai 25. Tr diém A ndm ngoai dudng tron (0) v& hai tiép tuyén AD, AE (D, E la céc tiép diém).
V& cdt tuyén ABC clia dudng tron (0) sao cho diém B ndm giita hai diém A va C; tia AC ndm

giita hai tia AD va AO. Turdiém O ké OI DAC tai I.
a. Ching minh ndm diém A, D, I, O, E cung nam trén m{t duong tron.

b. Chirng minh JA 12 tia phan gidc cua DIE va AB.AC = AD”.

c.Goi K va F lan luot 12 giao diém ctia ED v6i AC va OI. Qua diém D v& duong thang song
song voi IE cat OF va AC lan lugttai H va P. Ching minh D la trung diém cua HP.

Bai 26. Cho duong tron (0) dudng kinh AB va didm M bét ki thudc dudng tron sao cho MA < MB

(M Z A) . Ké tiép tuyén tai A ctia duong tron, tiép tuyén nay cat tia BM & N. Tiép tuyén ciia dudng tron

tai M cit CN ¢ D.

a. Chting minh bon diém A, D, M, O ciing thudc mot duong tron.

b. Chirng minh OD song song BM.

¢. Qua O ké duong thang vudng géc véi AB va cit duong thing BM tai I. Goi giao diém

ctia A7 va BD 1a G. Ching minh ba diém N, G, O thiang hang.

Bai 27. Cho duodng tron tim O dudng kinh AB . Ké diy cung CD vudng géc véi AB tai H ( H
nam gitta A va O, H khic A va 0).Ldy diém G thuoc CH ( G khic C va H),tia AG cit
duong tron tai E khic A.

a. Chuing minh t gidc BEGH 1a t gidc noi tiép.

b. Goi K la giao diém cta hai duong thang BE va CD. Chimg minh: KC.KD = KE.KB.

c. Poan thing AK cat duong tron O tai F khic A.Chang minh G 1a tim dudng tron ndi tiép tam
gidc HEF .

d. Goi M, N lan luot 1a hinh chiéu vudéng géc ciia A va B 1én dudng thing EF . Chimg minh
HE+HF =MN

Bai 28. Cho duong tron (O) ¢6 hai dudng kinh AB va MN vudng géc véi nhau. Trén tia d6i ciia tia MA
lay diém C khéc diém M . Ké MH vudng géc voi BC (H OBC).

a. Ching minh BOMH 1a t gidc noi tiép.

b. MB cit OH tai E . Chiing minh ME.MH = BE.HC .

c. Goi giao diém ciia duong tron (O) v6i dudng tron ngoai tiép AMHC1a K . Chimg minh 3 diém

C, K, E thang hang.

Bai 29. Mot hinh tru c6 chiéu cao bang 5m va dién tich xung quanh bang 207m” . Tinh thé tich ciia
hinh tru.

Bai 30. Mot hinh tru c6 dién tich xung quanh 14077(cm®) va chiéu cao 1a & =7 (cm). Tinh thé tich cua
hinh tru dé.
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‘ 7 an dé 9. Mot s6 dé luyén tap va huong din gii

PE 1
Bai 1 (1,5 diém). Giai phuong trinh va hé¢ phuong trinh sau:
3x+2y =4
a) x* =3x-10=0. b {x 7
x=2y=4

Bai 2 (1,5 diém). Rut gon cac biéu thire sau:

a) A=(V11-244+3J99): 11,

b) B :(\/Zl+2+\/51—2j: a\/i

Bai 3 (2,0 diém). Cho ham s y = %xzcé dd thi (P).

,voia>0vaaz4.

a) V& d6 thi (P)trén mat phfmg toa do Oxy.
b) Tim tit ca céc gid tri ciia tham s6 m dé duong théng (d):y=x+m* va (P) cét
nhau tai hai diém c6 hoanh d¢ cic giao diém 1a x,, x, théa man x7 +x} +x,x, 2 8.

Bai 4 (1,0 diém).

L6p 9A ¢6 40 hoc sinh dugc chia thanh mot s6 0. Néu tang thém 1 t6 thi mdi t6 lic nay s& c6 it
hon 2 hoc sinh so véi lic chua tang. Tinh s6 t6 lic dau cua 16p 9A (biét rang s6 hoc sinh & moi to
ludn bang nhau).

Bai 5 (1,0 diém).

Mot hop sira hinh try ¢6 chiéu cao 12cm va ban kinh day Scm. Mit xung quanh hop sita dugc
bao phu bang gidy in cdc thong tin v€ hdp sitra dy. Do gidp mi, dién tich gidy su dung bang 105%
dién tich mat xung quanh hop stra. Gia sir d§ day cua giay in va vo hop khong ddng ke, hdy tinh
dién tich phan giay trén (lay 77=3,14; két qua 1am tron dén chir so thap phén thir hai).

Bai 6 (2,5 diém).

Cho dudng tron (O;R)va diém A sao cho OA = 2R. Tir diém A v& tiép tuyén AB dén (0) (B la
tiép diém). Ké dudng kinh BC cta (0), goi M 1a trung diém cua doan thang OB, ké MN vudng géc
vo1 AC tai N.

a) Ching minh tir gidc ABMN ndi tiép.

O
b) Ké BH vudng géc vai OA tai H. Cho R =3c¢m, tinh BOA va canh BH.

¢) Puong thang vudng géc véi OA tai O cit tia AB tai E. Chimg minh ba diém E, M, N thing
hang.

Bai 7 (0,5 diém)

Trong hinh vudng bén, tong cdc s6 trén mdi hang, mdi cot va mdi
duong chéo déu bang 15. Hinh vubng déc biét nay goi la mét ma 2
phuong 3x3 (vi moi canh ¢6 3 0); 3 goi la bdc cua ma phuong va 15 goi
1a hang so cua ma phuong.

Gia so em c6 mot ma phuong 4x4 ma mdi 6 dugc dién mot s tu 7 5
nhién khic nhau tir 1 d&én 16. Khong can v& ma phuong nay ra, em hiy
cho biét hang s6 ctia ma phuong 4x4 nay va giai thich vi sao em biét
duoc hang s6 d6. 6 1
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PAP AN VA HUONG DAN CHAM PE 1

Bai | Y Néi Dung Piém
1 | a | Gidiphwongtrinh x’ -3x-10=0. | 0,75
(129 A=bi-dac= (3 41C10)=49>0=VA=Va9=7 ! 025
Vay phuong trinh ¢6 hai nghiém phan biét: x, = 5; x, = -2 0,50
b a . [3x+2y=4 0,75
Giai hé phuwong trinh .
x—2y=4
4x=8
3x+2y=4 0.25
x=2
32+2y=4 0,25
x=2
y=-1 0,25
Vay h¢ phuong trinh c6 mot nghi€ém duy nhat: (x; y)=(2;-1)
a 53) a Riit gon: A= (\/ﬁ -2J44 +3x/®) 1L 0,75
(Vi = i1 +04iT) i 0.50
A=6V11:411=6 0,25
b
) 1Y Voo .. S
Rut gon: B = ,Vo'la>0va az4. 0,75
\/_+2 \/_ 2) a-
_[Na-2+Va+2) g-4 0,25
a—4 Ja
p=apa=d 0.25
___________________ a=4 Na
B=2 0,25
3 a N X _ 1 5, x . ~ aX eps n - 2
(2,0d) Cho ham so y —Ex c6 do thi (P). Vé do thi (P).trén mat phang toa 1,0
dé Oxy.
x 2 1 0 1 2 0,50
1
y 25)62 2 0,5 0 0,5 2
e N 0,50
b Tim tat cd cac gia fri cua thaw(s6 nmdé dowong th{mgx;
(d):y=x+m’va (P) cit nhau tai hai diém c6 hoanh 1,0

d} cac giao diém 1a x,, x, théa man x +x; +x x, = 8.
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Phuong trinh hoanh d¢ giao diém cua (P) va (d) la:
1

E}CZZ)c+m2 e x*=2x-2m* =0 0,25
L COA =) L) =2mP +1>0 voimoim |
Vay (d)1udn cit (P)tai hai diém phén biét.
X +x, =2
Theo hé thie Vi-éts '~~~ 0,25
XX, ==2m
Tacé x; +x, +xx, 28 = (x +x,)° —xx, =8 0.25
Hay 4+2m* 28 « m> =22 '
o m=+/2 hoic m<—2 0,25
4 L(l’p QA ¢6 40 hoc sinh dwoc chia thanh mot s t6. Néu ting thém 1 t(f)
(1,0d) thi moi to ldc nay s€ ¢o 1t hon 2 hgc sinh so véi lic chwa tang. Tinh so to| 1,0
lic dau ciia 16p 9A (biét rang so hoc sinh & mdi t0 luon bang nhaw). |
Goi 56 to ltic dau cua 10p 94 1a x (x nguyén duong). 0,25
Theo dé bai ta c6: 40_ 2= - 40 0,25
_________________________ XoXRL
) x=4 (nhdn)
= 40(x+1)=2x(x+1) =40x = —2x* -2x+40=0 = , 0,25
x=-5 (loai)
Vay s6 to lic dau ciia 16p 94 1a 4 6. 0,25
5 M6t hop sira hinh tru cé chiéu cao 12cm va ban kinh day Sem. Mat
(1,0d) xung quanh hop sita dugc bao phi bing glay in cac thong tin vé hop sira
ay. Do giap mi, di¢én tich glay st dung bang 105% dién tich mat _Xung L0
quanh hop stra. Gia st d§ day cia giay in va vo hgp khong dang ké, hay
tinh dién tich phin gidy trén (ldy 77=3,14; két qua lam tron dén chir so
thap phén ththai). ]
Dién tich phan gidy in can ding Ia:
S =105%.27trh 0.5
é":"i'd's'%ﬁ'iﬁ'51'1'4'.'5.'i'é":"s'é'éfsli'(éii{ij""""'""""""'"""""""""""""""(;'5'"
Bai Y Noi Dung Piém
E
B
Hinh 0,25
vé M
6 o A
(2,5d) "
N
C
Hinh vé ding dén cau a cho 0,254d.
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136:4=34

Theo dinh nghia, hing s6 cia ma phuong 4x4 1 34.

___Chimg minh ti gidc ABMNngitiep. 075
,,,,,,,,,,,,,,,,,, Xét tir gidgc ABMN c6: MBA=MNA=90"(g) | 030
= MBA+MNA=180" 025
Vay tir gidc ABMN ndi tiep ’
Ké BH vuong goc véi OA tai H. Cho R =3cm, tinh BOA va canh 0,75
BH.
AOBA vudng tai B
—~ OB _ R _3
=>cosBOA=—=—=—
OA 2R 6 0.25
______________________________________ SBOA=60° 9B
N e o 33
AOBH vudng tai H= BH = OBSinBOH =3S5in60° = Tcm 0,25
Puwong ghﬁng vudng goc véi OA tai O cat tia AB tai E. Chirng 0,75
minh ba diéem E, M, N thanghang. |
AOAE vudng tai O ¢c6 OB O AE = OB’ = AB.BE
= 2BM E—]l—BC = AB.BE < BM.BC = AB.BE hay ﬁ :B—C
2 BM BE
025
AABCw AMBE (c-g-c) (do ABC = MBE =90° va AB —E)
BM BE
— BME = BAC ma CMN = BAC (do tir gidc ABMN ndi tiép) 0.25
— BME = CMN ma BMN +CMN =180° (k& bi) 025
nén BMN + BME =180° = Ba diém E, M, N thing hang. ’
Bai Noi Dung Piém
7 Trong hinh Vuong bén, tong cac so trén mdi
(0,5d) 2 9 4 hang, mdi cot va mdi dudng chéo déu bang 15.
Hinh Vuon~g diac biét nay goi la mot ma phwong
3x3 (vi moi canh co 3 0); 3 goi la bdc cia ma
7 5 3 phuong va 15 goi 1a hang so ciia ma phuong.
Gia sir em c6 mjt ma phuong 4x4 ma méi 6| 0,5
6 1 8 dugc dién mt so ty nhién khac nhau tir 1 dén 16.
Khﬁng ,cﬁn vé ma phwong nay ra, em hay cho biéet
) ) ‘hang so cia ma phuong 4x4 nay va giai thich vi
sao em biet dwgc hang so do.
Goi S Ia tong cdc s6 ty nhién tr 1 dén 16. Taco: |
S=1+4+2+...+15+16
S=16+15+...+2+1
Cong hai dang thic trén vé theo vé, ta dugc: 0.25
25=17.16=272=8=272:2=136
Mat khac, S cling 1a tong cac sO tren 4 hang (cot). Do tong cac s6 trén moi hang
(cot) déu bang nhau nén tong cac sd trén mot hang (cot) 1a: 0.25

Luru : Thi sinh 1am theo cach khac diing van cho vin cho diém téi da
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DE 2
Bai 1. (2,0 diém) Giai phuong trinh va hé phuong trinh sau:

Ity =17
b){xy

a) X -x-12=0; .
x=2y=1

Bai 2. (1,0 diém) Riit gon biéu thirc

sdx+4  3-2Jx \/§+2

A= voi x20,xZ16;x#1.

x-svx+d x4 a1

Bai 3 .(2,0 diém)
a) V& d6 thi ciia ham s6 y = x” trén mit phéng toa dd Oxy.

b) Cho ham s6 y = 2x+m—6c6 d thi 1a (d). Tim tham s6 m dé (P): y = x* cit (d) tai hai
diém phan biét c6 hoanh d6 dwong.

Bai 4. ( 1,0 diém ) Anh Nam trong ciy trén mot manh dat hinh chit nhat. Anh du dinh trong theo
tirng hang va mdi hang c¢6 s cay béng nhau. Néu ting thém 1 hang va mdi hang bot di 1 cay thi s6
cay phai trong ting thém 7 cay Néu b6t di 1 hang va ting thém mdi hang 5 cdy thi s6 ciy phai
trong tang thém 11 cdy. Hoi s6 lwong cAy ma Anh Nam dy dinh trong 12 bao nhiéu ?

Bai 5.(1,0 diém) Mot cdi mil béng vai ctia nha 4o thuat cé Gng mil
hinh try, vanh mii hinh vanh khan véi kich thuéc nhu hinh bén. Hay
tinh tong dién tich vai cin dé 1am cdi mii nay biét rang mi dwoc
may hai 16p vai va dién tich vai ding may mét 16p vanh mii bang
110% dién tich hinh vanh khan tuong ung.

Bai 6. (2,5 diém) Cho dudng tron tim O dudng kinh AB = 2R, C la
mot diém thy ¥ trén duong tron (C khic A va B); céc tiép tuyén
v6i dudng tron tai A va C cit nhau tai M. BM cit dudng tron (0)
tai diém thir hai 1a D.

a) Chimg minh t&r gidc OAMC ndi tiép duong tron;
b) Ching minh: MC? = MD.MB;
¢) Cho OM = 2R. Tinh dién tich phan tam gidc AMC nam ngoai duong tron (O) theo R.

Bai 7 (0,5 diém). Bén hoc sinh A, B, C, D ciing tham gla vong chung két cudc thi Giai diéu tuoi
héng va dat 4 giai khac nhau nhat, nhi, ba, tu. Trong mdi cau gom 2 y dudi ddy, mot ¥ 1a ding, mot
y la sai:

a) A giai nhi, D giai ba.
b) A giai nhat, B giai nhi.
c¢) C giai nhi, D giai tu.
Dua vao céac thong tin trén, em hay cho biét mdi hoc sinh A, B, C, D dat giai gi.
-——- HET

Hovaténthisinh:......................coiiii S6 bdo danh:.............

(Cdn bj coi thi khong dwoc gidi thich gi thém)

Trong tim 6n thi tuyén sinh 10 47 I Love Math _0916620899



On thi vao 16p 10 I Love Math GV. Lu Si Phap

DPAP AN DE 2
Bai DAP AN Piém
X =x-12=0
1a | Dung cong thic nghiém dé giai phwong trinh , ¢6 2 nghiém phan biét : 1d
x =4x,=-3
3x+y=17 3x+y=17 Ty =14 y=2
1b x—=2y=1 3x-6y=3 x=2y=1 x=5 1d
Vay hé phuong trinh ¢6 nghiém duy nhat (5;2)
4e sVx+4  3-2Jx x+2
x=5Jx+4 Jx-4 \/; 1
_5\/;+4_(3_2\/;)(\/;_1)+(\/;+2)(\/;_4) 0’25
=
_ 3x- 2Jx -1 0.25
2 | - )
(*/; _4) (*/; _1) 0,25
(e
(Vr-4)(Vx-1) 0.25
3 x+1
Vx4
Lap didng bang gia tri 0,5d
3a .
V¢ ding do thi 0,5d
*Phuong trinh hoanh d6 giao diém cua (P) va (d) la:
X’ =2x+m—6 0,25d
e X’ =2x-m+6=0
0,254
A=(-2)" —4(-m+6)=4+dm—24=4m-20
Dé (P) cit (d):y=2x+m—6 tai hai diém phan biét c6 cic hoanh do duong thi )sa
3b phuong trinh phai c6 hai nghiém phéan biét duong 0.25
Hay
A>0 4m-20>0 -5
X +x,>0 = 1250 Q{m< - 5<m<6 0.25d
x.x, >0 -m+6>0 "
Vay 5<m <6 thi (P) cit (d) tai hai diém phan biét c6 hoanh d6 dwong
4 | Goi x (hang) la s6 hang du dinh trong v y (ciy) 12 s6 cdy dy dinh trong trén moi
hang
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Khi d6 s cdy du dinh tréng 1a x.y (cy) 0,25d
Diéu kién x, yON
Ao a o s 0,25d

Néu tang thém 1 hang va moi hang bdt di 1 cay thi so cdy phai trong taing thém

7 cy , ta ¢6 phuong trinh : (x+1)(y —1) =xy +7(1)

Néu bét di 1 hang va ting thém mdi hang 5 cdy thi sd cdy phai trong ting thém

15 cdy, ta c6 phuong trinh : (x=1)(y+5)=xy +15(2)

Do d6,tir (1) va (2) ta ¢6 hé phuong trinh : 0,25d
(x+1)(y—1)=xy+7 x—y=-8 x=17
(x=1)(y+5)=xy+15  [Sx-y=20  |y=I5 0,254
y+5)=xy x=y y
Vay s6 cdy ma anh Nam dy dinh trong 1a: 7. 15 =105 ciy
Ong mil hinh try véi chiéu cao 4 = 30cm
Béan kinh day la: R = 35—_;02 =7,5(cm)
Dién tich vai dé lam 1 16p éng mii 1a :
S, =27Rh+ 1IR* = 2717,5.30 + 71.7,5% = 506,25 71(cm’)
0,254
Dién tich hinh vanh khan 1a :
35Y’
5 S, = n((yj —R2] =(17,5> =7,5)m=2507(cm?)
0,254
Dién tich vai dung may mot 16p vanh mii la
S, =110%.S, =110%.25071=275m(cm*) 0,254
Tong dién tich vai dé 1am mii 1 :
S =2(8,+8,) =2.(506,25+275m) =1562,57(cm”)
0,254
Hinh vé ding, da ( 0,5d)
6
° 0,5d
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Chirng minh ring ti gidc OAMC néi tiép

Xét tir gidc OAMC

Toém lai: A dat giai nhit, C dat giai nhi, D dat giai ba va B dat giai tu.

Ta co 0,254
6a | — 0 —— 0 » .
OAM =90";0CM =90" (Vi MA , MC la tiép tuyen )
Nén OAM +OCM =90° +90° =180°
Vay tir gidc OAMC noi tiép 0,25d
Ching minh: MC* = MD.MB
xét AMCD va AMBC ,tacd
BMC la géc chung 0,25d
6b | MCD=MBC ( ciing chin cung DC)
0,254
Suyra: AMCD ~ AMBC(g - g)
MC _MD
MB _MC 0,254
= MC?*=MD.MB
Dién tich phan tam gidic AMC nam ngoai dwong tron (O) theo R
Taco:
AM =JOM? -0A*> =\4R*> -R* =R\3
cos AOM =—OA =l 0,254
oM 2
= AOM =60’
6¢ = AOM = 1200 0’25(1
Somme =200y = OAAM = R*\3
_nR®
quatOAC — T
Dién tich cn tim 12 :
0,254
2
S =Soamc =S guaosc = Rz\/g - 3 = 3 ( dvdt)
Néu “A dat giai nhi” 1a ding thi “B dat giai nhi” 13 sai nén “A dat giai nhat” 1a
ding, mau thudn véi “A dat giai nhi”. Vay “A dat gidi nhi” 12 sai nén “D dat giai
7 | ba” la ding. Suy ra “D dat giai tu” 1a sai nén “C dat giai nhi” la ding, “B dat giai
nhi” 1a sai nén “A dat giai nhat” la ding. 0.5d

* Moi céch giai khdc ding; chinh xdc; 1ap luan hop 1y, 16gic déu dugc diém tdi da

* Piém toan bai 1am tron dén mot chir sd thap phan
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DE 3

Bai 1. (2,0 diém) Khong ding mdy tinh cam tay, giai phuong trinh va hé phuong trinh sau:

a) x'—x*-6=0.

b) {2x+5y = —8'

3x—-y=5

Bai 2. (1,5 diém)

Trong mat phang toa do Oxy.

2

a) V& dd thi (P) ctaham s y = %
b) Ching minh duong thing d : y =mx—m+1, v6i m 12 tham sd, ludn cit (P) tai hai diém
phan biét A(x;;y,), B(x,;y,) vOi moi gid tri cua m. Tinh y, +y, theo m.

2
a —da

Ja +1

Bai 3. (1,5 diém) Cho biéu thac P =/a? +Va’ + , V6i a 12 s thuc khong am.

a) Rut gon P.

b) Tim a thoéaméin a* +a—-P =0.
Bai 4. (1,0 diém)

Dé thuc hién chuong trinh khuyén méi nhan ki niém ngay thanh lap, mot cong ty dién tir
thuc hién giam gid 20% trén mét tivi cho 16 hang gdm c6 30 cdi tivi v6i gid ban 1é mdi céi trude d6
12 6200000VND. Ngay thtr nhit cong ty dd ban dwoc 20 cdi. Qua ngay thir 2, cong ty quyét dinh
giam gid thém x% trén mot tivi cho cdc tivi con lai, v6i x 1 s6 nguyén duong.

a) Cho x =10, tinh s tién ma cong ty thu duge néu ban hét 16 hang khuyén mai.

b) Biét gid von ctuia mdi chiée tivi 1a 4500000VND. Tim gid tri 16n nhét cua x dé cong ty
khong bi 16.

Bai 5. (2,0 diém)

Cho tam gidc ABC vuong tai A. Trén canh AC lay mot diém M khong tring véi A va
C. Goi (¢) la duong tron duong kinh MC. Cac dudng thing BM va BC cat (%) tai cic diém
thir hai 1an luot tai D va E. Ching minh ring

a) Hai duong thing BM va CD vudng géc voi nhau;

b) MED = MBA.

Bai 6. (1,0 diém)

Tir mot tAm ton hinh chit nhat kich thudc 50cm x240cm, nguoi ta gd thanh mat xung quanh

clia cdc thing dung nue hinh try c¢6 chiéu cao bang 50cm theo hai cch sau (xem hinh minh hoa):

i

Cich 1: Go tam ton ban dau thanh mit xung quanh cia thiing.

Ciach 2: Cit tam ton ban dau thanh hai tim bang nhau, mdi tim go thanh mit xung quanh
cua mdt thung.

Hoi cach lam nao chura dugc luong nudc t6i da nhiéu hon? Vi sao?
Bai 7. (1,0 diém)

Tir 5 miéng gd c¢6 hinh dang nhu sau:
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] HUONG DAN GIAI DE 3 ]
Bai Y Noi dung Diém
1 2.0
a | X =X =60 ()
Pat r=x*,t=20 0.25
| Phuong trinh da cho tr¢ thanh: ¢ ~r-6=0 | 025
= t =3 hodc t =-2 (loai) 0.25

Véi =3, tacé x> =3 = x=%3.

0.25
Vay phuong trinh da cho ¢6 hai nghiém x = +/3.
b 2x+5y=-8 (1)
3x—-y=5 (2)
T (2)tacé y=3x-5. 0.25
| Thay y=3x-5 vao () taduge: 2x+5G3x=5)=-8 =~ x=1. 1025
=1
Vay hé phuong trinh da cho c6 nghiém {x ) 0.5
y=-
2 1.5
a . : x°
Vé 3o thi (P) ciahamso y =7
_________________ X ) V2T
x’ 1 0.25
=— — | 2
77777777777777777 ) 2
0.25
-2 ~lo
b | Phuong trinh hoanh d6 giao diém cua d va (P) la
52 0.25

> =mx-m+1 o x> =2mx+2(m—-1)=0 (¥)
 Phuong tinh (*)c6
A'=(-m)’=-2(m-1)=m’-2m+2=(m-1)>+1>0,0mOR. 0.25
Do d6 (*) luon c6 hai nghiém phan biét x,,x, vdi moi m.

Suyra d ludn cit (P) tai hai diém phan biét A(x;;y,) va B(x,;y,),

Trong d6 y, =mx, —m+1, y, =mx, —m+1.

Suyra y, +y, =m(x, +x,) = 2m+2=m.(2m) = 2m+2 =2m" = 2m+2. 0.25

3 P:\/a_2+\/E+a2_a, 1.5
Ja +1

& I Tacé P=a+ada+Pé™D 0.25
_____________________________ Natl

=a+ta a+a(\/5—1):2a\/5. 0.5

b Tacé a>+a-P=0 « a>-2aJa+a=0 0.25
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= a=a
e a=a’ (Viaz0)
= a=0 hoiac a=1. 0.25
4 1.0
a S tién thu dugc ciia cong ty ngdy thtr nhat:
20.0,8.6200000 = 99200000 VND
S6 tién thu dugc cua cong ty ngay thir hai: 0.25
10.0,7.6200000 = 43400000 VND
Vay tong s6 tién ma cong ty thu dugc khi ban hét 16 hang khuyén mai 1a 0.95
142600000 VND '
b Tong gla Von cua 30 cai ti vi [a 30.4500000 =135000000 VND
Tong s6 tién ma cong ty thu duge khi ban hét 16 hang khuyén mii 1a 0.25

20.0,8.6200000 + 10.(1 _20 Oxj.6200000 =148800000 — 620000x

Cong ty khong 16 khi:

148800000 —620000x 2135000000 « 62x <1380 « x< % =22,258 0.25

Vay x =22 thoa man yéu ciu bai todn.

Hinh v€ dén ciu a)

C
E 0.5
D,
L
N A B
& | Tacé BDC = MDC =90° (géc ndi tiép chén nira duong tron) | 0.25
Suy ra BM O CD. 0.25
b | Tacs CAB=BDC =90° nén tir gide ABCD ndj tiép duoe duong tron. | 025
' Dodé MBA=MCD. 10325
Mit khac MCD = MED (vi cung chan cung MD trong (%)) 0.25
Suy ra MED = MBA. 0.25
6 1.0
Theo cach 1, thung nudc tao thanh 1a hinh tru ¢6 chiéu cao 4 =50cm, ban
kinh R, ~240 120 Kni d6, thé tich nuéc (t6i da) c6 thé chira 1a
2mr T 0.25
2
V, =nRh = 71(120] h=120 hcm3 (1)
e NTT LS UUNUSSRSUUUUN NS
Theo cach 2, mdi thung nudc tao thanh 13 hinh tru c6 chiéu cao h =50cm,
ban kinh R, —12& —@cm Khi d6, thé tich nude (t6i da) c¢6 thé chira &
mToT
0.25

ca hai thung la

2
V, = IR;h+ TR, h = 211 (6()) p=280"
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Tu (1) va(2)taco V, =2V,.
Vay céch g0 ton theo cich 1 s& chira dugc lugng nude tdi da nhidu hon.
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DE 4
Cau 1. (2,0 diém)

-1 .
Cho parabol (P):y = sz va duong thing (d): y=x—4.

a. V€ (P) va (d) trén cung h¢ truc toa do.

b. Tim toa do giao diém cta (P) va (d) bang phép tinh.
Cau 2. (1,0 diém)
Cho phuong trinh: 2x* —=3x—1=0 c6 hai nghiém x,, x,. Khong gidi phuong trinh, hiy tinh gi4 tri
x —1 L5 -1 ‘

x,+l x+1

Cau 3. (0,75diém)

Quy tac sau day cho ta biét dugc ngay thtr n, thang ¢, ndm 2019 la ngay tht may trong tuan.
Pau tién, ta tinh gia tri cua biéu thitc T =n+ H , 6 ddy H duoc xac dinh bdi bang sau:

cua biéu thuc: A =

Théng ¢

8

2:3:11

6

9;12

4;77

1; 10

H

-3

-2

-1

0

Sau d6, lay 7 chia cho 7 ta dugc s6 dur (0<r<6).
Néu r =0 thi ngay d6 1a ngay thir Bay.

Néu r =1 thi ngay d6 1a ngay Chi1 Nhat.

Néu r =2 thi ngay d6 1a ngay thir Hai.

Néu r =3 thi ngay d6 12 ngay thi Ba.

Néu r =6 thi ngay d6 1a ngay thir Sdu.
Ngay 31/12/2019¢6 n=31,t=12,H =0=>T =n+H =31+0=31. S6 31 chia cho 7 ¢6 s6 du la
3 nén ngay d6 la thir Ba.

a. Em hay sir dung quy tic trén dé xdc dinh cdc ngay 02/09/2019 va 20/11/2019 la ngay thir
may?

b. Ban Hing t6 chtic sinh nhat ctia minh trong thang 10/2019. Hoi ngay sinh nhat ctia Hang 1a
ngiy may? Biét rang ngay sinh nhat cia Hang 12 mot boi sb ctia 3 va 1a thir Hai.

Cau 4.(3,0 diém)

Tai bé mat dai duong, dp suit nudc bang dp suit khi quyén va 1a 1 atm (atmosphere). Bén duéi
mit nudc, dp suat nudc ting thém 1 atm cho mdi 10 mét sdu xudng. Biét ring mdi lién hé gitra 4p
sudt y(atm) va d6 sdu x(m) dudi mit nudc 12 mot ham s bac nhat y =ax+b.

a. Xdc dinh cdc hé sd a va b.

b. Mot nguoi thg 1an dang ¢ do sau bao nhiéu néu nguoi éiy chiu mot ap suét 1a 2,85atm?
Cau 5. (1,0 diém)

Mot nhém gdm 31 hoc sinh t6 chitc mot chuyén du lich (chi phi chuyén di dwoc chia déu cho cic
ban tham gia). Sau khi dd hop dong xong, vao gid chét c6 3 ban ban viéc dot xuat khong di dugc
nén ho khong déng tién. Ca nhém thong nhat mdi ban con lai s& déng thém 18000 dong so véi du
kién ban dau dé bu lai cho 3 ban khong tham gia. Hoi tong chi phi mdi chuyén di 1a bao nhiéu?
Cau 6. (1,0 diém)
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Cubi nam hoc, cdc ban 16p 9A chia lam hai
nhém, mdi nhém chon mot khu vuon sinh théi ¢
Bic ban cau dé tham quan. Khi mé hé théng dinh
vi GPS, ho phat hién mdt su trung hop kha thad vi
12 hai vi trf ma hai nhém chon déu nam trén cung
mot kinh tuyén va 1an lugt & cdc vi tuyén 47°va
72°.

a. Tinh khoang cach (lam tron dén hang trdam)
gifta hai vi tri d6, biét ring kinh tuyén 1a mot Bubng xich gzo Kinh tuyén
cung tron ndi lién hai cuc cua trai dat va c6 do
dai khoang 20 000km.

b. Tinh (lam tron dén hang tram) 0 dai ban kinh
va dudng xich dao cua trai dat. Tir két qua cua
béan kinh (da lam tron), hdy tinh thé tich cta trai dat, biét rang trdi dat c6 dang hinh cau va thé tich

1
1
1
1
1

-
1
1
1
1
1
i
|
1
1
1
1

ctia hinh cau dugc tinh theo cong thiuc V = %.3,14.R3 v6i R 12 ban kinh hinh cau.

Cau 7. (1,0 diém) Ban Diing trung binh tiéu thy 15 ca-lo cho mdi phit boi va 10 ca-lo cho mdi
phiit chay bo. Hom nay, Diing mat 1,5 gid cho ca hai hoat dong trén va tiéu thu hét 1200 ca-lo. Hoi
h6ém nay, ban Diing d4 mat bao nhiéu thoi gian cho mdi hoat dong nay?

Cau 8. (3,0 diém)

Cho tam gidc ABC c6 AB<AC ndi tiép duong tron (Q). Hai dudong tron BD va CE cia tam
gidc ABC cit nhau tai H. Puong thing AH cat BC va (O) lanluottai F va K (K #A). Goi L
1a hinh chiéu ciia D 1én AB.

a) Ching minh ring tr gide BEDC noi tiép va BD* = BLBA.

b) Goi J 1a giao diém cta KD va (0), (J # K). Ching minh ring BJK = BDE.

¢) Goi I 1a giao diém ctia BJ va ED. Chimg minh ti gidc ALIJ noi tiép va I 1a trung diém ED.
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HUONG DAN GIAI PE 4

Cau 1. (2,0 diém)
-1 )
Cho parabol (P):y= 7x2 va duong thang (d): y=x—4.

a. V€ (P) va (d) trén cung h¢ truc toa do.
b. Tim toa d6 giao diém cua (P) va (d) bang phép tinh.
Loi gidi:
( -1 .
a. Hims6 y = ?xz c6 tap xac dinh D =R

Bang gia tri

x -4 -2 0 2 4
y -8 -2 0 -2 -8
* Ham s y=x—4 c6 tap xac dinh: D =R

Bang gid tri

Hinh veé:

b.Phuong trinh hoanh d6 gia diém ciia (P) va (d):
=2=y=-2

—lx2=x—4«= —lxz—x+4=0«= g Y
2 x=—4=y=-8

Vay (P) cét d tai hai diém c6 toa d0 lan lugt 1a (2;-2) va (—4;-8).

Cau 2. (1,0 diém)
Cho phuong trinh: 2x* =3x=1=0 c6 hai nghiém x,, x,. Khong gidi phuong trinh, hdy tinh gid tri
x —1 L5 -1

cua biéu thuc: A = .
x+l x+1

S=x+x, =
Theo hé thirc Vi — ét, ta co
P=xx,=-

Theo giai thiét, ta c6:
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A=

2
3 1
2 2 2 | 725 |2
x1—1+x2—1_ x —l+x, -1 _§°=-2P-2_\2 2
x+l x+l (x+1)(x,+1)  S+P+1 1
2
Cau 3. (0,75diém)
Quy tic sau ddy cho ta biét dugc ngay thir n, thing 7, nim 2019 1a ngay thir may trong tuin.
Dau tién, ta tinh gid tri cua biéu thuc T =n+H , 6 ddy H duogc xédc dinh boi bang sau:

Thang ¢ 8 2; 311 6 9;12 4,7 1;10

H -3 -2 -1 0 1 2 3

Sau do, léy T chia cho 7 taduoc sd dur (0Sr<6).
Néu r =0 thi ngay d6 1a ngay thir Bay.

Néu r =1 thi ngay d6 12 ngay Chu Nhat.

Néu r =2 thi ngay d6 1a ngay thir Hai.

Néu r =3 thi ngay d6 12 ngay thi Ba.

Néu r =6 thi ngay d6 1a ngay thir Sau.
Vidu:
Ngay 31/12/2019¢6 n=31,t=12,H =0=T =n+H =31+0=31. S6 31 chia cho 7 ¢6 s du la
3 nén ngay d6 la thir Ba.
a. Em hdy sir dung quy tic trén dé xdc dinh cdc ngay 02/09/2019 va 20/11/2019 Ia ngay thir
may?
b. Ban Hang t6 chirc sinh nhét cia minh trong thang 10/2019. Hoi ngay sinh nhat cua Hang 1a
ngay may? Biét rang ngay sinh nhat ctia Hang 1a mot bgi s6 ciia 3 va la thir Hai.
Loi gidi:

a.Ngay 02/09/2019,c6 n=2,t=9,H=0.Dod6 T =n+H =2+0=2.

S6 2 chiacho 7 ¢6sd dula 2 nén ngay nay la thir Hai.

Ngay 20/11/2019 ¢6 n=20,¢t=11,H=-2.Dod6 T =n+H =20-2=18.

S6 18 chiacho 7 c¢6 s dula 4 nén ngay nay la thi Tu.

b. Do ngay sinh nhat ciia Hang 1a vao thi Hainén r =2. Do dé T =7q+2.

Miatkhic T =n+2=n=T-2=Tg+2-2="q.

Bién luan

q 1 2 3 4 5
n 7 14 21 28 35
Do n 1a bdi cia 3 nén chon n =21.

Vay sinh nhat ctia ngay vao ngay 21/10/2019.
Cau 4.(3,0 diém)

Tai bé mat dai duong, dp suit nudc bang ap suat khi quyén va Ia 1 atm (atmosphere). Bén dudi
mat nude, 4p suat nude ting thém 1 atm cho mdi 10 mét sau xudng. Biét rang mdi lién hé giira dp
suat y(atm) va d6 sdu x(m) dudi mat nudc 1a mot ham s bac nhat y =ax+b.

a. Xdc dinh cdc hé sd a va b.

b. Mot nguoi thg 1an dang ¢ do sau bao nhiéu néu nguoi éiy chiu mot ap suat 12 2,85atm?

Loi gidi:

a. Do ap suét tai bé mat dai duong la latm, nén y =1,x =0, thay vao ham sb bac nhit ta dugc:

1=a0+b = b=1
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Do ctr xudng sau thém 10m thi 4p xut nudc tang 1én latm, nén tai do sau 10m thi dp suat nudc 1a
2atm (y =2,x =10), thay vao ham sb bac nhat ta duoc: 2=a.10+b

1
Do b =1 nén thay vao ta dugc a =E'

Vi vy, cdc hé 6 a=%, b=1.

. 1
b.Tu clu a, ta c6 ham so y:Bx+l
Thay y = 2,85 vao ham s, ta duoc:
2,85 :ix+1:>x:18,5m
10

Vay khi nguoi tho nin chiu mot p suat 12 2,85atm thi ngudi d6 dang ¢ do sau 18,5m.
Cau 5. (1,0 diém)

M6t nhém gém 31 hoc sinh td chirc mot chuyén du lich (chi phi chuyén di duoc chia déu cho cdc
ban tham gia). Sau khi d4 hgp dong xong, vao gid chét c6 3 ban ban viéc dot xuat khong di dugc
nén ho khong déng tién. Ca nhém thong nhat mdi ban con lai s& déng thém 18000 dong so véi du
kién ban dau dé bu lai cho 3 ban khong tham gia. Hoi tong chi phi mdi chuyén di 1a bao nhiéu?

Loi gidi:
S6 tién ca 16p phai déng bu: (31-3)x18.000 = 504.000 ngan
S tién mdi hoc sinh phai déng: 504.000+3 =168.000 ngan
Téng chi phi ban dau 1a: 168.000%31 =5.208.000 ngan
Cau 6. (1,0 diém)
Cubi nim hoc, cdc ban lop 9A chia lam hai
nhém, mdi nhém chon mot khu vuon sinh théi ¢
Bic ban cau dé tham quan. Khi mé hé théng dinh
vi GPS, ho phat hién mdt sy trung hop kha thad vi
12 hai vi trf ma hai nhém chon déu nam trén cung
mot kinh tuyén va 1an lugt & cdc vi tuyén 47°va
72°.
a. Tinh khoang céch (lam tron dén hang tram)
gifta hai vi tri d6, biét ring kinh tuyén 1a mot
cung tron ndi lién hai cuc cua trdi dat va c6 do
dai khoang 20 000km.
b. Tinh (lam tron dén hang tram) 0 dai ban kinh
va duong xich dao cua trdi dat. T két qua cua
bén kinh (da lam tron), hdy tinh thé tich cta trdi dat, biét ring trdi dat c6 dang hinh cau va thé tich

~
~
sowr
i

Buang xich dao Kinh tuyén

1
1
1
1
1

-+
|
1
1
1
1
1
i
1
1
1
|

ctia hinh cau dugc tinh theo cong thiuc V = 2.3,14.1%3 v6i R 12 ban kinh hinh cau.

Lot gidi:
a) AOB =BOX —AOX =72° —47° =25,
Do dai 4B 1a: 200002 = 22990 < 2800(km)
180 9
b) Goi R la ban kinh cua Trai Dat.
Tacé: 7R =20000 <« R = 22299 < 6400(km)
Vi

Do dai duong xich dao 1a: 277R = 40000(km)
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Thé tich cua Trai Dét la: gx 3,14x R’ = %3, 14x6400° =1,082.10> (km)

Cau 7. (1,0 diém) Ban Diing trung binh tiéu thy 15 ca-lo cho mdi phit boi va 10 ca-lo cho mdi
phiit chay bo. Hom nay, Diing mat 1,5 gid cho ca hai hoat dong trén va tiéu thu hét 1200 ca-lo. Hoi
h6ém nay, ban Diing di mét bao nhiéu thoi gian cho mdi hoat dong nay?
Loi gidi:
Poi: 1,5 gio = 90 phit.
Goi x (phut) Ia thoi gian Diing boi
vy (phat) 1a thoi gian Diing chay bo
Theo giai thiét ta ¢ hé phuong trinh :
15x+10y =1200  [x=60
{ x+y=90 {y=30
Vay Diing mét 60 phiit dé boi va 30 phiit d¢ chay bd dé tiéu thy hét 1200 ca-lo.
Cau 8. (3,0 diém)
Cho tam gidc ABC c¢6 AB<AC ndi tiép duong tron (0). Hai duong tron BD va CE cia tam
gidc ABC cit nhau tai H. Puong thing AH cat BC va (O) lanluottai F va K (K # A). Goi L
12 hinh chiéu ctia D 1én AB.
a) Chirg minh ring tir gisdc BEDC ndi tiép va BD* = BL[BA.
b) Goi J 1a giao diém cta KD va (0), (J # K). Ching minh ring BJK = BDE.
¢) Goi I 1a giao diém cua BJ va ED. Chimg minh tir gidc ALIJ ndi tiép va I 1a trung diém ED.

J

a) Tacé BEC = BDC =90° nén cic diém E,D cung nam trén duong tron duong kinh BC.

Do d6 tt gide BEDC noi tiép.

Xét tam gidc ABD vudng 6 D c¢6 DL la duong cao nén theo hé thuc lugng,

Ta c¢6 BD* = BL[BA.

b) Ta thdy H 1a tryc tim tam gidc ABC nén AF ciing la dudng cao ciia tam gidc va AF O BC.

Xét dudng tron (0) cé BJK = BAK , cling chan cung BK .
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T gide ADHE 6 ADH + AEH =90° +90° =180° nén ndi tiép.
Suy ra: HAE = HDE nén BAK = BDE . Tt céc két qua trén, ta suy ra BJK =BDE.
¢) Xét hai tam gidc BID va BDJ ¢6 BDI = BJD (theo cau b) va DBI chung.
BI _BD
Suy ra aBID ~aBDJ (g.g) = ——=— hay BD’ =BI[BJ.
yraa A (g-8) B0 gy W

Theo ciu a, ta c6 BD? = BLBA nén BLIBA = BI(BJ nén o= =57
Bl BA

Lai xét hai tam giac BIL va BAJ c6 géc B chung va BL = ﬂ

Bl BA
Do d6: BIL = BAJ = LAI + LID =180°. Suy ra t( gidc ALIJ noi tiép.
Tir d6, ta suy ra ILE = IJA. Ma JJA = BJA=BCA (cing chin cung BA) ma theo ciu a, vi BEDC
ndi tiép nén LEI = AED = BCA do d6 LEI = ELI .
Tir d6 ta 6 tam gide LEI can va IE = IL. Do d6 ILD =90° - ILE =90° — LED = LDI nén tam gidc
LID cling can va ID = IL.
Tur céc diéu trén, ta c6 dugc ID = [E nén diem I chinh la trung di€ém cua DE.

Trong tim 6n thi tuyén sinh 10 62 I Love Math _0916620899





